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Lieut.- General  Strachey. 
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The  following  Papers  were  read : — 

I.  "  On  EUipBoidal  HarmonicB."    By  W.  D.'Niven,  F.R.S. 
Received  October  23,  1890. 

(Abstract.) 

In  the  paper,  of  which  the  following  is  an  abstract  containing 
statements  of  the  principal  results  arrived  at,  an  attempt  has  been 
made  to  develop  the  subject  of  ellipsoidal  harmonics  from  their 
expressions  in  Cartesian  coordinates. 

The  harmonics  of  the  ellipsoid  of  three  unequal  axes  are  first 
investigated,  as  being  the  most  readily  dealt  with  on  account  of 
symmetry  and,  afterwards,  those  of  the  prolate  and  oblate  spheroids 
are  deduced  as  particular  cases. 

1.  It  has  been  found  convenient  to  discuss  separately  the  forms 
which  are  respectively  suitable  to  the  inside  and  outside  of  the 
ellipsoid,  the  former  being  taken  first — 
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If  Gr  denote  .J^+.JL,+^ 1, 

the  expressions  comprised  under 

G  =  (1,  Xy  y,  «,  yz,  ««,  xy,  xyg)  0i. . . .  0«, 

where  any  of  the  quantities  inside  the  brackets  is  the  multiplier  of 
the  product  of  the  G*s  outside,  will  satisfy  Laplace's  equation,  provided 
n  equations  of  the  form 


are  satisfied,  where  p,  q,  r  are  respectively  3  or  1  according  as  G  does 
or  does  not  contain  x,y,zBS  factors. 

2.  If  Kr  denote  .J^+-J—+  /^  ,  so  that  Kr  =  Gr+I,  then,  in 
like  manner,  the  expressions  comprised  under 

H  =  (1,  X,  y,  z,  yz,  ««,  xy,  xyz)  E^. . . .  E» 

will  satisfy  Laplace's  equation  for  precisely  the  same  values  of  ^  as  in 
§1,  and  it  may  be  shown  that  there  are  2n+l  independent  conjugate 
H-harmonics  of  any  degree  ». 

3.  The  function  H  is  a  spherical  harmonic.  Suppose  it  is  of  the 
nth  degree  and  of  order  <r,  and  let  it  be  denoted  by  H**'.  The  corre- 
sponding ellipsoidal  harmonic,  t.e.,  for  the  same  values  of  0,  may  be 
denoted  by  G,*',  and  it  may  bo  shown  that  Gn*'  and  H**'  are  con- 
nected by  the  relation 

+  ^"^^'2-r!(2n-l)(2n-3)....(2n-2r+l)  +  --'-  j^'' 

where  D«  =  a^^  +  h^^+tfl  ?-. 

Ox        oy        oz 

4.  Let  xyz  be  any  point  on  the  surface  of  the  ellipsoid  and  x'y'z' 
the  corresponding  point  on  a  concentric  sphere  of  unit  radius,  so 
that 

X  =  ax\  y  =  hy\  z  =  cz\ 

then  will  Gr  (a?,  y,  z)  =  —OrKr  {x\  y\  «'), 

and 

G  (a;,  y, «)  =  (1,  a,  6 ,  ahc)  (-^i)  (-^3). . . .  H  {x\  y\  z'). 

By  means  of  these  relations  any  function/  («,  y,  z)  or/  {ax\  hy'^  cz') 
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<s9Ji  be  first  expressed  in  terms  of  spherical  liarmonics  in  x\  y\  z\  bj 
Laplace's  expansion,  and  then  in  ellipsoidal  harmonics  in  x,  y,  z. 

A  series  of  ellipsoidal  harmonics  can  thus  be  found  having  an 
arbitrary  value  at  the  surface  of  the  ellipsoid. 

5.  External  Harmonics, — The  leading  proposition  in  this  part  of 
the  subject  is  as  follows  : — 

If  vahcVn  denote  the  potential  at  an  outside  point  xyz  due  to  a 
eolid  ellipsoid,  whose  semi-axes  are  a,  5,  c,  such  that  the  density  at 
any  internal  point  fgh  is  of  the  form 

then  the  harmonic  of  degree  n  and  order  <r,  suitable  to  the  space 
outside  of  the  ellipsoid,  is  given  by 


where  I„<'  =       , — .^  ^ 


a/ 
dfx 


\)(6»+X)(c»+\)' 

This  result  may  primarily  be  regarded  as  a  means  of  reducing  the 
integral  on  the  left-hand  side,  when  the  values  of  0  are  known,  into 
simpler  forms,  which  can  be  actually  evaluated  when  the  surface  is 
one  of  revolution.  It  is  a  result  of  some  importance  in  the  subject, 
as  containing  within  itself  the  numerous  expressions  into  which  the 
external  harmonics  of  spheroids  can  be  thrown. 

6.  Spheroids. — The  foregoing  formuls  admit  of  easy  reduction  when 
two  of  the  axes  of  the  ellipsoid  are  equal,  say  a  =  5.  It  may  then 
be  shown  that  the  spherical  harmonics  H  of  §2  are  the  ordinary 
upherical  harmonic  conjugate  system.  It  is  therefore  convenient  to 
adopt  the  definitions  and  specifications  in  Thomson  and  T  ait's 
*  Natural  Philosophy,'  and  thus  to  harmonise  the  spheroidal  system 
with  the  spherical.  Accordingly,  if  H  be  now  used  to  express  a 
spherical  harmonic  according  to  the  definitions  in  that  work,  the  new 
signification  of  G  will  be  in  accordance  with  the  relation  in  §  3. 

Taking  the  results  contained  in  §§  3,  5,  and  effecting  reductions 
suitable  to  the  prolate  spheroid,  we  obtain  the  folloYring : — 

2--^(n-H.)  !  (n-.)  1  .^  ^  g  eos  ^ .  1  f  vJ'^^P <^o^-^)cos  .OdO, 
(2n)!  '^Jo       ^        'y         ^ 

,  _       (2n)  !  (2n)  !  1  A      (l^v^)-     ^ 

dfjL^  ^^ 

where  78+6  =  ;*V>  7*  =  c^—a^. 

B  2 

Digitized  by  VjOOQIC 


4  Mr.  W.  Brennand.  [Dec.  11^ 

From,  these  forms  for  G^*'  and  Qj'ln^  a  variety  of  others  may  be 
obtained,  as  well  as  expressions  in  the  form  of  integrals  for  spherical 
harmonics  of  the  second  kind.  Corresponding  forms  maj  also  be 
established  for  oblate  spheroids. 

7.  The  expansion  of  the  reciprocal  of  the  distance  between  two 
points  plays  an  important  part  in  the  application  of  these  investiga- 
tions. It  has  therefore  been  fonnd  in  ellipsoidal  harmonics  and 
thence,  bj  redaction,  in  harmonics  of  the  spheroid,  circular  cylinder, 
and  paraboloid  of  revolution,  and  its  application  has  been  briefly 
illustrated  in  finding  the  general  term  in  the  expansion  of  the 
potential  due  to  the  magnetism  induced  in  an  ellipsoid  placed  in  any 
field  of  force,  and  in  finding  the  electrical  capacities  of  surfaces 
inverted  from  ellipsoids.  In  the  same  connexion,  I  have  also  found 
the  expansion  for  the  potential  due  to  a  thin  shell  bounded  by  similar 
and  similarly  situated  ellipsoids,  the  density  of  which  varies  inversely 
as  the  cube  of  the  distance  from  a  fixed  point. 

8.  In  the  last  part  of  the  paper  I  have  shown  how  to  prove  what 
Heine  terms  "  addition  theorems  "  in  the  case  of  spheroidal  harmonics,, 
and  thence,  by  reduction,  in  the  case  of  Bessel's  functions. 


II.  **  Photometric  Observations  of  the  Sun  and  Sky."  By 
William  Brennand.  Communicated  by  C.  B.  Clarke, 
F.R.S.    Received  October  30,  1890. 

(Abstract.) 

1.  The  paper  begins  with  a  short  account  of  the  various  papers 
communicated  by  Sir  H.  Boscoe,  and  published  in  the  Transactiona 
of  the  Royal  Society. 

2.  My  observations  were  made  at  Dacca,  East  Bengal,  in  1861-66, 
repeated  at  Milverton,  in  Somersetshire,  during  the  last  two  years. 
My  first  experiments  were  directed  to  ascertaining  the  action  of  the 
sun  on  sensitised  paper  exposed  at  right  angles  to  the  solar  rays  for 
dilEerent  altitudes  of  the  sun,  and  largely  to  ascertaining  the  laws  of 
distribution  of  the  actinic  power  in  the  sky. 

I  take  no  observations  except  when  the  sky  is  quite  clear. 

3.  The  method  of  measurement  I  adopted  is  the  darkening  pro- 
duced in  sensitised  paper.  I  cut  strips  from  one  uniform  sheet  of 
ordinary  photographic  paper.  My  observations  being  relative,  I 
obtain  the  same  results  (ratios)  with  any  paper.  I  compare  ulti- 
mately the  effects  of  the  sun  and  of  a  candle  on  this  same  paper. 

4.  I  assume  that,  in  burning  a  stearine  candle,  the  chemical  action 
is  proportional  to  the  material  consumed ;  I  have  taken  as  my  unit  (i) 
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of  meaBure  of  chemical  action  the  darkening  produced  at  a  distance 
of  1  inch  from  the  wick  of  the  candle  when  100  grains  were  con- 
43nmed,  which  in  the  candle  I  used  in  India  occupied  about  forty- 
seven  minutes.  Mj  observations,  being  almost  entirely  relative,  are 
independent  of  these  assumptions,  which  affect  hardly  any  of  my 
results  except  comparisons  with  the  absolute  unit  measures  of  Sir 
H.  Bosooe. 

5.  Explains  the  method  by  which  I  obtain  a  standard  strip  for  the 
candle  unit. 

7.  Describes  the  water  motion  actinometer,  with  which  observations 
of  the  action  of  sun  and  sky  were  made. 

8.  Shows  how  it  may  be  proved  experimentally  that  the  intensity 
of  the  action  of  light  emanating  from  a  physical  point  varies  in- 
versely as  the  square  of  the  distance  from  the  origin. 

9.  For  obtaining  the  effects  of  the  sun  and  sky,  I  have  always  ex- 
perimented mainly  by  exposing  the  paper  at  right  angles  to  the  sun*s 
rays.  Sir  H.  Boscoe,  on  the  other  hand,  exposes  his  paper  on  a 
horizontal  plane.  Theoretic  considerations  have  led  me  to  another 
method  of  observation  (with  the  "octant"  actinometer  below)  which 
gives  directly  the  measure  of  the  effect  really  desired. 

A  table  is  given  of  the  first  observations  I  made,  which  afterwards 
led  to  the  formation  of  Table  B  (see  next  page). 

11.  The  method  of  observing  the  action  of  the  sun  alone. 

12.  Observations  taken  near  the  horizon  not  to  be  depended  upon. 

13.  Refers  to  the  construction  of  Table  B,  and  the  extension  of  the 
table  for  altitudes  of  the  sun  beyond  those  observed. 

14.  Shows  how  the  numbers  of  the  table  were  obtained,  by  taking 
the  inverse  of  the  times  required  at  each  altitude  for  producing  the 
darkening  of  the  candle  unit. 

17.  I  found  the  chemical  action  of  the  sun,  as  far  as  my  experiments 
went,  the  same  at  all  hours  of  the  day  and  at  all  seasons  of  the  year. 
And  in  Somersetshire  I  got  exactly  the  same  chemical  action  of  the 
sun  as  at  Dacca. 

18.  Various  observations  had  led  me  to  suspect  that  the  chemical 
action  of  the  sky  at  the  same  moment  was  diverse  in  different  parts 
of  it.  To  investigate  this  suspicion,  I  designed  an  instrument  which 
I  call  the  Mitrailleuse  Actinometer  (fig.  2).  I  mount  a  number  of 
similar  cylindrical  tubes  in  one  plane  in  a  semicircle,  to  the  centre  of 
which  the  axis  of  each  tube  is  directed  :  one  extremity  of  each  tube 
lies  in  the  circumference  of  the  circle ;  the  other  extremities  lie  on 
a  concentric  circle  of  about  one-half  the  radius.  In  the  circumference 
of  this  smaller  circle  is  a  semicircular  series  of  holes,  against  which 
a  semicircular  block  carrying  the  sensitised  paper  is  pressed  by  a 
screw.  Each  cylinder  cuts  out  of  the  sky  a  circle  of  8"  28'  angular 
diameter.     One  of  the  tubes  near  its  top  carries  a  small  plate  of  wood 
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Table  B. 
Chemical  Action  of  Sun  and  Sky. 


[Dec  11^ 


•0 

QQ 

Son 
alone. 

Sky 
alone. 

Sun  and 
together. 

i  1 

Sun 
alone. 

Sky 
alone. 

Sun  and 

skr 
together. 

1... 

0  001 

0-008 

0  004 

31... 

0110 

0  064 

0-174 

2... 

0  002 

0-006 

0  006 

82... 

0  113 

0-064 

0-178 

3... 

0  008 

0-007 

0-010 

88... 

0-116 

0-066 

0-181 

4.,. 

0004 

0  010 

0  014 

84... 

0118 

0  066 

0-184 

5... 

0  006 

0-012 

0019 

36... 

0-121 

0  066 

0-188 

6... 

0-009 

0  016 

0-025 

86... 

0-124 

0-066 

0-19O 

7... 

0  012 

0  019 

0  031 

87... 

0-126 

0  067 

0-193 

8... 

0  016 

0  022 

0-088 

88... 

0-129 

0  067 

0-196 

9... 

0  020 

0-026 

0-046 

39... 

0-181 

0-068 

0  199 

10... 

0-024 

0  029 

0-062 

40... 

0-188 

0  068 

0-201 

U... 

0-028 

0-082 

0  060 

41... 

0  185 

0-069 

0-204 

12... 

0  088 

0  086 

0  068 

42... 

0  137 

0-069 

0-206 

18... 

0  088 

0088 

0-075 

48... 

0-138 

0  069 

0-208 

14... 

0-048 

0  040 

0  082 

44... 

0  141 

0-069 

0-210 

15... 

0  047 

0-042 

0  090 

45... 

0-148 

0070 

0-218 

16... 

0-052 

0-045 

0  097 

17... 

0-067 

0048 

0-105 

18... 

0  061 

0-049 

0-110 

19... 

0  066 

0-060 

0-116 

20... 

0-070 

0*052 

0-122 

60... 

0  150 

0-071 

0-221 

21... 

0'075 

0-068 

0  128 

66... 

0  157 

0-072 

0*229 

22... 

0-079 

0  054 

0  184 

60... 

0  162 

0  078 

0-226 

28... 

0088 

0  056 

0  189 

66... 

0  166 

0  078 

0-289 

24... 

0  086 

0  057 

0  144 

70... 

0  170 

0  073 

0-248 

25... 

0-091 

0-068 

0  149 

75... 

0  172 

0-074 

0-246 

26... 

0  094 

0  059 

0  163 

80... 

0-173 

0-074 

0-248 

27... 

0  097 

0  060 

0  168 

86... 

0  175 

0  074 

0-249 

28... 

0  101 

0-061 

0  169 

90... 

0-175 

0  074 

9-249 

29... 

0104 

0  062 

0  166 

80... 

0  107 

0  063 

0170 

K.B. — ^For  Bun  altitudes  60^  to  90®,  the  figures  are  not  the  result  of  direct  obaer- 
rations ;  for  sun  altitudes  V  to  10°,  the  figures  are  less  certain  hy  reason  of  thin 
haze  often  present. 


on  which  stands  a  style  parallel  to  the  tnbe,  bj  means  of  which  this 
particular  tnbe  can  be  brought  in  a  line  with  the  sun.  By  another 
motion  the  plane  of  the  tubes  can  be  adjusted  to  the  plane  of  symmetry 
(or  elsewhere). 

[A  vertical  plane  through  the  sun  at  any  time  divides  the  visible 
sky  into  two  exactly  similar  portions.  I  call  this  the  plane  of 
symmetry.] 

19.  The  observations  (Table  G)  were  taken  23rd  December,  1864, 
at  Dacca  (among  other  similar  observations  taken  in  the  same  cold 
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Table  C. 
(Sun's  Altitude  =  42^  28'.) 


Altitude  of  the 

axis  of  the 

barrel  of  the 

Distance  of  axia 

of  barrel  from 

the  sun  »  e. 

Obeerred  chemical 
action  during 
six  minutes* 

Calculated  ralue 
of  %e  from 

mttnilleiue. 

ezpoeure  =  ««. 

ie  =  0  12  cosec  e. 

10- 

-32*"  68 

0-2 

0-221 

20 

-22    58 

0-5 

0-308 

30 

-12    58 

0-7 

0-535 

40 

-  2    68 

2-319 

50 

7      2 

0-844 

0-98 

eo 

17      2 

0-822 

0-41 

70 

27      2 

0  188 

0-264 

80 

87      2 

0-184 

0-199 

90 

47      2 

0-177 

0  164 

100 

57      2 

0-144 

0  143 

110 

67      2 

0  14 

0-1304 

120 

77      2 

0-128 

0-123 

130 

87      2 

0  122 

0-12 

140 

97      2 

0  12 

0-121 

150 

107      2 

0-128 

0-126 

160 

117      2 

0-186 

0-135 

170 

127      2 

0-136 

0-156 

weather)  in  the  plane  of  Bynunetry.    The  barrels  of  the  mitrailleuse 
were  fixed  10°  apart,  the  altitude  of  the  sun  being  42""  28'. 

I  give  the  table  as  an  earlj  observation  that  shows  well  that  there 
is  a  point  of  minimum  sky  intensity  at  90**  from  the  sun.  It  also 
appears  that  if  w  be  the  intensity  for  the  altitude  a  of  the  sun 
(=  0'  12),  then  the  intensity  of  the  sky  at  a  point  6^  from  the  sun  is 
given  (roughly  only  according  to  this  table)  by  the  formula 

ia  cosec  0, 

This  obseryation  was  made  in  the  plane  of  symmetry :  it  turns  out 
ihat  the  value,  u  cosec  0^  gives  the  intensity  very  accurately,  for  any 
point,  in  any  other  great  circle,  whose  distance  from  the  sun  is  6^ 
measured  on  that  circle. 

20.  For  any  altitude  of  the  sun  («),  the  chemical  action  of  the  sky 
ia  a  minimum  at  all  points  in  a  great  circle,  the  plane  of  which  is  at 
right  angles  to  the  line  joining  its  centre  to  the  sun. 

[This  plane  I  call  the  plane  of  minimum  intensity  (ta).] 

As  the  whole  of  the  mathematical  developments  of  thin  paper  are 
founded  upon  the  law  that  at  any  point  of  the  sky  whose  distance  is 
6^  from  the  sun 


the  intensity  =  it  cosec  ^, 
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I  have  been  careful  to  verify  it  by  numerous  observations  botfai  at 
Dacca  and  in  Somersetshire,  and  also  to  vary  the  observations  in  eveiy 
way  I  could  devise.  Thus  the  mitrailleuse  has  been  placed  in  the 
plane  of  minimum  intensity.  In  this  case  all  the  barrels  give  the 
same  reading  for  points  not  too  near  the  horizon. 

Next  the  mitrailleuse  was  placed  in  planes  of  great  circles  throng^h 
the  sun  at  various  angles  with  the  plane  of  symmetry,  by  turnings  it 
round  the  line  joining  one  of  its  tubes  with  the  sun  the  observed 
chemical  actions  agi'ee  well  with 

in  cosec  0, 

Next  by  means  of  stops  I  made  the  aperture  of  each  barrel  of  the 
mitrailleuse  to  be 

c  sin  0j 

where  6f*  is  the  distance  of  the  axis  of  the  barrel  from  the  sun; 
this  mitrailleuse  being  exposed,  the  barrel  c  sin  0  being  directed  to 
the  sun,  the  circular  darkened  spots  were  found  to  be  very  accurately 
of  the  same  depth. 

Further,  I  calculated  the  times  of  exposure  for  a  (particular) 
mitrailleuse  with  barrels  of  uniform  aperture,  which  ought,  on  the 
law  ia  cosec  0,  to  give  a  uniform  tint.  I  exposed  this  mitrailleuse  for 
these  calculated  times,  first  in  the  plane  of  symmetry,  afterwards  in  a 
plane  inclined  to  it  at  62^ ;  the  results  agreed  closely  with  my  antici- 
pation, and  show  ia  cosec  ^  to  be  a  very  good  approximation. 

22.  I  have  therefore  made  full  use  of  the  expression  ia  cosec  0 
for  the  chemical  action  of  the  light  of  the  sky  in  a  circle  ^° 
from  the  sun  (whose  altitude  is  a).  First,  in  the  following  proposi- 
tion : — 

24.  Having  given  ia  the  chemical  action  in  the  circle  of  minimum 
ilitensity,  to  calculate  the  total  chemical  action  of  the  sky  on  a  plane 
exposed  at  right  angles  to  the  sun. 

N.B. — ia  is  a  constant  for  this  calculation,  but  it  varies  with  the 
altitude  of  the  sun. 

Let  the  figure  represent  a  projection  on  the  plane  of  symmetry,  S 
being  the  sun,  Z  the  zenith,  HRYH'  the  horizon,  AYX  the  plane  of 
minimum  intensity,  SH  =  a  the  sun's  altitude,  0  the  angular  dis> 
tance  of  the  sun  from  QB.  Then  the  total  action  of  sky  throughout 
the  gore  HYZSH  on  sensitised  paper  at  O  in  the  plane  perpendicular 
to  OS 

=  ^{.■1-2^    ,,,    "^^Z'    ,-} (K.) 

I  la  V  (1— sec*»cos*^)  J 

The  expression  cannot  be  integrated ;  but,  by  using  a  formula  of 
reduction  in  series,  it  gives — 
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Total  intensity  of  the  gore  on  the  paper  at  O 

which  is  the  formula  I  have  used  in  numerical  computations. 

It  is  the  numerical  yalue  in  the  column  '*  Sky  alone  '*  in  Table  B, 
which  is  thus  brought  into  direct  verification  with  ta  observed  by  the 
mitrailleuse. 

Arts.  26 — 29  show  that  the  integral  (K)  taken  for  the  whole  visible 
hemisphere  is 

2ta(wsin«+2cos«)    (Q). 

This  is  the  whole  chemical  action  of  the  hemisphere  resolved  on  the 
horizontal  plane,  which  was  one  of  the  quantities  observed  by  Sir  H. 
Boscoe. 

30.  Deals  with  any  suspicion  that  may  arise  that  the  law  of 
cosecants  may  have  been  assumed,  the  fact  being  that  the  law  was 
arrived  at,  by  experiment  simply,  more  than  twenty-two  years 
ago,  <&c. 

31.  Applies  the  equation  (Y)  to  determine  ia  for  the  altitudes  given 
by  Sir  H.  Roscoe  in  his  table  showing  the  total  chemical  action  of 
difEuse  daylight  (t.a.,  of  the  whole  sky,  the  sun  being  stopped  off) 
on  horizontally  exposed  paper  (*Phil.  Trans.,'  1870,  p.  314). 
These  values  are  tabulated  with  corresponding  values  of  ia  calculated 
by  formula  in  (24)  from  the  Dacca  Table  B,  forming  together 
Table  E. 

32.  As  a  first  approximation  from  Table  £,  it  would  appear  that 
Sir  H.  Eoscoe's  unit  of  chemical  action  is  -ff  of  the  Dacca  candle  unit* 
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Table  B. 


1 

2 

3 

4 

5 
Values  in  ool.  4 

Diffused 

ia 

ia 

brought  up  for 

Son's  altitude. 

daylight  of 
KoBCoe* 

calculated 

calculated  from 

comparison 

from  col.  2. 

Dacca  Table  B. 

with  those  in 

col.  3. 

9^51- 

0-088 

0-0076 

0-0068 

0-009 

19    41 

0  062 

0  0106 

0  0107 

0  0141 

31    14 

0  100 

0  0160 

0  0118 

0  0166 

42    18 

0*116 

0  0160 

0-0121 

0  0160 

53      9 

0-126 

0  0170 

0-0121 

0-0160 

61      8 

0  182 

0  0177 

0-0120 

0-0169 

64    14 

0-188 

0  0187 

0-0120 

0-0169 

Twilight. 

33.  The  resultant  chemical  action  of  the  sky  on  a  horizontally 
exposed  piece  of  paper,  the  snn's  altitnde  being  a,  is  found 

=  (2ir  sin  a  4-  4  cos  et)UL» 

This  vanishes  when 

2ir  sin  «+  4  cos  «  =  0, 


I.e.,  when 


Or 


tana=  — , 

TT 

a  =  -32**  29'. 


This  gives  an  absolute  value  for  twilight,  supposing  daylight  to 
cease  when  the  diffused  daylight  of  Boscoe  entirely  vanishes. 

The  extreme  limit  at  which  twilight  has  been  certainly  observed  is 
when  the  sun  is  24°  below  the  horizon ;  at  which  time  the  formula 
«a(27sina  +4cosa)  would  show  the  chemical  action  of  diffuse  day- 
light to  be  only  -^  of  what  it  was  just  after  sunset. 

In  other  words,  the  formula 

(2ff-  sin  a+4  cos  a)u 

gives  a  very  good  agreement  with  the  observed  duration  of  twilight. 

34.  Taking  as  co-ordinate  planes  the  plane  of  symmetry,  the  plane 
of  minimum  intensity,  and  the  plane  through  the  sun  at  right  angles 
to  these  (which  last  I  call  the  plane  of  the  sun's  altitude),  it  is  found 
(as  a  corollary  in  Article  34)  that  [TJ],  [V],  [W],  representing  the 
total  chemical  effect  of  the  sky,  resolved  on  these  co-ordinate  planes. 

This  suggested  the  construction  of  the  octant  actinometer,  which 
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reqidres  onlj  a  quarter  of  the  visible  sky  to  be  clear  for  observation^ 
and  gives  the  value  of  ia  directly,  requiring  no  calculation  or  reduc* 
tion.  It  possesses,  moreover,  the  great  advantage  of  not  taking  in 
the  low  biuid  of  sky  near  the  horizon,  and  thus  avoiding  a  principal 
element  of  uncertainty  in  other  observations. 

35.  The  octatit  actinometer  consists  of  three  quadrantal  planes, 
MOS,  MOI,  and  lOS,  joined  at  their  edges  so  as  to  form  a 
hollow  trihedral,  and  mounted  so  that  one  of  the  edges,  OS,  can  be 
brought  to  point  to  the  sun;  the  plane  MOI  will  then  coincide 
with  the  plane  of  minimum  intensity.  The  instrument  has  another 
adjustment,  by  which  it  can  turn  round  OS  as  an  axis,  and  if  one  of 
the  planes  MOS,  lOS  be  brought  to  coincide  with  the  plane  of  sym. 
metry,  the  other  will  coincide  with  the  plane  of  the  sun's  altitude. 


I  take  a  small  square  of  sensitised  paper,  and  cut  it  along  CO ;  then 
slipping  the  part  GOB  under  AOC,  so  that  B  coincides  at  G,  it  forms  a 
rectangular  trihedral  of  paper.  This  is  placed  in  a  small  exposure 
trihedral  of  cardboard,  and  covered  by  a  thin  metal  trihedral  in  the 
trihedral  of  the  octant  (I  make  several  of  these  trihedrals  of  sensi- 
tised paper,  so  as  in  the  field  to  take  quickly  a  series  of  observations  ; 
the  trihedral  of  paper  is,  of  course,  carefully  covered  till  the  instru- 
ment is  in  adjustment) ;  exposed  to  the  action  of  the  sky  for  (say) 
thirty  seconds,  the  readings  on  the  planes  MOS  and  lOS  will  be  each 
SOia,  and  that  on  the  plane  MOI  will  be  30  .  i  n-  ta. 

36.  Gives  in  Table  F  the  observations  with  the  octant  in  August 
last. 

37.  Discussion  regarding  the  most  useful  method  of  resolution  of 
the  sky  and  sun. 


III.  "  Determinations  of  the  Heat  Capiatcity  and  Heat  of  Fusion 
of  some  Substances  to  test  the  Validity  of  Person's  Abso- 
lute Zero."  By  Spencer  Umfrevillb  Pickering,  M.A., 
F.R.S.    Received  November  6,  1890. 

The  relations  existing  between  the  heat  of  fusion  of  a  substance 
and  its  heat  capacity  in  the  liquid  and  solid  condition  were  demon- 
strated by  Person,  in  1847  (*  Ann.  Chim.  Phys.'  (3),  vol.  21,  p.  315). 
He  showed  that  the  heat  of  fusion  must  diminish  as  the  temperature 
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is  lowered,  the  decrease  pei*  degree  being  eqaal  to  the  di£Eerence 
between  tbe  heat  capacities  of  the  liquid  and  solid,  and  that,  therefore, 
there  must  be  a  certain  temperature  at  which  the  heafc  effusion  will  be 

nil,  this  temperature  being  given  by  t—p^ — ,  in  which  t  is  the  melting 

point  of  the  substance,  I  its  heat  of  fusion  at  t,  and  G  and  c  its  heat 
•capacity  in  the  liquid  and  solid  conditions  respectiyelj.  At  this  tem- 
perature a  liquid  could  not  freeze,  since  there  would  be  no  difference 
between  it  and  the  solid,  and  Person  argued  that  there  would  then  be 
no  heat  at  all  in  it,  and  that  this  temperature  was  the  absolute  zero. 
He  then  made  determinations  with  various  substances,  which  tended 
to  show  that  this  temperature  was  the  same  for  all  bodies,  and  was 
situated  at  -160°  C. 

The  analogy  between  this  zero  and  that  deduced  for  gases  is,  how- 
ever, very  imperfect ;  the  total  heat  in  a  gas  is  measured  by  its  tem- 
perature reckoned  from  —273°,  whereas  it  is  only  the  difference 
between  the  total  heat  in  a  liquid  and  solid  that  is  measured  by  its  tem- 
perature reckoned  from  —160^  and,  instead  of  considering  the  latter 
us  the  absolute  zero,  it  is  preferable  to  regard  it  as  the  critical  tem- 
perature for  the  solid-liquid  conditions  (see  *  Chem.  Soc.  Trans.,'  1889, 
p.  32)  ;  and  indeed,  since  we  have  now  succeeded  in  obtaining  liquids 
at  temperatures  below  —160°,  it  is  quite  impossible  to  regard  —160°  as 
the  absolute  zero,  or  to  believe  that  the  heat  capacities  of  all  bodies 
would  indicate  this  same  temperature  for  that  of  no  solidification. 

Ouldberg  (*  Bidrag  til  Agamemes  Molekylar  Theorie,'  ch.  v,  p.  484) 
has  defined  the  critical  point  of  the  solid-liquid  states  as  that  at  which 
the  volumes  of  the  liquid  and  solid  are  identical,  and  at  which  the 
heat  of  fusion  is  nil,  a  certain  pressure,  as  well  as  a  certain  tem- 
perature, being  required  to  fulfil  these  conditions.  It  appears  to  me, 
however,  that  the  question  of  pressure  may  practically  be  left  out  of 
•consideration;  pressure  will,  of  course,  affect  the  temperature  in 
question,  but  to  such  a  small  extent  that  the  ordinary  atmospheric 
pressure,  under  which  the  data  necessary  for  the  calculations  are 
obtained,  may  be  regarded  as  nil,  and  it  also  appears  to  me  that  the 
definition  depending  on  the  heat  of  fusion  being  nil  includes  the  idea 
of  equal  volumes,  for  it  seems  hardly  possible  to  conceive  two  con- 
ditions of  the  same  substance,  each  possessing  the  same  kinetic  and 
potential  energy,  which  could  yet  differ  from  each  other  in  volume  or 
any  other  property. 

The  analogy,  however,  between  this  temperature  and  the  critical 
temperature  for  the  liquid  gaseous  conditions  is  at  best  but  an  imper- 
fect one.  If  we  start  with  a  crystalline  solid  below  this  temperature 
and  heat  it,  it  could  never  pass  by  insensible  degrees  into  a  liquid ; 
the  molecules  in  a  crystal  possess  a  definite  arrangement,  those  of  a 
liquid  an  indefinite  arrangement,  and,  between  these  two,  no  inter- 
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mediate  state  appears  possible;  on  the  other  hand,  when  we  start 
with  a  liqnid  and  cool  it,  it  becomes  in  many  cases  (see  *  Ghem.  Soc.^ 
Trans./  1890,  p.  340)  so  viscons  that  even  at  —80°  to  —100**  it  can 
scarcely  be  termed  a  liqnid,  and  by  further  cooling  it  would  probably 
become  so  firm  that  it  would  be  regarded  as  a  solid.  This  affords  a 
striking  illustration  of  what  may  be  meant  by  the  gradual  passage  of 
a  liquid  into  a  solid,  but  the  solid  thus  obtained  would  evidently  not 
be  identical  with  the  crystallised  solid,  nor  could  it  be  obtained  by 
beating  the  crystals  from  a  lower  temperature  ;  as  the  data  on 
which  the  calculations  are  based  do  not  refer  to  this  solid  but  to  the 
crystalline  one,  I  think  it  preferable  to  avoid  the  use  of  "  critical  tem- 
perature," and  to  term  that  given  by  the  equation  t—— the  "  tem*- 

perature  of  no  crystallisation." 

For  the  purpose  of  extending  the  applications  of  a  law  governing 
the  freezing  points  of  solutions  which  1  have  lately  propounded 
('Chem.  Soc.  Proc.,'  1889,  p.  149),  it  was  necessary  to  determine 
this  temperature  in  certain  cases.  The  present  communication  con- 
tains the  details  of  these  determinations,  and  they  afford  evidence 
that  it  is  not  a  constant  for  all  bodies,  as  Person  imagined. 

The  values  which  Person  obtained  with  various  substances  were  as 
follows : — * 

Water  -169'*7t 

Phosphorus __ 151«».7 

Sulphur -160"-3 

Sodium  nitrate — 156**-7 

Potassium  nitrate — 170*-9 

Hexahydrate  of  calcium  chloride    ..  — 165**'3 

Dodecahydrate  of  sodium  phosphate  — 161***0 

Potassium  and  sodium  nitrate    . .  .•  —  IBl'^'O 

The  concordance  of  these  values  is  certainly  very  striking,  espe- 
cially when  the  diversity  of  the  substance  examined  and  the  difficulties 
of  the  determinations  are  considered ;  but  a  closer  examination  of  the 
results  cannot  fail  to  suggest  that  the  concordance  must  in  some 
instances  have  been  accidental.  The  difference  between  the  heat 
capacities  of  the  liquid  and  solid,  C— c,  is  often  very  small,  and  even 
ordinary  experimental  errors  in  either  of  the  quantities  would  make  a 
large  difference  in  the  results,  while  in  some  of  Person's  determina- 
tions the  experimental  errors  must  have  been  of  more  than  ordinary 
magnitude,  for  these  determinations  occasionally  lasted  between  one  and 
two  hours,  during  which  time  the  loss  by  cooling  must  have  been  very 

•  *  Ann.  Chim.  Phys.*  (3),  vol.  21,  p.  295  ;  vol.  24,  p.  129 ;  and  vol.  27,  p.  250. 
t  Taking  Person's  later  determinations  of  the  heat  of  fusion  of  water  —80*0 
(*  Ann.  Chim.  Phys.*  (3),  vol.  39,  p.  73),  this  value  becomes  -16l*'-3. 
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large.  Special  sources  of  error  and  uncertainty  might  be  pointed  oat 
in  each  particular  case  (except  that  of  water,  perhaps),  but  there  is  one 
fata]  objection  to  all  Person's  results,  namely,  that  the  heat  capacity 
of  both  solids  and  liquids  Taries  considerably  with  the  temperature, 
and  that  he  made  his  determinations  at  any  temperature  which  hap- 
pened to  be  most  convenient,  that,  for  instance,  at  which  the  heat 
capacity  of  the  solid  was  determined  varying  between  11®  and  280** 
below  its  melting  point. 

One  case  will  be  sufficient  to  illustrate  the  effect  of  this.  With 
solid  phosphorus  determinations  have  been  made  by  Kopp  (*  Liebig*R 
Annalen,'  Suppl.  3,  p.  1)  and  Regnault  (*  Ann.  Chim.  Phys.,'  vol.  73, 
p.  56  ;  and  (3)  vol.  26,  p.  269),  and  the  latter,  at  any  rate,  must  com- 
mand as  much  confidence  as  Person's  (indeed  Person  adopts  some  of 
Kegnault's  determinations  with  this  substance)  ;  these  results  are — 

c  =  0-2020at  (+36°     to  +13°      =)+24°-5  C...  Kopp, 

c  =  01895,,  (+   7°-15„  +30°-21=)  +  18°-68     ..  Regnault, 

c  =  0-1783  „  (-21°       „,+  7°      =)-  7°  ..  Person, 

c  =  01699  „  (-77°75  „  +10°      =)-33°-88     . .  Regnault, 

and,  taken  in  their  order,  they  give  —1969°,  —292°,  —152°,  and 
1 02°  for  the  temperature  of  no  crystallisation,*  which  results  clearly 
show  that  no  value  can  be  attached  to  Person's  figure,  —152°. 
Person's  and  Regnault's  results  lie  in  a  fairly  straight  line  which 
gives  c  =  0*1979  at  the  fusing  point,  and  —719°  as  the  temperature 
of  no  crystallisation,  but  it  is  impossible  to  accept  even  this  value, 
as  there  are  not  sufficient  data  for  calculating  the  heat  capacity  of 
the  liquid  at  the  fusing  point. 

C,  c,  and  I  should  evidently  be  determined  at  the  same  temperature, 
and  this  temperature  must  necessarily  be  that  of  fusion  (Q,  but,  inas- 
much as  the  heat  capacities  near  this  temperature  may  be  abnormally 
high  owing  to  the  fusion  or  solidification  being  sometimes  a  gradual 
process,  the  determinations  should  not  be  made  too  near  the  fusing 
point,t  and  the  only  means  of  ascertaining  their  true  value  at  this 
point  is  to  determine  them  at  several  different  temperatures,  and 
from  the  rate  of  change  thus  obtained  to  calculate  their  value  at  tlie 
fusing  point  itself.  This  method  has  been  adopted  in  the  present 
work. 


•  C  =  0-2046  (98°  to  48*^,  I  -  5084,  and  t  =  44°-2. 

t  The  values  obtained  bj  Person  for  beeswax  afford  a  striking  instance  in  point ; 
from  —9°  to  +  50°  the  heat  capacity  of  this  solid  increases  from  0*43  to  1*72,  exceed- 
ing at  this  latter  temperature  that  of  the  liquid  (0*50)  by  a  very  large  amount.  Ice 
»hows  a  similar  increase,  but  in  a  much  smaller  degree  (see  Person, '  Aim.  Chim. 
Phys.*  (8),  Tol.  80,  p.  80). 
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Suhstcmces  Irwestigated, 

The  snbBtances  investigated  were  salphnric  acid,  tlie  monolijdrate 
of  snlpliTiric  acid,  the  tetrahjdrate  of  calcium  nitrate,  benzene,  and 
naphthalene,  the  last  mentioned  being  the  onlj  one  in  which  C,  6,  and 
I  had  been  determined  by  previons  investigators.  The  snlphnric  acid 
was  the  same  as  that  nsed  in  my  determinations  of  the  freezing  points 
of  this  substance  ('  Chem.  Soc.  Trans.,'  1890,  p.  337),  the  stock  acid 
having  been  diluted  by  the  addition  of  ice  so  as  to  contain  exactly 
100,  and,  for  the  monohydrate,  84*488,  per  cent.  HaSO^. 

The  calcium  nitrate  was  prepared  by  repeated  crystallisation ;  the 
percentage  of  anhydrous  salt  in  the  fused  crystals  having  been  de- 
termined by  evaporation  and  heating  at  250°,  the  excess  of  water 
which  the  fused  salt  was  found  to  contain  was  driven  off  by  a  gentle 
heat.  The  melted  salt  will  remain  liquid  at  ordinary  temperatures 
for  many  days,  although  its  solidifying  point  is  42^*4. 

The  naphthalene  and  benzene  were  special  preparations  made  by 
Messrs.  Kahlbaum :  repeated  crystallisation  was  not  found  to  alter 
the  melting  point  of  either  to  any  appreciable  extent. 

Method  Employed. 

The  substance  was  placed  in  a  cylindrical  platinum  bottle  measur- 
ing 9x2  cm.,  and  holding  about  30  c.c.  Its  mouth  was  closed  by  a 
caoutchouc  stopper,  through  which  passed  a  thermometer  with  a  very 
narrow  bulb,  long  enough  to  extend  from  the  top  to  the  bottom  of 
the  bottle,  thereby  giving  the  mean  temperature  of  the  contents 
more  accurately  than  an  instrument  with  a  short  bulb  would 
have  done.  The  bottle  was  placed  in  a  double  test  tube,  and  the 
latter  in  a  doable  bath  containing  warm  water  or  a  freezing 
mixture,  as  the  case  might  be.  After  the  bottle  had  attained  the 
required  temperature,  and  this  had  remained  constant  for  some 
time,  it  was  removed  from  the  test  tubes  and  planged  into  the  calori- 
meter, an  operation  which  occupied  only  two  or  three  seconds.  To 
prevent  the  deposition  of  hoar-frost  on  the  bottle  while  it  was  being 
cooled,  the  inner  test  tube  in  which  it  was  placed  had  a  bulb  blown  at 
the  bottom,  in  which  was  kept  some  sulphuric  acid.  The  calorimeter 
contained  either  600  or  1800  c.c.  of  water,  the  quantity  being  adjusted 
so  that  the  rise  or  fall  of  the  temperature  in  it  was  about  1**,  the 
smallness  of  the  change  being  favourable  to  the  accuracy  of  the  de- 
termination by  rendering  the  loss  of  cooling,  or  gain  by  heating,  very 
small.  This  loss  or  gain  was  estimated  by  determining  the  rate  of 
cooling  at  the  initial  and  final  temperatures,  both  thermometers  being 
read  at  intervals  of  one  minute,  and  having  been  compared  with  each 
other  before  the  determinations.  The  rate  of  cooling  during  the  time 
when  the  temperature  was  rising  or  falling  was  token  to  be  the  mean  of 
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that  at  the  initial  and  final  temperatnres ;  it  was  generally  very  small, 
since  the  temperature  of  the  air  was  kept  at  a  point  sach  that  there 
was  heating  at  the  initial  temperatnre,  and  cooling  at  the  final  tem- 
perature, or  vice  versd.  The  time  occupied  in  obtaining  almost 
identical  temperatures  in  the  bottle  and  calorimeter  varied  between 
two  and  twenty  minutes,  the  whole  determinations,  including  the 
interval  allowed  for  determining  the  two  rates  of  cooling,  occupying 
fifteen  to  forty-five  minutes.  Such  a  duration  militates  very  much 
against  the  accuracy  of  the  results. 

The  calorimetric  thermometer  read  by  estimation  (0*05  mm.)  to 
0°'0005  ;  the  stirring  apparatus  and  other  appliances  were  the  same  as 
those  described  elsewhere  (*Chem.  Soc.  Trans.,'  1887,  p.  293).  The 
water  equivalent  of  the  platinum  bottle  and  its  thermometer  was 
ascertained  by  direct  experiment  to  be  2*223  grams.  The  last  men- 
tioned thermometer  possessed  a  range  of  30°,  one  estimation  figure 
being  equivalent  to  0^*01,  and,  as  the  rise  or  fall  measured  sometimes 
exceeded  30°,  it  was  in  such  cases  set  so  as  to  register  the  initial 
temperatures  of  the  bottle,  the  final  temperature  of  this  being  taken 
to  be  the  same  as  that  of  the  calorimetric  water,  previous  determina- 
tions having  shown  that  the  two  temperatures  were  identical  within 
the  reading  error  of  the  instruments  when  this  rate  of  cooling 
became  constant.  The  temperature  of  the  calorimeter  was  generally 
about  18°. 

The  determinations  were  all  made  in  duplicate.  The  mean  error 
of  a  single  observation  was  found  to  be  about  0*8  per  cent,  of  the  total 
rise  or  fall  measured ;  this  corresponds  to  an  error  of  0°'0075  in  the 
alteration  of  temperature  registered  in  the  calorimeter,  or  0°-22  in 
that  registered  in  the  bottle;  considering  the  long  duration  of  the 
determinations  and  the  magnitude  of  the  total  correction  for  cooling 
which  had  to  be  applied,  such  an  error  must,  I  think,  be  regarded  as 
small.  In  many  cases  the  error  in  the  heat  capacity  found  is  the 
same  as  that  in  the  rise  or  fall  measured,  i.e.,  0*8  per  cent.,  of  its 
value,  or,  on  the  average,  0*0032  of  the  heat  capacity  per  gram ;  in 
other  cases  it  is  much  greater,  for  the  heat  evolved  sometimes  in- 
cluded the  heat  of  fusion,  and,  afiber  subtracting  this,  the  whole  error 
remained  concentrated  in  the  smaller  quantity,  which  represented  the 
heat  capacity.  In  some  cases,  again,  the  heat  capacity  for  a  given 
interval  had  to  be  found  by  taking  the  difference  between  two  different 
determinations,  and  in  such  cases  the  error  was  greater. 

BesuUs  Obtained, 

The  experimental  results  are  collected  in  Tables  I  to  X,  pp.  23 — 32. 
In  these  w  is  the  weight  of  substance  taken,  r  the  rise  or  fall  mea- 
sured in  the  calorimeter,  t  and  t'  the  initial  and  final  temperatures  of 
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the  snbfii'anoe  in  degrees  centigrade  (the  latter  being  identical  with 
that  of  the  calorimeter)  ;  '*  Cal."  represents  the  total  calories  evolved 
or  absorbed,  and  '*  Gal.  per  1  gram  "  those  evolved  or  absorbed  per  unit 
weight  of  substance,  a  deduction  having  been  made  for  that  portion 
attributable  to  the  bottle  and  its  thermometer,  namely  2*223  x  t^t' ; 
C  or  c  is  the  heat  capacity  deduced,  the  range  of  temperature  and 
mean  temperature  to  which  it  applies  being  given  under  r,  measured 
in  degrees  above  or  below  the  melting  point  of  the  substance  in 
question.  Such  results  as  apply  to  ranges  of  temperature  partially 
embraced  in  other  determinations  are  enclosed  in  square  brackets,  and 
are  used  for  deducing  those  values  opposite  to  which  no  experimental 
data  appear.  The  two  values  given  for  the  heat  capacity  at  0^  (the 
freezing  point  of  the  substance)  are  those  which  would  be  deduced 
from  the  determinations  at  the  two  higher  and  two  lower  temperatures 
respectively.  Where  the  determinations  include  the  heat  of  fusion 
the  differences  between  the  individual  experiments  (not  the  means) 
are  used  in  calculating  the  heat  capacity ;  those  determinations  are 
divided  into  two  series,  A  and  fi  (see  Table  II),  each  of  which  is 
differentiated  separately  (Table  II  continued),  and  the  means  of  these 
two  series  of  values  taken ;  then  the  experiments  A  and  B  are  taken 
together  alternately,  and  the  two  other  series  thus  obtained  give 
another  series  of  mean  results,  the  mean  of  these  two  means  being 
finally  taken.  The  heat  of  fusion  was  determined  from  those  experi- 
ments in  which  the  initial  temperatuze  was  nearest  to  the  temperature 
of  fusion. 

The  general  results  are  collected  in  Table  A,  where  those  in  the 
first  five  lines  give  the  values  for  1  gram  of  substance,  and  those  in 
the  second  five  the  values  for  a  gram-molecalar  proportion  of  it. 

DetaiU, 

Before  discussing  the  general  results,  the  following  details  may  be 
noticed : —  ^ 

Sulphuric  Acid. — The  value  found  for  the  liquid  at  Id'^'bS  seems  to 
be  rather  too  high,  and  this  makes  the  value  deduced  for  26°' 74  too 
high,  and  that  for  41°'25  too  low.  The  value  for  0°  has  here  been 
deduced  diagrammaticaJly,  the  probable  error  (Table  A)  being  deter- 
mined from  the  errors  of  the  duplicate  determinations.  Both  the  values 
for  the  solid  at  the  initial  temperature  of  — 16°'8  appeared  somewhat 
anomalous,  and  they  were  consequently  omitted  in  the  calculations. 
In  taking  the  mean  value  for  r  =  0^,  a  double  weight  has  been  assigned 
to  the  vsJue  deduced  from  the  determinations  at  the  two  higher  tem- 
peratures. .  The  probable  error  (given'  in  Table  A)  in  this,  and  most 
other  cases,  has  been  deduced  in  the  ordinary  way  from  those  two 
values.  The  heat  capacities  of  neither  the  solid  nor  the  liquid  show 
any  signs  of  an  abnormal  increase  as  we  approach  the  melting  point. 
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Monohydrate  of  Sulphuric  Acid, — ^The  increase  in  the  heat  capacities, 
both  of  the  liquid  and  the  solid,  appear  to  be  slightly  greater  near 
the  meltiog  point  than  at  more  distant  temperatures,  but  the  differ- 
ences are  within  the  limits  of  the  errors  of  the  respective  determina- 
tions.    They  are : — 

Increase. 

Solid 000090  for  1'  from  -16'   to  -  7''    (0°  =  f.p.) 

0-00050         „  -:W*    „  '-iff' 

Liquid  . .       0-00045  „  -f  l°-5  „  + 18'-3       „ 

0-00031    .      „  +18°-3„  +29'*-2       „ 

Tetrahydrate  of  Oalcivm  Nitrate. — The  determinations  of  the  heat 
capacity  of  the  liquid  show  that  there  is  a  decrease  instead  of  the 
usual  increase  as  the  temperature  rises.     The  values  are  : — 

Decrease, 

0-00054  per  1'  from  -12*'-7  to  +  8^-6  (O'*  =  f.p.) 
0-00027  „  +  8^-6  „  +28"-8 

One  of  the  determinations,  it  will  be  noticed,  applied  to  tempera- 
tures entirely  below  the  freezing  point.  The  heat  of  fusion  was 
determined  by  placing  the  bottle  with  the  superfused  liquid  in  the 
calorimeter  till  the  temperature  of  the  latter  had  been  attained, 
raising  the  stopper  of  the  bottle,  and  inserting  a  minute  crystal  of  the 
solid  salt ;  crystallisation  then  took  place  at  the  temperature  of  the 
calorimeter,  25**  below  the  normal  freezing  point,  and  its  value  at  this 
latter  was  calculated  by  adding  to  the  observed  value  25(C— c)  cal, 
C— c  being  0-1481  at  an  average  temperature  of  —12*^-5.  This 
method,  where  practicable,  is  more  accurate  than  that  usually 
adopted.  In  the  case  of  the  solid  salt  the  rate  of  increase  of  the  heat 
capacity  is  rather  greater  near  the  melting  point,  but  the  difference  is 
scarcely  greater  than  the  experimental  error,  and  would  not  affect  the 
results  to  any  appreciable  extent. 

Naphthalene. — The  determinations  with  the  liquid  applied  to  one 
interval  of  temperature  only.  The  probable  error  is  calculated  from 
the  variation  of  the  mean  values  deduced  from  the  determinations 
marked  A,  B,  and  C,  these  mean  values  being  the  result  of  com* 
bining  each  of  the  determinations  with  those  marked  «,  /3,  and  y.  In 
the  case  of  the  solid  the  determinations  extended  over  two  intervals 
of  temperature,  the  probable  error  in  the  value  at  0**  being  calculated 
from  the  difference  between  the  various  duplicates.  This  substance 
was  less  fully  examined  than  the  others,  owing  to  its  having  already 
been  investigated  by  Alluard. 

Benzetie. — In  the  case  of  the  liquid,  the  increase  at  the  higher  tem- 
perature is  rather  greater  than  at  the  lower  one.     The  values  are : — 
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000065  per  1**  from    7'''S  to  23*'-4  (0^  =  f.p.) 
000163  „  23^-4  „  45°-4 

the  average  increase  being  large  in  comparison  with  the  other  sub- 
stances examined.  The  values  for  the  solid  are  somewhat  irregular, 
but,  on  plotting  them  out,  thej  are  found  to  be  evenly  distribnted  above 
and  below  a  straight  line  ;  the  value  at  O""  and  the  rate  of  increase  have 
been  deduced  from  this  line,  and  the  probable  error  was  calculated  by 
noting  the  difFerence  which  would  be  caused  by  taking  the  values 
above  or  below  it. 

Comparison  with  the  Besulfs  of  other  Observers, 

The  results  here  obtained  are  compared  in  Table  6  with  those 
given  by  other  observers.  Except  where  it  is  stated  otherwise,  they 
refer  to  the  temperatures  at  which  the  substances  melt  under  normal 
conditions.  The  concordance  exhibited  by  this  table  is  in  most 
ca«es  fairly  good,  though  Berthelot's  values  for  the  heat  of  fusion  of 
sulphuric  acid  and  its  monohydrate  seem  wholly  inexplicable. 

My  value  for  the  heat  capacity  of  liquid  calcium  nitrate  receives 
confirmation  from  some  determinations  which  I  made  some  time  ago 
at  IS"",  with  various  solutions  of  salt  up  to  a  strength  of  61*4  per 
cent.  Ca(N03)2  by  an  electrical  method ;  the  results  obtained  formed 
a  fairly  uniform  curve,  and,  on  extending  this  up  to  69'5  per  cent, 
(the  composition  of  the  tetrahydrate),  I  got  0*517  as  the  heat  capacity 
of  such  a  solution,  while  the  present  results  give  0'5185  at  42**4,  or 
0-5283  at  18*. 

General  BesuUs. 

From  Table  A  (p.  18)  it  will  be  seen  that  the  heat  capacity  of  solid 
benzene  is  greater  than  that  of  the  liquid,  so  that  C^c  becomes  a  nega- 
tive quantity.  This  is  somewhat  remarkable,  for  in  other  known  in. 
htances,  such  as  that  of  beeswax,  where  fusion  is  a  gradual  process,  and 
the  heat  capacity  of  the  solid  becomes  abnormally  great  as  the  melting 
point  is  reached,  this  abnormality  makes  itself  evident  in  the  augment- 
ing rate  at  which  the  increase  occurs,  whereas  with  benzene  no  such 
abnormal  increase  is  noticed,  although  the  determinations  extend  as 
far  as  36"*  below  the  melting  point:  the  only  sign  of  anything 
unusual  is  that  the  rate  of  increase  is  considerably  greater  than  that 
in  the  other  cases  investigated.  This  observation  with  benzene  must 
throw  some  doubt  on  conclusions  drawn  from  the  heat  capacity  of  any 
solids,  unless  the  determinations  extend  through  a  very  long  range  of 
temperature.  It  must  be  noted  that  the  heat  of  fusion  given  here  for 
benzene  will  be  too  small  if  part  of  that  heat  of  fusion  appears  as  the 
heat  capacity  of  the  solid. 

The  values  for  the  temperature  of  no  crystallisation  obtained  from 
the  present  results  axe  given  in  Table  G :  the  only  other  substances 
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Table  B. — Comparison  of  Values  from  various  sources. 


Subetanoe. 

Heat  capacity. 

Heat  of 
fuBion. 

Liquid. 

SoM. 

Bulphurio 
acid 

Monohydrate 
of  sulphuric 
aoid 

Naphthalene 
Beniene.... 

0-3855  +  0-00046^    P. 
0-3297  +  0-00024^    M. 
0-8053 +  0-00i06#    Pf. 
0*3415 +  0-00063^    Pf. 

0-3095  at  24°-7    Per. 
0-3421        „        P. 

0-3430  at  88°-5    K. 
0-3461        „         P. 

0-4480+0-00038#   P. 
0-4300 +  0-00014^    Per. 
0-4170  + 000071  #    Pf. 

0*4824  at  83°  to  98°  P. 
0-4186  at  88°  to  99°  A. 

0-8957 +0-0010W   P. 
0-3860 +0-0016W    B. 

0-4164  at  25°       P. 
0-4158      „           8. 

0-4380  at  45°       P. 
0-486        „           B. 

0-3612  +0<X)076^    P. 
rO-3315»  +  0-00015n  . 
\0-8642t  +  0-00062<  '^• 

24-031  P. 
8-78    B. 

89:918  P. 
31-7      B. 

35-626  P. 
35-679  A. 

29-488  P. 
29-089  Pet.I 

P.     B  Pickering. 

M.    =  Marignao  ('Lieb.  Ann.,'  Suppl.  8,  p.  356). 

Pf.    «  Pfaundler  (*J1.  Prakt.  Chem./  yol.  101,  p.  508;  and  'Berlin  Berichte/ 

1870,  p.  798). 
Per.  ^  Person  (*  Ann.  Chim.  Phys/  (8),  vol.  83,  p.  446). 
K.     *  Eopp  ('  Pogg.  Ann.,'  vol.  75,  p.  98). 
B.     »  Berthelot  ('  Compt.  Bend.,'  toI.  78,  p.  716). 

A.  »  AUnaid  (<  Ann.  Chim.  Phys.'  (8),  yol.  67,  p.  438). 
S.      »  Schmier  ('  Pogg.  Ann.,'  ErgAnz.  6,  p.  125). 

Pet.  -  PettersBon  (*  JL  Prakt.  Chem.,'  fol.  24,  p.  129). 

B.  *»  Begnault  ('  M6ni.  de  1' Acad.,'  yol.  26,  p.  262.) 


*  This  is  deduced  from  Alluard's  yaluet  for  ranges  from  0^5  to  19°,  and  20° 
to  65°. 

t  From  Alluard's  yalues  for  ranges  from  —26°  to  +7°-7  and  0^-5  to  19°;  to  the 
former  of  these,  howeyer,  he  attached  less  yalue  than  to  those  for  higher  tempera- 
ures. 

X  Pettersson's  yalue  was  obtained  with  beniene  freeaing  at  4°-97. 
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for  which  the  data  are  sufficient  to  calculate  the  values  for  C  and  c  at 
the  fusinof  point  are  given  there  also ;  these  are,  water,  naphthalene, 
using  Allaard's   values,   and   bromine.      Regnault's   determinations 
of  the  heat  capacity   of   ice   at   low    temperatures    ('Ann.    Chim. 
Phys.'    [3],  vol.   26,   p.   286)   have  been  combined  with  Person's, 
and  give  0'4757  for  its  value  at  0° ;  this  brings  the  temperatare  of 
no  crystallisation  to  —167°,  a  value  differing  but  little  from  Person's, 
—160°.      Regnault's  determinations   with   bromine    ('Ann.    Cbim. 
Phys.'  (3),  vol  9,  p.  344)  give  a  result  of  doubtful  value.     He  gives 
the  fusing  point  as  —  7'''32,  the  heat  of  fusion  as  16*185,  and  safficient 
data  to  calculate  the  heat  capacity  of  the  liquid  as  0'1C05  +  000028^, 
but  for  that  of  the  solid  his  data  are  insufficient ;  they  may  be  taken  as 
indicating,  though  very  doubtfully,  0*1038  +  000047^,  a  value  which 
gives  G— c  negative  ;  or,  if  we  take  the  mean  of  them,  we  get  0'0843 
as  the  heat  capacity  at  —48"  96  C,  a  valae  which  gives  —992°  for 
the  temperature  of  no  crystallisation :  as  the  heat  capacity  at  the 
temperature  of  fusion  must  be  greater  than  at  —48°  96,  we  may 
safely  say  that  a  temperature  lower  than  —992°  is  indicated  as  that 
of    no  crystallisation.      Some    determinations  with  pentahydrated 
sodium  thioeulphate  were  made  by  Trentimaglia  Q  Wien.  Akad.  Ber.,' 
vol.  72,  Abth.  II,  p.   669),  with  the  express  object  of  testing  the 
validity  of  Person's  conclusion,  but  as  the  values  for  the  heat  capa- 
cities were  determined  at  one  temperature  only,  and  that  not  very 
close  to  the  melting  point,  I  do  not  think  that  any  conclasions  can  be 
drawn  from  them.     The  probable  error  of  my  own  results  was  calcu- 
lated by  taking  half  that  which  would  be  caused  by  taking  such  of  the 
extreme  values  for  C,  c,  and  I  given  in  Tables  I  to  X  as  would  affect 
the  result  in  the  same  direction. 

Table  C. 

Substance.  t  <-  J—, 

C-c 

Water -160°  C.  (Person,  Ac. 

Monohydrate  of  sulphuric  acid  ....  —177°  ±2  (Pickering) 

Naphthalene -214°±60 

-333°»  (AUuard) 

Tetrahydrate  of  calcium  nitrate  ....  —234°  ±9  (Pickering) 

Sulphuric  acid  -369°±4? 

Bromine >  -992*^  (Regnault) 

These  being  the  only  results  available  for  testing  Person's  view,  that 
the  temperature  of  no  crystallisation  is  —160°  for  all  substances,  we 
must  certaizdy  oondnde  that  this  view  has  not  yet  been  established. 

*  Taking  the  other  Talae  for  e  dedncible  from  Alluard's  reaultt  (0'86«2),  w«  gee 
-688**. 
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IV.  ''  On  Wolf  and  Rayet's  Bright-Line  Stars  in  Cygnus."  By 
William  Huggins,  D.C.L.,  LL.D.,  F.R.S^  and  Mrs.  HuGoms. 
Received  November  25,  1890. 

In  1867  MM.  Wolf  and  Rayet  discovered  at  the  Paris  Observatory 
three  small  stars  in  Cygnos,  which  in  the  spectroscope  showed  several 
bright  lines  upon  a  continuous  spectrum.*  All  three  stars  have  a 
very  bright  band  in  the  blue  part  of  the  spectrum. 

These  stars  are : — 

B.D.  +86°,  No.  4001. 
B.D.  +35%  No.  4013. 
B.D.  +36%  No.  3956. 

Their  spectra  were  described  in  1873,  by  Yogel,  whose  observations 
agree  substantially  with  the  original  description  given  by  Wolf  and 
Rayet.f  A  more  complete  account  of  their  spectra  was  given  by 
Yogel  in  1883,  from  observations  at  Vienna  with  the  27-inch 
refractor  made  by  Sir  Howard  Grabb. J 

Yogel's  measures  of  the  bright  blue  band  place  it  in  the  star 
No.  3956  at  from  X  468  to  X  461,  with  a  maximum  at  X  464;  in  the 
star  No.  4013  with  a  maximum  at  the  same  place  in  the  spectrum ; 
while  the  corresponding  blue  band  in  the  star  No.  4001  has  a  con- 
siderably less  refrangible  position,  commencing  at  \  470,  reaching  a 
raasimum  at  \  468,  and  ending  about  \  465. 

These  later  measures,  though  they  differ  from  his  earlier  ones,  in 
so  far  as  they  show  that  the  blue  band  has  not  an  identical  position 
iu  all  three  stars,  nevertheless  support  substantially  his  earlier  obser- 
vations, which  Vogel  considered  to  show,  contrary  to  the  statements 
of  Secchi,  that  the  bright  lines,  including  the  blue  band,  were  not 
due  to  carbon. 

In  the  diagram,  Nos.  1,  2,  and  3  show  the  positions  of  the  bright 
bands  in  the  three  stars,  according  to  Yogel's  measures,  relatively  to 
the  blue  band  of  the  hydrocarbon  flame. 

Vogel's  measures  are : — 

Beginning  of      Briglitest  End  of 

tne  band.  part  the  band. 

Star  No.  4001 X470  X468  X  465 

4013 —  X464  — 

3956 X468  X  464  X461 

•  'Gomptes  Bendus,'  toL  66, 1867,  p.  292. 
t  '  Berichte  K.  Saoha.  Ge».  der  Wiss.,'  Dec.,  1878,  p.  656. 
t  '  Publicationen  Aafcropbys.  6b»erv.  Potsdam,'  vol.  4^  No.  14,  pp.  17—21. 
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His  diagram  shows  the  band  in  No.  4018  to  begin  and  end  at  abont 
the  same  posftions  as  in  the  star  3956. 

It  has  been  stated  recently  that  the  bright  blue  band  in  all  three 
stars  is  the  carbon  band  in  the  bine,  commencing  near  X  474  ;*  and 
more  receotlj,  notwithstanding  the  difference  of  position,  according 
to  Vogel,  of  tbe  band  in  one  of  the  stars  from  that  which  it  occnpiea 
in  the  other  two  of  as  mnch  as  X  0040,  that  direct  comparisons  showed 

*  Professor  Lookyer,  in  the  Bakerian  Lecture  for  1888  {*  Roy.  Soc.  Proc.,*  toL  44, 
p.  87),  sajs  of  the  star  No.  4001 : — "  The  bright  band  with  its  maximum  at  \  468  is 
the  blight  carbon  fluting  commencing  at  X  474  and  extending  towards  the  bine, 
with  its  maximum  at  468,  as  photographed  at  Kensington." 

Of  the  star  4018 : — '*  The  bright  band  in  the  blue  at  473  is  most  probably  the 
rarbon  band  bright  upon  a  faint  continuous  spectrum,  this  producing  the  absorp- 
tion from  486  to  473  "  (loc.  cii.^  p.  41). 

Of  the  star  No.  8956:— **  The  bright  band  at  470  is  the  carbon  band  in  thf  blue, 
commencing  at  474,  with  its  maximum  at  about  468,  as  obsenred  and  photographed 
at  Kensington*'  {loe,  cit.,  p.  48).  See  Yogel's  measures  for  the  band  in  this  star, 
which  are  giren  in  the  text. 

Diagrams  of  the  spectra  of  these  stars  are  giyen  at  pp.  38,  40,  and  41,  based  on 
Yogel's  observations  and  his  curree,  which,  on  a  slightly  reduced  scale,  are  placed  at 
the  bottom  of  the  diagrams.  The  maximum  of  Yogel's  curres  is  placed  in  ail  three 
diagrams  at  \  468,  and  agrees  ui  the  diagrams  with  the  carbon  band,  whereas  Yogel's 
original  curves  and  his  measures  place  the  maximum  in  the  case  of  two  of  the  stara 
at  \  464,  beyond  the  carbon  band. 
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an  absolute  coincidence  of  the  band  in  all  three  stars  with  the  blue 
band  of  a  spirit-lamp  flame.* 

As  the  presence  or  absence  of  carbon  in  these  stars,  as  shown  by 
the  coincidence  or  otherwise  of  the  bine  band  with  that  of  the  hydro- 
carbon flame,  was  of  great  importance  to  us  in  connexion  with  a 
wider  investigation  on  which  we  are  at  work,  we  thought  it  necessary, 
after  these  recent  statements  as  to  the  position  of  the  band,  to  make 
direct  comparisons  of  the  spectra  of  these  stars  with  that  of  the  hydro- 
carbon flame  under  sufficiently  large  dispersion  to  enable  us  to  deter- 
mine whether  Yogers  measures  are  substantially  correct,  or  whether 
they  are  so  largely  in  error  as  the  absolute  coincidence  of  the  band 
with  the  blue  band  of  a  spirit-lamp  flame  in  the  case  of  all  three 
stars  would  show  them  to  be. 

The  obvious  importance  of  making  thie  observations  with  sufficient 
dispersion  is  supported  by  Vogel's  own  experience.  With  the  small 
dispersion  which  he  employed  in  his  earlier  observations  in  1873,  he 
did  not  detect  the  large  difEerence  of  position,  about  \  0040,  of  the 
band  in  No.  4001,  as  compared  with  its  position  in  the  other  two 
stars.  On  this  point  Vogel  says,  in  his  memoir  of  1883 : — "  Etwas 
abweichend  ist  nur  die  AufEassung  der  Lage  der  breiten  hellen  Bande 
im  Blau,  die  b#L  den  friiheren  Messungen  bei  alien  drei  Stemen 
libereinstimmt.  .  .  .  Bei  den  verhaltnissmassig  geringen  optischen 
Hiilfsmitteln,  mit  deuen  jene  Messungen  ausgefiihrt  wurden,  ist  die 
Uebereinstimmung  aber  eine  ganz  tiberraschende  *'  (he,  cit,,  p.  21). 

We  observed  the  spectra  of  the  stars  successively,  first  with  a  direct 
vision  prism  of  small  dispersion,  then  with  a  spectroscope  (A)  con- 
taining one  prism  of  60°,  and  finally  with  a  spectroscope  (B)  with 
two  compound  prisms,  equal  to  about  four  prisms  of  60°  ;  with  the 
last-named  instrument  the  comparisons  with  the  hydrocarbon  flame 
were  made. 

A  rapid  preliminary  comparison  in  the  spectroscope  (B)  of  the 
spectra   of   the  three  stars  with  the  blue  base  of  a  Bunsen  flame 

•  Professor  Lockyer,  in  a  signed  article  in  *  Nature  *  (August  7,  1890,  vol.  42> 
p.  344),  writes  ;— 

"  In  the  Bakerian  Lecture  for  1888  I  gare  a  complete  discussion  of  the  spectra  of 
bright-lined  stars,  as  far  as  the  obsenrations  went,  and  the  conclusion  arriyedat  waa 
that  they  were  nothing  more  than  swarms  of  meteorites  a  little  more  condensed  than 
those  which  we  know  as  nebulae.  The  main  argument  in  favour  of  this  conclusion 
was  the  presence  of  the  bright  fluting  of  carbon  which  extends  from  468  to  474. 
This  standing  out  bright  beyond  their  short  continnous  spectrum  gives  rise  to  an 
apparent  absorption  band  in  the  blue.  .  .  .  Direct  comparisons  of  the  spectrum 
of  all  the  three  stars  in  Cygnus  with  the  flame  of  a  spirit-lamp  have  been  made  by 
Mr.  Fowler,  and  theee  showed  an  absolute  coincidence  of  the  bright  baud  in  tho 
stars  with  the  blue  band  of  carbon  seen  in  the  flame.  It  was  found  quite  easy  to 
get  the  narrow  spectrum  of  the  star  superposed  upon  the  broader  spectrum  of  the 
flame  so  that  both  ooold  be  obeerved  simultaneously." 
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showed  at  once  the  substantial  accnracj  of  Yogel's  measores,  and  the 
striking  difference  of  position  of  the  band  in  the  star  No.  4001  from 
that  which  it  holds  in  the  other  two  stars. 

The  obvions  want  of  agreement  of  the  star  bands  with  the  blue 
band  of  the  Bonsen  flame  was  seen  at  once.  Their  relative  positions 
appeared  to  agree  substantially  wifch  the  positions  represented  in  No.  2 
and  No.  3  of  the  diagram,  which  are  based  on  Yogel's  measures. 
More  careful  and  repeated  observations  brought  out  clearly,  as  is 
indeed  shown  by  Yogers  curve,  that  the  star  bands  differ  in  character 
as  well  as  in  position  from  the  blue  band  of  the  hydrocarbon  flame, 
and  also  in  some  respects  from  each  other. 

Before  giving  in  more  detail  the  results  of  our  observation  on  each  of 
the  three  stars,  it  should  be  stated  that  in  all  the  stars  the  continuous 
spectrum  is  not  in  our  instruments  a  short  one,  ending  before  the 
position  of  the  bright  blue  band  is  reached.  On  the  contrary,  an 
examination  with  all  three  spectroscopes  showed  that  the  continuous 
spectrum,  though  enfeebled  by  absorption  a  little  before  reaching  the 
blue  band,  can  be  traced,  as  is  shown  in  YogeUs  curves,  quite  up  to 
the  band,  and  indeed  extends  for  a  long  distance  into  the  violet  beyond 
the  blue  band.  The  blue  band  does  not  in  our  instruments  stand  out 
bright  beyond  the  end  of  a  short  contitiuous  spectrum,  but  falls  upon 
a  fairly  luminous  continuous  spectrum,  which  can  be  traced  past  the 
blue  band  into  the  violet,  apparently  as  far  as  the  eye  could  be  expected 
to  follow  it. 

We  suspected  bright  lines  or  bands  in  the  region  more  refrangible 
than  the  blue  band,  but  in  such  faint  objects  this  is  a  point  which 
should  be  determined  by  photography. 

Professor  E.  C.  Pickering  has  since  kindly  informed  us  that  his 
photographs  of  the  star  No.  4001,  which  extend  into  the  ultra-violet 
region,  show  beyond  the  blue  band  the  bright  hydrogen  lines  at  434, 
410,  397,  and  389  ;  and  also  other  bright  lines  at  462,  455,  420,  406, 
402,  395,  and  388. 

In  his  photographs  of  the  stars  4013  and  3956,  however,  the  only 
well-marked  line  is  in  the  blue  at  470. 

Star  4001. — In  this  star,  as  is  shown  by  Yogel's  measures  and 
curve,  the  bright  blue  band  is  less  refrangible  than  in  the  other 
two  stars,  and  approaches  therefore  nearer  to  the  position  of  the  blue 
band  of  the  hydrocarbon  flame.  The  appearance  and  position  of  the 
band  in  the  star  as  contrasted  with  that  of  carbon,  when  observed  in 
spectroscope  B,  are  represented  in  spectrum  No.  4  of  the  diagram. 

The  brightest  part  of  the  band,  from  about  X  468  to  \  469,  falls  off 
rather  suddenly  in  brightness  at  about  these  wave-lengths,  but  can  be 
ti-aced  towards  the  red  as  far  as  about  X  471*5,  and  as  far  in  the  bine 
as  about  X  465*5. 
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In  onr  observations  of  this  and  the  other  stars  we  did  not  attempt 
micromefcric  measures  of  the  blue  band,  but  we  estimated  .their  positions 
by  means  of  the  intervals  between  the  five  flutings  of  the  band  of  the 
Bunsen  flame.  In  the  case  of  objects  so  faint  in  our  instrument 
when  viewed  under  the  dispersion  of  spectroscope  B,  we  did  not 
consider  there  would  be  any  real  gain  of  accuracy  by  attempting  to 
take  measures. 

Though  the  wave-lengths  assigned  to  our  positions  must  therefore 
be  regarded  as  not  more  than  approximately  correct,  we  have  no  hesi- 
tation in  considering  them  fully  accurate  enough  for  the  purpose  of 
our  investigation. 

The  star  band  is  not  split  up  into  well-separated  maxima,  as  is  the 
Bansen  flame  band,  but  we  have  little  doubt  that  the  brightest  part 
of  the  band,  from  \468  to  X469,  which  is  much,  and  rather  suddenly, 
brighter  than  its  beginning  and  termination,  consists  of  bright  lines. 
Lines  appear  to  flash  out  at  moments,  but  in  our  instruments  they 
cannot  be  seen  with  sufficient  steadiness  for  us  to  be  sure  of  their 
number  and  position. 

Under  certain  conditions  of  the  electric  discharge,  the  normal  rela- 
tive brightness  of  the  component  flutings  of  the  blue  hydrocarbon  band 
has  been  observed  to  be  so  far  changed  that  the  position  of  maximum 
intensity  is  moved  from  the  less  refrangible  end  of  the  band  towards 
the  blue  end;  but  the  Ave  flutings  remain  without  any  change  of 
their  position  in  the  spectrum.* 

Dr.  Hasselberg,  by  means  of  feeble  disruptive  discharges  from  tin- 
foil terminals  placed  outside  an  exhausted  tube  containing  vapour  of 
benzole,  obtained  a  nearly  pure  spectrum  of  the  order  of  that  in  a 
hydrocarbon  flame  mixed  only  with  faint  lines  of  hydrogen.  He 
Bays :  "  Es  war  aber  hier  die  violette  Gruppe  sehr  schwach.  Dagegen 
Bchien  mir  die  blaue  Gruppe  relativ  heller  aJs  im  Flammenspectrum, 
und  sie  hatte  ausserdem  entschieden  ihre  grosste  Intensitat  nicht  an 
der  weniger  breehbaren  Kante,  sondem  mehr  nach  dem  Yioletten 
bin.  Dasselbe  schien  mir  auch  mit  der  gelben  Gruppe  der  Fall  zu 
sein.  In  Bezug  auf  die  griine  Gruppe  konnte  ich  aber  keine  Yer- 
Bchiebxuig  des  Intensitatsmaximums  bemerken." 

Dr.  Hasselberg  gives  curves  to  show  the  amount  of  this  change  of 
intensity  in  the  blue  group  and  in  the  orange  group.  In  the  blue 
group  the  maximum  is  moved  from  the  flrst  to  the  third  line,  that 

*  "It  is  necessary  to  state  that  the  maxixnum  laminosity  of  the  blue  band,  under 
some  conditions,  is  about  468.  .  .  .  The  conditions  under  which  this  band  has 
its  maximum  luminosity  at  468  in  Q«issler  tubes  seem  to  be  those  of  maximum 
conduotivitj.  If  the  pressure  be  high,  all  the  members  of  the  group  are  sharp,  and 
the  luminosity  of  the  band  is  ahnost  uniform  throughout.  This  always  occurs 
when  the  pressure  is  very  low.  At  intermediate  stages  of  pressure,  however,  the 
Imninosifcy  has  a  very  decided  maximum  at  about  468  "  (Appendix  to  the  Bakerian 
Lecture  for  1888,  <Boy.  Soc.  Proc.,'  vol.  46,  pp.  167, 168). 


Digitized 


by  Google 


38  Dr.  and  Mrs.  Huggins.     On  Wolf  and        [Dec.  11, 

is,  to  about  \  4698.  His  curve  gives  the  briglitness  of  the  TnaTJniUTn 
over  that  of  tKe  first  line  as  about  7  to  6,  whereas  the  normal  relative 
intensity  of  these  two  lines  is  in  the  inverse  direction  and  as  about 
2  to  4  (Watts,  *  Index  of  Spectra,'  p.  30)  .• 

A  similar  change  from  the  normal  relation  of  brightness  of  the 
fiutings  within  the  band,  even  if  removed  to  \  468,  does  not  seem  to 
us  to  bring  the  star  baud  sufficiently  into  accordance  in  character  and 
position  with  those  of  the  band  of  the  hydrocarbon  flame  to  justify 
us  in  attributing  the  blue  band  in  the  star  to  carbon.  Though  we 
traced  the  band  a  little  further  towards  the  red,  than  the  position  of 
the  beginning  of  the  band  given  by  Vogel's  measures,  yet  it  is  very- 
faint,  and  without  any  increase  in  brightness  at  the  place  of  the  second 
fluting  of  the  carbon  band,  beyond  which  we  were  unable  to  see  it. 

According  to  Hasselberg's  curve,  the  second  bright  fluting,  where 
in  our  instruments  the  star  band  ends,  still  retains  a  brightness  of 
about  11/12  of  that  of  the  maximum,  and  the  first  line,  at  the  position 
of  which  no  brightening  of  the  feeble  continuous  spectrum  of  the 
star  could  be  detected,  a  brightness  of  about  6/7  of  that  of  the 
maximum.  That  the  fiutings  of  the  band  were  not  obscured  by  the 
absorption  band  at  this  part  of  the  spectrum  appears  clear  from  the 
circumstance  that  we  could  trace  the  faint  continuous  spectrum  up  to 
the  bright  band. 

Yogers  and  our  observations  agree  in  making  the  band  run  on 
some  distance  beyond  the  visible  termination  of  the  blue  band  of  the 
Bunsen  fiame.  Piazzi  Smyth,  under  some  conditions,  observed  a 
large  number  of  faint  "  linelets  "  beyond  the  "  5th  leader  "  of  the  band, 
where  its  visibility  usually  ends  ;  and  in  the  brilliant  light  of  the  arc 
the  band  can  be  traced  further  in  the  blue.  The  extension  of  the 
band  under  such  circumstances  does  not  seem  to  us  to  affect  our 
present  argument ;  for  in  the  very  feeble  light  of  the  star  we  may 
surely  take  it  that  the  carbon  band,  if  present,  could  not  be  seen  to 
extend  further  than  its  usual  visible  limit  in  a  Bunsen  flame,  namely, 
about  \  468. 

Perhaps  it  should  be  stated  in  connexion  with  the  circumstance 
that  we  saw  the  band  extend  a  little  further  towards  the  red  than 
Vogel  did,  that  at  the  time  of  our  observations  the  hydrogen  line  at 
F  was  not  visible  in  our  instruments,  whereas  it  was  bright  at  the 
time  when  Yogel  observed  the  star.  In  the  spectrum  of  a  similar 
star,  D.M.  +37**  3821,  in  which  the  hydrogen  line  at  F  at  the  time 
was  bright,  the  blue  band  was  seen  by  us  to  stop  near  the  place  given 
by  Vogel  in  his  measures  of  the  star  No.  4001. 

Not  only  is  there  no  coincidence,  so  far  as  Yogel  and  we  have 
observed,  of  the  position  of  the  band  in  the  star  with  that  of  the  blue 

•  '  M^m.  de  TAcad.  Imp.  des  Sciences  de  St.  P^terabourg/  toI.  22,  No.  2,  1880, 
p.  82. 
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band  of  the  Bunsen  flame  ;  bat,  farther,  the  want  of  accordance  of  its 
general  characters  is  so  great  as  to  make  the  view  that  its  origin  is 
carbon  very  improbable.  This  improbability  is  very  greatly  in- 
creased when  we  find,  as  will  be  shown  presently,  that  no  traces 
whatever  of  the  very  bright  beginnings  of  the  more  brilliant  green 
and  orange  bands  could  be  detected  by  us  in  any  of  the  stars. 
Farther,  Professor  £.  C.  Pickering  has  kindly  sent  to  as  an  account  of 
his  photographs  of  this  star,  which,  though  they  show  the  hydrogen 
line  at  X  434,  do  not  exhibit  any  brightness  at  the  positions  of  the 
indigo  hydrocarbon  bands,  begrnning  near  4312,  and  X  4382. 

This  star,  however,  can  scarcely  be  taken  by  itself ;  in  the  case 
of  the  other  two  stars,  in  the  spectra  of  which,  according  to  Yogel's, 
Oopeland's,  and  our  own  observations,  the  brightest  part  of  the  blue 
band  is  from  X  464  to  X  465,  but  nearer  X  465,  quite  outside  the 
ordinary  visible  limit  of  the  carbon  band,  the  evidence  seems  very 
strong  indeed  that  the  band  does  not  owe  its  origin  to  carbon. 

We  satisfied  ourselves  that  when  the  spectrum  of  the  star  is 
examined  under  the  dispersion  of  spectroscope  B,  none  of  the 
brighter  parts  of  its  spectrum  fell  at,  or  very  near,  the  green, 
orange,  and  indigo  flutings  of  the  hydrocarbon  flame  spectrum ;  at 
these  positions  we  were  unable  to  detect  any  sensible  brightening  of 
the  star's  spectrum.  Professor  Copeland's  measure  of  the  blue  band 
in  1884  was  X  469-5. 

No,  4013. — ^Vogel  does  not  give  measures  of  the  beginning  and  the 
ending  of  the  band  in  this  star,  but  only  of  the  brightest  part : — 
^'Hellste  Stelle,  nahezu  Mitte,  einer  breiten  verwaschenen  Bande, 
X  464."  He  gives,  however,  a  diagram  of  the  spectrum  in  which  the 
bright  blue  band  is  represented  as  substantially  coincident  in  position 
and  in  general  character  with  that  in  the  spoctrum  of  No.  3956. 

Our  observations  agree  substantially  with  those  of  Vogel,  but  they 
make  the  band  to  consist  of  two  parts — a  very  bright  part,  from 
about  X  466  to  X  464,  but  brightest  near  X  465,  and  a  very  faint 
band,  apparently  detached  from  the  bright  one  from  about  X  4685  to 
about  X  4705.  This  faint  band  is  bright-est  near  where  it  ends  rather 
abruptly  at  the  more  refrangible  end.  The  very  bright  band  has  not 
the  character  of  a  fluting,  nor  is  it  broken  up  into  maxima  widely 
separated  like  those  of  the  Bunsen  flame  band,  but  appears  to  be  a 
group  of  bright  lines.  The  lines  were  only  glimpsed  at  moments  ;  it 
is  therefore  difficult  to  make  a  drawing  which  truly  represents  the 
character  of  the  band  as  seen  in  our  instruments.  The  band,  which 
is  shown  at  No.  5  of  the  diagram,  is  left  unfinished  at  the  more 
refrangible  end,  as  we  were  not  certain  how  far  we  ought  to  consider 
it  to  extend. 

In  this  star  (as  we  shall  show  to  be  the  case  in  No.  3956  also),  the 
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great  body  of  bright  radiation  lies  far  beyond  the  ordinary  risible 
limit  of  the  bine  carbon  band,  and  no  connexion  whatever  with 
carbon  is  even  snggested  to  ns  by  the  star's  spectrom.  Dr. 
Copeland's  measure  of  the  band  in  1884  was  X  465*4. 

The  continnoos  spectmm  of  the  star  is  nneqnally  bright  from  the 
presence  of  bright  gronps  and  also  apparently  of  absorption  bands  or 
lines,  and  therefore  with  small  dispersion  it  might  be  easily  supposed 
that  the  spectrum  is  brighter  at  the  position  of  the  green  carbon 
band.  We  examined  the  continuous  spectrum  repeatedly  with  great 
care,  and  we  were  able  to  satisfy  ourselves  that,  under  the  consider- 
able dispersion  of  our  instruments,  there  was  no  sensible  brightening 
of  the  spectrum  at  the  positions  of  the  green  and  of  the  orange  bands 
of  the  Bunsen  flame. 

No.  3956. — ^Vogel  places  the  brightest  part  of  the  band  in  this  star 
at  the  same  position  in  the  spectmm  as  in  the  star  last  considered. 
No.  4013,  namely,  at  X  464,  a  position  beyond  the  carbon  band.  The 
position  of  the  band  as  it  appeared  in  spectroscope  B  with  the  third 
eye-piece,  is  represented  at  No.  6  in  the  diagram.  The  position  of 
the  band  relatively  to  that  of  the  Bunsen  flame  was  determined  by 
estimations  made  by  means  of  the  intervals  between  the  bright 
flutings  of  the  Bunsen  band.  The  position  agrees  substantially  with 
that  given  by  Yogel,  but  places  the  maximum  brightness  nearer  to 
465.  This  bright  part  probably  consists  of  a  group  of  bright  lines 
and  falls  off  rather  suddenly  at  both  ends.  We  were  not  certain  if 
the  light  beyond  this  bright  part  was  due  to  a  continuation  of  the 
band  or  to  the  continuous  spectmm,  more  or  less  dimmed  by  absorp- 
tion ;  we  have,  therefore,  left  the  ends  of  the  band  incompleted  in  the 
diagram.     Copeland's  measure  of  this  band  in  1884  was  X  4649. 

The  sub-band  seen  in  the  star  No.  4013  is  very  much  fainter  in  this 
star,  but  we  have  little  doubt  that  there  is  a  very  faint  band  present 
at  about  the  same  place  in  the  spectrum. 

Professor  E.  C.  Pickering  has  found  in  the  near  neighbourhood  of 
these  three  stars  other  stars  possessing  bright  lines  in  their  spectra.* 
The  brightest  of  these,  independently  discovered  by  Dr.  Copeland  in 
1884,t  namely,  D.M.  +37**  3821,  in  which  the  spectrum  is  similar 
to  that  of  the  Wolf-Bayet  stars,  was  examined.  Dr.  Copeland  says 
of  this  star  : — "  It  has  a  spectrum  of  several  bright  lines  near  D,  and 
a  very  bright  band  in  wave-length  464  "  (loc.  cit.).    We  were  therefore 

*  "  The  foUowing  list  oontaina  the  dengnatioiiB  of  all  eight  stan  (with  bright 
lines),  the  first  four  being  those  preyionsly  known :— 36''  4001,  SS""  4013,  88°  8956^ 
36°  8987,  ar  3821,  88°  4010,  Sr  3871,  35°  8962  or  8963.  Of  these  ST  8871  is 
P  Cygni,  and  37°  8821  is  the  star  in  the  spectrum  of  which  the  bright  lines  are  most 
distinct"  G^ter  in  'Nature,'  toI.  84,  p.  440). 

t  '  Monthly  Notices,  KA.S.,'  toL  46,  p.  91, 1884. 
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surprised  to  find  tlie  bine  band,  which  is  very  brilliant,  not  in  the 
position  of  the  band  in  the  stars  No.  4013  and  No.  3956,  but  less 
refrangible,  corresponding  to  the  position  of  the  band  in  the  star 
No.  4001. 

The  bright  band  begins  about  \  467  and  runs  on  to  nearly  \  470'5. 
It  is  clearly  not  made  up  of  flutings  similar  to  those  of  the  Bunsen 
flame,  but  is  a  group  of  lines  nearly  uniformly  bright  throaghout 
the  length  of  the  band.  The  band  did  not  appear  to  extend  in  our 
instruments  towards  the  red  quite  so  far  as  the  band  of  No.  4001 ; 
it  stops  near  the  place  assigned  by  Yogel  to  the  beginning  of  the 
band  of  No.  4001. 

The  band  is  represented  in  spectrum  No.  7  in  the  diagram.  Direct 
comparison  with  hydrogen  showed  that  the  Hne  at  F  is  brilliant  in 
this  star. 

After  some  scrutiny  of  this  part  of  the  star's  spectrum,  we  became 
conscious  of  a  very  feeble  brightening  of  the  spectrum  beyond  the 
bright  band  towards  the  violet,  and  as  &r  as  we  could  estimate  its 
position,  at  about  from  X  464  to  X  467,  that  is  to  say,  about  the  posi- 
tion assigned  to  the  band  by  Dr.  Copeland  in  1884. 

We  then  re-examined  the  spectrum  of  No.  4001,  and  were  able  to 
feel  pretty  sure  that  a  similar  faint  brightening  of  the  spectrom 
occurs  in  this  star  also  at  the  same  place,  namely,  about  the  more 
refrangible  position  of  the  blue  band  in  the  stars  No.  4013  and 
No.  3956. 

Dr.  Copeland,  during  his  travels  in  the  Andes  in  1883,  observed 
7  Atgus,  and  five  small  stars  with  bright  lines  in  their  spectra.  He 
says : — "  As  far  as  my  measures  and  estimates  go,  all  of  them  belong 
to  the  same  class  as  the  three  Wolf -Bayet  stars  in  the  Swan,  to  which 
Professor  Pickering  has  since  added  a  fourth  outlying  member.'** 

Dr.  Copeland  gives  the  position  of  the  bright  blue  band  in  7  Argiis 
as  X  464-6. 

Among  the  stars  in  the  great  cluster  G.C.  4245,  near  ^  Scorpii, 
Dr.  Copeland  found  a  star,  P.  XVI  204  =  Stone  9168,  which  has  a 
similar  spectrum,  namely,  with  a  bright  band  in  the  blue  and  two  in 
the  yellow.     He  found  the  position  of  the  blue  band  to  be  X  4651. 

In  the  case  of  two  other  small  stars  with  similar  spectra,  he  foand 
respectively  for  the  blue  band  the  approximate  measures  X  463*3  and 
X  463-6. 

These  four  stars  were  similar,  therefore,  at  the  time  of  the  observa- 
tions to  No.  4013  and  No.  3956,  in  which  the  maximum  of  the  blue 
band  is  not  far  from  X  464,  and  therefore  outside  and  beyond  the 
ordinary  visible  limit  of  the  blue  carbon  band. 

*  "  An  Account  of  some  recent  Astronomical  Ezperimenta  at  High  Blerations  in 
the  Andes ; "  <  Coperoicus,'  vol.  8, 1888. 
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Professor  Vogel  observed  two  other  stars  with  similar  spectra,  of 
which  the  main  feature  is  the  very  bright  band  in  the  blue  region, 
namely,  Arg.  Oeltzen  17681  and  Lai.  }3412.  These  stars  are  too  low 
in  southern  declination  to  be  reached  from  our  observatory. 

Yogel  places  the  blue  band  in  Lai.  13412  at  X  469,  which  shows 
that  it  has  a  position  similar  to  that  of  No.  4001  and  of  Dr.  Copeland's 
star.  In  the  case  of  Arg.  Oeltzen  17681,  Yogel  makes  the  band  to 
extend  through  about  the  entire  range  of  refrangibility  occupied  by 
the  two  positions  of  the  blue  baud  in  the  Wolf-Bayet  stars  according 
to  his  measures  of  them,  namely,  from  X  461  to  X  470,  with  a  mazimnni 
at  the  place  where  they  would  overlap,  namely,  X  466. 

Let  us  consider  the  four  stars  with  an  intensely  brilliant  blue  band 
which  we  have  examined ;  in  two  of  them  the  band  extends  from 
about  X  464  to  X  467,  and  in  the  other  pair  the  band  has  a  less 
refrangible  position,  from  about  X  466  to  X  471,  but  there  is  also  in 
the  case  of  each  pair  a  very  faint  band  visible,  or  suspected,  at  the 
position  of  the  blue  band  in  the  other  pair.  Further,  in  Arg.  Oeltzen 
17681,  Yogel  found  the  bright  band  sufficiently  long  to  include  both 
positions  of  the  band. 

One  suggestion  which  presents  itself  is  whether  these  bands,  or, 
more  correctly,  these  groups  of  bright  lines,  may  be  variable,  so  that, 
under  certain  conditions,  one  or  other  of  them  bocomes  brilliant. 
Such  a  state  of  things  would  reconcile  our  observations  of  +37°  3821 
with  the  earlier  measures  of  Dr.  Gopeland,  and,  indeed,  might  pos- 
sibly explain,  if  this  variability  should  be  established,  the  circum- 
stance that  so  accurate  an  observer  as  Professor  Yogel  did  not  detect, 
even  with  his  smaller  instrument  in  1873,  the  very  large  difference  of 
position  of  the  band  in  4001  from  that  of  the  corresponding  band  in 
the  stars  4013  and  3956,  which  was  so  conspicuous  in  1883,  and  is  so 
£tlll  at  the  present  time.  In  the  broad  characters  of  their  spectra, 
And  in  their  magnitudes,  the  Wolf-Bayet  stars  have  remained  un- 
changed since  the  discovery  of  their  remarkable  spectra  in  1867. 

As  the  only  direct  evidence  of  such  a  variability  rests  upon  the 
change  of  position  of  the  band  in  Dr.  Copeland's  star  since  his 
observation  of  it  in  1884,  I  wrote  to  Dr.  Gopeland  to  ask  if  his 
position  rested  upon  sufficiently  accurate  measures  or  was  arrived  at 
by  estimation  only.  In  reply  he  says : — ^'  The  place  of  the  blue  line 
(rather  band)  in  D.M.  +37**  3821,  given  in  the  'Monthly  Notices,'  is 
a  mere  estimate  to  show  the  character  of  the  star.'* 

Whether  any  change  of  position  of  the  band  has  taken  place  must 
therefore  remain  at  present  uncertain ;  but,  independently  of  any  such 
direct  evidence  of  variability,  the  two  positions  of  the  very  bright 
blue  band,  with  the  suspicion  of  faint  bands  at  the  alternate  positions, 
jippear  to  us  suggestive  of  possible  variation,  especially  when  we 
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consider  that  the  spectra  of  tliese  stars  consist  of  numerous  absorp- 
tion bands  and  groups  of  bright  lines  upon  a  feeble  continuous 
spectrum,  a  character  of  spectrum  which  seems  to  point  to  a  probably 
unstable  condition  of  the  Atmospheres  of  these  stars. 

The  large  difference  of  position  of  the  bands  in  the  two  groups  of. 
fitars  is  much  too  great  to  admit  of  an  explanation  founded  upon  a 
possible  orbital  motion  of  the  stars.  Besides,  the  near  coincidence  of 
Dr.  Copeland's  measures  of  two  bright  lines  common  to  the  stars 
4001  and  4013  shows  that  the  difference  of  position  of  the  blue  band 
is  not  due  to  motion  in  the  line  of  sight.* 

If  future  observations  should  show  that  the  bright  blue  groups  are 
variable,  we  must  look,  it  would  seem,  to  causes  of  a  physical  or  a 
chemical  nature. 

If  the  two  bright  groups,  difiPeriug  in  position  by  about  X  0040, 
belong  to  different  substances,  or,  less  probably,  perhaps,  to  different 
molecular  conditions  of  the  same  substance,  it  is  conceivable  that  one 
or  other  substance,  or  molecular  state,  may  predominate  and  appear 
brilliant,  according  to  certain  unknown  conditions  which  may  prevail 
in  the  stars'  atmospheres. 

It  might  be  suggested  that  both  bands  are  due  to  a  long  group  of 
bright  lines,  extending  from  about  \  461  to  \  471,  and  that  this  long 
group  is  cut  down  by  absorption  bands;  in  one  pair  of  stars  an 
absorption  from  the  green  cuts  off  the  less  refrangible  part  of  the 
long  group  down  to  about  \  467,  while  in  the  other  two  stars  the 
more  refrangible  part  is  eclipsed,  and  the  bright  group  appears  as 
in  4001. 

The  appearance  of  the  spectra  in  our  instruments  scarcely  seems  to 
us  to  be  in  accordance  with  Quch  a  view,  because,  though  we  did 
suspect  brightenings  in  the  alternate  places,  the  appearance  of  the 
spectrum  was  not  such  as  to  suggest  a  bright  group  dimmed  by 
absorption,  for  in  that  case  the  amount  of  absorption  needed  to  all  but 
obliterate  a  group,  as  bright  as  it  appears  in  the  other  pair  of  stars, 
would  have  blotted  out  completely  the  relatively  feeble  continuous 
spectrum.  This  continuous  spectrum,  though  faint,  was  still  dis- 
tinctly seen. 

More  observations  are  needed,  but  it  appeared  to  us  desirable  by 
these  suggestions  to  invite  the  attention  of  observers  to  the  points  in 
question. 

*  Dr.  Copeland  permits  me  to  give  the  following  measures  of  the  bright  lines  in 
the  Wolf-Bayet  stars,  which  were  made  by  him  and  Mr.  Lohse  on  January  28, 
1884. 

1st  yellow     2nd  yellow       Bright  Faint        Large  blue 

Star.  Hne.  line.  line.  line.  band. 

+  85°  4001. ...  —  —  541  -2(3)      522  -0(1)      469  •  5(8) 

+  85°  4013....     582-4(2)       568*9^2)       541-0(2)  —  466*4(2) 

+  86°  3956...,     581-0(2)       570-4(2)  —  523-3(1)      464-9(2) 
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As  the  main  object  of  onr  examination  of  these  stars  was  to  deter- 
mine whether  the  bright  band  in  the  bine  was  to  be  regarded  aa 
showing  the  presence  of  carbon  by  its  coincidence  with  the  bine  band 
of  the  hydrocarbon  flame,  we  were  not  able,  from  the  pressing  claims 
.  of  other  work,  to  extend  our  examination  to  many  other  points  in  con- 
nexion with  the  spectmm  of  these  faint  stars,  for  an  exhaustive  exami- 
nation of  which,  indeed,  onr  instruments  are  not  sufficiently  powerful. 

We  have  stated  already  that  the  fairly  Inminous  continnous 
spectmm  reaches  np  to  the  bright  band  in  all  three  stars,  and  extends 
beyond  into  the  violet,  as  far  as  the  eye  could  be  expected  to  follow  it. 

The  spectra  are  weakened  at  many  points  by  what  appear  to  be 
absorption  bands,  and  are  crossed  by  several  brilliant  lines,  the 
positions  of  some  of  which  have  been  given  by  Vogel  and  by  Copeland. 

An  examination  with  spectroscope  6  of  some  of  these  bright  lines, 
as  they  appear  under  small  dispersion,  showed  them  to  be  really  not 
single  lines,  but  short  groups  of  closely-adjacent  bright  lines. 

One  of  the  brightest  of  these  lines  is  fonnd  in  the  star  No.  4013,  at 
the  position,  according  to  Vogel,  of  \  570. 

Dr.  Copeland's  measnre  for  this  line  is  X  568*9  in  star  4013,  and 
X  570-4  in  the  star  3956. 

As  this  position  is  not  very  far  from  that  of  the  green  pair  of 
sodium  lines  at  X  5687  and  X  5681,  it  has  been  suggested  that  the  line 
in  the  star  is  due  to  sodium,  though  there  is  no  line  of  comparable 
brightness  in  the  star's  spectmm  at  the  position  of  the  dominant  pair 
of  the  sodium  spectrum  at  D,* 

On  confronting  in  spectroscope  B  the  star  line  with  the  green 
sodium  lines,  the  bright  space  in  the  star's  spectmm  was  seen  to  con- 
sist of  a  short  gronp  of  several  bright  lines  close  together,  and  nearly 
equally  bright.  This  group  appeared  to  extend  through  about  four 
times  the  interval  of  the  sodium  pair,  which  would  make  the  length 
of  the  gi*onp  about  X  0024.  The  green  sodium  lines  cross  the  group 
at  about  one-fourth  to  one-third  of  the  length  of  the  gronp  from  its 
more  refrangible  end.  The  group  in  the  star  is  rather  less  bright  at 
the  two  ends,  but  there  is  no  gradual  shading  off  in  either  direction, 
as  in  the  case  of  a  fluting. 

When  we  examined  this  part  of  the  spectmm  with  the  small  disper* 
sion  of  a  prism  of  45^,  we  were  pretty  sure  of  a  feeble  bright  line,  less 
refrangible  than  the  pair  of  bright  groups  in  the  yellow,  and  not  far 
from  the  position  of  D.  We  were  not  able  to  see  this  line  in  spectro- 
scope B  with  sufficient  clearness  to  enable  us  to  flx  its  position.  It 
may  be  D,  or,  perhaps  more  probably  Dg. 

*  The  670  line  is  most  probably  the  green  sodium  line  569,  the  absence  of  the 
yellow  sodium  being  explained  by  the  half-and-half  absorption  and  radiation  men- 
tioned in  the  discussion  of  the  causes  which'  mask  and  prerent  the  appearance  of  a 
line  in  a  spectrum  (Bakeiian  Lecture  for  1888,  <  Boy.  Soo.  Pioc.,'  toL  44,  p.  41). 
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In  No.  4001,  Vogel  saw  a  line  at  tlie  position  of  the  F  line  of 
hydrogen.  It  is  probable  that  this  line,  as  is  the  case  in  so  many 
fitars  in  which  it  appears  bright,  is  variable,  as  we  were  not  able 
to  see  it  when  the  H/3  line  from  a  yacanm-tnbe  was  thrown  in.  In 
the  similar  star  D.M.  +37"*  3821,  as  we  have  stated  already,  the  F 
line  of  hydrogen  was  very  bright. 

We  were  nnable  to  detect  in  any  of  the  stars  a  brightening  of  the 
spectrum  at  the  pooition  of  the  chief  line  of  the  bright-line  nebnlsB. 
For  this  examination  the  lead  line  at  \  5004*5  was  thrown  in,  and 
the  continuous  spectrum  of  the  star  near  to  this  position  carefully 
ficrutinised. 

In  their  original  paper,  Wolf  and  Bayet  state  that  they  were  not 
able  to  detect  any  nebulosity  about  the  stars.  They  say :  *'  EUes  ne 
pr6sentent  non  plus  aucune  trace  de  n^bulosit^  "  (loc,  ciL,  p.  292). 

In  a  recent  paper,  Mr.  Keeler,  of  the  Lick  Observatory,  confirms 
this  view.  He  says :  "  At  my  request,  Mr.  Bumham  and  Mr.  Barnard 
examined  the  Wolf-Rayet  stars  in  Cygnus  for  traces  of  surrounding 
nebulosity,  but  with  only  negative  result."* 

Notwithstanding  these  negative  results,  it  appeared  to  us  of  great 
interest  to  ascertain  further  if  any  nebnlosity  would  come  ont  in  a 
photograph  of  the  stars  taken  with  a  long  exposure. 

Mr.  Roberts  responded  at  once  to  our  wish  when  we  asked  his  in- 
valuable assistance,  and  on  November  1st,  of  this  year,  he  took  a 
photograph  of  this  region  of  Cygnus,  with  an  exposure  of  two  hours. 

The  three  stars  come  out  strongly  npon  the  plate,  but  there  is  no 
nebnlosity  to  be  seen  near  any  of  them.  There  are  faint  stars  in  close 
proximity  to  the  three  stars,  and  apparently  surrounding  them,  and, 
in  the  case  of  No.  3956,  six  of  these  faint  stars  are  seen  close  to  it, 
in  an  apparent  spiral  arrangement. 

Though  this  surrounding  of  faint  stars  should  be  pointed  out, 
it  should,  at  the  same  time,  be  stated  that  the  whole  neighbouring 
region  is  so  densely  studded  with  similar  faint  stars  that  it  would  be 
rash,  perhaps,  at  present  to  suggest  that  this  apparent  connexion  of 
the  bright-line  stars  with  faint  ones  near  them  may  be  other  than 
accidental. f 

•  *  Publications  of  the  Astronom.  Soc.  of  the  Pacific,*  No.  11. 

t  [Mr.  Roberts  has  furnished  us  with  the  following  description  of  the  stars  as 
they  appear  on  his  photograph  : — 

"  No.  4001  appears  as  a  multiple  star  made  up  of  one  bright,  two  fainter,  and 
one  yery  faint  star  partly  behind  the  others ;  there  is  also  a  fourth  bright  star  close 
to  the  multiple  star.  The  group  is  surrounded  by  at  least  eight  faint  stars  within 
a  radial  distance  of  ±86^'  of  arc  from  centre  to  centre. 

"  No.  4013. — ^The  photo-image  of  this  star  is  made  up  of  three  stellar  images 
touching  each  other  in  a  line  slightly  curyed.  Two  are  bright  and  one  faint ;  and 
there  are  indications  of  two  otlier  faint  stars  behind  the  two  bright  ones.    This 
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Professor  B.  C.  Pickering  informs  me  "  that  photographs  have  been 
obtained  at  the  Harvard  College  Observatory  of  all  the  stars  hitherta 
discovered  whose  spectra  consist  mainly  of  bright  lines  and  are  of  the- 
class  discovered  by  Rayet.  Part  of  these  have  been  photographed  at 
Cambridge,  and  the  remainder  in  Peru."  He  states  that  they  may  b& 
divided  into  three  sub-classes,  according  to  the  characters  of  their 
fifteen  bright  lines.  He  says,  further:  "Photographs  of  the  spec- 
trum of  planetary  nebulod  have  also  been  obtained.  They  resemble 
closely  the  spectra  described  above,  except  that  the  line  500  is 
strongly  marked ;  470  is  seen  in  most  of  them,  while  the  lines  due  ta 
hydrogen  are  also  bright." 

It  would  seem  that  Professor  Pickering's  photographs  do  not  permit 
him  to  distinguish  the  different  positions  of  the  bright  blue  band  in 
some  of  these  stars,  for  he  gives  for  all  the  stars  the  same  position,, 
namely,  X  470. 

We  regret  that  the  insufficiency  of  our  instrumental  means  has  left 
our  examination  of  the  spectra  of  these  stars  less  complete  than  we 
could  wish.  Our  observations  appear  to  us,  however,  to  be  conclusive 
on  the  main  object  of  our  enquiry,  namely,  that  the  bright  blue  band 
in  the  three  Wolf-Rayet  stars  in  Cygnus,  and  in  D.M.  +37°  3821,. 
is  not  coincident  with  the  blue  band  of  the  Bunsen  flame. 


V.  *'0n  Stokes's  Current  Function."  By  R.  A.  Sampson^ 
Fellow  of  St.  John's  College,  Cambridge.  Communicated 
by  Professor  Greenhill,  F.R.S.    Received  November  24^ 

1890. 

(Abstract.) 

In  Maxwell's  'Electricity  and  Magnetism,'*  a  view  is  put  for- 
ward, in  accordance  with  which  we  may  regard  any  irrotational 
motion  in  a  perfect  liquid,  for  which  the  velocity  potential  is  a  solid 
zonal  harmonic,  as  due  to  the  juxtaposition  at  the  origin,  and  upon 
the  axis  of  symmetry,  of  sinks  and  sources. 

But,  in  a  liquid,  any  irrotational  motion  which  is  symmetrical 
with  respect  to  an  axis  gives  a  velocity  potential  which  may  be 
expressed  as  a  sum  of  a  series  of  solid  zonal  harmonics,  their  common 
axis  being  the  axis  of  symmetry,  and  their  origin  arbitrary,  provided 

multiple  image  of  four  or  five  stars  is  surrounded  by  ^ye  bright  and  seven  faint 
stars ;  all  within  a  radial  distance  of  82'^  of  arc  measured  from  centre  to  centre 
of  the  multiple  star.  The  multiple  image  measures  ±bb"  in  length  and  dbl9" 
in  breadth. 

**  No,  8956. — Its  photo-image  is  db27^  in  diameter.  It  is  encircled  by  three 
stars  of  lesser  brightness,  and  six  faint  ones  within  a  radial  distance  of  69^',  t.e., 
there  are  nine  stars  within  a  radial  distance  of  59".'* — Dec.  5.] 

•  Vol.  1,  chapter  ix- 
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it  ifl  excluded  from  the  region  to  which  the  expressions  apply.  The 
position  of  the  origin  npon  the  axis  is  arbitrary,  since  by  a  trans- 
ference formula  we  may  pass  from  one  origin  to  another. 

Let  us  now  consider  the  system  formed  by  a  line  source  and  a  line 
sink,  of  equal  strengths,  extending  along  the  axis  from  an  arbitrary 
origin  to  infinity  in  opposite  directions.  Such  a  system  I  shall  call 
an  extended  doublet^  of  strength  m,  where  m  is  the  strength  per  unit 
length  of  that  part  which  lies  on  the  positive  side  of  the  origin. 


By  the  superposition  of  two  extended  doublets,  of  equal  but 
opposite  strengths,  we  can  produce  a  sink  or  a  source  upon  the  axis. 
Hence,  in  a  liquid,  any  irrotational  motion  which  is  symmetrical 
with  respect  to  an  axis,  may  be  produced  by  superposition  of  extended 
doublets,  whose  origins  depart  but  little  from  an,  arbitrary  point  on 
the  axis  of  symmetry. 

Now  for  an  extended  doublet  of  strength  m,  Stokes's  current  func- 
tion ^,  for  any  point  distant  r  from  the  the  origin,  is  —  2wr.  For  let 
f  be  the  distance  of  the  origin  of  the  doublet  from  the  origin  of  co- 
ordinates, and  let  "^(m,  f )  be  the  value  of  Stokes's  current  function  for 


any  point  (tr,  z).     Then  if  ^^  be  the  current  function  for  a  source  of 
strength  2m^£',  at  the  point  f  of  the  axis,  we  get 

^    d      .  .       ^ 
—  —  .  5lfr  =  0. 

V  dr 


w     rdO 
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Therefore 


-.aV'=-2m.-.«? 


=  — 2wi.sin^.«f. 

Whence 

«f  =2waf  .008^, 

disregarding  a 

constant. 

But 

5V^=V^(m,f)  +  V^(-m,f+«f), 

and  clearl  J, 

f(-m,r+^c)  =  -v^(«i,r+*c). 

Hence 

v^Kc)-[v^(m,f)+^«r^ 

=  2md£'.oo8^ 

Therefore 

«nd 
"where 


=  2m5f . 


»-r 


^  =  —2m/r 


(1), 


r  =  v^(,r«+a-r«), 


disregarding  a  constant. 

Thos  if  m  =f(X)  ^t  ^^  outy,  by  properly  choosing  the  fnnctaon/, 
write 


^^=1  /(?)  v'{»»+(«-m'^- 


(2), 


-where  Y^  is  the  cnrrent  function  for  any  irrotational  motion  in  a 
liquid,  symmetrical  about  the  axis  of  ». 

Again,  if  r  =  ^{^8+ (ir-f)«}, 

dr        w  ^  ^  g— {^ 


dw        r 


c22 


Therefore  ^-s+rrs  = a 
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and  tHe  expression   (1),   and   consequently  also   (2),   satisfies   the 
differential  eqnation 

dw^'^dz^       w    dz    "        ^^' 

or,  as  I  shall  writ«  it,  D^  =  0. 

When  the  motion  is  rotational,  (3)  no  longer  holds.     In  fact,  as  is 
well  known,  we  have  under  all  circumstances 

—  DVr  =  -2a;, 

w 

where  w  is  the  resultant  molecular  rotation  at  the  point  (w,  z) . 
Thus,  if  there  is  molecular  rotation  in  the  fluid,  (3)  is  replaced  by 

Again,   if   v^  stand  for   the  operator --_  4.-4.-  ^4.  J.  ^, 

otr*     air     v  aw      w*  dqr 

<f>  being  the  azimuthal  angle  about  the  axis  of  symmetiy,  it  may  be 

seen  at  once  that 

»*-  =  BJ?''^*- (♦)• 

Consequently  (3a)  may  be  written 

«  V^  sin  0  ^  sin  0 

tr  w 

=  -2iy  sin  0 (3a'). 

Consequently 

.     ,        tr        fff  %\T!Lfh'a}  dot  dy  dz 

^  =  ^0+2^81^0  J  J  J r-^' 

where  V^o  ^  ^  solution  of  (3). 

Or  1^  consists  of  a  solution  of  (3)  toirether  with x  the  pofen- 

^-  V  /     6  2«-sin0  * 

tial  at  the  point  considered  of  a  distribution  of  mass  of  density  at 

any  point  sin  0  X  the  molecular  rotation  at  that  point.     This  result 

is  given  by  Basset,  *  Hydrodynamics,'  vol.  2,  §  306. 

I  give  one  other  general  result.     Since 

'«'=-^I)f    (3a), 

the  circulation  in  any  evanescible  circuit  drawn  in  a  meridional 
plane  is 

«ffi-D^i^^^ (6), 

YOL.  XLIX.  B 
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where  the   integration  extands   oyer  the    area    embraced    by  the 
circuit. 

This  result  enables  us  to  transform  D^  readily  from  cylindrical  to 
other  systems  of  coordinates.  For  instance,  consider  polar  coordi- 
nates, r,  6 J  and  let  as  find  the  circulation  in  a  small  rectangle  bounded 
by  r,  r+flfr,  ^,  O-^-dO. 


Let  the  velocities  in  the  direction  of  r  and  perpendicular  to  it 
be  B,  8.     Then  the  circulation  in  this  circuit  is 

R^r-h  r©r+-|-  (Qr)dT\de-  [^^r^ de\d/r''0rd9 

,    -^  Vde  .   e      (iRl 

Now  e: l-,M 

11=      —1-     ^. 

T^sme' do 

Thus  the  expression  in  square  brackets  is — 

^7^reld;^^^\W^''''^^'de)y 

PT/^^^V-.sin^  d  (    1     dylr\ 
^       dr^'^    f^    d0\sin0d0/ 


or 


if  /«  stands  for  cos  0. 

Other  applications  will  be  found  later. 
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Reverting  now  to  the  expression  (1),  it  will  be  seen  that  the  direct 
distance  of  any  point  from  a  point  on  the  axis  of  symmetry  plays 
the  same  part  in  the  theory  of  Stokes's  current  function  that  is  played 
by  its  reciprocal  in  the  theory  of  the  potential  function  belonging  to 
symmetrical  distributions  of  matter. 

Thus  if  rg,  0,  r,  d,  be  the  coordinates  of  a  point  upon  the  axis, 
and  of  any  other  point,  the  distance  between  these  points, 
>/(r^—2^QT  cos  ^+r*),  may  be  developed  in  a  convergent  series,  say 

according  as  rg  is  greater  or  less  than  r,  In  (cos  0)  being  a  certain 
function  of  ^,  and  we  see  from  (6)  that 

(l_^2)  ^|^+«  («-l)  I.W  =  0 (7). 

Now  it  is  evident  from  the  analogue  of  zonal  harmonics  that  it  is 
proper  to  discuss  the  function  l»(cos  0),  and  other  solutions  of  (7) 
before  considering  the  applications  of  Stokes's  current  function  to 
the  motion  of  liquids.  It  is  with  this  discussion  that  the  first  three 
chapters  are  occupied,  and,  as  might  be  expected,  the  theory  closely 
resembles  that  of  spherical  harmonics.  I  have  accordingly  made 
free  use  of  the  order  and  methods  adopted  by  Heine  in  his  *  Hand- 
buch  d.  Kugelfunctionen,'  more  especially  in  chapters  i  and  ii,* 
where  the  necessary  changes  were  slight.  Moreover,  the  functions  I 
deal  with  have  themselves  been  discussed  by  Heine,  on  a  difEerent 
method,  and  most  of  the  expressions  which  I  find  in  the  following 
pages  are  given  by  him.     Full  references  to  these  are  given  in  §18. 

The  idea  of  developing  the  solutions  of  D^r  =  0  in  a  manner  more 
or  less  analogous  to  that  employed  with  regard  to  Laplace's  equation 
appears  to  have  been  first  used  by  O.  E.  Meyer,t  who  obtains  the 
equation  (7),  shows  that  the  functions  contain  1— /i^  as  a  factor,  and 
that  they  obey  (28),  chapter  ii.  An  expression  which  shows  the 
relation  of  the  functions  to  zonal  harmonics  was  given  by  Mr. 
Butcher;^  and  functions  of  fractional  order  have  been  used  by 
Mr.  Hicks,  §  in  connexion  with  his  researches  on  the  theory  of  the 
motion  of  vortex  rings.  The  fuller  account  of  such  functions  which 
is  found  in  the  following  pages  may  be  of  interest  in  relation  to  these ; 
for  example,  I  would  refer  to  §  63,  chapter  v. 

*  The  following  sections  of  the  first  three  chapters  contain  methods  or  results 
which,  so  far  as  I  am  aware,  are  original :— 12,  IS,  17,  21,  25,  26,  29,  80,  32,  86,  38, 
40,  42.  The  remainder  of  the  paper  is  original, '  except  where  specially  acknow- 
ledged, or  where  a  result  is  too  well  known  for  that  to  he  necessary. 

t  'CreUc'voL  78, 1871. 

X  '  London  Math.  Soc.  Proc.,'  vol.  8.    See  p.  143,  chapter  yL 

§  *  Phil.  Trans.,'  1884, 1885. 
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The  applications  to  hydrodynamics  which  I  here  give  are  of 
mathematical  interest  rather  than  physical.  They  are  chiefly  in  con- 
nexion with  the  motion  of  viscous  liquids.  In  '  Crelle-Borchardt/ 
vol.  81,  1876,  Oberbeck  has  given  the  velocities  produced  in  an  infinite 
viscous  liquid  by  the  steady  motion  of  an  ellipsoid  thi*ongh  it,  in  the 
direction  of  one  of  its  axes,  and  from  these  Mr.  Herman*  has  found 
the  equation  of  a  family  of  surfaces  containing  the  stream  lines 
relative  to  the  ellipsoid.  In  chapter  vi,  Stokes's  cuiTent  f auction 
is  obtained  by  a  direct  process  for  the  flux  of  a  viscous  liquid  past  a 
spheroid,  and  it  is  shown  that  the  result  difEers  only  by  a  constant 
multiple  from  the  particular  case  of  Mr.  Herman's  integral. 

Some  minor  applications  are  also  given,  namely,  the  solutions  are 
obtained  for  flux  past  an  approximate  sphere,  and  past  an  approxi- 
mate spheroid.  The  solution  is  also  obtained  for  flux  through  a 
hyperboloid  of  one  sheet,  where  it  appears  thafc  the  stream  surfaces 
are  hyperboloids  of  the  confocal  system.  A  particular  case  is  that 
of  flux  through  a  circular  hole  in  a  wall,  and  this  is  interesting 
because  we  see  that,  by  supposing  internal  friction  to  take  place  in 
the  liquid,  we  find  an  expression  which  gives  zero  velocity  at  the 
sharp  edge,  and  thus  avoids  the  difficulty  which  is  always  present 
in  the  solution  of  such  problems  on  the  supposition  that  the  liquid 
is  perfect.  A  comparison  may  be  instituted  between  this  problem, 
and  that  of  the  effect  of  a  disturbing  periodic  force  upon  a 
dynamical  system  capable  of  vibrating  alone  with  a  period  equal 
to  that  of  the  force.  It  is  well  known  that  the  amplitude  of  the 
vibration  induced  appears  infinite,  if  we  totally  disregard  friction, 
and  this  difficulty  is  met  by  the  fact  that  the  damping  effect  of  even 
slight  friction  is  rendered  considerable  by  high  velocities.  Now  a 
viscous  liquid  can  move  irrotationally,  and,  if  there  were  no  friction 
at  the  boundaries,  this  is  the  class  of  motion  it  would  take  in  cases 
of  flux  past  or  through  obstacles.  But  if  the  obstacle  terminated  in 
a  sharp  edge,  this  would  make  the  velocity  there  infinite,  and  the 
friction,  however  inconsiderable  elsewhere,  would  here  become  of 
account.  The  boundary  conditions  which  were  necessary  for  the 
existence  of  irrotational  motion  throughout  the  liquid  would  no 
longer  apply,  and  the  whole  character  of  the  solution  would  be 
changed.  This  would  at  any  rate  seem  to  apply  to  cases  in  which 
the  whole  motion  is  slow,  and  when,  consequently,  the  boundary  con- 
ditions which  must  hold  are  pretty  well  understood. 

The  paper  concludes  with  an  attempt  to  discuss  the  flux  past  a 
spheroid,  or  through  a  hyperboloid  at  whose  boundary  there  may  be 
slipping.  The  current  function  is  not  obtained,  all  that  appears 
being  that  it  probably  differs  from  the  parallel  case  of  the  sphere  in 
being  far  more  complicated  than  when  there  is  no  slipping.  From 
•  '  Quart.  Journ.  Math.,*  1889  (No.  92). 
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this  we  except  the  case  of  the  flux  through  a  circular  hole  in  a  plane 
wall,  when  the  solution  for  no  slipping  satisfies  the  new  con- 
ditions. 

Presents,  December  11,  1890. 
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December  18,  1890. 

Lieut-General  STRACHEY,  R.E.,  Vice-President,  in  the  Chair. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered 
for  them. 

The  following  Papers  were  read : — 

I.  "  On  a  Determination  of  the  Boiling  Point  of  Sulphur,  and 
on  a  Method  of  Standardising  Platinum  Resistance  Thermo- 
meters by  reference  to  it."  By  HuGH  L.  Callendar,  M.A., 
Fellow  of  Trinity  College,  Cambridge,  and  E.  H.  Griffiths, 
M.A.,  of  Sidney  Sussex  College,  Cambridge.  Communi- 
cated by  J.  J.  Thomson,  F.R.S.,  Cavendish  Professor  of 
Physics.    Received  November  29,  1890. 

(Abstract.) 

Experiments  by  different  observers  have  shown  that  electrical 
resisjtance  thermometers  afford  the  most  convenient  and  accurate 
method  of  measuring  temperature  through  a  very  wide  range.  By 
selecting  a  particular  thermometer  as  the  standard,  and  directly  com- 
paring others  with  it,  it  has  been  found  possible  to  attain  a  degree  of 
accuiticy  of  the  order  of  C^'OOl  in  the  relative  measurements  between 
0°  and  100°  C,  and  of  the  order  of  0^01  at  450°  C. 

In  a  previous  communication*  it  has  been  shown  that,  if  ^  be  the 
temperature  by  air  thermometer,  and  if  pt  be  the  temperature  by 
platinum  resistance  thermometer,  the  difference  between  them  is 
very  closely  represented  from  0°  to  700°  C.  by  the  formula 

d  =  t^pt  =  5  {i/IOOp-^/100} (d). 

The  value  of  the  constant  B  for  a  particular  wire  was  found  to  be 
1-570. 

The  object  of  the  present  paper  is  to  describe  a  method  of  finding 
the  value  of  this  constant  for  any  such  thermometer,  by  means  of  a 
single  observation  at  some  known  fixed  point  other  than  0°  or  100*"  C. 

The  boiling  point  of  sulphur  happens  to  be  the  most  convenient 

for  this  purpose.     We  have  therefore  made  a  careful  determination 

of  this  point  by  reference  to  the  standard  air  thermometer,  and  have 

given  a  ^U  description  of  the  method  and  apparatus  which  we  have 

•  Callendar,  «Fhil.  Trana.,'  A,  1887,  p.  161. 
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fonnd  most  suitable   for  standardising  platinum    thermometers  by 
means  of  it. 

Tbe  paper  is  divided  into  three  parts. 

Part  I  contains  a  description  of  the  method  and  apparatus  em- 
ployed in  comparing  the  platinum  thermometers  used  in  this  inyesti-^ 
gation  with  the  air  thermometer  at  a  temperature  very  near  the 
boiling  point  of  sulphur. 

Part  II  contains  the  determination  of  the  actual  boiling  point  of 
sulphur  by  means  of  the  thermometers  thus  standardised,  and  a 
description  of  the  method  and  apparatus  to  be  used  in  standardising 
other  platinum  thermometers.  A  table  is  also  given  reduced  from  a 
previous  series  of  observations  of  other  fixed  points  which  may  be 
used  for  the  same  purpose. 

Part  III  contains  a  comparison  of  the  platinum  and  air  thermo- 
metei's  between  0^  and  100'',  and  shows  that  the  ^-formula  holds 
accurately  between  those  limits. 

The  determination  of  the  boiling  point  of  sulphur  was  made  by 
means  of  three  platinum  thermometers,  L,  M^,  and  Mg,  constructed 
out  of  the  wire  used  in  the  experiments  of  1887,  before  referred  to. 

Full  descriptions  of  these  thermometers  are  given  in  the  paper. 
They  were  furnished  with  double  electrodes  for  measuring  the  resist- 
ance of  the  connecting  wires  at  each  observation,  their  insalation 
was  carefully  tested,  and  all  due  precautions  were  taken  to  guard 
against  thermal  effects  and  other  sources  of  error. 

Thermometers  M|  and  M^  were  standardised  by  direct  comparison 
with  an  air  thermometer  at  the  boiling  point  of  sulphur.  Full 
particulars  are  given  of  the  details  of  the  observations  and  calcula- 
tions, showing  the  limits  of  error  of  the  experiments. 

The  expansion  of  the  glass  forming  the  bulb  of  the  air  thermo- 
meter was  determined  both  by  the  method  of  linear  expansion,  and 
also  by  using  the  bulb  itself  as  a  mercury  weight  thermometer.  The 
values  found  by  the  two  methods  agreed  very  closely. 

The  small  changes  of  the  volume  of  the  bulb  were  determined 
from  time  to  time  during  the  progress  of  the  experiments.  The  final 
observations  were  not  taken  till  the  thermometer  had  reached  a  fairly 
steady  state. 

The  limit  of  accuracy  attainable  with  this  air  thermometer  was 
found  to  depend  chiefly  on  that  of  the  barometric  readings.  The 
barometer  used  was  therefore  verified  by  a  careful  comparison  with 
the  standard  metre  scale. 

The  iron-tube  apparatus  in  which  the  platinum  and  air  thermo- 
meters were  compared  was  so  constructed  as  to  be  capable  of  being 
maintained  at  a  constant  temperature  by  a  steady  flow  of  sulphur 
vapour  for  any  length  of  time. 

Observations  were  taken  with  it  on  two  separate  days.     On  each 
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occasion  the  temperature  was  kept  steady  to  0°*1  for  about  two  hours. 
Allowing  for  the  difference  of  the  atmospheric  pressure,  the  tempera- 
ture attained  was  the  same  on  both  dajs. 

The  results  of  the  comparison  were  in  perfect  agreement  with  the 
experiments  of  1887,  and  showed  that  the  ^-coefficient  of  the  wire 
had  not  altered  appreciably  in  the  interval. 

The  apparatus  which  we  have  found  most  convenient  for  standard- 
ising platinum  thermometers  bj  means  of  the  boiling  point  of  sulphur 
consists  of  a  wide  glass  tube,  40  cm.  long  and  4  cm.  in  diameter, 
with  a  spherical  bulb  at  the  ecd.  Tubes  of  this  kind  are  com- 
monly used  to  heat  Victor  Meyer's  vapour-density  apparatus.  For 
brevity  we  have  called  it  a  "Meyer "  tube. 

The  outside  of  the  tube  is  thickly  padded  with  asbestos  wool,  with 
the  exception  of  the  lower  half  of  the  bulb,  and  of  a  short  length  of 
3 — 5  cm.  at  the  top,  which  serves  as  a  condenser.  The  tube  is  filled 
with  sulphur  to  a  level  of  3  or  4  cm.  above  the  bulb,  and  is  heated  by 
a  Bunsen  burner.  The  gas  is  adjusted  so  as  to  keep  the  level  of  the 
vapour  near  the  top  of  the  tube,  which  is  covered  with  asbestos  card 
to  prevent  the  sulphur  catching  fire. 

Our  experiments  have  shown  that  a  thermometer  inserted  in  an 
apparatus  of  this  kind  will  not  attain  the  actual  temperature  of  the 
vapour,  unless  it  is  protected  from  radiation  to  the  sides  of  the  tube, 
and  from  the  condensed  Kquid  which  runs  down  the  stem.  The 
lowering  of  temperature  due  to  radiation,  &c,,  may  readily  amount 
to  upwards  of  2°  at  the  boiling  point  of  sulphur. 

The  method  which  we  have  adopted  for  screening  the  thermometer 
is  to  bind  an  umbrella  of  asbestos  card  on  to  its  stem  a  short  distance 
above  the  bulb.  Two  coaxial  tubes  are  hung  on  to  this  umbrella  to 
screen  the  thermometer  from  radiation.  We  have  found  that  glass  is 
not  sufficiently  opaque  to  heat  radiation  at  this  temperature.  The 
inner  tube  at  least  should  be  of  metal. 

To  avoid  superheating  of  the  vapour,  it  is  necessary  to  make  sure 
that  the  level  of  the  liquid  sulphur  stands  well  above  that  part  of  the 
hnlb  which  is  exposed  to  the  flame. 

Using  these  precautions,  we  have  found  that  the  temperature  by 
normal  air  thermometer  at  constant  pressure  of  the  saturated  vapour 
o  sulphur  boiling  freely  under  a  pressure,  of  760  mm.  of  mercury  at 
0**  C,  and  g  =  980*61  C.G.S.  (sea  level  in  lat.  45'),  is 

t  =  444''-53  C. 

The  value  given  by  Begnault*  is  nearly  4*^  higher  than  this ;  but 
in  the  account  which  he  gives  of  his  experiments  he  has  pointed  oat 
several  sources  of  error,  and  it  is  evident  that  he  did  not  place  much 
confidence  in  his  results. 

•  '  M^moires  de  I'lnstitat,*  vol.  26,  p.  526. 
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The  close  agreement  between  tHe  air  thermometer  experiments  of 
1887  and  the  present  series,  leads  ns  to  conclude  that  the  number 
above  given  is  probably  correct  to  a  tenth  of  a  degree,  and  that  it  maj 
be  safely  used  for  standardising  platinum  thermometers. 

The  method  which  we  recommend  for  standardising  platinum  ther- 
mometers  is  briefly  as  follows : — Observe  the  value  B,  of  the  resist- 
ance in  sulphur  vapour  in  an  apparatus  such  as  we  have  described. 
Calculate  the  value  of  ptg  by  the  formula 

pts  =  100  (R,-E^)/(Rioo-Ro)- 

Find  the  temperature  t  of  the  sulphur  vapour,  corresponding  to  the 
corrected  barometric  pressure  Hq,  from  the  formula 

t  =  444-63+0-082  (Ho-760). 

The  appropriate  value  of  B  is  then  given  by  the  equation 

t^pt  =  B  {tfmi^-tiioo}. 

"We  have  made  use  of  this  method  to  red  nee  the  results  given  in  a 
previous  communication,  "  On  the  Determination  of  some  Boiling 
and  Freezing  Points  by  means  of 'the  Platinum  Thermometer,"*  and 
we  find  that  the  values  of  t  deduced  from  the  observations  with 
several  thermometers  of  different  patterns  and  with  very  different 
coeflBcients,  are  in  remarkably  close  agreement.  The  results  found 
with  the  three  best  thermometers  «re  given  in  the  following  table  : — 

Table  of  Boiling  and  Freezing  Points  reduced  by  Formula  (d). 


Nature  of  experiment. 

Thermometers  used. 

Mean. 

E. 

P. 

G. 

B.p.  of  aniline   (760  mm.) 

„      naphthalene „ 

„      methyl  salicylate ....           „ 

H       benzophenone „ 

„      triphenyl  methane     (770  -8  mm.J 
„      mercury    (760  mm.) 

184-11 
217  -88 
222  -98 
805-82 
856-47 
356-74 

184-13 
217-96 
223-08 
306-87 

356  -82 

184  14 
217-98 

305-78 
356  -41 
356-71 

184-13 
217  -94 
223  03 
305-82 
356-44 
356-76 

Freezing  point  of  tin   

231 '66 
269  18 
320-70 
327  66 
417-55 

231-66 

231-73 
269-25 
320-66 
327  -71 
417-59 

231  -68 
269  '22 
320  -68 
827-69 
417-57 

bismuth 

„               cadmium 

lead   

..                sdnc  .................. 

The  fixed  points  given  in  the  above  have  not  been  so  carefully  de- 
termined as  the  boiling  point  of  sulphur.     They  rest  entirely  on  the 

•  See  Griffiths,  *  PhiL  Trans.,'  A,  1891. 


Digitized 


by  Google 


60  Mr.  Lydekker.     On  the  Generic  [Dec.  18, 

assumption  of  the  accaracy  of  the  d-formnla,  and  have  not  been 
directly  referred  to  the  air  thermometer.  We  believe,  however,  that 
they  are  probably  correct  to  0**'l  C,  and  that  they  may  be  safely  used 
to  standardise  thermometers  of  limited  range,  in  cases  where  it  may 
happen  to  be  inconvenient  to  make  nse  of  the  sulphur  point. 

In  comparing  the  platinum  and  air  thermometers  between  0°  and 
]00°  C.  observations  were  taken  at  intervals  of  f>^  all  the  way  up. 
The  mean  deviation  of  the  observations  from  the  parabolic  formula 
{d)  is  only  0"'006.  This  corresponds  to  the  limit  of  accuracy  of  the 
barometric  readings,  and  there  is  no  reason  to  suppose  that  the 
^-formula  may  not  represent  the  difference  even  more  closely  than 
this. 

The  same  platinum  thermometer  has  been  compared  with  several 
mercury  thermometers  standardised  at  Kew.*  The  result  seems  to 
show  that  the  Kew  standard  reads  0**1  C.  lower  than  our  air-ther- 
mometer  at  30''. 


II.  **  On  the  Generic  Identity  of  Scepamodon  and  Phascolomis,^^ 
By  R.  Lydekker,  B.A.  Communicated  by  Professor  W.  H. 
Flower,  C.B.,  F.R.S.    Received  November  19,  1890. 
[Platb  1.] 

In  the  year  1872,  Sir  Richard  Owen  described  and  figured  in  the 
*  Phil.  Trans. 't  two  imperfect  lower  jaws  of  a  large  extinct  Wombat, 
from  the  Pleistocene  of  Queensland,  under  the  name  of  Phascolomys 
(Phascolonus)  gig  as,  the  term  Phcucolonus  being  employed  in  a  sub- 
generic  sense.  The  species  Phascolomys  giga^,  it  should  be  observed, 
was  founded  by  the  same  writer  J  at  an  earlier  date,  upon  the  evidence 
of  a  detached  cheek-tooth.  Subsequently  Sir  Richard  Owen§  de- 
scnbed  and  figured  certain  imperfect  upper  incisors,  from  Queensland 
and  South  Australia,  characterised  by  their  peculiarly  flattened  and 
chisel-like  shape,  under  the  new  generic  name  Scepamodon,  which 
was  suggested  from  their  contour. 

In  cataloguing  the  fossil  Mammalia  in  the  collection  of  the  British 
Museum,  II  I  was  at  once  struck  by  the  circumstance  that,  while  the 
upper  incisors  of  the  so-called  Phascolomys  gigas  were  unknown,  there 
were  no  cheek-teeth  which  could  be  referred  to  Scepamodon,  and  it 
accordingly  occurred  to  me  that  the  two  might  prove  to  be  identical. 
Support  was  afforded  to  this  conjecture  by  the  following  circumstances : 
— 1st.  The  incisors  of  Scepamodon  agreed  fairly  well  in  relative  size 

•  Griffiths, '  Brit.  Assoc.  Report/  1890. 

t  Page  267,  PI.  3&— 38,  40. 

X  *  Encyclopaedia  Britannica,*  8th  ed.,  toL  17,  p.  175  (1859). 

§  •  Phil.  Trans.,'  1884,  p.  246,  PI.  12. 

II  '  Cat  Foss.  Mamm.  Brit.  Mus.,'  pt.  5,  pp.  157—159  (1887). 
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with  the  jawB  and  cheek-teeth  of  Fhascolomys  gigas,  2nd.  The  inci- 
sors of  Scepamodon  were  decidedly  of  a  Wombat-like  type,  differing 
mainly  from  those  of  existing  Wombats  by  their  large  size  and 
excessive  flattening  and  expansion.  3rd.  One  of  the  incisors  of 
Scepamodon  agreed  so  closely  in  the  structure  of  the  enamel,  and  the 
reddish  stains  upon  the  same,  with  an  upper  premolar  of  Fhascolomys 
gigasj  that  I  even  suggested  both  teeth  might  have  belonged  to  the 
same  individual  animal. 

As  the  result  of  the  above  it  was  concluded  that  the  teeth  described 
as  Scepo^modon  Ramsay  i  were  probably  the  upper  incisors  of  Fhascolomys 
gigasj  and  on  this  supposition  it  was  considered  that  the  latter  was 
generically  distinct  from  existing  Wombats,  and  it  was  accordingly 
entered  as  Fhascolonus  gigas  in  the  Museum  catalogue. 

Thus  the  matter  stood  till  a  short  time  ago,  when  I  visited  the 
Exhibition  of  the  Mineralogical  Products  of  New  South  Wales,  recently 
held  at  the  Crystal  Palace.  Among  the  specimens  exhibited  was  a 
small  collection  of  Mammalian  remains,  obtained  from  clay  beds, 
near  Miall  Creek,  in  the  neighbourhood  of  Bingera,  a  station  lying 
close  to  the  northern  border  of  New  South  Wales.  These  deposits, 
which  have  only  recently  been  brought  to  notice,  and  appear  to  be  full 
of  Mammalian  remains,  have  been  described  by  Mr.  W.  Anderson,  in 
the  '  Records  of  the  Geological  Survey  of  New  South  Wales.'^  All 
the  bones  from  these  beds  are  of  a  characteristic  pale-brown  colour, 
by  which  they  can  be  distinguished  at  a  glance  from  those  of  all  other 
Australian  deposits.  The  following  account  is  taken  from  Mr.  Ander- 
son's report,  in  order  to  give  an  idea  of  the  richness  of  these  ossiferous 
deposits.  This  writer  observes  that  "  several  tons  of  bones  were 
recovered,  but  the  majority  of  them  were  more  or  less  broken, 
although  many  perfect  specimens  were  procured.  Those  which 
occurred  most  frequently  in  the  deposit  were  the  long  bones  of  the 
limbs,  the  small  bones  of  their  distal  extremities,  and  vertebras,  and, 
as  a  rule,  these  were  also  the  most  perfect,  and  in  the  best  state  of 
preservation.  Bib  bones  were  rather  common,  but  were  mostly 
broken  into  short  fragments.  Of  the  vertebrse,  specimens  of  the 
axis  and  atlas  were  usually  found  entire,  both  in  the  case  of  those 
which  had  belonged  to  the  smaller  animals,  such  as  the  fi[aDgaroo 
{Macrapus)^  Ac,  and  also  to  the  larger  forms,  such  as  Biprotodon,  &c. 
Grenerally,  however,  only  the  bodies  of  the  other  vertebrsB  remained, 
the  spines  and  the  various  processes  having  been  broken  o£E.  Jaws, 
both  large  and  small,  occurred  frequently,  while  isolated  teeth  were 
very  abundant.  The  lower  jaws  of  the  larger  forms  were  more  fre- 
quently met  with  than  the  upper ;  indeed,  the  latter  were  rather  rare. 
When  they  did  occur,  however,  they  never  formed  part  of  an  entire 
cranium,  but  always  consisted  of  the  upper  maxillary  and  palatal 
•  VoL  1,  pp.  116—225  (1889). 
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bones  only,  the  rest  of  the  cranium  being  absent.  So  far  as  I  saw, 
there  was  no  specimen  that  conld  be  demonstrated  to  be  a  portion  of 
the  cranium  proper  of  one  of  the  larger  animals,  although  there  are 
undoubtedly  small  fragments  of  the  cranial  bones  among  the  collection, 
which  has,  however,  not  yet  been  thoroughly  examined.  The  bones 
of  the  pelvis  were  of  rare  occurrence,  fragments  of  the  thickest  part 
of  the  OS  innominatum,  about  the  rim  of  the  acetabulum,  being  the 
part  generally  met  with.  In  one  instance,  however,  a  very  large 
portion  of  the  pelvis  of  one  of  the  larger  animals  was  found,  consisting 
of  the  greater  part  of  one  os  innominatum,  and  the  sacrum.  Nearly 
perfect  specimens  of  large  scapulsd  were  in  a  few  cases  obtained, 
while  fragments  of  the  scapulas  of  smaller  animals,  generally  con  • 
sisting  of  the  articular  head  of  the  bone,  with  a  portion  of  the  neck 
and  the  coracoid  process,  the  blade  being  wanting,  were  of  frequent 
occurrence.  The  remains  of  birds,  although  by  no  means  common, 
were  often  met  with. 

"  There  can  be  little  doubt  as  to  the  comparative  age  of  this  ossi- 
ferous deposit.  From  the  presence  of  pebbles  of  Tertiary  basalt  and 
tachylite,  and  the  fact  that  the  whole  series  rests  upon  the  Tertiary 
basalt  of  the  district,  its  origin  is  certainly  of  post-Tertiary  date.  The 
thickness  of  the  series,  the  occurrence  in  the  deposit  of  angular,  as 
well  as  rounded  water- worn  pebbles,  together  with  the  relation  which 
the  whole  series  bears  to  the  general  level  of  the  country,  all  point  to 
the  supposition  that  it  more  probably  belongs  to  the  Pleistocene  than 
to  the  Recent  period.*' 

The  series  of  specimens  from  those  deposits  shown  in  the  Exhibition, 
which  may  be  taken  as  a  fair  sample  of  the  whole,  comprises  various 
remains  of  Procoptodon  (the  Macropus  of  Mr.  Anderson),  Diprotcdcn^ 
Nototherium,  molars  and  jaws  of  ^JuucolonuSy  and  a  large  number  of 
the  incisors  described  as  Scepamodon,  It  will  thus  be  apparent  that 
if  Scepamodon  were  a  distinct  genus,  it  would  be  represented  only  by 
upper  incisors,  while  ThcLscolonuB  would  be  equally  deficient  in  these 
teeth.  It  is  further  noteworthy  that  all  the  Mammalian  remains  in 
the  collection  appear  to  belong  to  extinct  genera,  there  being  no  evi- 
dence of  the  numerous  species  of  Macropus  and  Phascolomys^  which  are 
so  common  in  the  Pleistocene  of  Queensland.  This  feature  suggests 
that  the  Bingera  deposits  are  somewhat  older  than  those  of  the  area 
last  named. 

Seeing  what  an  important  bearing  the  remains  from  Bingera  have 
on  the  question  of  the  identity  of  Scepamodim  and  Fhascolonus^  I 
requested  permission  from  the  Commissioners  of  the  Exhibition  to 
borrow  some  of  the  specimens  so  named,  a  request  which  was  at 
once  most  courteously  acceded  to. 

In  due  course  I  received  from  the  Commissioners  part  of  the  right 
ramus  of  the  mandible  of  Fhascolonus^  together  with  three  imperfect 
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incisors  of  the  so-called  Scepamodon,  Of  these,  the  lower  jaw  and 
the  best  preserved  of  the  npper  incisors  are  figured  in  the  accompany- 
ing Plate. 

The  lower  jaw  (Plate  1,  figs.  2,  2a)  has  been  much  crushed, 
and  appears  to  have  belonged  to  an  individual  just  attaining  maturity. 
It  contains  the  third  and  fourth  molars  in  a  pei'fect  condition,  the 
second  molar  somewhat  damaged,  part  of  the  root  of  the  first  molar, 
and  the  base  of  the  incisor.  The  fragment  agrees  in  all  respects  with 
the  nearly  complete  ramus  figured  in  the  '  Phil.  Trans.'  for  1872, 
PI.  36,  37,  and,  like  the  latter,  shows  that  Fhaacolonus  differs  from 
living  Wombats  in  the  relatively  smaller  size  of  the  last  molar,  more 
especially  as  regards  its  second  lobe.  The  Queensland  specimen  also 
shows  that  the  mandibular  symphysis  of  the  extinct  form  was  much 
larger,  and  also  relatively  wider  at  its  anterior  extremity,  than  in 
Phascolomys.  These  features  alone  would,  perhaps,  be  sufficient  to 
justify  the  generic  separation  of  the  extinct  form  as  Phascolonus^  and 
the  great  width  of  the  anterior  part  of  the  symphysis  is  especially  . 
significant,  as  being  apparently  adapted  to  fit  with  the  wide  upper 
incisors  described  as  Scepamodon. 

The  fragment  of  the  upper  incisor  represented  in  figs.  1,  la,  belongs 
to  the  right  side,  and  accords,  closely  with  the  specimens  figured  in 
the  *Phil.  Trans.'  for  1884,  PI.  12,  as  the  types  of  Scepamodon, 
although  it  is  still  wider  than  either  of  those  examples.  The  cutting- 
edge  is  entire,  and  exhibits  the  same  oblique  bevelling  on  the  posterior 
surface  that  is  shown  in  two  of  the  specimens  figured  by  Sir  B.  Owen. 
Both  the  anterior  and  posterior  surfaces  are  covered  by  a  coating  of 
cement,  and  while  there  is  a  well-marked  layer  of  enamel  on  the  ante- 
rior surface,  on  the  opposite  aspect  this  element  is  either  totally 
wanting,  or  reduced  to  a  rudiment.  The  structure  and  colour  of  the 
cement,  enamel,  and  dentine  agree  in  all  respects  with  those  of  the 
molars  in  the  lower  jaw  of  Phascolonus^  and,  allowing  for  their 
greater  relative  width  and  flattening,  the  upper  incisors  accord  in 
proportionate  size  with  the  lower  molars,  as  deduced  from  a  compari- 
son with  a  recent  -Wombat. 

With  the  foregoing  circumstantial  evidence  before  us,  I  therefore 
venture  to  consider  that  we  are  now  justified  in  definitely  regarding 
the  so-called  genus  Scepamodon  as  based  upon  the  upper  incisors 
of  the  gigantic  extinct  Wombat  known  as  Phascolonus,  From  the 
great  width  of  the  upper  incisors  as  compared  with  the  lower  ones,  it 
is  pretty  evident  that  the  former  must  have  worked  somewhat 
obliquely  against  the  latter.  An  interesting  question  arises  as  to  the 
nature  of  the  food  which  these  excessively  wide,  and  apparently  fragile, 
chisel-like,  upper  incisors  were  adapted  to  cut ;  but  the  answer  to  this 
question  I  must  leave  to  those  intimately  acquainted  with  the  recent 
and  Pleistocene  flora  of  Australia. 
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DESCRIPTION  OF  PLATE  1. 

Bemains  of  Phatcolonus  gigcu. 

Figs.  1,  la. — ^Anterior  and  posterior  aspects  of  an  ImpeTfect  upper  incisor. 

Figs.  2,  2a. — Outer  and  oral  aspects  of  a  fragment  of  the  right  mandibular  ramus. 

m.  1,  m.  2,  m.  3,  m,  4,  molars ;  t,  incisor. 
All  the  figures  three-quarters  natural  size. 


III.  "  Contribution  to  the  Study  of  the  Vertebrate  Liver."  By 
Sheridan  Deli^pine,  M.B.  Edin.  Communicated  by  T. 
Lauder  Brunton,  M.D.,  D.Sc,  F.R.S.  Received  No- 
vember 20,  1890. 

(Abstract.) 

Preliminary  Bemarks. — The  following  observations  were  made  at 
the  end  of  last  year  in  the  conrse  of  an  investigation  totiching  the 
action  of  drugs  on  cellular  structure  carried  out  by  Dr.  Lander  Brunton 
and  myself,  for  the  Royal  Society. 

Arrangement  of  the  Hepatic  Columns  in  a  Classical  Liver  Lobule.— 
The  following  arrangement  is  visible  in  a  plane  perpendicular  to  the 
direction  of  the  terminal  vessels  occupying  the  centre  and  the  peri- 
phery of  such  a  lobule.  The  columns  of  cells  extend  radially  round 
the  hepatic  veins  only  in  the  direction  of  the  portal  veins,  that  is,  in 
three,  foar,  or  five  directions  at  most.  In  the  intermediate  region 
the  columns  present  a  typical  feathery  .arrangement.  The  line  from 
which  the  columns  diverge  will  be  called  hereafter  hepatic  line  of 
divergence,  A  similar  arrangement  is  found  around  the  terminal 
portal  veins,  giving  rise  to  what  I  call  portal  lines  of  divergence. 

Towards  the  portal  lines  of  divergence  the  columns  of  cells  become 
smaller  in  diameter,  and  join  each  other,  becoming  continuous  with 
narrow  tubes  lined  with  flat  epithelium  and  having  the  character  of 
intermediate  tubes.  These  narrow  channels  open  into  more  distinct 
terminal  bile  ducts. 

Arrangement  of  the  Bile  Canaliculi, — The  liver  columns  branch  from 
the  portal  lines  of  divergence  towards  the  hepatic  lines.  This 
branching  is,  however,  generally  obscured  by  lateral  anastomoses, 
but  it  becomes  more  evident  when  the  bile  canaliculi  are  distinct. 

Two  sets  of  bile  canaliculi  may  be  recognised : 

1.  The  m>ain  canaliculi,  occupying  the  axis  of  the  columns  of  cells 
and  becoming  comparatively  wide  in  the  portal  zone ;  it  is  the  branch- 
ing of  these  which  renders  that  of  the  columns  so  evident  in  some 
specimens. 

2.  The  lateral  canaliculi,  which  pass  between  the  cells  forming  the 
walls  of  the  main  canaliculi. 
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In  addition  to  these  two  sets  of  passages  an  intracellular  branched 
system  of  lacunoi  may  be  described  as  forming  the  rootlets  of  the 
canalicnli.  These  spaces  open  directly  into  the  canaliculi,  and  have 
been  previously  partly  described  by  Pfliiger  and  KupfEer. 

Description  of  a  True,  Secretory,  or  Frimary  Lobule. — From  what 
precedes  it  follows  that  the  liver  tnbes,  instead  of  being  grouped 
round  the  terminal  hepatic  veins,  are  distinctly  arranged  in  sTnall 
pyramidal  masses,  tohich  correspond  to  the  lobules  of  other  glands.  These 
lobules  are  composed  of  the  tubules  diverging  from  the  intermediate 
tubes  found  in  the  portal  line  of  divergence,  each  set  of  intermediate 
tubes  opening  into  a  terminal  bile  duct.  An  arrangement  somewhat 
analogous  had  already  (in  1882)  been  supposed  to  exist  by  Sabourrn, 
but  he  had  been  unable  to  discover  in  healthy  livers  what  he  believed 
to  exist  and  had  been  obliged  to  fall  back  upon  diagrammatic  repre- 
sentations which  are  not  altogether  correct. 

Development  of  the  Liver. — Eberth  and  other  observers  since  have 
recognised  that  the  embryonic  liver  is  composed  of  hypoblustic  tubes 
branching  in  a  mass  of  mesohlast.  This  being  common  to  the  liver 
and  all  other  glands  does  not  explain  the  differences  between  these 
organs.  Between  the  third  and  sixth  weeks  of  embryonic  life  (in 
man)  nearly  the  whole  of  the  mesoblastic  tissue  separating  the  hypo- 
blnstic  columns  becomes  transformed  into  embryonic  veins  full  of 
blood.  In  other  glands  only  a  small  part  of  that  tissue  becomes 
transformed  into  veins,  the  greater  part  remaining  in  the  shape  of 
interlobular  and  interlobar  tissue.  In  the  liver,  therefore,  the 
hepatic  veins  take  the  place  of  the  greater  part  of  the  stroma  of 
other  glands. 

It  is  only  around  the  oldest  hypoblastic  tubes  which  become  ulti- 
mately ducts,  and  at  the  periphery  of  the  organ,  that  a  little  meso- 
blastic tissue  becomes  transformed  into  fibrous  connective  tissue 
(Olisson's  capsule). 

Structwre  of  the  Hepatic  Cells. — The  mitoma  gives  unmistakable 
evidence  of  a  further  differentiation  of  parts  of  the  trabeculra  com- 
posing it.    These  trabeculaa  are  contractile. 

The  paramitoma  is  enclosed  in  the  meshes  formed  by  the  mitoma, 
and  is  the  chief  seat  of  the  anabolic  and  katabolic  changes  taking 
place  in  protoplasma.  The  products  thus  formed  probably  under  the 
influence  of  the  mitoma  accumulate  in  the  midst  of  the  paramitoma  ; 
when  soluble,  they  permeate  it ;  when  insoluble,  they  are  precipitated 
in  the  shape  of  drops  or  vacuoles,  globules,  granules,  crystals.  For 
these  products  only  the  name  of  Paraplasma  should  be  reserved. 

In  the  paraplasma  two  kinds  of  elements  may  be  recognised, 
namely : — (1)  those  resulting  firom  the  katabolic  process  of  the  cell 
or  other  tissues  (kataplasma),  e.g,,  bile  pigment;  (2)  those  result- 
ing from  the  (mabolic  processes  (anaplasma),  e.g.,  glycogen.     In  the 
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paramitoma  of  the  liver  cells  the  following  anaplastic  and  kataplastic 
products  may  be  demonstrated  easily : — serous  flnid  (vacuoles)  bile 
pigment,  pigment  containing  iron,  glycogen,  fat,  &c. 

[It  is  to  be  remembered  that,  soon  after  the  discovery  of  lobules  in 
the  pig's  liver  by  Wepfer  (1664),  Malpighi  (1666)  described  these 
lobules  as  being  appended  to  the  extremities  of  the  vessels  contained 
in  Glisson's  capsule.  Ferrein  (1749)  showed  that  the  liver,  like  other 
glands  of  the  body,  had  a  tubular  structure ;  but,  as  he  included  the 
spleen  among  the  tubular  glands,  it  may  be  doubted  whether  he  did 
more  than  generalise  on  the  basis  of  his  observations  on  the  kidney. 
Three  years  before  the  publication  of  Kieman's  paper,  Muller  seems 
to  havo  noticed  the  pinnate  arrangement  to  which  I  have  given  the 
name  of  **  portal  lines  of  divergence  ;*'  but  there  can  be  little  doubt  as 
to  the  general  acceptance  of  Kieman's  views  after  the  publication  of 
his  observations  in  1833  ('  Philosophical  Transactions ').  The  work 
of  Kieman  was  in  great  part  based  on  the  result  of  injections  through 
the  vessels. 

For  an  account  of  the  history  of  the  subject,  I  would  refer  the 
reader  to  Kieman's  admirable  paper,  in  which  a  great  many  points 
which  I  have  purposely  left  aside  will  be  also  found  mentioned. — 
Dec.  17, 1890.] 


IV.  **  On  certain  Conditions  that  modify  the  Virulence  of  the 
Bacillus  of  Tubercle."  By  Arthur  Ransome,  M.D.,  F.RS. 
Received  November  29.  1890. 

It  is  acknowledged  by  most  pathologists  that  tubercular  sputum, 
dried  up  and  broken  into  dust,  is  the  most  common  vehicle  by  which 
the  bacillus  of  tubercle  is  conveyed  into  the  body. 

But  it-8  power  for  evil  is  obviously  modified  by  a  multitude  of 
conditions,  some  of  them  inherent  in  the  animal  body  exposed  to 
infection,  others  due  to  external  influences.  Judging  fcom  the  facts 
relating  to  the  distribution  of  tubercular  disease,  its  incidence  in 
certain  localities,  and  especially  its  prevalence  in  badly  drained, 
badly  ventilated,  and  imperfectly  lighted  dwellings,  it  has  been 
surmised  that  the  three  chief  external  conditions  that  mitigate  the 
virulence  of  the  bacillus  are :  (1)  a  dry  soil  (2)  abundance  of  fresh 
air,  and  (3)  light. 

But  hitherto,  few,  if  any,  direct  experiments  have  been  made  to 
determine  the  extent  to  which  these  several  influences  possess 
mitigating  powers. 

It  is  true  that  Dr.  Candler,  in  his  work  on  the  Prevention  of  Con« 
sumption,  affirms  that  light  is  the  chief  agent  in  destroying  the 
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bacillary  vinus,  and  Professor  Koch,  in  his  address  to  the  Inter- 
national Congress  at  Berlin  this  year,  lends  the  weight  of  his  great 
authority  to  the  same  opinion ;  but,  in  neither  case,  is  any  proof  given 
of  the  truth  .of  this  view.* 

It  was  in  order  to  test  the  influence  of  light,  air,  and  dry  soils  upon 
the  viralence  of  the  bacillas  of  tubercle  that  the  following  series  of 
experiments  were  devised. 

It  was  decided  to  expose  tuberculous  sputum : — 

(a)  In  a  locality  (Bowdon)  where  the  soil  was  dry  and  sandy 
(about  100  feet  in  thickness)  and  where  very  few  cases  of  phthisis 
were  known  to  have  originated.  It  was  to  be  placed  in  full  daylight 
or  sanlight,  and  exposed  to  abundant  streams  of  freith  country  air. 

(6)  A  portion  of  the  same  sputum  would  be  exposed  under  similar 
conditions,  in  the  same  place,  with  the  exception  that  it  would  be  put 
into  a  darkened  chamber. 

(c)  A  third  portion  would  be  taken  to  a  small  four-roomed  tene- 
ment in  Manchester,  on  a  clay  soil,  without  cellarage — and  badly 
ventilated,  but  it  would  be  placed  on  the  window  ledge,  with  as  much 
light  as  could  there  be  obtained. 

((2)  A  portion  would  be  placed  in  the  same  cottage,  but  in  a  dark 
comer  of  a  sleeping  room  in  which  it  was  known  that  three  deaths 
from  phthisis  had  occurred  within  the  space  of  six  or  seven  years. 

(e)  Finally,  a  portion  would  be  exposed  to  used  air  coming  from 
a  ward  in  a  Consamption  Hospital,  in  Bowdon,  in  darkness.  These 
intentions  were  f  ally  carried  out. 

Two  collections  of  sputum  were  obtained : — 

A.  From  a  woman  dying  of  phthisis,  collected  on  April  25.  This 
specimen  contained  comparatively  few  baciUi. 

B.  Also  from  a  woman  in  an  advanced  stage  of  phthisis,  collected 
on  April  27.     This  sputum  contained  abundance  of  bacilli. 

Sputum  (A)  was  not  considered  to  be  very  suitable  for  the  purpose 
owing  to  the  sparseness  of  bacilli ;  but  it  was  decided  to  use  it  by 
way  of  control  experiment ;  owing  to  an  accident,  the  portions  exposed 
under  conditions  (c)  and  (d)  were  lost. 

These  collections  of  sputum  were  divided  into  portions  and  placed 
in  watch  glasses  marked  A.  1,  A.  2,  A.  8,  B.  1,  .  .  .  ,  B  10.  Some 
of  these  watch  glasses  were  exposed  without  further  arrangement, 
but  others,  where  there  might  be  a  possibility  of  infection,  were 
enclosed  in  cages,  so  arranged  that  air  conld  reach  them  through  a 

*  [Since  this  was  written,  I  have  learnt  that  Savitzky  has  ascertained  that 
phthisical  sputum,  exposed  **  at  the  ordinary  room  temperature,  and  generally  under 
all  common  life  conditions/'  retains  its  infectiousness  not  longer  than  2|  months, 
and,  other  conditions  being  equal,  a  sputum  dried  in  darkness  loses  its  infectious 
properties  within  the  same  period  as  a  sputum  exposed  to  light.  '  Med.  Chronicle,' 
Nov.  1890,  p.  117.] 
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thin  layer  of  cotton  wool,  one  kind  of  cage  being  constructed  of 
two  squares  of  glass,  supported  at  their  edges  hj  cork,  and  surrounded 
by  cotton  wool,  the  other  of  small  flasks  the  bottom  of  which  had 
been  cut  off,  and  the  lower  edge  resting  in  a  small  circular  tray  fitted 
with  wool,  the  months  of  the  flasks  being  also  loosely  stuffed  with  the 
wool. 

These  watoh  glasses  were  then  exposed  for  five  weeks  under  the 
conditions  already  noted,  commencing  on  April  29,  1890,  with  the 
exception  of  B.  9  and  10,  which  were  started  on  May  2.  Most  of 
the  specimens  were  withdrawn  on  June  8;  but  one,  B.  10,  was 
divided  on  May  13,  and  a  portion,  B.  10a,  was  introduced  into  a 
glass  bulb  and  exposed  for  several  minutes  each  day  to  a  current  of 
ozonised  oxygen. 

All  the  specimens  were  then  enclosed  in  a  box  and  forwarded  to 
the  Pathological  Laboratory,  Owens  College,  where  Dr.  Dreschfeld, 
the  Professor  of  Pathology,  had  kindly  undertaken  to  carry  out  the 
necessary  inoculations.  Owing  to  various  causes,  some  of  these 
operations  were  not  commenced  until  June  27,  1890,  others  until 
July  10.  The  animals  used  were  rabbits,  kept  under  favourable 
hygienic  conditions.  The  dried  sputum  was  mixed  with,  sterilised 
water,  to  form  a  pasty  mass,  and  this  was  inserted  into  the  sub- 
cutaneous tissue  of  the  back.  All  the  instruments  used  were  made 
thoroughly  aseptic. 

The  following  tables  give  : — 

(1)  The  conditions  of  exposure. 

(2)  The  date  of  inoculation. 

(3)  The  date  of  death,  by  killing  or  otherwise. 

(4)  Dr.  Dreschfeld's  report  upon  the  results  of  the  inocula- 

tion. 
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Table  I. — Influence  of  Dry  Soil,  Air,  and  Light. 


Ko.  of 
speci- 
men. 

Conditiona  of 
exposure. 

Dote  of 

1 
Dr.  Dreschfeld's  reports. 

Inocula- 
tion. 

Death. 

A.1 

A.2 

B.6 
B.7 

In    outdoor    stadio, 
Bowdon.    In   light 
and  free  ventilation 
in     flask     arrange- 
ment 

Ditto,    open    watch- 
glaM 

Ditto  in  cotton  wool 
cage 

Ditto  in   open    cage 
until  May  9,  then 
cotton  wool  added 

June  27 

July  10 

July  10 
July  10 

Killed 
Sept.  4 

Killed 
Sept.  4 

KiUed 
Sept  4 

Killed 
Sept  4 

Kabbit  in  good  condition; 
wound  completely  healed, 
cicatrix  of  wound  scarcely 
Tisible.  All  inf<erted  spu- 
tum completely  disap- 
peared,  only  a  few  pig- 
mented streaks  left,  no 
caseation ;  internal  organs 
healthy. 

In  good  condition ;  wound 
healed,  good  cicatrix,  no 
caseous  mass.  In  liver  a 
number  of  disseminated 
firmspots ;  microscopically, 
these  consisted  of  fibrous 
tissue ;  no  tubercle  bacilli 
found  in  them. 

In  good  condition ;  cicatrix 
healed,  no  trace  of  sputum 
left,  no  caseation  where 
sputum  had  been  inocu- 
lated, only  a  few  pig- 
mented streaks. 

Good  condition ;  cicatrix  per- 
fect, some  fibrous  indura- 
tion in  subcutaneous 
tissue  where  sputum  had 
been;  no  caseation;  inter- 
nal organs  healthy. 

r  •.: 
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Table  11. — Influence  of  Dry  Soil,  Air,  and  Darkness. 


No.  of 
speci- 


Conditions  of 
exposure. 


Date  of 


Inocula- 
tion. 


Death. 


Dr.  Dre8olifeld*8  reports. 


A.8 


B.8 


B.9 


In  darkened  photo- 
graphic room,  Bow- 
don,  in  watch-glass 


Ditto  in  cotton  wool 
cage 


June  27 


Killed 
Sept.  4 


Under  ward  of  Con- 
Bumptiye  Hospital 
in  full  Tentilation,  in 
darkness,  in  cotton 
wool  cage 


June  27 


July  10 


Died 
i  ug.  26 


Died 
Aug.  14 


Babbit  in  good  condition, 
small  caseous  mass  be- 
neath healed  wound;  all 
internal  organs  healthy. 
Microscopic  examination 
of  caseous  mass. — Q-ranu- 
lar  detritus,  no  tubercle 
bacilli. 

Moderately  emaciated ;  wound 
healed,  but  the  edges  sepa- 
rated on  pulling  the  skin 
at  the  sides.  In  the  sub- 
cutaneous tissue  beneath 
the  wound  a  few  yellowish, 
soft  spots,  about  the  sise 
of  pin-heads,  surrounded 
by  a  zone  of  hypersBmia. 
Internally  all  organs 
healthy,  no  signs  of  tuber- 
cle, right  heart  full  of 
blood,  left  heart  empty. 
Microscopic  examination 
of  the  yellow  spots  shows 
them  to  consist  of  granu- 
lar detritus  and  a  few 
granule  cells ;  no  tubercle 
bacilli  could  be  detected. 

Emaciated;  wound  healed 
under  a  scab,  a  thin  mass 
of  yellow  caseous  material 

i'ust  beneath  the  skin, 
leart  and  lungs  healthy ; 
kidneys  contained  a  num- 
ber of  small  cysts.  In  the 
caseous  mass  a  few  tuhercle 
bacilli  were  found. 
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Table  III.— Influence  of  Clay  Soil,  Bad  Air,  and  Light. 


No.  of 
speci- 


Conditiont  of 
exposure. 


Date  of 


Inooola- 
tion. 


Death. 


Dr.  Dreschfeld's  reports. 


B.  3 


B.4 


On  window-sill  of 
small  cottage  bed- 
room in  Ancoats. 
Flask  arrangement 


June  27 


Died 
Aug.  14 


Ditto  in  open  watch- 
glass 


July  10 


Died 
Aug.  9 


Large  rabbit ;  emaciated. 
Inoculation  wound  com- 
pletely healed,  flight  scab ; 
no  caseous  material  or  any 
signs  of  sputum.  Internal 
organs  healthy ;  one  white 
spot  found  on  surface  of 
liyer.  Microscopic  exami- 
nation of  this  showed  it  to 
consist  of  round  cells,  some 
with  one  nucleus  and 
others  which  were  poly- 
nuclear.  At  the  peripnery 
of  the  nodule,  fiorous 
tissue.  Sections  of  the 
nodule  showed  no  tubercle 
bacilli. 

Emaciated,  wound  at  back 
not  healed,  and  appeared 
slightly  sloughing  at  the 
borders.  Lungs  presented 
several  small  caseous  no- 
dules ;  pleura,  heart,  peri- 
toneum, liver  healthy. 
Tubercle  bacilli  found  in 
the  caseous  lung  nodules. 
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Table  IV. — Influence  of  Clay  Soil,  Bad  Air,  and  Darkness. 


No.  of 
speci- 
men. 

Conditions  of 
exposure. 

Date  of 

Dr.  Dreschfeld's  reports. 

Inocula- 
tion. 

Death. 

B.1 
B.  5 

On  dark  shelf  br  fire- 
place in  small  cot- 
tage    bedroom     in 
Ancoats.    Flask  ar- 
rangement 

Ditto  in  a  dark  comer 
near  the  bed.     In 
watch-glass 

June  27 
July  10 

Killed 
Sept.  4 

Killed 
Sept.  4 

Babbit  in  good  condition; 
wound  oompletelj  healed, 
no  caseation,  and  onlj  a 
small     pigmented      spot 
where   the    sputum    had 
been    deposited;    all    the 
internal  organs  healthy. 

Babbit  in  good  condition; 
cicatrix  where  the  wound 
was,    and    beneath    it    a 
caseous  mass  about  the  size 
of  a  bean.    Examined  mi- 
croscopioallj,    this     mass 
contained  tubercle  bacilli. 
Nothing  abnormal  in  any 
of  the  oigans. 

Table  V. — Influence  of  Dry  Soil,  Bad  Air,  and  Darkness 


No.  of 
speci- 
men. 

Conditions  of 
exposure. 

Date  of 

Dr.  Dreschfeld's  reports. 

Inocula- 
tion. 

Death. 

B.IO 

Cotton  wool  cage,  in 
yentilating       shaft 
from  waid  of  Con- 
sumption   Hospital 
for  ten  days,  then 
placed    on    top    of 
bookcase  in  sitting- 
room 

July  10 

Died 
Aug.  14 

Emaciated;  wound  healed 
under  a  scab.    A  yellow 

•  caseous  mass  about  the  sixe 
of  a  small  pea  beneath  the 
scab.  The  lirer  presented 
a  few  yellowish  nodules; 
all  the  other  organs  sound. 
In  the  caseous  mass  a  few 
tubercle  bacilliwere found  g 
none  in  the  lirer. 

B.IO 

A  portion  of  the  aboTC 
was  taken   on   the 
tenth  day  and  ex- 
posed to  a  current  of 
ozonised  oxygen  for 
a  few  minutes  daily 
for  a  fortnight 

July  10 

Killed 
Sept.  4 

Babbit  fairly  well  nourished ; 
cicatrix  quite  healed,  no 
trace  of  inoculated  matter, 

In  the  left  lung  one  firm 
nodule;  this  wan  carefully 

and  showed  no  baoilii.  It 
was  apparently  only 
thickened  pleura. 
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It  will  be  seen  tliat  none  of  tlie  four  specimens  of  sputum  exposed 
to  fresh  air  and  light  on  a  dry  soil  conveyed  the  disease,  but  one  of 
the  three  portions  exposed  under  similar  conditions  in  darkness  pro- 
duced tubercle. 

Of  the  two  exposed  in  the  cottage  in  Ancoats  in  the  light  one 
produced  tubercle,  and  of  the  two  specimens  exposed  in  the  same 
place,  in  comparative  darkness,  one  caused  tubercle,  the  other  did 
not. 

Lastly,  the  specimen  placed  in  the  ventilating  shaft  from  a  ward  in 
the  Consumption  Hospital,  Bowdon,  on  a  dry  soil,  conveyed  the 
disease,  tmd  the  portion  removed  from  it  after  ten  days  and  exposed 
to  the  action  of  ozonised  oxygen  did  not  produce  tubercle. 

These  experiments  are  too  few  in  number  to  justify  the  statement 
of  positive  conclusions,  but,  so  far  as  they  extend,  they  go  to  prove 
that  fresh  air  and  light  and  a  dry  sandy  soil  have  a  distinct  in- 
fluence in  arresting  the  virulence  of  the  tubercle  bacillus  ;  that 
darkness  somewhat  interferes  with  this  disinfectant  action ;  but  that 
the  mere  exposure  to  light  in  otherwise  bad  sanitary  conditions  does 
not  destroy  the.  virus.  There  are  also  some  indications  that  the 
presence  of  a  cotton  wool  envelope  may  interfere  somewbat  with  the 
action  for  good  or.  evil  of  both  good  and  bad  air  respectively. 

Further  observations  are  now  being  made  with  sputum  exposed  by 
Professor  Tyndall  at  Bel  Alp,  Switzerland,  in  light  and  darkness, 
each  kind  for  10  days  and  14  days  respectively,  and  compared  witb 
the  same  sputum  exposed  in  the  same  cottage  in  Ancoats. 

The  pathological  results  of  these  specimens  have  not  yet  been  made 
out.     The  results  will  be  given  in  a  future  note. 

Tbe  Society  adjourned  over  the  Christmas  Recess  to  Thursday, 
January  8th,  1891. 
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New   York: — American   Geographical    Society.  Bulletin.    Vol. 

XXII.    Nos.  2-3.    8vo.     New  York  1890.  The  Society. 


Observations  and  Beports. 
Edinburgh: — Royal    Observatory.     Circular.     Nob.  10-11.     4to. 
[Sheet.]     1890.  The  Observatory. 

Hongkong: — Observatory.     Tables  of  Hourly  Readings  of  Tides 
in  1887  and  1888.     Folio.     lEongkong']  1890. 

The  Observatory. 

Kiel: — Commission    zur    TTntersuchung    der    Deutschen   Meere. 

Ergebnisse  der   Beobachtungsstationen.    Jahrg.  1889.     Heft 

1-9.     Obi.  4to.    Berlin  1890.  The  Commission. 
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Idgicas.     1886.     8vo.    Madrid  1890;   Observaciones  Meteoro- 
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Oxford: — ^RadclifPe  Observatory.     Results  of    Astronomical    and 

Meteorological  Observations.    1886.    8vo.     Oicford  1890. 
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Paris: — Bureau  des  Longitudes.    Annales.    Tome  IV.    4to.    Faris 
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1890;  Annuaire  pour  TAn  1890.     12mo.     Paris. 
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U.S.   Geological   Survey.     Monographs.    Vol.  XV   (Text   and 

Plates).      3   vols.     4to.     Washington   1889;    Eighth  Annual 

Report.    1886-87.    Parts  1—2.    4to.     Washington  1889. 
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Wellington : — ^New  Zealand  Institute.     Transactions  and  Proceed- 
ings.    1889.     8vo.     Wellington  1890.  The  Institute. 
Wiirzburg : — Physikalisch-Medicinische   Gesellschaft.      Sitzungs- 
berichte.     Jahrg.  1890.     Nos.  1-7.     8vo.     Wurzhurg;   Ver- 
handlungen.     Bd.  XXIV.    Nos.  1-6.     8vo.     Wurzhurg  1890. 
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January  8,  1891. 

Lieut  -General  STRACHEY,  R.E.,  Vice-President,  in  the  Chair. 

The  Presents  received  were  laid  on  the  tahle,  and  thanks  ordei*ed 
for  them. 

The  following  Papers  were  read : — 

1.  "  On  the  Minute  Structure  of  the  Muscle-columns  or  Sarco- 
styles  which  form  the  Wing  Muscles  of  Insects.  Pre- 
liminary Note."  By  E.  A.  Sohafer,  P^.R-S.  Received 
December  15, 1890. 

[Publication  deferred.] 


II.  "  On  the  Minute  Sti-ucture  of  Striped  Muscle,  with  Special 
Reference  to  a  New  Method  of  Investigation,  by  means  of 
*  Impressions '  stamped  in  Collodion."  By  John  Berrt 
Haycraft.  M.D.,  D.Sc,  F.R.S.E.  Communicated  by  Dr. 
Klein,  F.R.S.  (From  the  Physiological  Laboratory,  Univ. 
Edin.)     Received  January  2,  1891. 

[Pablication  deferred.] 


III.  "  On  the  Reflection  and  Refraction  of  Light  at  the  Surface 
of  a  Magnetised  Medium."  By  A.  B.  Basset,  M.A.,  F.R.S. 
Received  December  17,  1890. 

(Abstract.) 

The  object  of  the  present  paper  is  to  endeavour  to  ascertain  liow 
far  the  electromagnetic  theory  of  light,  as  at  present  developed,  is 
capable  of  giving  a  theoretical  explanation  of  Dr.  Kerr's  experiments* 
on  the  efFect  of  magnetism  on  light. 

In  the  first  series  of  experiments,  polarised  light  was  reflected  from 
the  polished  pole  of  an  electromagnet,  so  that  the  lines  of  magnetic 
force  were  perpendicnlar  to  the  reflecting  surface ;  and  in  the  second 

•  '  PhiL  Mag.;  Maj,  1S77,  and  March,  1S78. 
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series,  the  light  was  reflected  from  a  polished  plate  of  soft  iron  laid 
upon  the  poles  of  a  horseshoe  electromagnet,  so  that  the  lines  of 
magnetic  force  were  parallel  to  the  reflecting  surface.  In  both 
series  of  experiments,  it  was  found  that,  when  the  circuit  was  closed, 
so  that  the  reflector  became  magnetised,  the  reflected  light  exhibited 
certain  peculiarities,  which  disappeared  when  the  current  was  off.  It 
was  also  found  that  the  effects  of  magnetisation  were,  in  most  cases, 
reversed  when  the  direction  of  the  magnetising  current  was  reversed  ; 
that  is  to  saj,  if  the  intensity  of  the  reflected  light  was  strengthened 
bj  a  right-handed  current,  it  was  weakened  by  a  left-handed  one. 

In  these  experiments,  a  metallic  reflector  was  employed,  and  con- 
sequently the  results  were  complicated  by  the  influence  of  metallic 
reflection ;  it  therefore  seems  hopeless  to  attempt  to  give  a  complete 
theoretical  explanation  of  these  experiments  until  a  satisfactory 
electromagnetic  theory  of  metallic  reflection  has  been  discovered ;  and 
this,  I  believe,  has  not  yet  been  done. 

There  are,  however,  several  non-metallic  substances  (such  as  strong 
solutions  of  certain  chemical  compounds  of  iron),  which  are  capable, 
when  magnetised,  of  producing  an  effect  upon  light ;  and  the  theore- 
tical explanation  of  the  magnetic  action  of  such  substances  upon 
light  is  accordingly  free,  from  the  difficulties  surrounding  metallic 
reflection.  I  have  accordingly,  in  the  present  paper,  attempted  to 
develop  a  theory  which  is  applicable  to  such  media. 

The  theory,  which  is  due  to  Professor  Rowland,  is  founded  upon  the 
following  considerations  :— 

It  was  proved  by  Hall*  that,  when  a  current  passes  through  a  con- 
dactor  which  is  placed  in  a  strong  magnetic  field,  an  electromotive 
force  is  produced,  whose  intensity  is  proportional  to  the  product  of 
the  current  and  the  magnetic  force,  and  whose  direction  is  at  right 
angles  to  the  plane  containing  the  current  and  the  magnetic  force. 
Professor  Bowlandf  has  assumed  that  this  result  holds  good  in  a 
dielectric  which  is  under  the  action  of  a  strong  magnetic  force ; 
accordingly  the  general  equations  of  electromotive  force  become 

P=-f-C(7^-^A)-g^ W. 

where  «,  /9,  7  are  the  components  of  the  external  magnetic  force,  and 
C  is  a  constant  which  depends  upon  the  physical  constitution  of  the 
medium. 

Writing  P|  =  Ca,  &c.,  it  follows  that,  if  the  medium  is  isotropic, 
the  equations  of  electric  displacement  are  of  the  form 

•  '  Phil.  Mag.,'  March,  1880. 
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The  boundary  conditions  are  :  continuity  of  magnetic  induction  and 
electric  displacement  perpendicular  to  the  reflecting  surface,  the 
latter  of  which  is  equivalent  to  continuity  of  magnetic  force  perpen- 
dicular to  the  plane  of  incidence  ;  continuity  of  magnetic  force  along 
the  line  of  intersection  of  the  plane  of  incidence  with  the  reflecting 
surface ;  continuity  of  the  rate  at  which  energy  flows  across  the 
reflecting  surface.  Now  the  refracted  light  consists  of  two  waves, 
circularly  polarised  in  opposite  directions,  and  the  reflected  light  is 
elliptically  polarised;  we  have,  therefore,  four  equations  to  determine 
the  amplitudes  of  the  two  refracted  waves,  and  the  amplitudes  of  the 
two  components  of  the  reflected  wave. 

The  results  of  the  paper  agree  with  Dr.  Ken*'s  experiments  in  the 
following  particulars : — 

(i.)  The  reflected  light  is  elliptically  polarised. 

(ii.)  When  the  magnetisation  is  parallel  to  the  reflecting  surfaoe, 
no  effect  is  produced  when  the  incidence  is  normal,  or  when  the  plane 
of  incidence  is  perpendicular  to  the  direction  of  magnetisation. 

(iii.)  When  the  plane  of  incidence  is  parallel  to  the  direction  of 
magnetisation,  and  the  light  is  polarised  in  the  plane  of  incidence, 
the  magnetic  term  increases  from  grazing  incidence  to  a  maximum 
value,  and  then  decreases  to  normal  incidence. 

The  principal  point  of  disagreement  is,  that  in  all  cases  the  inten- 
sity of  the  reflected  light  is  unchanged  when  the  direction  of  the 
magnetising  current  is  reversed. 

I  do  not  think  that  the  results  of  the  theory  can  be  considered 
altogether  unsatisfactory,  since  they  certainly  explain  some  of  Dr. 
Kerr's  experimental  results ;  and  I  am  disposed  to  think  that  the 
disagreement  is  due  to  the  disturbing  influence  of  metallic  reflection. 
At  the  same  time,  the  question  is  one  which  can  only  be  decided  by 
experiment,  and  it  is  therefore  most  desirable  that  experiments  on 
magnetised  solutions  should  be  made. 


IV.  "  Further  Contributions  to  the  Metallurgy  of  Bismuth.'* 
By  Edward  Matthey,  F.S.A.,  F.O.S.,  Assoc.  Roy.  Sch. 
Mines.  Communicated  by  Sir  G.  G.  STOKES,  Bart,  F.R.S. 
Received  December  22,  181)0. 

In  October,  1887, 1  read  a  paper  before  tfie  Royal  Society*  upon 
a  new  method  which  I  incidentally  discovered  while  working  with 
a  view  to  separate  copper  from  bismuth,  by  fusion  with  bismuth 
sulphide. 

•  '  Eoy.  Soo.  Proc./  rol.  48,  p.  172. 
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I  stated  in  this  paper  that  bismuth  **  frequently  contains  a  small 
proportion  of  copper,  an  element  most  detrimental  even  in  small 
traces,  aud  hitherto  only  eliminated  by  a  wet  process,  costly  in  prac- 
tice and  tedious  in  operation.  It  is  necessary  by  such  method  to 
dissolve  up  the  whole  of  the  alloy,  and  precipitate  the  bismuth  in  the 
usual  manner — a  bulky  operation,  and  one  requiring  a  considerable 
amount  of  time.  It  became  therefore  advisable,  in  order  to  treat 
cupriferous  bismuth  rapidly  and  upon  a  commercial  scale,  to  effect 
this  separation,  if  possible,  by  means  of  a  dry  process.*' 

In  further  researches  in  the  metallurgy  of  this  interesting  metal, 
a  case  was  found  in  which  bismuth  contained  a  very  small  proportion 
of  copper,  under  0*5  per  cent.,  but  sufficient  to  render  the  metal  uhc- 
less,  and  in  fact,  to  destroy  those  characteristic  properties  upon  which 
its  industrial  applications  depend. 

Instead  of  treating  this  cupriferous  bismuth  by  fusion  with  bis- 
muth sulphide,  which  necessitates  a  temperature  sufficiently  elevated 
to  bring  about  a  complete  fusion  of  the  bismuth  sulphide,  and  conse- 
quently, unless  very  great  care  be  taken,  great  loss  by  volatilisation 
of  bismuth,  it  occurred  to  me  to  fuse  the  alloy,  and,  at  a  temperature 
a  little  above  its  melting  point,  to  add  a  small  proportion  of  sodium 
monosulphide.  The  mass  was  then  stirred  well,  so  as  to  bring  every 
portion  of  the  fused  alloy  into  contact  with  the  fused  sulphide. 

After  about  one  hour's  stirring,  a  test  was  made  of  the  molten 
metal,  and  it  was  found  that  the  amount  of  copper  in  it  was  very 
considerably  decreased. 

By  skimming  o£E  the  film  of  scoria  which  had  risen  to  the  surface, 
adding  a  further  small  proportion  of  the  sodium  monosulphide,  and 
continuing  the  operation  of  stirring,  every  trace  of  copper  was 
eliminated,  and  the  bismuth  so  freed  from  copper  rendered  in  every 
way  suitable  for  industrial  use. 

The  first  experiment  was  made  upon  a  quantity  of  105  kilograms, 
which  yielded  94  kilograms  of  bismuth  free  from  copper,  and  about 
II  kilograms  of  skimmings  containing  the  whole  of  the  copper,  their 
bismuth  contents  of  course  being  available  for  reduction  with  further 
and  larger  quantities  of  skimmings  as  they  accumulated. 

This  process  has  been  repeated  upon  very  considerable  quantities 
of  cupriferous  bismuth,  and  has  proved  to  be  successful. 

This  question  of  keeping  the  temperature  low  is  of  much  import- 
ance, for  the  lower  the  temperature  the  less  tendency  there  is  for  the 
bismuth  to  volatilise,  and  as  it  is  necessary  to  obtain  the  bismuth 
free  from  traces  of  impurity,  which  entirely  change  its  nature,  it  will 
be  seen  that  any  improvement  in  manipulation,  or  in  the  process 
itself,  which  enables  pure  metal  to  be  obtained  possesses  much 
interest. 
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January  15, 1891. 

Sir  WILLIAM  THOMSON,  D.C.L.,  LL.D.,  President,  in  the  Chair. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered 
for  them. 

The  following  Papers  were  read : — 

I.  "  On  the  Rate  of  Propagation  of  the  Luminous  Discharge 
of  Electricity  through  a  Rarefied  Gas."  By  J.  J.  THOM- 
SON, M.A.,  F.R.S.,  Cavendish  Professor  of  Experimental 
Physics,  Cambridge.     Received  January  2,  1891. 

Though  the  determination  of  the  velocity  of  propagation  of  the 
laminosity  which  accompanies  the  electric  discharge  through  gases 
might  well  be  expected  to  throw  considerable  light  on  the  means  by 
which  the  discharge  is  effected,  as  far  as  I  can  find,  no  attempts 
seem  to  have  been  made  in  this  direction  since  Wheatstone,  in  1835, 
observed  the  appearance  presented  in  a  rotating  mirror  of  the  dis- 
charge through  a  vacuum  tube  6  feet  long;  he  concluded  from  his 
observations  that  the  velocity  with  which  the  flash  went  thiY)ugh  the 
tube  could  not  have  been  less  than  2x10?  cm.  per  second.  This 
very  great  velocity  does  not  seem  to  be  accompanied  by  a  corre- 
spondingly large  velocity  of  the  luminous  molecules,  for  von  Jahn 
(Wiedemann's  *Annalen,*  vol.  8,  1879,  p.  675)  has  shown  that  the 
lines  of  the  spectrum  of  the  gas  in  the  discharge  tube  are  not  dis- 
placed by  as  much  as  1/40  of  the  distance  between  the  D  lines  when 
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the  line  of  sight  is  in  the  direction  of  the  discharge  tnbe.  It  follows 
from  this,  by  Doppler's  principle,  that  the  particles  when  emitting 
light  are  not  travelling  in  the  direction  of  the  discharge  at  the  rate  of 
more  than  a  mile  a  second,  proving  at  any  rate  that  the  luminosity 
does  not  consist  of  a  wind  of  luminous  particles  travelling  with  the 
velocity  of  the  discharge. 

Wheatstone's  observations  only  give  an  inferior  limit  to  the  velocity 
of  the  discharge.  Nothing  was  observed  in  these  which  indicated 
that  the  velocity  of  discharge  was  finite.  A  method  which  would 
enable  us  to  measure  this  velocity  woald  also  at  the  same  time  show 
whether  the  discharge  always  started  from  the  positive  or  negative 
end  of  the  tube,  and  so  enable  ns  to  trace  the  course  of  the  dis- 
charge. 

In  the  following  experiments  I  have  endeavoured  to  measure  this 
velocity,  and  also  to  ascertain  whether  the  main  discharge  starts  from 
the  anode  or  the  cathode.  The  long  tubes  used  in  my  experiments 
were  practically  filled  by  the  positive  colamn ;  thns  in  the  tube  50  feet 
long  the  positive  column  extends  to  within  an  inch  or  two  of  the 
cathode.  All  the  experiments  described  below  relate  to  the  behaviour 
of  the  positive  column. 

Pliicker  (Poggendorff's  '  Annalen,'  vol.  107,  1859,  p.  89)  concludes 
from  the  action  of  a  magnet  on  the  discharge  that  it  starts  from  the 
anode.  This  conclusion  does  not  seem  to  have  met  with  much  accept- 
ance ;  my  experiments,  however,  fully  bear  it  out,  as  I  find  that,  except 
under  exceptional  circumstances,  which  will  be  described  later,  the 
luminosity  of  the  positive  column  begins  close  to  the  anode  and 
travels  away  from  it. 

The  experiments  for  measuring  the  velocity  of  the  luminous  column 
were  after  several  preliminary  trials  finally  arranged  in  the  following 
way.  ABCDEFG  . . . .  L  (fig.  1)  is  a  glass  tube  abont  15  metres  long 
and  5  mm.  in  diameter,  which,  with  tlie  exception  of  two  horizontal 
pieces  of  BC  and  OH,  is  covered  with  lamp  black;  this  tnbe  is  ex- 
hausted, and  a  current  sent  through  it  from  a  coil  giving  sparks  6  or 
7  inches  long  in  air ;  the  light  from  the  uncovered  portions  falls  on  a 
rotating  mirror  MN,  placed  at  a  distance  of  abont  6  metres  from  BG  ; 
the  light  from  OH  falls  on  the  rotating  mirror  directly,  that  from  BC 
after  reflection  from  the  plain  mirror  P.  The  images  of  the  bright 
portions  of  the  tube  after  reflection  from  the  revolving  mirror  are 
viewed  through  a  telescope,  and  the  mirrors  are  so  arranged  that  when 
the  revolving  mirror  is  stationary  the  images  of  the  bright  por- 
tions of  the  tube  appear  as  portions  of  the  same  horizontal  straight 
line.  The  terminals  of  the  long  vacuum  tube  are  pushed  through 
mercury  up  the  vertical  tubes  AB,  KL.  This  arrangement  was  adopted 
because  by  running  sulphuric  acid  up  these  tubes  the  terminals  could 
readily  be  changed  from  pointed  platinum  wires  to  flat  liquid  sur- 
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faces,  and  the  effect  of  very  different  terminals  on  the  velocity  and 
direction  of  the  discharge  readily  investigated.     The  hnlbs  in  these 
vertical  tnbes  were  also  found  very  nsef al  as  receptacles  for  sulphuric . 
acid  for  drying  the  gas  left  in  the  tube. 

The  revolving  mirror  was  driven  at  a  speed  varying  from  400  to 
500  per  second  by  a  Gramme  machine  through  which  the  current 
from  twelve  large  storage  cells  was  sent.  The  mirror  first  used  was 
mounted  on  ball  bearings  such  as  are  used  for  bicycles ;  the  axle  had, 
however,  too  much  play,  and  it  was  eventually  discarded  for  one  made 
by  the  Cambridge  Scientific  Instrument  Company,  and  designed  by 
Mr.  Bartlett,  the  assistant  at  the  Cavendish  Laboratory.  It  is  repre- 
sented full  size  in  fig.  2.  The  spindle  carrying  the  mirror  M  runs  on 
parallel  bearings  in  the  uprights  A,  A.  The  ends  of  the  spindle  are 
rounded,  hardened,  and  polished,  and  are  in  Ime  with  but  just  do  not 
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Fig.  2. 

A  1^       ^ 

«.£'.»      Ml        A    ~~^  nr 

S 


Flan  of  BevolyiDg  Mirror. 


Upper  halves  of  Bearings,  A,  carrying  Oil  Cup 
removed. 


touch  two  set  screws,  S,  S,  whose  ends  are  also  rounded,  hardened,  and 
polished.  Directly  beneath  the  end  of  each  axle  is  a  cavity,  C,  which 
serves  to  hold  the  oil  running  down  from  oil  cups  placed  immediately 
above.  This  arrangement  was  fonnd  to  lubricate  so  well  that  there 
was  no  appreciable  heating  even  after  long  runs.  The  spindle  is 
made  from  square  steel,  the  ends  being  turned  down,  and  against  two 
opposite  sides  of  the  square  centre  portion,  clutches  E,  E,  for  holding 
the  mirror  M,  are  fastened.  The  whole  is  accurately  balanced.  The 
bearings  are  attached  to  a  heavy  iron  casting,  which  is  firmly  bolted 
down  to  a  heavy  piece  of  masonry.  * 

In  order  to  get  a  sufficiently  rapid  rotation  of  the  revolving  mirror 
the  Gramme  had  to  be  geared  up.  This  was  done  by  means  of  pulleys 
mounted  on  ball  bearings. 

A  great  many  arrangements  were  tried  in  order  to  break  the 
primary  circuit  of  the  coil,  when  the  mirror  was  in  such  a  position 
that  the  images  of  the  luminous  part  of  the  tube  would  be  reflected  by 
it  into  the  telescope;  after  a  great  deal  of  time  had  been  spent  over 
these  they  were  all  g^ven  up.  The  reason  why  they  will  not  work  is 
pretty  clear.  The  coil  will  not  work  when  the  primary  circuit  is 
broken  anything  like  so  often  as  500  times  a  second,  so  that  if  the 
primary  is  to  be  broken  by  the  mirror  there  must  be  very  considerable 
gearing  down  between  the  miiTor  and  the  break,  in  other  words,  the 
mirror  can  be  moved  through  a  very  considerable  angle  without 
moving  the  break  through  more  than  a  very  small  distance,  but  almost 
the  smallest  possible  movement  of  the  mirror  is  sufficient  to  send  the 
images  out  of  the  field  of  view ;  and  it  was  found  impossible  to 
diminish  the  play  between  the  mirror  and  the  break  to  such  an  extent 
as  to  ensure  that  at  a  high  rate  of  rotation  the  break  took  place  syn- 
chronously with  the  requisite  position  of  the  mirror.  The  method 
finally  adopted  was  the  primitive  one  of  using  an  independent  mercury 
break  driven  by  a  small  Thirlmere  water  motor,  and  patiently  looking 
through  the  telescope  until  the  break  happened  to  occur  just  at  the 
right  moment.  This,  though  a  somewhat  lengthy  proceeding,  was 
not  found  in  practice  to  be  any  longer  than  when  synchronism  be- 
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tween  the  break  of  the  coil  and  the  position  of  the  mirror  was 
attempted  by  artificial  means. 

When  the  observations  were  made  in  this  waj,  the  observer  at  the 
telescope  saw,  on  an  average  about  once  in  fonr  minutes,  sharp  bright 
images  of  the  portions  BG  and  OH  of  the  tube,  not  sensibly 
broadened,  bnt  no  longer  quite  in  the  same  straight  line ;  the  relative 
displacement  of  these  lines  was  reversed  on  reversing  the  coil,  and  also 
on  reversing  the  direction  of  rotation  of  the  mirror.  These  bright 
images  are  not  the  only  ones  observed  through  the  telescope;  ill- 
defined  and  widened  images  were  much  more  frequent;  sometimes 
these  were  widened  out  so  as  to  fill  the  whole  field  of  view  with  a 
luminous  haze,  at  others,  the  images  appeared  as  broad  bands,  the 
boundaries  of  these  bands  not  being  in  the  same  straight  line ;  these 
images  indicate  a  discharge  lasting  for  a  very  much  longer  time  than 
that  which  produced  the  bright  sharp  images  which  were  the  object 
of  our  attention.  When  these  sharp  images  were  very  bright,  it 
could  be  distinctly  seen  that  they  were  striated. 

The  displacement  of  the  images  from  the  same  straight  line  is  due 
to  the  finite  velocity  with  which  the  luminosity  is  propagated ;  for  if 
the  mirror  can  turn  through  an  appreciable  angle  while  the  luminosity 
travels  from  BC  to  GH,  or  vice  versdy  these  images  of  BC  and  GH,  as 
seen  in  the  telescope  after  reflection  from  the  revolving  mirror,  will 
no  longer  be  in  the  same  straight  line,  but  if  the  mirror  is  turning  so 
that,  on  looking  through  the  telescope,  the  images  seem  to  come  in  at 
the  top  and  go  out  at  the  botton  of  the  field  of  view,  the  image  of 
that  part  of  the  tube  at  which  the  luminosity  appears  first  will  be 
raised  above  that  of  the  other.  If  we  know  the  rate  of  rotation  of  the 
mirror,  the  vertical  displacement  of  the  images  and  the  distance 
between  BG  and  GH,  the  rate  of  propagation  of  the  luminosity  may  be 
calculated.  The  observations  were  made  in  the  following  way  : — The 
tabe  having  previously  been  properly  dried  and  exhausted,  so  that  the 
discharge  would  pass  freely  through  it,  one  observer  took  his  seat  at  the 
telescope,  the  room  was  then  darkened,  and  the  coil  set  in  action  by 
another  observer,  the  observer  at  the  telescope  not  knowing  which  of 
the  electrodes  was  positive  and  which  negative ;  the  mirror  was  then 
set  in  rotation,  and  about  once  in  four  minutes,  on  an  average,  the 
observer  at  the  telescope  saw  the  bright  sharp  images  alluded  to 
above.  When  the  observer  had  seen  two  or  three  of  tliese,  he  stated 
whether  they  were  very  bright,  fairly  bright,  or  indistinct;  which 
image  was  the  higher,  and  by  how  much.  The  distatice  between  the 
images  was  estimated  in  terms  of  the  apparent  distance  between  the 
divisions  of  a  vertical  millimetre  scale  placed  at  GH  when  seen 
through  the  telescope ;  the  scale  ^vas  not  seen  at  the  same  time  as  the 
image  of  the  tube,  so  that  the  observation  cannot  claim  any  great 
accuracy ;  different  observers  agree,  however,  under  the  same  circnm- 
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stances  to  within  25  per  cent,  and  it  is  probable  tbat,  in  our  present 
Rtato  of  knowledge  about  the  discharge  of  elecfcricitj  through  g^ases, 
the  points  of  most  importance  can  be  settled  by  a  somewhat  rough 
determination  of  the  velocity  of  propagation. 

Some  hundreds  of  observations  were  made,  and  in  every  case  in 
which  the  observer  declared  the  images  to  be  very  bright,  and  in 
every  case  but  one  in  which  the  images  were  declared  to  be  fairly 
bright,  the  displacements  (if  there  was  not  a  very  large  air  break  in 
the  circuit)  corresponded  to  the  luminosity  travelling  from  the 
positive  to  the  negative  electrode.  When  AB  was  the  negative 
electrode,  the  luminous  discharge  arrived  at  OH,  a  place  about 
25  feet  from  the  positive  electrode,  before  it  reached  BC,  which  is 
only  a  few  inches  from  the  cathode,  and  as  the  interval  between  its 
appearance  at  these  places  was  about  the  same  as  when  the  current 
was  reversed,  we  may  conclude  that,  when  AB  is  the  cathode,  the 
luminosity,  which  is  found  only  a  few  inches  from  it  at  BC,  has 
started  from  the  positive  electrode,  and  traversed  a  path  enormously 
longer  than  its  distance  from  the  cathode.  We  thus  arrive  at  the 
conclusion  that  the  positive  column,  which  in  a  long  tube  like  the  one 
under  consideration  practically  fills  the  tube,  since  it  extends  to 
within  an  inch  or  two  of  the  anode,  starts  from  the  positive  elec- 
trode. 

In  view  of  the  probability  that  the  passage  of  the  current  from  the 
electrodes  to  the  gas  might  be  largely  influenced  by  chemical  action 
between  the  electrode  and  the.  gas,  I  repeated  the  experiments  with 
electrodes  of  very  different  kinds  ;  the  result,  however,  was  the  same, 
whether  the  electrodes  were  pointed  platinum  wires,  carbon  filaments, 
flat  surfaces  of  sulphuric  acid,  or  the  one  eleoti'ode  a  fiat  liquid 
surface  and  the  other  a  sharp  pointed  wire.  The  positive  column 
starts  from  the  positive  electrode,  even  though  this  is  a  flat  liquid 
surface  while  the  negative  is  a  sharp-pointed  wire. 

Velocity  of  Propagation  of  the  Discharge, 

The  displacement  oE  the  images  of  the  two  luminous  portions  of 
the  tube  caused  by  the  rotation  of  the  mirror  was  equal  to  the 
distance  between  the  images  of  divisions  1*5  mm.  apart  on  a  vertical 
scale  placed  at  OH.  Thus,  if  T  is  the  time  the  luminosity  takes  to 
travel  from  BC  to  OH,  since  the  distance  of  the  mirror  from  the 
luminous  part  of  the  tube  is  6  metres,  the  circular  measure  of  the 
angle  turned  through  in  the  time  T  is  1*5/12,000.  If  n  is  the  number 
of  revolutions  made  by  the  mirror  per  second, 

T  = 


12,000  X  2am 
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When  the  mirror  was  running  at  fnll  speed,  its  rate  was  pretty 
constant  and,  as  determined  by  the  note  given  out  in  a  telephone 
(taken  for  the  sake  of  avoiding  the  noise  made  by  the  Gramme  and 
mirror  to  an  adjoining  room)  when  the  uireuit  was  broken  once  in 
each  revolution  of  the  mirror,  nnd  also  by  the  velocity  of  the  band 
driving  the  mirror,  was  aboat  480  per  second.  The  distance  between 
the  places  BC  and  GH  is  7  metres,  so  that  if  v  is  the  rate  at  which 
the  luminosity  of  the  positive  column  travels, 

T  =  — ; 

t; 

hence  t;  =  1 2000  x  2fr  x  480  X  700  x  :=-= 

Vo 

=  1-6  X  low 

or  rather  more  than  half  the  velocity  of  light ;  but,  as  I  explained 
before,  this  must  be  regarded  as  an  approximation,  rather  than  as  an 
accurate  determination.  It  is  sufficient,  however,  to  show  that  the 
luminosity  of  the  positive  column  travels  through  a  vacuum  tube 
with  a  velocity  comparable  to  that  of  light. 

The  preceding  results  hold  when  there  is  a  short  air  break  in  the 
circuit,  but,  if  the  air  break  is  increased  until  the  coil  can  only  spark 
through  the  tube  with  difficulty,  the  luminosity  seems  inclined  to 
start  from  the  air-break  electrode,  and  the  direction  in  which  it 
travels  is  not  always  reversed  by  reversing  the  coil. 

The  fact  that  the  main  portion  of  the  luminous  discharge  in  a  long 
vacuum  tube  has  its  origin  at  the  positive  electrode  may  appear  at 
first  sight  inconsistent  with  the  i-esult  that  glow  discharge  takes 
place  more  easily,  that  is,  with  a  smaller  value  of  the  electromotive 
intensity,  at  the  negative  than  at  the  positive  electrode.  Thus 
Faraday  states  that  the  discharge  from  a  sphere  takes  place  moi-e 
easily  when  the  sphere  is  negatively  than  when  it  is  positively  elec- 
trified. 

Again,  ultra-violet  light  can  produce  a  discharge  from  a  nega- 
tively but  not  from  a  positively  electrified  piece  of  metal.  Thus 
Lenard  and  Wolf  (Wiedemann's  *Annalen,*  vol.  37,  1889,  p.  443) 
have  proved  that  we  can  produce  a  cathode  by  allowing  ultra-violet 
light  to  fall  on  a  negatively  electrified  plate,  while  no  discharge 
occurs  if  the  plate  is  positively  electrified,  and  Hallwachs  (Wiede- 
mann's 'Annalen,'  vol.  34,  1888,  p.  731)  and  Righi  have  shown  that 
when  ultra-violet  light  falls  on  an  unelectrified  piece  of  metal  the 
metal  becomes  positively  charged,  i.e.,  the  light  converts  it  into  a 
cathode. 

These  considerations  do  not,  however,  seem  to  affect  the  question 
we  are  considering  when  the  electromotive  force  is  sufficiently  great 
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to  prodnce  a  discharge  from  the  positire  electrode ;  a  mach  more  im- 
portant  consideration  in  this  case  is  the  relative  time  required  bj  the 
two  electricities  to  leave  their  respective  electrodes.  If  the  time 
taken  by  the  positive  electricitj  to  leave  the  anode  is  very  mnch  less 
than  that  taken  by  the  negative  to  leave  the  cathode,  and  especially 
if  this  second  time  is  greater  than  the  time  taken  by  the  luminosity  to 
pass  over  a  considerable  length  of  the  tube,  there  could  be  no  difficulty 
in  understanding  how  the  Inminosity  of  the  positive  column,  which 
in  these  experiments  practically  fills  the  tube,  should  have  its  origin 
at  the  anode. 

Now,  Spottiswoode  and  Moulton,  in  their  very  remarkable  paper 
on  the  "  Sensitive  State  of  the  Electric  Discharge  "  (*  Phil.  Trans.,' 
1879,  p.  165),  investigated  the  relative  magnitudes  of  the  times 
occupied  by  the  various  processes  which  go  to  make  np  the  electric 
discharge,  and  by  means  of  the  phenomena  which  are  observed  in  the 
revocation  of  what  are  called  by  them  relief  efFects,  show  (1)  that  the 
time  taken  by  the  negative  electricity  to  leave  the  cathode  is  so  much 
longer  than  the  time  taken  by  the  positive  electricity  to  leave  the 
anode,  that  the  two  times  may  be  considered  to  belong  to  different 
orders  of  small  quantities;  and  (2)  that  the  time  taken  by  the 
negative  electricity  to  leave  the  cathode  is  greater  than  the  time 
taken  by  the  luminosity  to  travel  over  the  length  of  the  tube  (in  their 
ease  the  tube  was  not  very  long)  ;  remembering  these  facts,  the  result 
which  we  have  obtained  by  the  use  of  the  revolving  mirror  need 
occasion  ns  no  surprise. 

These  experiments  lead  us  to  regard  the  discharge  as  the  sweeping 
down  of  the  positive  electricity  from  the  anode  with  an  enormous 
velocity  (about  half  that  of  light  in  our  experiments),  accompanied 
by  what  is  comparatively  a  very  slow  discharge  from  the  cathode. 

The  fact  that  the  positive  electricity  leaves  the  anode  more  quickly 
than  the  negative  does  the  cathode,  explains  a  very  prominent  feature 
of  the  electric  discharge  :  the  accumulation  of  positive  electricity  in 
the  neighbourhood  of  the  cathode.  The  positive  electricity  arrives 
at  the  region  surrounding  the  cathode  before  the  discharge  from  this 
terminal  is  completed ;  thus  there  will,  during  the  greater  part  of  the 
discharge  from  the  cathode,  be  an  excess  of  free  positive  electricity 
in  the  neighbourhood  of  the  electrode,  and,  if  the  discharges  succeed 
each  other  with  sufficient  rapidity,  the  positive  electricity  will 
accumulate  until  the  effect  of  its  attraction  is  sufficiently  great  to 
cause  the  negative  electricity  to  leave  the  cathode  as  fast  as  the  posi- 
tive electricity  arrives. 

The  explani^tion  of  the  exceedingly  rapid  rate  of  propagation  of 
the  positive  column  is  of  primary  importance  in  any  theory  of  the 
mechanism  of  the  electric  discharge.  The  theory  which  seems  to  me 
the  most  probable  is  that  the  passage  of  electricity  (or,  from  another 
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point  of  view,  the  shortening  of  tabes  of  electrostatic  induction) 
is  effected  by  the  dissociation  of  the  molecnles  into  atoms,  in  other 
words,  that  '*  chemical  decomposition  is  not  to  be  considered  as  an 
accidental  attendant  on  the  electrical  discharge,  but  as  an  essential 
feature  of  the  discharge,  without  which  it  could  not  occur  "  (*  Phil. 
Mag.,'  vol.  15,  1883,  p.  432).  Free  atoms  must,  on  this  view,  exist 
in  the  path  of  the  discharge  to  serve  as  the  ends  of  the  tubes  of  force 
as  they  shorten.  If,  however,  we  take  this  view  of  the  discharge  of 
electricity,  the  chemical  decomposition  attendant  on  the  discharge 
along  tbe  positive  column  cannot  consist  of  the  consecutive  inter- 
change of  atoms  between  adjacent  molecules,  for,  siDce  on  this  view 
each  atom  would  have  to  move  up  to  tlie  one  in  the  adjacent  mole- 
cule, the  velocity  of  the  atoms  would  have  to  be  that  of  the  discharge 
of  the  positive  column,  viz.,  about  half  that  of  light.  The  existence 
of  a  wind  in  the  tube  of  this  velocity  is,  a  priori,  unlikely,  and  the 
following  calculation  will  show  that  it  would  require  the  expenditure 
of  more  energy  than  we  have  at  our  disposal. 

Let  us  take  the  case  of  the  discharge  of  a  parallel  plate  condenser, 
the  distance  between  the  plates  being  1  cm.  Let  F  be  the  electro- 
motive intensity  between  the  plates,  K  the  specific  inductive  capacity 
of  the  gas  ;  then  the  energy  per  square  centimetre  of  area  of  the  con- 
denser plate  is 

Let  Nq  be  the  number  of  atoms  required  to  discharge  unit  area  of 
the  condenser ;  then,  if  a  is  the  density  of  the  electricity  on  the  con- 
denser and  €  the  charge  on  each  atom  in  electro-magnetic  measure, 

Nqc  =  a. 

If  m  is  the  mass  of  one  of  these  atoms,  t;  the  velocity  with  which 
the  atoms  move,  their  kinetic  energy  is 

If  N  is  the  number  of  atoms  in  one  gramme  of  the  substance,  then, 
if  the  charges  on  the  atoms  are  the  same  as  that  deduced  from  electro- 
lytic considerations, 

N€  =  10*  and  Nm  =  1. 

Now  4flrir  =  KF. 

Making  these  substitutions,  we  find  that  the  kinetic  energy  of  the 
atoms  is 

1   KFt7» 
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so  that  the  ratio  of  the  kinetic  energy  of  the  atoms  to  the  energy  in 
the  electric  field  is 

10*.F* 

Now,  at  atmospheric  pressure,  F  for  air  is  abont  3  X 10^^  ;  we  have 
seen  that  t;  =  1*6  x  10^^ ;  hence,  in  this  case,  the  kinetic  energy  of  the 
atoms  is  about  8000  times  that  of  the  electric  field.  If  we  had  taken 
the  case  of  a  gas  at  a  lower  pressure,  the  disproportion  would  have 
been  still  greater. 

For  this  reason,  the  discharge  along  the  positive  column  cannot  be 
carried  by  atoms  travelling  at  the  same  rate,  as  the  discharge ;  the 
same  argument  would  also  be  fatal  to  the  view  that  the  discharge 
takes  place  by  the  consecutive  interchange  of  atoms  between  adjacent 
molecules.  If,  therefore,  we  are  to  retain  the  view  (which  seems  to 
me  to  be  almost  established  by  the  results  of  recent  experiments) 
that  the  passage  of  electricity  is  effected  by  the  dissociation  of  the 
molecules  in  th6  path  of  the  discharge,  we  are  precluded  from  sup- 
posing that  in  the  positive  column  the  discharge  takes  place  by  the 
molecules  dissociating  one  after  another,  as  the  discharge  comes  up 
to  them.  In  a  paper  in  the  *  Philosophical  Magazine'  for  August, 
1890,  I  suggested  that  we  could  reconcile  the  dissociation  theory 
with  the  observed  velocity  of  propagation  of  the  discharge  (of  which 
I  had,  at  that  time,  only  obtained  an  inferior  limit,  and  did  not  know 
that  it  started  from  the  anode),  by  supposing  that  the  molecules  of 
the  dielectHc  in  the  path  of  the  discharge,  before  the  discharge  takes 
place,  form  themselves  into  a  series  of  Grotthus  chains,  and  that  for 
the  molecules  which  constitute  any  one  of  these  chains,  the  dissocia- 
tion and  recombination  go  on  simultaneously.  This  may,  perhaps,  be 
made  clearer  by  a  somewhat  crude  illustration. 

© ©     0 ©    © ©     © © 

A.  B.  C.  D. 

If  A,  B,  G,  D  represent  consecutive  polarised  molecules,  the 
simplest  view  of  the  discharge  would  be  to  suppose  A  to  split  up  into 
atoms,  its  positive  atom  going  up  to  B  and  combining  with  the 
negative  atom  of  that  molecule ;  the  positive  atom  of  B  is  driven  off, 
and  travels  to  C  and  combines  with  the  negative  atom,  and  so  on.  On 
this  view  the  velocity  of  the  atoms  would  be  very  nearly  that  of  the 
discharge  which  other  preceding  experiments  have  shown  to  be 
inadmissible  for  the  positive  column.  If,  however,  we  suppose  that 
the  molecules  A,  B,  G,  D,  constituting  a  Grotthus  chain,  are  split  up 
simultaneously,  and  that  while  the  positive  atom  of  A  combines  with 
the  negative  of  B,  the  positive  atom  of  B  is  Qombining  with  the 
negative  of  C,  and  so  on,  then,  in  the  time  which  elapses  between 
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the  commencement  of  the  dissociation  of  a  molecule  to  the  end  of  the 
recomhination  of  its  atom  with  those  of  neighboaring  molecules,  a 
positive  atom  will  have  disappeared  from  one  end  of  the  chain  and 
appeared  at  the  other.  Thus  in  this  case,  since  the  time  taken  for  the 
decomposition  and  recombination  of  the  molecules  is  independent  of 
the  length  of  the  chain,  whatever  the  length  of  the  chain  may  be,  the 
positive  charge  will  travel  from  one  end  of  the  chain  to  the  other  in  the 
8ame  time,  and  thns  the  velocity  of  the  discharge  will  be  proportional 
to  the  length  of  the  chain.  In  the  paper  referred  to  above,  it  is  sug- 
gested that  the  high  velocity  of  the  discharge  of  the  positive  column 
is  attained  by  the  formation  of  Grotthus  chains  of  suitable  length, 
the  column  thus  consisting  of  a  series  of  separate  discharges,  the 
length  of  each  discharge  being  that  of  the  Grotthus  chain ;  these 
separate  discharges  are  made  manifest  in  the  stratification  which  is  so 
striking  a  feature  of  the  positive  column,  the  space  between  the 
bright  portions  of  two  strisB  corresponding  to  the  length  of  the 
Grotthus  chain ;  thus,  on  this  view,  the  stratifications  are  the  mani- 
festations of  the  machinery  which  enable  the  positive  dischRrge  to 
travel  at  such  a  rate.  In  the  paper  in  the  *  Philosophical  Magazine  ' 
it  is  shown  that  this  view  of  the  discharge  agrees  well  with  what  is 
known  as  to  the  behaviour  of  strisB. 

The  precediug  experiments  show  that  the  tubes  of  force  which  we 
imagine  as  stretching  round  the  circuit,  and  contracting  when  the 
discharge  takes  place,  are  anchored  almost  completely  to  the  negative 
electrode.  When  the  discharge  begins  to  pass,  the  ends  of  these 
tubes  near  the  positive  electrode  will  be  agitated  in  an  approxi- 
mately periodic  way,  electrical  vibrations  will  travel  along  the  tubes 
with  the  velocity  of  light,  and,  as  one  end  of  the  tube  is  fixed,  these 
will  form  stationary  vibrations ;  these  stationary  vibrations  may  be 
conceived  to  give  the  molecules  of  the  gas  in  the  tube  a  certain 
periodicity  of  arrangement,  and  lead  to  the  formation  of  the  Grotthus 
rliains  of  definite  lengths,  required  by  the  preceding  explanation.  It 
will  be  seen  that  this  would  make  the  position  of  the  striae  depend  on 
that  of  the  negative  electrode,  so  that  when  the  latter  is  moved  the 
strisB  ought  to  be  displaced ;  this  effect  has  been  observed  by  Gold- 
stein. 

As  an  alternative  to  the  preceding  view,  it  might  perhaps  be 
urged  that  the  luminosity  of  the  positive  column  outruns  the  positive 
discharge.  This  view,  however,  seems  to  be  quite  untenable  in  the 
face  of  Spottiswoode*8  and  Moulton's  experiments  on  the  sensitive 
htate  of  the  electric  discharge  ('  Phil.  Trans.*),  for  the  relief  effects 
observed  in  their  experiments  seem  to  show,  without  ambiguity, 
that  the  positive  luminosity  is  coincident  with  free  positive  elec- 
tricity. 

We  have  also  no  evidence  that  a  gas  can  be  made  luminous  by 
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sadden  alterations  in  the  electric  or  magnetic  intensity  of  the  field  in 
which  it  is  placed,  unless  these  are  accompanied  bj  the  passage  of 
free  electricity  through  the  gas. 

In  order  to  get  some  farther  information  about  the  laws  which  govern 
the  propagation  of  the  positive  column,  some  experiments  were  made 
in  which  the  discharge  had  to  pass  from  the  gas  to  mercury  and  out 
again  from  the  mercury  to  the  glass  several  times  in  its  passage  from 
B  to  G  (fig.  1).  The  arrangement  by  which  this  was  done  is  shovrn 
in  fig.  3.     Pieces  of  glass  tubing,  bent  as  in  the  figure,  with  baro- 

Fio.  3. 


metric  tubes  filled  with  mercury  attached  to  tbeir  lowest  points, 
were  inserted  in  the  circuit  between  B  and  G.  By  raising  or  lower- 
ing the  vessels  into  which  the  ends  of  the  barometer  tubes  dipped, 
mercury  could  be  poured  into  or  taken  out  of  the  bends  in  the  tube. 
There  were  in  all  six  of  these  mercury  electrodes  introduced  between 
B  and  G.  The  displacement  of  the  Images,  as  seen  through  the  tele- 
scopes, was  observed  (1)  when  the  mercury  was  below  the  level  of 
the  tops  of  the  barometer  tubes,  and  (2)  when  the  mercury  filled  the 
bends  of  the  tube,  blocking  it  up  completely  in  six  places.  No 
appreciable  difference  could  be  observed  between  the  displacements 
of  the  images  in  the  two  cases.  When,  however,  the  mercury  was  in 
the  tube,  the  discharge  had  very  much  greater  difficulty  in  getting 
through  than  when  its  path  was  not  interrupted  by  the  columns  of 
mercury  ;  this  was  shown  by  the  luminosity  in  the  main  circuit  being 
very  much  fainter,  and  that  in  a  branch  circuit  leading  to  the  air- 
pump  much  brighter,  when  the  mercury  was  in  the  tubes  than  when 
it  was  not. 

It  seems,  I  think,  pretty  clear  that  what  takes  place  when  the 
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mercury  is  in  the  tube  is  somethiDg  of  the  following  kind.  The 
positive  electricity  rushes  from  the  anode  down  the  tube  until  it 
reaches  the  first  mercury  plug ;  it  attracts  the  negative  electricity  to 
the  nearer  end  of  this  plug,  and  repels  the  positive  to  the  other  end  ; 
this  positive  electricity  begins  to  leave  the  mercury  immediately  and 
travels  down  to  the  next  mercury  plug. 

The  positive  electricity  which  travels  up  to  the  first  mercury  ping 
and  the  negative  electrification  it  produces  on  the  mercury  form  an 
electrical  double  layer  which  takes  some  time  to  disappear,  longer 
probably  than  the  time  taken  by  the  electricity  to  travel  from  one 
end  of  the  tube  to  the  other.  The  time  the  luminosity  takes  to  travel 
from  B  to  G  will  thus  not  be  much  affected  by  the  mercury  plugs; 
but,  as  the  discharge  leaves  behind  it  a  series  of  electrical  double 
layers  on  the  sides  of  the  mercury  columns  nearest  the  positive 
electrode,  the  difficulty  of  forcing  electricity  through  the  tube  will 
be  temporarily  increased. 

It  is,  I  think,  worthy  of  remark  that  the  effects  produced  by  dis- 
placement currents  render  it  impossible  to  predict  the  velocity  of  the 
discharge  of  electricity  through  a  rarefied  gas.     For,  if  we  consider 
the  processes  which  accompany  this  discharge,  we  have,  first,  the 
production  of  the  electric  field  ;  this  causes  an  increase  in  the  electric 
displacement,  and  in  consequence  produces  magnetic  effects  ;  and  the 
displacement  current  behaves  as  if  it  had  inertia,  travelling  through 
the  medium  with  the  velocity  of  light.     When  the  intensity  of  the 
field  is  increased  sufficiently  to  cause  discharge,  the  electricity  passes 
the  gas,  and  the  electric  field  disappears.     The  convective 
formed  by  the  passage  of  the  free  electricity  is  balanced  by 
acement  current  in  the  opposite  direction,  due  to  the  dis- 
ce  of  the  electric  displacement.     The  discharge,  therefore, 
produce   a   magnetic  field,  and  has,  therefore,  no  inertia, 
city  of   propagation   of   this    discharge  will,  therefore,  be 
by  different  laws  from  those  which  control  currents  pro- 
,  magnetic   field,   and   need   not,    therefore,   have  anything 
ith    the    velocity    of    propagation    of    light    through    the 

justing  the  circumstances  under  which  the  preliminary 
takes  place,  we  can  separate  the  magnetic  force  due  to  the 
by  as  long  an  interval  as  we  please  from  the  discharge.  We 
by  charging  sufficiently  slowly,  make  the  magnetic  force  at 
Ek.nt  as  small  as  we  please ;  thus  it  is  conceivable  that  we 
ive  a  copious  discharge  of  electricity  through  a  gas  prac- 
accompanied  by  magnetic  force. 

ry  remarkable  action  of  a  magnet  on  the  electric  dis- 
}  not  inconsistent  with  this  view,  as  on  it  the  discharge 
)f   two  equal  and  opposite  currents,  of   which  only  one  is 
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visible:    we   see   the   action   on   the   visible   cnrrent,   bnt  not  the 
opposite  one  on  the  other. 

The  most  obvious  explanation  of  the  remarkable  difference  in  the 
behaviour  of  the  discharges  from  the  anode  and  cathode  is  that  it 
arises  from  some  difference  in  the  chemical  action  between  the  gas 
and  the  two  electrodes.  I  have  made  a  series  of  experiments  in 
order  to  test  this  view,  and  have  been  led  to  the  conclusion  that 
an  explanation  of  this  effect  bj  purely  chemical  action  is  delusive. 
At  the  same  time  I  think  that  the  necessity  for  the  existence  of 
some  action  between  the  gas  and  the  electrode  is  shown  bj  the  fol- 
lowing experiment.  In  the  '  Philosophical  Magazine/  vol.  29,  1890, 
p.  441  (On  the  Passage  of  Electricity  through  Hot  Gases),  I  described 
an  experiment  in  which  cold  electrodes  were  plunged  into  a  hot 
gas,  such  as  iodine,  heated  until  it  dissociated,  when  it  was  found 
that  no  cuiTent  passed  through  the  gas  until  the  electrode  got  hot, 
when  it  passed  freely.  The  effect  produced  by  the  cold  electrodes 
seemed  too  abrupt  to  be  altogether  due  to  the  cooling  of  the  adja- 
cent gas  by  the  electrodes.  I  therefore  made  the  following  experi- 
ment in  order  to  test  this  point.  If  the  effect  is  due  to  the  cooling 
of  the  gas,  the  temperature  of  the  electrodes  when  the  system  begins 
to  conduct  ought  not  to  vary  much,  whatever  may  be  the  material  of 
which  they  are  made ;  while  if  the  effect  were  due  to  chemical 
action  between  the  gas  and  the  electrodes,  we  should  expect  con- 
siderable variation  with  different  electrodes  in  the  temperature  at 
which  conduction  begins.  I  therefore  attempted  to  measure  roughly 
the  temperature  at  which  conduction  began  (a)  wKen  the  electrodes 
were  iron,  (Jb)  when  they  were  platinum.  This  was  done  by  making 
one  of  the  electrodes  into  a  thermopile  placed  in  circuit  with  a 
dead-beat  galvanometer ;  in  case  (a)  the  thermopile  consisted  of  an 
iron  plate  with  a  German-silver  wire,  in  case  (&)  of  platinam  foil 
and  a  German-silver  wire.  The  electrode  used  as  the  thermopile 
was  dropped  cold  into  the  hot  gases  and  connected  up  with  the 
main  circuit.  When  the  galvanometer  in  the  main  circuit  first  began 
to  show  decided  indications  of  the  passage  of  a  current,  the  ob- 
server who  was  watching  this  galvanometer  called  to  the  observer 
at  the  dead-beat  galvanometer  in  the  thermopile  circuit,  and  this 
observer  read  the  deflection  of  this  galvanometer.  From  this  reading 
the  temperature  of  the  hot  junction  could  approximately  be  determined. 
Ihe  experiment  was  repeated,  using,  instead  of  the  iron- German 
silver  couple,  a  platinum- German  one,  the  platinum  foil  being 
wound  round  an  iron  plate  to  make  it  heat  up  at  approximately 
the  same  rate  as  the  first  couple.  It  was  found  that  the  conduction 
beg^  at  a  mach  lower  temperature  when  the  electrode  was  iron 
than  when  it  was  platinum,  indicating  that  some  action  between  the 
electiicity  and  the  gas  was  necessary  for  conduction.     I  coald  not, 
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how^ever,  detect  any  difference  between  the  positiye  and  negatiTe 
electrodes  in  this  i-espect.  The  gases  in  which  this  effect  was  found 
were  I,  HCl,  and  HI. 

I  next  endeavoared  to  see  if  I  could  detect  any  difference  in  the 
chemical  action  of  chlorine  on  a  metal  positively  or  negatively  elec- 
trified.    This  was  done  in  the  following  way  : — A  and  B  (fig.  4)  ai-e 


Fig.  4. 


two  coils  of  copper  wire,  of  the  same  length,  made  from  the  same 
hank  of  wire,  and  as  neaily  as  possible  alike  in  all  respects :  these 
are  filled  into  two  equal  vessels  which  are  connected  by  a  y-inbe 
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filled  with  salpharic  acid,  which  serves  to  indicate  any  difference 
in  the  absorption  of  the  chlorine  by  the  two  coils  of  wire.  The 
vessel  was  exhausted  and  then  filled  with  chlorine,  and  A  and  B 
were  placed  in  parallel  vrith  the  electrodes  of  an  induction  coil, 
giving  sparks  about  an  inch  and  a  half  long.  In  this  way  one  coil 
was  positively  and  the  other  negatively  electrified,  and  any  dif- 
ference in  the  rate  of  combination  of  the  chlorine  with  the  metal 
would  show  itself  by  the  motion  of  the  sulpharic  acid  in  the  flange. 
Only  a  Tery  small  motion  of  the  sulphuric  acid  occurred,  and  this 
seemed  to  be  accidental,  as  it  was  not  reversed  on  reversing  the 
coil.  The  difference  between  the  rate  of  combination  of  chlorine 
with  a  positively  and  negatively  electrified  metal  must  therefore  be 
small. 

Again,  if  the  difference  between  the  behaviour  of  the  positive  and 
negative  discharge  were  due  to  purely  chemical  action  between  the 
gas  and  the  electrode,  we  should  expect  this  difference  to  be  absent 
in  the  case  where  the  electrodes  consisted  of  a  volatile  liquid  or 
solid,  and  the  gad  was  t>he  Tapour  of  the  electrode.  I  tried  three 
cases  of  this  kind :  one  in  which  the  electrodes  were  water  and  the 
gas  water  vapour;  a  glass  tube  was  completely  filled  with  water, 
then  placed  on  the  pump,  and  the  water  boiled  away  until  only  jost 
enough  was  left  to  serve  as  electrodes ;  the  tabe  was  then  sealed  off 
and  cooled  down  until  the  vapour  pressure  was  low  enough  to  allow 
the  electric  discharge  to  pass  without  difficulty ;  this  tube,  however, 
had  all  the  usaal  characteristics  of  the  discharge  through  vacuum 
tubes,  including  the  negative  dark  spaces  and  the  striations.  In  the 
next  experiment  a  similar  tube  was  taken,  the  water  being  replaced 
by  bromine ;  this,  too,  showed  the  usual  differences  between  the  dis- 
charge at  the  two  electrodes,  and  similar  appearances  were  presented 
by  a  tube  in  which  the  electrodes  were  re-distilled  arsenic  and  the  gas 
arsenic  vapour. 

Another  difficulty  in  the  way  of  explaining  the  difference  at  the 
two  electrodes  by  chemical  action  is  that  no  difference  seems  to  be 
made  in  the  appearance  when  a  strongly  electronegative  gas,  such  as 
chlorine,  is  substituted  for  a  strongly  electropositive  one,  such  as 
hydrogen. 

I  next  endeavoured  to  get  rid  of  the  electrodes  altogether  by  trying 
to  get  a  circular  discharge  in  an  exhausted  re-entrant  tube  without 
any  electrodes.  For  this  purpose  the  primary  was  generally  a  piece 
of  copper  rod  bent  into  a  horse-shoe  shape;  the  secondary  circuit 
was  an  endless  circular  glass  tube  from  which  the  air  had  been  ex- 
hausted. A  Leydea  jar,  charged  by  a  Wimshurst  machine,  was  dis- 
charged through  the  primary,  and  produced  by  induction  an  electro- 
motive force  round  the  exhausted  tube.  When  the  secondary  was 
not  shielded  from  the  electrostatic  induction  of  the  primary,  it  was 
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filled  with  a  uniform  glow  whenever  the  discharge  passed  through 
the  primary  circuit,  but,  when  the  electrostatic  induction  was  shielded 
off  by  pieces  of  wet  thin  blotting  paper  connected  to  earth,  no  glow 
could  be  observed,  though  the  wet  blotting  paper  is  not  a  sufficiently 
good  conductor  to  shield  off  electromagnetic  induction. 

The  maximum  integral  electromotive  force  round  the  secondary  is 
shown  to  be  VM/L,  where  V  is  the  difference  between  the  potentials 
of  the  coatings  of  the  jar  before  discharge,  L  the  coefficient  of  self-in- 
duction of  the  primary  circuit,  and  M  the  coefficient  of  mutual  induc- 
tion between  the  circuits.  Though  in  my  experiments  this  was 
greater  than  the  electromotive  force  requisite  for  a  discharge  through 
gas  at  the  same  density  between  terminals  separated  by  the  length  of 
the  tube,  not  the  faintest  glow  could  be  detected.  All  my  efforte  to 
get  a  discharge  through  the  secondary  have  so  far  been  unsuccessful,* 
and  I  feel  sure  that  the  ease  of  getting  a  discharge  without  electrodes, 
say  by  the  motion  of  the  upper  regions  of  the  earth's  atmosphere 
across  the  lines  of  magnetic  force,  has  been  much  over-estimated. 
Until,  however,  we  have  got  a  discharge  without  electrodes  through 
nothing  but  the  gas  itself,  we  are  unable  to  say  whether  the  passage 
of  the  discharge  from  the  positive  to  the  negative  electrode  which 
occurs  in  gases  is  a  consequence  of  having  matter  in  two  states  in  the 
path  of  the  discharge,  or  whether  it  is  an  example  of  a  more  general 
law,  that,  whenever  tubes  of  electrostatic  induction  shorten  in  a  con- 
ducting circuit,  they  do  so  in  the  direction  of  the  electric  displacement. 

In  conclusion,  I  have  much  pleasure  in  thanking  Mr.  Bartlett  and 
Mr.  Everett  for  the  assistance  they  have  given  me  in  the  course  of 
this  investigation. 


II.  ''  Note  on  the  Present  State  of  the  Theory  of  Thin  Elastic 
Shells."  By  A.  E.  H.  Love,  M.A.,  St.  John's  College, 
Cambridge.  Communicated  by  Lord  Ratleigh,  Sec.  R.S. 
Received  January  3,  1891. 

In  a  paper  read  before  the  Royal  Society  in  February,  1888,  and 

nnblifihed  in  *  Phil.  Trans.,*  A,  of  that  year,  I  advanced  a  theory  of 

e  of  deformation  that  takes  place  when  a  thin  shell  is  vibrat- 

he  theory  was  founded  on  the  form  of  the  potential  energy 

i,  obtained  by  a  method  adapted  from  that  of  Kirchhoff  for 

It  appears  that,  in  case  there  are  no  surface-stresses  on  the 

the  shell,  this  function  consists  of  two  terms,  of  which  one 

\  a  certain  function  Wj  and  the  thickness  2h  as  factors,  and 

I  this  paper  was  sent  in  to  the  Boyal  Society,  I  have  succeeded  in  getting 
Ete  without  electrodes  through  a  tube  about  46  cm.  in  circumference.  The 
did  not  exhibit  anj  signs  of  stratification. — Jan.  23,  1891. 
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the  other  contains  a  function  W^  and  h^  as  factors.  The  term  Wg 
depends  entirely  on  quantities  tf^,  tfg,  v,  expressing  the  extension  of 
the  middle  surface,  while  the  form  given  for  Wj  contained  only 
quantities  expressing  the  changes  of  curvature.  Some  previous 
theories  proceeded  as  if  W^  alone  occurred,  and,  in  fact,  this  was 
the  case  with  a  paper  by  Lord  Rayleigh  in  *  Proceedings  of  the 
London  Mathematical  Society,'  vol.  13,  1882,  on  the  "Infinitesimal 
Bending  of  Surfaces  of  Revolution."  In  the  latter  paper,  a  theory 
of  the  vibrations  of  bells  was  founded  on  an  assumed  type,  viz., 
it  was  assumed  that  the  middle  surface  remains  unstretched.  In 
my  paper  it  was  shown  that  this  solution  of  Lord  Rayleigh 's 
fails  to  satisfy  the  boundary  conditions  which  hold  at  the  free 
edges  of  the  bell,  and  further  that  it  is,  in  general,  impossible  to 
satisfy  these  conditions,  except  by  taking  account. of  the  extension. 
I,  therefore,  proposed  to  substitute  for  the  theory  of  Lord  Rayleigh 
one  in  which  extension  of  the  middle  surface  of  the  bell  is  re- 
cognised as  taking  place,  and  I  did  not  see  how  to  avoid  the  con- 
clusion that  the  term  W^  must  be  rejected,  and  the  term  W2  retained, 
for  the  purpose  of  forming  the  differential  equations  and  boundary 
conditions  that  govern  the  motion,  in  other  words,  that  the  exten- 
sion practically  determines  everything — the  mode  of  vibration  and 
the  pitch. 

Since  that  paper  was  written  the  subject  has  been  investigated  by 
Lord  Rayleigh,  Mr.  Basset,  and  Professor  Lamb,  and  the  results  of 
their  work  make  it  necessary  to  abandon  the  theory  proposed.  I 
had  overlooked  a  circumstance  which  shews  that  my  theory  of  exten- 
sional  vibrations  is  incapable  of  giving  the  gravest  modes  of  vibration 
of  which  the  shell  is  capable,  viz.,  the  period  given  by  Lord 
Rayleigh's  solution,  founded  on  the  assumed  type,  is,  in  the  limiting 
case  of  vanishing  thickness,  intinitely  long  in  comparison  with  the 
gravest  extensional  period.  Now  it  is  a  general  dynamical  theorem 
that  the  tone  obtained  by  assuming  the  type  cannot  be  graver  than 
the  gravest  tone  natural  to  the  system,  and  it  follows  that  the  mode 
of  deformation  corresponding  to  the  gravest  tone  is  not  included 
among  the  extensional  modes.  This  was  pointed  out  by  Lord 
Rayleigh  in  a  paper  read  before  the  Society  in  December,  1888,  and 
published  in  the  '  Proceedings.*  It  had  still  to  be  shown,  however, 
that  vibrations  mainly  dependent  on  the  bending  could  take  place, 
and  the  boundary  conditions  be  satisfied.  Although  this  has  not  yet 
been  done  in  any  particular  case,  the  suggestion  thrown  out  by  Mr. 
Basset*  and  Professor  Lamb,t  probably  contains  the  solution  of  the 

*  "  On  the  Extension  and  Flexure  of  Cylindrical  and  Spherical  Thin  Elastio 
Shells,"  *Phil.  Trans./  A,  1890. 

t  "  On  the  Deformation  of  an  Elastic  Shell,"  *  London  Math.  Soc.  Proc./  vol.  2J, 
1890. 
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difficultj.  Each  of  these  writers  has  shown  that,  in  particular  statical 
problems  relating  to  cylinders,  the  quantities  expressing  the  exten- 
sion can  be  yerj  small  everywhere  except  in  the  neighbourhood  of  an 
edge,  and  there  they  may  increase  with  such  rapidity  as  to  secure  the 
satisfaction  of  the  boundary  conditions,  the  tot^.l  potential  energy  due 
to  extension,  which  varies  as  the  sui'face  integral  of  hW^  over  the 
middle  surface,  being,  nevertheless,  negligible  in  comparison  with 
that  due  to  bending,  which  varies  as  the  surface  integral  of  A^W^. 
Mr.  Basset  and  Professor  Lamb  both  suggest  that  this  may  be  the 
solution  of  the  difficulty  in  the  case  of  vibrations  also,  and  their 
results  point  to  a  method  of  approximation  which  might  be  applie<l 
to  the  general  case,  and  such  that  it  could  be  verified  by  mathematical 
analysis  that  Lord  Rayleigh*s  solution,  founded  on  an  assumed  type, 
is  actually  a  very  close  approximation  to  the  state  of  things  in  any 
part  of  a  vibrating  bell  not  very  close  to  a  free  edge.' 

it  may  be  as  well  to  point  out  what  parts  of  the  theory  put  forward 
in  my  paper  specially  require  revision.  (1.)  On  p.  600  the  alteration 
suggested  in  Kirchhoff's  theory  is  erroneous  ;  the  quantities  u\  v\  w' 
are  functions  of  «,  /9,  and  their  differential  coefficients  must  be  intro- 
duced as  by  Kirchhoff,  and  afterwards  neglected ;  this  correction 
makes  no  difference  to  any  of  the  results.  (2.)  On  p.  503,  Art.  4,  the 
*'  products "  neglected  are  such  as  occur  in  the  equations  when 
account  is  taken  of  the  fact  that  the  axes  of  reference  are  really  not 
ia  fixed  directions.  If  they  had  been  retained,  the  part  of  the 
potential  energy  which  is  multiplied  by  h^  would  have  contained 
terms  depending  on  the  extension  as  well  as  terms  depending  on  the 
bending.  Mr.  Basset  has  obtained,  by  a  different  method,  the  form 
of  this  function  for  cylindrical  and  spherical  shells,  with  these  terms 
expressed.  It  follows  that  the  form  given  for  the  potential  energy 
in  equation  (12),  p.  505,  is  only  correct  in  case  either  (a)  the  shell 
is  unextended,  when  its  second  line  vanishes,  or  (6)  the  extension  is 
the  important  thing,  when  its  first  line  may  be  neglected ;  but  it 
would  most  probably  be  sufficiently  exact  for  the  application  of  a 
method  of  approximation.  (3.)  The  first  paragraph  of  Art.  13, 
p.  521,  is  wrong,  and  so  are  all  other  paragraphs  to  the  same  effect ; 
viz.,  it  is  incorrect  to  conclude  that,  because  <r|,  ^j,  w  do  not  every- 
where vanish,  therefore  W^^^  is  infinitely  small  in  comparison  with 
WgA.  It  appears,  on  the  contrary,  that  the  values  of  ir^,  ^j,  w  can  be 
very  small  indeed  everywhere  except  close  to  the  edges,  in  such  a 
way  that  the  integral  of  W^h,  taken  over  the  middle  surface,  is  very 
small  in  comparison  with  that  of  W^^^. 

The  remainder  of  the  paper  must  be  understood  ap  giving  a  theory 
of  the  extensional  vibrations  of  the  shell.  Such  vibrations  undoubtedly 
can  exist,  but  they  would  be  difficult  to  excite,  and  the  theory  of 
tiiem  has  no  application  to  vibi-ating  bells  under  ordinary  conditioLs. 
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III.  "  On  the  Chemical  Phenomena  of  Human  Respiration  while 
Air  is  being  re-breathed  in  a  closed  Vessel."  By  William 
Maroet,  M.D.,  F.R.S.     Received  January  3,  1891. 

Tn  Jane,  1889,  I  had  the  honour  of  communicating  a  paper  to  the 
Royal  Society,  which  appeared  subseqaently  in  the  '  Philosophical 
TransactionB  '  for  1890.*  In  this  paper  it  was  shown  that  the  Yolames 
of  air  breathed  to  form  ia  the  body  and  expire  a  given  weight  of 
carbonic  acid  exhibited  a  distinct  tendency  to  fall  with  a  local  sub- 
sidence of  atmospheric  pressure,  and  vice  versd.  Since  then  an 
additional  series  of  experiments,  to  which  my  present  assistant, 
Mr.  E.  Russell,  kindly  submitted,  confirmed  this  resnlt.  Fifteen 
experiments  were  made  from  0  to  2  hours  after  a  meal,  and  fifteen 
also  from  2  to  4  hours  after  a  meal.  The  results  are  disposed  as 
follows,  in  the  form  of  a  chart  (see  next  page),  in  which  the  curves 
for  the  volumes  of  air  breathed  to  expire  1  gram  COg  are  seen  to  fall 
most  distinctly  from  nearly  767  mm.  pressure  to  742  mm. 

The  object  of  the  present  investigation  was  to  ascertain  the  effects 
produced  on  the  chemical  phenomena  of  respiration  by  re-breathing  a 
given  volume  of  air  for  a  given  time,  and  I  gladly  acknowledge  the 
valaable  aid  of  my  assistant,  Mr.  Edward  Russell,  F.C  S.,  in  the 
course  of  this  ijsquiry.  It  was  obvions  that  I  could  not  risk  the 
health  of  those  who,  together  with  myself,  submitted  to  experiment ; 
hence  the  necessity  of  limiting  the  duration  of  the  time  for  re-breath- 
ing air,  and  I  selected  for  this  purpose  a  period  of  five  minutes.  A 
certain  volume  of  air  to  be  re-breathed  was  settled  upon  from  the ' 
beginning,  and  it  was  decided  to  take  85  litres,  measured  under  atnio- 
Fpheric  pressure  with  every  care.  This  air  was  held  in  a  bell-jar  of  a 
capacity  of  40  litres,  and  supplied  with  a  scale,  a  thermometer,  and  an 
oil-gauge ;  it  was  maintained  in  suspension  by  a  counter-poise,  while 
immersed  in  a  trough  full  of  salt  water.  The  bell-jar  was,  moreover, 
possessed  of  a  regulating  apparatus,  keeping  it  in  perfect  equilibrium 
in  every  position,  as  it  rose  or  fell  in  the  tank. 

Four  persons  submitted  to  these  experiments.  I  head  the  list,  with 
5dx  complete  experiments.  Next,  my  assistant,  Mr.  Russell,  had  ten 
complete  experiments  made  upon  himself ;  a  former  assistant,  Mr. 
Hoskins,  F.C.S.,  in  accordance  with  my  request,  kindly  submitted  to 
eleven  experiments,  and,  finally,  W.  Alderwood,  my  laboratory 
attendant,  who  has  been  in  my  service  for  seven  years,  and  is  well 
qualified  for  this  kind  of  work,  had  ten  experiments  made  upon  him. 

•  '  Phil.  Trans./  B,  1890,  <'  A  Chemical  Inquiry  into  the  Phenomena  of  Human 
Respiration," 
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The  reBults  from  all  these  experiments  will  be  found  dispoRed  in  the 
form  of  tables  (pp.  113—116). 

I  shall  first  give  a  short  account  of  the  method  adopted  in  the  pre- 
sent inquiry,  then  describe  the  experiments,  and  finally  state  the 
results  with  which  they  have  been  attended.  Two  bell- jars  were  made 
use  of. 

The  air,  in  every  one  of  the  experiments  quoted  in  this  pa])er,  was 
inspired  through  the  nose  and  expired  through  the  mouth,  a  mode  of 
breathing  easy  to  acquire^  and  soon  becoming  perfectly  natural ;  the 
person  under  experiment  assumed  the  recumbent  position  in  a  deck- 
chair,  with  the  feet  resting  on  a  stool. 

It  was  necessary  to  begin  by  determining  the  volumes  of  air  and 
weights  of  carbonic  acid  expired  normally,  or  in  ordinary  breathing, 
with  the  object  of  using  these  figures  as  standards  for  compc^on.  1 
need  not  say  that  every  precaution  was  taken  to  obtain  correct  data 
on  ordinary  breathing.  Next,  the  other  bell- jar  was  supplied  with 
atmospheric  air  to  be  re-breathed.  A  correction  might  have  been 
introduced  for  the  COg  naturally  present,  but  from  its  small  propor- 
tion this  correction  was  thought  unnecessary.  On  no  occasion  was 
the  laboratory  used  for  the  evolution  of  acids  or  alkalis,  and  its 
ventilation  was  kept  up  by  one  or  two  open  windows. 

After  re-breathing  35  litres  of  air  during  five  minutes,  the  person 
under  experiment  was  placed  in  communication  with  the  other  bell- 
jar,  in  such  a  manner  that  no  air  whatever  was  lost,  or,  in  other 
words,  while  fresh  air  was  inspired,  the  expiration  following  imme- 
diately the  last  expiration  of  re-breathed  air  was  collected  in  the  other 
bell-jar,  now  emptied  of  the  expired  air  it  formerly  contained.  While 
this  bell-jar  was  being  filled,  the  re- breathed  air,  from  the  other  bell- 
jar  (after  its  volume  had  been  read,  and  temperature  taken),  was 
driven  into  an  india-rubber  bag  faced  with  oil-skin,  to  prevent  any  loss 
of  any  CO3  by  diffusion.  This  bag  had  been  kept  flattened  down 
between  boards  weighted  with  a  piece  of  iron  weighing  20  lbs.,  a 
precaution  taken  to  empty  perfectly. the  bag  before  it  was  used  for 
storing  the  re-breathed  air.  The  bell- jar,  having  thus  discharged  its 
contents,  was  ready  to  be  used  afresh. 

The  person  expired  from  34  to  38  litres  of  air  immediately  after  the 
re-breathing  stage  of  the  experiment,  and  he  was  now  placed  in  001%- 
munication  with  the  empty  bell- jar ;  there  was  no  loss  of  expired  air 
through  this  passage  from  one  bell-jar  to  another,  and  while  fresh  air 
was  inhaled,  the  air  expired  was  entirely  collected,  to  the  extent  of 
from  34  to  38  litres,  for  subsequent  analysis.  A  chronograph  showed, 
to  a  second,  the  time  required  in  the  various  stages  of  the  experi- 
ment. 

Thus  the  whole  history  of  the  effects  of  re-breathing  air  was  obtained, 
being  divided  into  four  stages : — Ist,  natural  respiration ;  2ndlj,  air 
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re-breathed ;  3rdly,  air  expired  immediately  after  re-breathinfi^  and 
with  the  inspiration  of  fresh  air ;  4th1y,  air  breathed  while  no  longei' 
under  the  direct  influence  of  re-breathing. 

The  above  is  a  general  sketch  of  the  investigation.  I  must  now 
beg  leave  to  go  into  the  details  of  the  work.  The  diagram  on  the 
next  page  illustrates  the  disposition  of  the  instrument. 

The  person  under  experiment,  in  the  recumbent  position  in  a  deck- 
chair,  held  in  his  right  hand  an  india-rubber  tube  connected  with  the 
bell-jar  through  a  double-way  cock,  as  I  have  explained  in  my  last 
paper  to  the  Royal  Society.  The  cock  was  turned  in  such  a 
position  that  the  air  inspired  through  the  nose  was  expired  into 
the  open  air,  a  little  flag  showing  the  movement  of  the  expired  air 
through  the  tube.  The  experiment  begins  with  the  operator  expiring 
through  •this  tnbe  into  the  external  air.  When  respiration  has 
become  perfectly  quiet  and  regular,  the  double- way  cock  is  turned 
during  an  inspiration,  and  the  air  of  the  next  expiration  is  collected 
in  the  bell- jar,  which  begins  its  ascending  course.  At  the  same  time 
the  hands  of  a  chronograph  are  set  in  motion.  After  about  36  litre** 
of  air  have  been  expired,  the  tnbe  leading  into  the  bell-jar  is  closed 
at  the  end  of  an  expiration,  and  the  chronograph  is  stopped. 

Some  trouble  was  experienced  in  obtaining  similar  volumes  of  air 
expired  in  a  given  time,  say,  about  every  seven  minutes.  I  have 
come  to  the  conclusion  that  most  people  do  not  breathe,  even  when 
perfectly  still,  exactly  the  same  volume  of  air  in  a  given  time,  and 
after  an  experience  of  many  years,  it  was  found  that  the  best  plan 
was  to  repeat  the  breathing  two  or  three  times,  or  more,  in  sncces- 
Kion,  and  to  take,  according  to  circumstances,  either  the  mean  of  the 
different  experiments,  or  the  result  of  the  last  made.  Any  experiment 
differing  widely  from  the  others  was  rejected.  The  air  collected 
Anally  was  read  off  on  the  scale  attached  to  the  bell- jar,  its  tempera- 
ture was  taken,  the  barometer  read,  and  the  air  was  analysed  for  the 
determination  of  its  carbonic  acid,  by  the  same  method  as  that  which 
has  been  described  in  the  paper  in  the  '  Philosophical  Transactions ' 
already  referred  to.  The  air  left;  in  the  bell-jar  was  then  driven  out, 
and  the  jar  made  ready  for  further  use. 

The  next  part  of  the  work  is  the  re-breathing.  Perhaps  half  an 
Itour  has  elapsed  since  air  was  first  collected  for  the  determination  of 
(^O^  in  normal  breathing;  during  that  time  the  person  under  experi- 
ment has  remained  perfectly  still  in  the  deck-chair.  The  bell-jar, 
which  has  not  yet  been  used,  is  now  thoroughly  rinsed  with  common 
air  and  filled  with  air  to  the  extent  of  35  litres.  It  carries  an  india- 
rubber  tube,  connected  with  the  dome  of  the  jar  and  supplied  at  the 
end  with  a  fork-shaped  nose-piece  (see  diagram).  This  nose-piece 
has  been  ascertained  to  fit  the  nostrils  of  the  operator,  air-tight ;  a 
second  india-rubber  tube,  with  a  mouth-piece  at  one  end,  is  connected 
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at  the  other  with  a  y -shaped  pipe,  opening  nnder  the  bell- jar  in  the 
ordinary  waj.  The  bell- jar  holding  35  litres  of  air  is  perfectly  counter- 
poised, so  that  the  operator  moves  it  up  and  down  unconsciously  in 
the  act  of  respiration,  while  the  oil-gauge  on  the  bell-jar  registers 
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barely  from  1  to  2  mm.  of  difFerence  of  pressxire,  whicli  is  inappre- 
ciable. 

Placing  the  nose-piece  in  bis  nostrils,  the  operator  breathes  through 
his  mouth  for  a  few  seconds,  then  he  takes  the  mouth-piece  in  his 
mouth,  and  inhales  the  air  of  the  bell- jar  through  the  nose-piece,  the 
bell-jar  falling ;  at  that  very  instant  the  chronograph  is  started.  The 
next  expiration  is  from  the  mouth  through  the  JJ-tube  into  tjie  bell- 
jar,  and  so  on,  the  air  re-breathed  circulating  through  the  bell- jar. 
After  five  minutes  have  elapsed,  every  attention  is  given  to  stop  the 
inspiratory  tube  and  arrest  the  chronograph  at  the  very  end  of  an 
expiration^  while  another  assistant  opens  the  double-way  cock,  con- 
nected thi*ough  tubing  with  the  operator,  and  disposed  so  as  to  lead 
the  air  now  expired  into  the  other  bell- jar ;  the  operator  drops  the 
nose-piece  and  takes  an  inspiration  of  fresh  air,  through  the  nose,  then 
he  expires  out  of  the  mouth  into  the  empty  bell- jar.  He  was,  perhaps, 
beginning  to  feel  a  little  uncomfortable ;  sometimes  a  slight  sensation 
of  want  of  air  was  experienced,  but  not  always,  and  one  of  my  subjects 
hardly  noticed  any  effect.  I  think  I  was  affected  most  of  the  four 
who  submitted  to  experiment,  although  it  repeatedly  happened  that  I 
felt  no  discomfort  of  any  kind,  beyond  perhaps  a  slight  want  of  air. 

Fresh  air  is  inhaled  with  an  undoubted  sensation  of  comfort,  and 
the  volume  of  this  air  is  in  marked  excess  of  the  volume  inhaled  in 
ordinary  breathing.  During  the  first  two  or  three  minutes,  large 
volumes  of  fresh  air  are  inspired,  then  the  breathing  quickly  subsides, 
and  before  36  or  37  litres  have  been  expired  it  has  apparently  resumed 
its  usual  rate^  with  the  disappearance  of  all  feeling  of  discomfort. 

I  have  stated  above  that  the  air  re-breathed  had  been  transferred 
from  the  bell- jar  into  an  india-rubber  bag,  allowing  the  bell- jar  to  be 
utilised  for  collecting  the  air  expired  in  the  last  stage  of  the  experi- 
ment. The  india-rubber  tube  and  double- way  cock  were  so  arranged 
that  by  turning  the  cock  the  operator  was  placed  in  connexion  with 
the  empty  bell- jar,  and  during  an  inspiration  of  fresh  air  the  cock 
was  turned,  when  the  expired  air  was  directed  into  that  bell- jar. 

The  rate  of  breathing  had  now  become  all  but  natural,  or  the 
same  as  at  the  beginning  of  the  experiment,  giving  indications  that 
the  effects  of  re-breathing  had  apparently  passed  away ;  this  question 
was  to  be  settled  by  the  analyses. 

There  were  consequently  four  different  samples  of  expired  air  to  be 
submitted  to  analysis  for  the  determination  of  the  carbonic  acid  they 
contained.  The  first  sample  was  from  air  expired  normally,  the 
second  from  air  re-breathed,  the  third  from  air  expired  immediately 
after  re-breathing,  the  fourth  from  air  expired  after  apparent  recovery 
from  the  effects  of  breathing  impure  air. 

By  the  time  breathing  in  the  closed  vessel  had  commenced,  the  air 
expired  normally  had  already  been   shaken  with  barium  hydrate; 
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samples  from  the  bag  and  other  two  bell-jars  were  treated  in  the  same 
way.  The  next  day  the  barium  carbonate  had  subsided,  and  the  clear 
fluid  was  titrated  according  to  Pettenkof  er's  method.  The  reductions 
to  dryness,  to  0°  and  760  mm.,  were  speedily  made  with  the  help  of 
the  table  I  have  given  in  the  paper  previously  referred  to. 

liet  us  now  follow  the  changes  occasioned  by  the  re-breathing  of 
35  litres  of  air  for  a  period  of  5  minutes ;  there  were  a  few  additional 
seconds  included,  as  the  re-breathing  had  to  be  stopped  at  the  end  of 
an  expiration,  which  of  course  might  not  exactly  correspond  with  a 
lapse  of  five  minutes.  The  following  are  the  mean  percentages  of 
COg  contained  in  the  bell-jar  after  its  air  had  been  re-breathed : — 

Myself. after  6  m.    2  sec.  3*42  per  cent  COg. 

Mr.  Russell „     5  m.    4  sec.  3*87        „  „ 

Mr.  Hoskins   „     5  m.  10  sec.  3*44        „  „ 

W.  Alderwood  „     5  m.    5  sec.  3*29        „  „ 

consequently  in  every  case  the  air  was  becoming  considerably 
vitiated ;  yet  it  was  only  in  the  last  minute  that  an  unpleasant  sensa- 
tion, if  any,  was  felt. 

If  we  compare  the  amount  of  carbonic  acid  expired  by  re-breathing 
35  litres  of  air  for  five  minutes  with  the  amount  of  carbonic  acid 
which  would  have  been  expired  in  the  same  time  in  ordinary  breath- 
ing, we  find  invariably  less  COg  in  the  re-breathed  air  than  in  normal 
respiration  ;  this  is  shown  clearly  in  the  following  table,  in  which  the 
COg  expired  in  ordinary  breathing  has  been  calculated  for  the  time 
taken  in  the  re-breathing  stage  of  the  experiment. 


Time. 

COjin 
re- 
breathed 
air. 

COj  expired 
same  time. 

Kelations  of  COj  ex- 
pired in  re-breathed 
air  to  CO2  expired 
in  natural  breathing. 

Myself 

5  m.    2  sec. 
5  m.    4  sec. 
5  m.  10  sec. 
5  m.     5  sec. 

2-135 
2-418 
2  151 
2-066 

2-224 
2-797 
2-428 
2*221 

1  to  1  -041 
1  to  1  -157 
1  to  1  -221 

1  to  1-075 

1 

Mr.  Bussell 

Mr.  Hoskins 

W.  Alderwood.... 

Mean  

5  m.    5  sees. 

2-192 

2-417 

ltoll23 

It  follows  that  there  is  always  less  carbonic  acid  expired  in  a  given 
time  when  air  is  re-breathed  than  in  ordinary  breathing.  In  the 
present  experiments  the  mean  proportions  varied  for  four  difPerent 
persons  between  I  to  1*041  and  1  to  1*221 ;  or,  in  other  words,  a 
mean  of  93  per  cent,  carbonic  acid  which  would  have  been  expired 
in  a  certain  time  in  ordinary  breathing  is  found  to  have  disappeared 
in  35  litres  of  air  re-breathed  during  the  same  time. 
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[This  amonnts  to  225  c.c.  COg,  which  have  been  retained  in  the 
blood ;  but  it  occurs  to  me  that  less  oxygen  maj  possibly  be  consumed 
from  re-breathed  air  than  from  fresh  air,  although  in  my  experiments 
re-breathing  is  hardly  carried  far  enough  to  admit  of  such  a  contin- 
gency.— Jan.  22.] 

We  find,  by  a  consideration  of  the  next  table,  that  the  reduced 
elimination  of  carbonic  acid  in  re-breathed  air  is  regulated  in  a 
marked  degree  by  the  weights  of  CO3  expired  in  ordinary  breathing. 


COj  produced  by 
re-breathing. 

COj  eipired  in  ordinary 

breathing  in  the  same 

time. 

W.  Alderwood 

Mjself 

2  066  grams 
2  135      „ 
2  151      „ 
2-418      „ 

2-221  grams 
2-224      „ 
2-428      „ 
2-797      „ 

Mr.Ho«lrin« 

Mr.BiuieU 

Thus  it  is  seen  that  the  CO3  in  re-breathed  air  and  in  ordinary 
breathing  increase  together  from  the  lowest  to  the  highest  figures. 
This  might  have  been  expected,  as  the  whole  experiment  must  be  con- 
trolled more  or  less  by  the  phenomena  of  ordinary  breathing  for  each 
of  the  persons  under  experiment. 

There  is  another  point  of  interest  to  be  noticed  with  reference 
to  the  re-breathed  air  in  the  present  experiment — the  volume  of  this 
air,  which  originally  was  35  litres,  is  no  longer  35  litres  at  the  con- 
clusion of  the  experiment,  but  has  undergone  a  slight  reduction.  The 
enquiry  into  this  portion  of  the  subject  was  not  found  so  simple  as  it 
appeared  to  be  at  first,  and,  as  the  work  progressed,  precautions 
against  errors  had  to  be  taken  which  had  not  been  apparent  until  a 
late  period  of  the  investigation.  I,  therefore,  prefer  to  leave  this 
part  of  the  subject  for  future  consideration. 

It  has  been  stated  that  after  re-breathing  for  five  minutes  the  air 
of  the  bell-jar,  and  then  admitting  fresh  air  into  the  lungs,  an  in- 
creased volume  of  air  was  inhaled  attended  with  the  expiration  of  a 
greater  amount  of  carbonic  acid  than  in  ordinary  breathing.  This 
will  be  seen  in  the  following  table,  showing,  for  the  same  lapse  of 
time,  the  mean  results  obtained  on  four  different  persons  for  ordinary 
respiration  and  while  inhaling  fresh  air,  immediately  after  the  re- 
breathing  stage  of  the  experiment. 

A  consideration  of  these  tables  shows,  with  reference  to  the  CO^ 
expired,  that  there  was  invariably  an  excess,  after  re-breathing  air 
for  five  minutes,  over  the  weight  expired  in  the  same  time  in  normal 
respiration;  the  mean  relation  being  1  to  1-237.     In  the  case  of 
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GO3  before  re-breathing  calculated  on  time  after  re-breathing. 


Time. 

Before 
re-breathing. 
CO],  grams. 

After 
re-breathing. 
CO),  grams. 

Relation. 

Self 

5in.  40  sec. 
4  m.  41  sec. 
5in.  26  sec. 
6in.  67  sec. 

2*474 
2*507 
2-802 
8  018 

8*134 
8*224 
8*614 
8*811 

1  to  1  -267 
1  to  1*294 
1  to  1*290 
1  to  1  097 

Mr.  BusseU 

Mr.  Hoskins 

W.  Alderwood.... 

Mean 

5  m.  41  sec. 

2*700 

8-826 

1  to  1  287 

Litres  of  Air  expired  before  re-breathing  calculated  on  time  after 
re-breathing. 


Before  re-breathing. 

After  re-breathing. 

Relation. 

26*66 
24*96 
26*24 
29*17 

88*98 
86*70 
85*27 
84*84 

1  to  1  *278 
1  to  1*480 
ltol*844 
1  to  1*177 

26-78 

84*81 

ltcl-307 

W.  Alderwood,  who  was  the  least  affected  of  the  four  persons  under 
experiment,  the  excess  of  GO3  after  re-breathing,  amounting  to  1 
to  1*097,  is  the  smallest.  A  similar  remark  applies  to  the  volumes 
of  air  expired ;  they  are  invariably  increased  after  re-breathing,  or 
while  the  person  under  experiment  is  still  under  the  iuEuence  of  the 
want  of  air;  the  mean  relation  is  1  to  1*307 ;  again,  in  the  case  of 
W.  Alderwood  the  increase  is  the  smallest,  the  proportion  amounting 
to  1  to  1177. 

The  excess  of  GOj  and  of  air  expired  when  fresh  air  is  breathed 
immediately  after  the  re-breathing  stage  of  the  experiment  must  be 
due  in  a  great  measure  to  the  increased  amount  of  carbonic  acid 
retained  in  the  blood,  together  with  an  instinctive  desire  of  taking 
into  the  lungs  increased  volumes  of  air,  in  order  to  rid  the  blood  of 
the  carbonic  acid  it  has  retained. 

We  now  have  to  deal  with  the  air  expired  finally  or  in  the  bell- jar 
filled  at  the  termination  of  the  experiment.  The  mean  volumes  of 
air  and  weights  of  GO3  expired  per  minute  will  be  seen  to  approxi- 
mate to  the  con*esponding  volumes  and  weights  expired  in  ordinary 
breathing  to  such  an  extent  that  respiration  may  be  considered  as 
having  returned  to  the  normal  condition. 
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Table  showing  the  Volumes  of  Air  and  Weights  of  COg  expired  in 
the  final  stage  of  the  experiment  compared  with  the  corresponding 
volumes  and  weights  expired  normally. 


Self 

Vol.  air  expired  per 
minate  unreduced. 

Weight  CO,  expired 
per  minute. 

Difference. 

Normal. 

Last  Btac^e 
of  experi- 
ment. 

NormaL 

Last  stage 
of  experi- 
ment. 

Vols.  air. 

Weights. 

4-687 
5-195 
4-954 
4-197 

4-985 
5-54fi 
4-986 
4-276 

oooo 

0-457 
0-550 
0-454 
0-422 

-1-0-248 
+  0-351 
-1-0-032 
+  0  079 

+0-015 
-0-002 
-0-016 
-0-015 

Mr.  BusseU  ... 
Mr.  HoskiiiB  . . 
W.  Alderwood. 

Means 

4-758 

4-936 

0-4/5 

0-471 

+  0178« 

3'6  per  cent. 

increase 

vol.  air. 

-0-004 

This  table  shows  unmistakably  that  the  respiration  had  again 
become  normal  before  or  by  the  end  of  the  last  stage  of  the  ex- 
periment ;  the  GOa  is  all  bat  exactly  the  same,  while  there  is  a  very 
slight  increase  by  3*6  per  cent,  in  the  volnme  of  air  expired,  indicat- 
ing that  there  was  perhaps  an  instinctive  tendency  to  continue 
breathing  a  volume  of  air  slightly  larger  than  usual,  although  the 
GO3  expired  was  the  same  as  in  normal  respiration. 

The  following  are  the  results  obtained  from  the  present  inquiry  : — 

1.  On  re-breathing  air  in  a  closed  vessel  less  carbonic  acid  is  expired 
within  a  given  time  than  in  ordinary  breathing. 

2.  Those  persons  who  emit  most  CO2  in  re-breathed  air  are  those 
who  expire  most  air  and  GO9  in  the  same  time  in  ordinary  breathing, 
and  vice  versd 

3.  On  re-breathing  35  litres  of  air  in  a  closed  vessel  for  a  period 
of  five  minutes,  the  volume  of  this  air  undergoes  a  slight  reduction. 

4.  When  fresh  air  is  taken  into  the  lungs  immediately  after  re- 
breathing  air  in  a  closed  vessel,  the  volumes  of  air  breathed  and 
weights  of  GO3  expired  are  greater  than  in  ordinary  breathing. 

5.  The  effects  produced  on  the  chemical  phenomena  of  respiration 
by  re-breathing  36  litres  of  air  in  a  closed  vessel  for  a  period  of 
five  minutes  have  passed  away  in  less  than  six  minutes  after  the 
breathing  of  fresh  air  has  been  resumed. 

It  may  be  added  that  the  number  of  experiments  is  insufficient  to 
admit  of  any  inquiry  into  the  influence  of  barometric  pressure  on 
respiration. 

The  tables  showing  the  general  results  of  the  experiments  are  as 
follows : — 
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The  foregoing  tables  suggest  the  following  remark  : — "  The  volnmes 
of  air  expired  for  1  gram  GOg  immediately  after  re-breathing  air  vary 
but  slightly  from  the  corresponding  volumes  of  air  emitted  in 
•ordinary  breathing ;  in  every  case  except  one,  the  volnmes  of  air  are 
3,  little  higher  immediately  after  re-breathing." 


Presents,  JantujMry  15,  1891. 
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Bulletins.     1889.    Fasc.  3-4.     8vo.    Bordeaux  IS90. 

The  Society. 
Boston : — American  Academy  of  Arts  and  Sciences.     Proceedings. 

New  Series.   Vol.  XVI.    8vo.   Boston  1889.        The  Academy. 
Breslau: — Schlesische     Gesellschaft    fiir    Yaterlandische    Cultur. 

Jahresbericht.     1889.     8vo.     Breslau  1S90.  The  Society. 

Brighton  : — ^Brighton  and  Sussex  Natural  History  and  Philosophi- 
cal Society.     Abstracts  of  Papers  read,  together  with  Annual 

Report,  1888-90.     8vo.    Brighton.  The  Society. 

Brooklyn: — Brooklyn   Library.       Thirty-second  Annual   Report. 

8vo.    Brooklyn  1890.  The  Library. 
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Transaotions  {continued). 
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London  1890.  The  Institute. 

Institution    of    Mechanical    Engineers.      Proceedings.      1890. 
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London  Mathematical  Society.     Proceedings.    Vol.  XXI.     Nos. 
377-380.     8vo.    [London]  1890.  The  Society. 

Odontological   Society  of   Great  Britain.      Transactions.     Vol. 
XXIII.     No.  2.     8vo.    London  1890.  The  Society, 

Photographic   Society  of   Great  Britain.     Journal  and  Trans- 
actions.   Vol.  XV.    No.  3.    8vo.    London  1890. 

The  Society. 

Boyal  Institute  of  British  Architects.     Transactions.     Vol.  VI. 

4to.     London  1890.  The  Institute. 

Boyal  Medical  and   Chirurgical   Society.      Medico- Chirurgical 

Transactions.    Vol.  LXXIII.     8vo.    London  1890. 

The  Society* 

Boyal    United    Service    Institution.     Journal.     Vol.   XXXTV. 
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Part  2.    8vo.     London  1890.  The  Society. 
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Oalil^  (Le)  1890.    Nob.  11-12.     8vo.    Paris  1890.       The  Editor. 

Horological  Journal.    Vol.  XXXIII.    Nos.  388-389.   8vo.   London 

1890-91.  British  Horological  Institnte. 

Nature  Notes.    Nob.  11-12.    Bvo.    London  1890.  The  Editors. 
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Rerista  do  Observatorio.     Anno  5.    Num.  10-11.    8yo.     Btb  de 

Janeiro  1890.  The  Observatory,  Rio  de  Janeiro. 

Rerue  Medioo-Pharmaceutique.     Ann6e  8.    Nos.  6-12.    4ito.    [Gon- 

stantinople']  1890.  The  Editor. 

School  Galendar  (The)     1890.     8iro.     London. 

Messrs.  Bell  and  Sons. 

Scientific  Memoirs  by  Medical  Officers  of  the  Army  of  India. 
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R.  Stazione  Enologica,  Asti. 
Symons's  British  Rainfall,  1889.    8vo.    London  1890. 

Mr.  G.  J.  Symons,  P.R.S. 
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January  22,  1891. 

THE  ASTRONOMER  ROYAL,  V.P.R.S.,  in  the  Chair. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered 
for  them. 

The  following  Papers  were  read : — 

I.  "  On  the  Unsymmetrical  Distribution  of  Terrestrial  Mag- 
netism." By  Henry  Wilde,  F.R.S.  Received  Novem- 
ber 20,  1890. 

[Publication  deferred.] 


11.  "The  Passive  State  of  Iron  and  SteeL  Part  II."  By 
Thos.  Andrews,  F.R.SS.L.  and  E.,  M.Inst.C.E.  Received 
October  24,  1890. 

In  Part  I  of  this  research  (*  Roy.  Soo.  Proc.,'  vol.  48,  p.  116),  the 
author  showed  the  influence  of  magnetisation  on  the  passive  state  of 
iron  and  steel,  and  he  has  now  the  pleasure  of  communicating  to  the 
Royal  Society  the  results  of  a  further  study  of  certain  temperature 
and  other  conditions  affecting  the  passivity  of  these  metals  in  con- 
centrated nitric  ac>d.  The  experiments  of  Series  III,  in  this  paper, 
relate  to  the  effect  of  temperature,  and  the  observations  of  Series  IV 
refer  to  the  influence  exerted  by  nitric  acids,  of  varied  concentration  ^ 
on  the  passive  condition  of  iron  and  steel. 

Series  III. 

Effect  of  Temperature  on  the  Pa^ssivtty  of  Iron  and  Steel. 

The  bars  selected  for  these  observations  were  unmagnetised  polished 
rods,  which  had  been  previously  drawn  cold  through  a  wortle ;  a  pair 
of  bars  of  each  metal  were  cut  adjacently  from  one  longer  bar,  and 
then  placed  securely  in  the  wooden  stand,  W ;  each  bar  was  S^  inches 
long,  0*261  diameter.  The  y-tube  containing  1^  fluid  oz.  of  nitric 
acid,  sp.  gr.  1*42,  was  rigidly  placed  in  an  arrangement  as  shown  on 
fig.  3.  One  limb,  A,  was  surrounded  by  a  tank  containing  water,  the 
other  limb,  B,  by  a  tank  of  the  same  capacity,  containing  powdered  ice ; 
the  arrangement  was  sach  that  the  water- tank  could  be  heated  by  a 
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Bnnsen  bnmeri  and  its  temperature  slowly  raised,  whilst  the  ice-tank 
was  kept  foil  of  powdered  ice.  A  non-condactor  of  wood  was  put 
between  the  ends  of  the  two  tanks  so  as  to  prevent  the  melting  of 
the  ice ;  the  bottom  or  bent  portion  of  the  \J  -tnbe  was  also  enclosed 
in  a  thick  non-condnctor  of  wood.  A  thermometer,  T,  was  placed  in 
the  water-tank.  The  bars  were  in  circnit  with  the  galvanometer,  and 
soon  after  immersing  them  in  the  nitric  acid  heat  was  applied  to  the 
water-tank,  and  the  temperature  of  the  nitric  acid  in  that  limb  of  the 
(J-tabe  slowly  raised  to  the  temperatures  required,  whilst  the  acid  in 
the  other  limb  of  the  \J  -tube  was  meanwhile  maintained  at  a  tem- 
perature of  32**  P. 

The  arrangement  will  be  understood  on  reference  to  ^g.  3,  and 
the  electro-chemical  results  obtained  are  graphically  recorded  oi» 
Diagram  I. 

Fio.  3. 


Digitized 


by  Google 


122  Mr.  T.  Andrews.  [Jan.  22, 

DiAaSAH  I. 

Ourrent  between  two  bright  **  paasiye  *'  bars  of  the  same  composition,  one  in 
5varm,  the  other  in  cold,  nitric  acid  sp.  gr.  1*42. 

The  electro-chemical  position  of  the  bar  in  the  warm  nitric  acid  was  potitiye. 


Difference  of  temperature  between  the  nitric  acid  in  Tabes  A  and  B, 
see  Fig.  8,  in  degrees  Fahrenheit. 

Curre  A  gives  the  E.M.F  between  two  wrought  iron  bars,  and  Cunre  B  giyes 
the  E.M.F.  between  two  cast  steel  bars  under  the  conditions  recorded. 

The  above  experiments  indicate  that  the  wrought  iron  was  less  passire  in  the 
warm  nitric  add  than  the  soft  cast  steel ;  the  ayerage  E.M.F.  of  94  observations 
with  wrought  iron  was  0*030  volt ;  whereas,  in  the  case  of  the  94  observations  on 
cast  steel,  the  average  E.M.F.  was  only  0*010  volt. 

It  will  be  seen  from  the  above  diagram  that  the  behaviour  of  the  steel,  nnder  the 
conditions  stated,  was  more  irregular  than  that  of  the  wrought  iron. 

In  the  whole  of  the  above  series  of  experiments  on  Diagram  I  the 
nitric  acid  was  raised  to  a  temperature  of  ITS'"  F. ;  the  cold  nitric  acid 
in  the  limb  of  the  (J-tnbe  A  remained  perfectly  oolonrless,  and  the 
steel  or  iron  therein  absolutely  passive ;  but  the  steel  or  iron  in  the 
warm  nitric  acid  in  tube  A  commenced  to  be  gradnally  acted  upon  as 
the  temperature  increased,  a  pale  yellow  tint  beginning  to  appear  in 
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the  solution  in  the  tube  A  shortly  after  commencement.  When  the 
tempera  tare  of  aboat  ITO"*  to  175''  F.  was  reached  a  faint  evblation  of 
gas  in  the  form  of  bnbbles  was  manifest,  adhering  to  the  steel,  in  the 
warm  tnbe  only.  No  powerful  solvent  action  or  violent  evolution  of 
nitric  oxide  gas,  however,  occurred  in  any  of  these  experiments  even 
up  to  the  temperature  of  175°  F.,  and  these  experiments  were  not 
continued  beyond  this  temperature.  These  results  show  that  iron  or 
steel  does  not  fully  lose  its  passivity  up  to  a  temperature  even  of 
175**  F.,  though  the  passivity  is  shown  'to  have  been  considerably 
modified  by  temperatui'e  only.  The  critical  point  of  temperature  of 
transition  from  the  passive  to  the  active  state  is  therefore  higher  than 
175**  F.,  and  is  shown  in  the  expenments  of  Part  I,  Series  11,  Table  11, 
to  have  been  about  195''  F. 

Series  IV. 

The  Passivity  of  Iron  and  various  Steels  increases  toith  the  Concentration 
of  the  Nitric  Add. 

Schonbein  considered  that,  '*  by  immersing  an  iron  wire  in  nitric 
acid  1*50  sp.  gr.,  it  became  likewise  indifferent  to  the  same  acid  of 
1'35  sp.  gr.,"  and  to  all  outward  appearance  this  is  so. 

Scheurer-Kestner  considered  that  the  pas&ivity  of  iron  was  not  de- 
pendent on  the  greater  or  less  degree  of  saturation  of  the  acid.  The 
author,  however,  ascertained  by  the  delicate  electro-chemical  mode  of 
experimentation  employed,  and  hereafter  referred  to,  that  the  pas- 
sivity is  materially  influenced  according  to  the  concentration  of  the 
nitric  acid. 

The  following  experiments  indicate  that  the  property  of  passivity 
in  iron  is  not  absolutely  fixed  or  static,  but  that  its  passivity  is  modi- 
fied to  a  certain  extent  in  relation  to  the  strength  of  the  nitric  acid 
used.  The  general  modus  operandi  was  generally  similar  to  that  pre- 
viously employed.  Pairs  of  unmagnetised  polished  steel  bars  6  inches 
long,  and  0*310  inch  diameter,  each  pair  being  of  the  same  kind  of 
steel,  and  cut  adjacently  from  one  longer  bar,  were  placed  as  befi^re 
in  the  wooden  frame  W,  fig.  4,  and  then  instantly  and  simultaneously 
immersed  in  nitric  acids,  of  two  different  degrees  of  concentration, 
contained  in  the  |J-tnbe  arrangement,  one. limb  of  the  y-tube  con- 
taining red  fumiug  nitric  acid  of  sp.  gr.»l*50,  the  other  containing 
nitric  acid  of  sp.  gr.  1*42,  circait  being  made  through  the  galvano- 
meter in  the  usual  manner.  The  results,  the  average  of  repeated 
experiments  in  each  case,  are  given  on  Table  111,  and  show  that  the 
passivity  of  iron  increases  considerably  with  the  strength  of  the  nitric 
acid. 
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Current  between  two  bright  "passiye" 

wrought  iron  or  yarious 

steel  bars 

of  the  same 

composition, 

one  in   cold 

nitric   acid 

sp.    gr.  1*50,   the  other 
electro-chemical  positioi 

in   cold  nitric  acid  sp.  gi 

•.  1-42.    The 

1  of  bar  in  weaker  acid  positive,  except  { 

Time 

otherwise  stated. 

from 

E.M.F.  in  volt. 

COl^- 

mence- 

ment 
of  ex- 

Soft 
oast  steel, 

Hard 
cast  steel, 

Soft 
Bessemer 

steel, 

oombined 

carbon 

055  per 

cent. 

Tungsten 
steel, 

periment. 

Wrought 

combined 

combined 

oombined 

iron. 

carbon 

carbon 

carbon 

0*57  per 

1-60  per 

1-75  per 

cent. 

cent. 

cent. 

seconds. 

0 

0-086 

0-041 

0  055 

0  055 

0-038 

SO 

0  077 

0-040 

0  055 

0  052 

0  038 

minutes. 

1 

0  076 

0  086 

0-054 

0  053 

0041 

2 

0  074 

0  036 

0  053 

0  056 

0  043 

3 

0  073 

0  038 

0-053 

0  058 

0  048 

4 

0  072 

0  040 

0-052 

0  060 

0  048 

5 

0-072 

O.Oil 

0  052 

0-061 

0  049 

7i 

0  071 

0-041 

0  050 

0  067 

0  050 

10 

0-069 

0  041 

0  049 

0071 

0-050 

15 

0  066 

0  040 

0-048 

0074 

0-050 

20 

0  064 

0  037 

0  046 

0  077 

0  049 

25 

0  062 

0  035 

0-043 

0  074 

0  049 

30 

0  060 

0  034 

0  042 

0  072 

0-048 

35 

0  059 

0  033 

0  040 

0  071 

0  048 

40 

0  058 

0  031 

0  038 

0  071 

0047 

45 

0*056 

0  030 

0  038 

0  070 

0-047 

50 

0  055 

0  029 

0  036 

0  068 

0-046 

55 

0  054 

0  029 

0  036 

0  067 

0-046 

hours. 

1 

0  053 

0  028 

0-035 

0-066 

0-046 

li 

0  051 

0  026 

0  034 

0061 

0-044 

2 

0  049 

0-022 

0  033 

0058 

0-043 

2i 

0  048 

0  020 

0  033 

0-055 

0041 

3 

0  047 

0  019 

0  033 

0  052 

0  041 

4 

0046 

0-018 

0  034 

0  050 

0043 

5 

0  043 

0  0L7 

0  034 

0  049 

0040 

6 

0  041 

0  016 

0  034 

0-048 

0  038 

7 

0  041 

0  013 

0  034 

0-047 

0-087 

8 

0  041 

0-013 

0  034 

0  047 

0  037 

16 

0  040 

0  009 

0030 

0  047 

0-037 

18 

0  040 

0  006 

0-029 

0  046 

0-087 

20 

0  040 

0  008 

0  029 

0  046 

0-038 

21 

0  040 

0  029 

0031 

0  040 

22 

0040 

0  024 

0031 

24 

0-038 

0-019 

0  018 

26 

0  038 

0  016 

0  018 

28 

0  039 

0  013 

0-018 

29 

0-038 

0  012 

0-018 

30 

0  040 

0-011 

0-013 

40 

0  042 

0-006 

0  024 

45 

0-084 
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The  steel  rods  selected  for  this  set  of  experiments  were  of  the  kinds 
given  on  Table  IV ;  they  were  drawn  cold  throngh  a  wortle,  and  were 
of  the  general  physical  properties  and  chemical  composition  given  on 
Tables  IV  and  V. 

The  reduction  of  E.M.F.  towards  the  close  was  probably  owing  to 
partial  difEasion  between  the  two  acids  of  different  concentration. 

The  above  results  show  that  wrought  iron  was  less  passive  in  the 
weaker  acid  than  most  of  the  steels,  the  soft  Bessemer  steel  .being 
found  similar  in  passivity  to  the  wix)ught  iron. 

The  average  E.M.F.  was  as  follows: — With  wrought  iron,  0*054 
volt;  soft  cast  steel,  0028  volt;  hard  cast  steel,  0036  volt;  soft 
Bessemer  steel,  0'059  volt ;  tungsten  steel,  0039  volt. 
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Janvary  29,  1891. 

Sir  WILLIAM  THOMSON,  D.C.L.,  LL,D.,  President,  in  the  Chair. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered 
for  them. 

The  Bakerian  Lecture  was  deliyered  as  follows : — 

Bakerian  Lecture. — *•  On  Tidal  Prediction."  By  6.  H.  Darwin, 
F.R.S.,  Plumian  Professor  and  Fellow  of  Trinity  College, 
Cambridge.    Received  December  16,  1890. 

(Abstract.) 

At  most  places  in  the  North  Atlantic  the  prediction  of  high  and 
low  water  is  fairly  easy,  because  there  is  hardly  any  diurnal  tide. 
This  abnormality  makes  it  sufficient  to  have  a  table  of  the  mean 
fortnightly  inequality  in  the  height  and  interval  after  Innar  transit, 
supplemented  by  tables  of  corrections  for  the  declinations  and 
parallaxes  of  the  disturbing  bodies.  But  when  there  is  a  large 
diurnal  inequality,  as  is  commonly  the  case  in  other  seas,  the  heights 
and  intervals,  after  the  upper  and  lower  lunar  transits,  are  widely 
different ;  the  two  halves  of  each  lunation  differ  much  in  their  cha- 
racters, and  the  season  of  the  year  has  great  influence.  Thus  simple 
tables,  such  as  are  applicable  in  the  absence  of  diurnal  tide,  are  of  no 
avail. 

The  tidal  information  supplied  by  the  Admiralty  for  such  places 
consists  of  rough  means  of  the  rise  and  interval  at  spring  and  neap, 
modified  by  the  important  warning  that  the  tide  is  affected  by  diurnal 
inequality.  Information  of  this  kind  affords  scarcely  any  indication 
of  the  time  and  height  of  high  and  low  water  on  any  given  day,  and 
mnst,  I  shonld  think,  be  almost  useless. 

This  is  the  present  state  of  affairs  at  many  ports  of  some  importance, 
but  at  others  a  specially  constructed  tide*table  for  each  day  of  each 
year  is  published  in  advance.  A  special  tide-table  is  clearly  the  best 
sort  of  information  for  the  sailor,  but  the  heavy  expense  of  prediction 
and  publication  is  rarely  incurred  except  at  ports  of  first-rate  commer- 
cial importance. 

There  is  not,  to  my  knowledge,  any  arithmetical  method  in  use 
of  computing  a  special  tide  table  which  does  not  involve  much  work 
and  expense.     The  admirable  tide-predicting  instrument  of  the  Indian 
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Goyemment  renders  the  prediction  comparatively  cheap,  yet  the 
inRtmment  can  hardly  be  deemed  available  for  the  whole  world,  and 
the  cost  of  pnblication  is  so  considerable  that  the  instrument  cannot, 
or  at  least  will  not,  be  used  for  many  ports  at  remote  places.  It  is 
not  impossible,  too,  that  national  pride  may  deter  the  naval  authorities 
of  other  nations  from  sending  to  London  for  their  predictions, 
although  the  instrument  may,  I  believe,  be  used  on  the  payment  of 
certain  fees. 

The  object,  then,  of  the  present  paper  is  to  show  how  a  general 
tide  table,  applicable  for  all  time,  may  be  given  in  such  a  form  that 
any  one  with  an  elementary  knowledge  of  the  Nautical  Almanac 
may,  in  a  few  minutes,  compute  two  or  three  tides  for  the  days  on 
which  they  are  required.  The  tables  are  also  such  that  a  special  tide- 
table  for  any  year  may  be  computed  with  comparatively  little  trouble. 

Any  tide-table  necessarily  depends  on  the  tidal  constants  of  the 
particular  port  for  which  it  is  designed,  and  it  is  supposed  in  the 
paper  that  the  constants  are  given  in  the  harmonic  system,  and  are 
derived  from  the  reduction  of  tidal  observations.  Where  the  obser- 
vation has  been  by  tide-gauge,  the  process  of  reduction  is  that 
explained  in  the  Eeport  to  the  British  Association  for  1883,  but  where 
the  observations  are  only  taken  at  high  and  low  water,  a  different 
process  becomes  necessary.  I  have  given  in  a  previous  paper  a  scheme 
of  reduction  in  these  cases.* 

At  ports  not  of  first-rate  commercial  importance  observation  has 
rarely  been  by  tide-gauge,  and  thus  it  is  exactly  at  those  ports,  where 
the  method  of  this  paper  may  prove  most  useful,  that  we  are  deprived 
of  the  ordinary  method  of  harmonic  analysis.  On  this  account  I 
regard  the  previous  paper  as  preliminary  to  the  present  one,  although 
the  two  are  logically  independent  of  one  another. 

In  the  harmonic  method  the  complete  expression  for  the  height  of 
water  at  any  time  consists  of  a  number  of  terms,  each  of  which 
involves  some  or  all  of  the  mean  longitudes  of  moon,  sun,  lunar  and 
solar  perigees ;  there  are  also  certain  coiTCctions,  depending  on  the 
longitude  of  the  moon's  node.  The  variability  of  the  height  of  water 
depends  principally  on  the  mean  longitudes  of  the  moon  and  the  sun 
and  to  a  subordinate  degree  on  the  longitude  of  lunar  perigee  and 
node,  for  the  solar  perigee  is  sensibly  fixed.  There  are,  therefore, 
two  principal  variables,  and  two  subordinate  ones.  This  statement 
suggests  the  construction  of  a  table  of  double  entry  for  the  varia- 
bility of  tide  due  to  the  principal  variables,  and  of  correctional 
tables  for  the  subordinate  ones ;  and  this  is  the  plan  developed  in  the 
paper. 

The  mean  longitudes  of  the  moon  and  sun  are  not,  however,  con- 
venient as  variables,  and  accordingly  the  principal  variables  in  the 
♦  •  Koy.  Soc.  Proc.,'  1890,  vol.  48,  p.  278. 
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tables  are  the  time  of  moon's  transit  and  the  time  of  jear ;  whilst 
the  subordinate  variables  are  the  moon's  parallax  and  the  longitude  of 
her  node. 

The  tide-table,  then,  consists  of  the  interval  after  moon's  transit 
and  height  of  high  and  low  water,  together  with  nodal  and  parallactic 
corrections,  computed  for  every  20"  of  moon's  transit,  and  for  about 
every  ten  days  in  the  year.  Each  table  serves  for  the  two  times  of 
year  at  which  the  sun's  longitude  differs  by  180®,  and  they  may  be 
used  without  interpolation.  The  nodal  correctional  terms  consist  of 
two  times  and  of  two  heights,  which  are  to  be  multiplied  by  the 
cosine  and  sine  of  the  longitude  of  the  moon's  node,  to  give  the  total 
nodal  corrections  to  the  interval  and  height.  The  parallactic  correc- 
tional terms  consist  of  a  time  and  a  height,  which  are  to  be  multi- 
plied by  the  excess  above,  or  defect  below  57'  of  the  moon's  parallax 
at  moon's  transit  to  give  the  total  parallactic  corrections  to  the  inter- 
val and  height. 

1  had  hoped  that  less  elaborate  tables  might  have  sufficed,  but  it 
appeared  that,  at  a  station  with  very  large  diurnal  inequality,  the 
changes  during  the  lunation,  and  with  the  time  of  year,  in  the  interval 
and  height  are  so  abrupt  and  so  great,  that  short  tables  would  give 
very  inaccurate  results,  unless  used  with  elaborate  interpolations.  It 
is  out  of  the  question  to  suppose  that  a  ship's  captain  would  or  could 
carry  out  these  interpolations,  and  it  is  therefore  proposed  to  throw 
the  whole  of  that  work  on  to  the  computer  of  the  table. 

Such  a  paper  as  this  can  only  be  deemed  complete  when  an  example 
has  been  worked  out  to  test  the  accuracy  of  the  tidal  prediction, 
and  when  rules  for  the  arithmetical  processes  have  been  drawn  up, 
forming  a  complete  code  of  instructions  to  the  computer. 

The  port  of  Aden  was  chosen  for  the  example,  because  its  tides 
are  more  complex  and  apparently  irregular  than  those  of  any  other 
place  which,  as  far  as  I  know,  has  been  thoroughly  treated. 

The  arithmetic  of  the  example  was  long,  and  was  re-arranged  many 
times.  An  ordinary  computer  is  said  to  work  best  when  he  is  igno- 
rant of  the  meaning  of  his  work,  but  in  this  kind  of  tentative  work 
a  satisfactory  arrangement  cannot  be  attained  without  a  full  compre- 
hension of  the  reason  of  the  method.  \  was  therefore  fortunate  in 
securing  the  enthusiastic  assistance  of  Mr.  J.  W.  F.  Allnutt,  and  I 
owe  him  my  warm  thanks* for  the  laborious  computations  he  has 
carried  out.  After  computing  fully  half  the  original  table,  he  made  a 
comparison  for  the  whole  of  1889  of  our  predictions  with  those  of 
the  Indian  Qovemment.  Without  going  into  the  details  of  this  com- 
parison, it  may  be  mentioned  that  the  probable  error  of  the  discrepancy 
between  the  two  tables  was  9™  in  time,  and  1'2  inches  in  the  height 
of  high  water ;  that  there  were  reasons  to  expect  some  systematic 
difference  between  the  two  calculations,  and  that  all  the  considerable 
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errors  of  time  fall  on  those  very  small  rises  of  water  which  are  of 
freqneat  occnrrence  at  Aden. 

I  have  made  two  other  comparisons,  one  with  the  Indian  predictions 
of  1887,  and  the  other  with  actnality  of  1884.  In  the  latter  case,  when 
a  few  very  small  tides  were  omitted,  the  probahle  error  was  7"  in  the 
time,  and  1'4  inches  in  height.  It  is  concloded  from  these  compari- 
Rons  that,  with  good  yalnes  for  the  tidal  constants,  the  tables  lead  to 
ercellent  predictions,  even  better  than  are  required  for  nautical  pur- 
poses. 

It  is  probable  that  this  method  may  be  applied  to  ports  of  second- 
rate  import-anoe,  where  there  are  not  suflScient  data  for  very  accurate 
determination  of  the  tidal  constants.  Suggestions  are  made  for  vet*y 
large  abridgment  of  the  tables  in  such  cases,  accompanied,  of  course, 
by  loss  of  accuracy. 

•  The  question  of  how  far  to  go  in  each  case  must  depend  on  a 
variety  of  circumstances.  The  most  important  consideration  is,  I 
fear,  likely  to  be  the  amount  of  money  which  can  be  expended  on 
computation  and  printing ;  and  after  this  will  come  the  trustworthi- 
ness of-  the  tidal  constants,  and  the  degree  of  desirability  of  an  accu- 
rate tide-table.  The  aim  of  the  paper  has  been  to  give  the  tables  in 
a  simple  form,  and  if,  as  seems  certain,  the  mathematical  capacity  of 
an  ordinary  ship's-  captain  will  suffice  for  the  use  of  the  tables,  whether 
in  full  OP  abridged,  I  have  attained  the  principal  object  in  view. 
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differs  from  those  formerly  given  by  me,  in  that  T  now  consider  the 
membrane  limiting  the  canal  of  Petit  posteriorly  as  an  artificial 
product,  the  result  of  the  action  of  reagents  (by  precipitation  or  con- 
densation). There  I  agree  with  Iwanoff.  I  am  bound,  however,  to 
maintain,  in  opposition  to  Meckel,  the  existence  of  the  canal  of  Petit, 
such  as  I  have  described  it ;  that  the  zonula  and  the  vitreous  body 
appear  to  touch  each  other  is  but  the  result  of  the  compression  which 
they  undergo  during  section.  And  so  a  cleavage  of  the  hyaloid  near 
the  ora  serrata  does  not  take  place."  Iwanoff  says,  '*  In  the  vicinity 
of  the  ciliary  processes  the  vitreous  separates  itself  from  the  zonula, 
so  that  its  entire  aiiterior  surface,  or  that  which  is  turned  towards 
the  canal  of  Petit  and  the  lens,  is  not  covered  by  any  special  mem- 
brane ;  neither  by  a  prolongation  of  the  limitans,  as  stated  by  Henle, 
nor  by  a  special  membrana  hyaloidea,  as  was  formerly  supposed.*' 
Then,  "  At  the  ora  serrata  the  several  concentric  layers  of  the  cortex 
(of  the  vitreous)  are  so  crowded  together  that  the  surface  of  the 
nucleus  is  separated  from  the  limitans  only'by  a  very  thin  but  plainly 
fibrous  layer.  The  fibres  of  this  layer  run  parallel  to  the  surface  of 
the  vif  1  eons  in  wavy  bundles,  and  are  not  unlike  bundles  of  connective 
tissaefi.  The  entire  layer,  thus  changed,  finally  turns  and  passes 
towards  the  axis  of  the  eye,  thus  completely  covering  the  anterior 
surface  of  the  vitreous.  Since  we  here,  in  fact,  have  not  a  single  but 
several  layers  crowded  together,  and  only  loosely  united  with  one 
another,  it  is  easy  to  see  liow  one  might  suppose  that  behind  the  lens 
there  lay  a  special  membrane  covering  the  corpus  vitrenm,  especially 
since  the  most  superficial  of  these  layers  is  perfectly  smooth."  Finally, 
'*  The  tissue  of  the  vitreous  is  here  condensed  to  form  a  limiting  layer, 
in  the  same  manner  as  Bowman's  membrane  is  formed  by  a  condensa- 
tion of  the  substantia  propria  of  the  cornea ;  an  independent  membrane 
— the  hyaloidea — does  not  exist  at  this  place." 

What  occurs  to  me  then,  considering  the  eminence  of  the  authori- 
ties on  each  side  of  the  question,  is  that  the  methods  of  demonstration 
have  not  been  sufficiently  conclusive.  After  seeing  it  as  I  have  seen 
it,  and  shown  it  to  others,  I  cannot  for  onemoment  doubt  its  existence, 
for  the  proof  of  its  existence  could  not  possibly  be  more  conclusive — 
it  can  even  be  dissected  off  and  examined  in  any  perfectly  fresh 
unaltered  ox  eye. 

As  Aeby  has  already,  I  find,  pn'blished,  the  eyeball  is  best  left  to 
decompose  for  some  twenty-four  hours  or  longer,  according  to  the 
external  temperatnre,  and  then,  on  opening  the  sclerotic  and  choroid 
tissues  carefully  with  fine  blunt^pointed  scisi^ors,  the  vitreous  and  lens, 
united  by  the  suspensory  ligament,  drop  out  in  a  mass,  or  at  least 
are  very  easily  expressed.  The  suppeuFory  ligament  is  now  snipped 
all  round,  and  the  lens  in  its  cnpsale  removed. 

When  this  has  been  done,  according  to  the  one  side,  the  bed  of  the 
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lens — the  fossa  pateUaris — and  the  posterior  wall  of  the  canal  of 
Petit  (now  opened  up)  would  be  bounded  or  lined  immediately  hj 
the  substance  of  the  corpus  vitreum.  According  to  tho  other  side — 
with  which  I  entirely  agree — ^there  stretches  from  side  to  side  a 
distinct  membrane,  so  that  in  no  part  of  its  extent  does  the  substance 
of  the  corpus  yitreum  reach  the  surface.  Let  me  now.  proceed  to  the 
proofs,  which  are  of  various  kinds — chemical,  optical,  and.mechanical. 

Chemical  Pigments, — ^Aniline  dyes  and  picrooarmine  stain  the 
capsule  of  the  lens,  the  hyaloid,  and  other  such  elastic  membranes. 
When  the  fresh  corpus  yitreum  is  so  stained — ^and  I  prefer  strong 
picrocarmine  for  some  three  minutes,,  then  washing  in  copious  water — 
the  hyaloid  is  -peiiecilj  well  seen  floating  in.  water,^  with  its  wrinkles 
on  distortion  and  its  well-defined  free  edge  at  a  puncture.  Exactly 
the  same  appearance  is  seen  on  the  front  of  the  corpus  vitreum — ^here 
there  is  something  that  stains  deeply  and  that  wrinkles.  Moreover 
picrocarmine  stains  the  hyaloid  membrane  and  the  vitreous  substance 
differently :  the  former  is  red  and  the  latter  is  yellow.  The  same 
difference  is  seen  at  the  edge  of  a  puncture  in  the  floor  of  the  patellar 
fossa:  the  red  membrane  is  quite  distinct  from  the  yellow  vitreous 
substance. 

Optical. — If,  by  means  of  a  lens,  the  sun's  rays  be  concentrated 
upon  the  hyaloid  membrane,  it  is  seen  to  have  a  fluorescent  appear- 
ance, somewhat  as  if  the  surfiEice  had  been  bathed  in  a  solution  of 
quinine  sulphate.  That  this  fluorescent  appearance  is  due  to  the 
hyaloid  is  obvious  when  the  concentrated  rays  are  made  to  fall  on  a 
puncture  in  the  hyaloid  membrane.  The  vitreous  substance  itself 
has  no  such  appearance,  but  is  clear  and  glassy,  so  that  the  puncture 
is  beautifully  seen,  and  the  edge  of  the  hole  is  sharp  and  well  defined. 
Exactly  the  same  appearances  are  obtained  when  we  examine  the 
front  of  the  vitreous ;  the  fluorescence  is  here  too,  and  the  difference 
between  this  appearance  and  that  of  the  vitreous  substance  showing 
through  the  puncture  is  very  mai'ked. 

MeehaniccU, — When  a  blunt-pointed  instrument  is  gently  pressed 
upon  the  hyaloid  membrane  and  then  removed,  the  substance  recoils 
simply,  perhaps  leaving  a  dimple  for  a  little  time ;  but,  on  pressing 
more  firmly,  there  comes  an  instant  when  the  instrument  suddenly 
sinks ;  one  has  the  impression  that  a  membrane  has  been  punctured, 
and  that  behind  the  membrane  the  substance  is  soft  and  inelastic.  This 
impression  is  at  once  supported  on  squeezing  the  mass  of  the  vitreous 
between  the  fingers ;  a  little  elevation  of  the  vitreous  substance  is 
projected  like  a  pimple  through  the  opening  in.  the  membrane,  and 
recedes  when  the  pressure  is  withdrawn.  When  this  is  repeated  in 
the  front  of  the  vitreous,  the  results  are  identical. 

So  far,  I  have  not  mentioned  anything  which  might  not  be  equally 
well  explained  by  supposing  the  existence  of  a  dense  superficial  layer 
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of  the  vitreons  substance,  but  the  membrane  is  no  sach  thing ;  it  is 
a  trae  membrane;  it  can  readilj  be  isolated,  stained,  submitted  to 
microscopical  examination,  &c. 

Even  with  the  unstained  vitreous,  it  is  quite  easy  to  introduce  a 
blunt  instrument  through  a  puncture  in  the  membrane  and,  by  working 
the  instrument  about  under  the  surface,  to  detach  the  membrane 
from  the  surface  of  the  vitreous  substance. 

When  this  has  been  done,  a  bell  of  air  blown  under  it  displays  the 
membrane  to  good  advantage  as  a  delicate,  elastic,  smooth,  apparently 
structureless,  perfectly  transparent  sheet  of  tissue,  answering  most 
completely  to  the  terra  "  hyaloid."  Though  delicate,  it  is  yet  strong 
enough  to  support  the  whole  weight  of  the  vitreous  when  a  blunt  in- 
strument is  put  into  it. 

When,  the  bounding  membrane  remaining  intact,  the  vitreous  is 
squeezed  so  as  to  bulge  its  anterior  face,  that  face  does  not  bulge 
equally  all  over  its  extent.  The  centre  of  the  anterior  face  projects 
more  than  the  peripheral  ring.  The  central  projected  part  corre- 
sponds to  the  fossa  patellaris,  where,  as  I  shall  show,  the  patellar  mem- 
brane is  thin,  while  the  peripheral  ring  forms  the  back  wall  of  the 
canal  of  Petit,  and  here  the  membrane  is  comparatively  thick.  The 
transition  from  the  peripheral  to  the  central  parts  is  fairly  sudden, 
for  the  central  elevation  rises  from  a  distinct  line  corresponding  to  the 
inner  margin  of  the  peripheral  ring.  The  canal  of  Petit  is,  therefore, 
a  true  canal. 

If  the  vitreous  be  inverted  over  the  mouth  of  a  test-tube  (with  a  hole 
in  the  bottom  of  it)  of  about  ^  inch  diameter,  and  tied  over  it  with  a 
thick  silk  thread,  and  afterwards  with  a  rubber  band,  the  superficial 
part  of  the  hyaloid  and  greater  mass  of  the  vitreous  is  cut  through. 
If  now  the  vitreous  substance  be  carefully  pulled  ofP  by  forceps,  or  if 
the  test-tube  be  set  upright  in  a  beaker,  and  water  poured  into  the 
beaker,  the  water  rising  in  the  tube  will  bulge  the  membrane  so  that 
the  vitreons  substance  will  drain  off  it  in  an  honr  or  so.  The 
membrane  thus  isolated  is  toughened  by  exposure  over  night,  so  that 
such  a  membrane,  though  it  looks  like  a  mere  film,  yet  sustained  no 
less  a  pressure  than  40  inches  of  water;  others  sustained  22,  28, 
34  inches,  and  so  on,  even  after  having  been  dead  for  days. 

If  the  membrane  be  snipped  all  round  its  periphery,  it  can  be 
detached  as  a  whole  from  the  subjacent  vitreous  substance. 

When  it  has  been  removed,  little  tags  of  deeply-staining  material 
are  sometimes  seen  projecting  from  its  deep  face ;  these,  I  have 
thought  might  be  vestiges  of  the  hyaloid  artery ;  but,  whether  these 
are  there  or  not,  there  is  little  or  no  adhesion  between  the  membrane 
and  the  vitreous  substance. 

►When  removed,  and  its  deep  surface  brushed  under  water  to 
remove  any  adherent  vitreous  substance,  it  is  seen  to  be  a  hyaloid 


Digitized 


by  Google 


1891.]      Suspensory  Ligament  of  the  Crystalline  Lens,  S^e,        141 

membrane  with  a  thin  centre  and  thick  periphery.  Under  the  micro- 
scope it  is  stractnreless.  On  removal  it,  of  conrse,  stains  deeply,  and 
thns  can  be  readily  examined. 

When  one  attempts  to  raise  it  outwards  towards  the  hyaloid  mem- 
brane and  suspensory  ligament,  one  may  succeed  as  far  as  the  origin 
of  the  suspensory  ligament,  bnt  behind  this  point  it  is  so  firmly 
adherent  to  the  yitreons  substance  that  it  cannot  be  raised. 

The  notion  of  a  membrane  in  front  of  the  yitreons  is  supported  by 
the  behaviour  of  the  vitreous  body  with  its  investing  membranes 
intact  in  water ;  it  will  remain  many  days  with  its  form  quite  un- 
changed, and  during  all  this  time  it  may  be  handled  without  injur- 
ing it.  But  if  the  membranes  be  cut  so  as  to  expose  the  vitreous 
substance  to  the  action  of  the  water,  this  substance  protrudes  and  has 
a  cloud-like  outline  very  different  from  the  sharp,  definite  outline  or 
surface  at  the  uninjured  anterior  face  of  the  vitreous  body  where  still 
covered  by  membrane.  Now  there  is  never  any  of  this  cloud-like 
indefinite  outline  or  surface  at  the  uninjured  anterior  face  of  the 
vitreous  body.  I  infer,  therefore,  that  it  is  not  vitreous  substance 
that  here  comes  into  contact  with  the  water,  but  that  it  is  a  mem- 
brane that  is  not  notably  acted  on  by  water. 

After  all  these  facts  and  considerations,  I  cannot  doubt  that  there 
is  in  the  perfectly  fresh  unaltered  eye  a  membranous  structure 
behind  the  posterior  layer  of  the  lens  capsule,  and  that  this  structure 
has  all  the  properties  of  a  distinct  membrane  resembling  the  hyaloid, 
bnt  differing  in  many  respects  from  vitreous  substance. 

I  need  say  nothing  here  as  to  the  immense  importance  in  many 
questions  of  ophthalmological  practice  of  a  definite  knowledge  of  the 
existence  or  non-existence  of  a  membrane  limiting  the  vitreous  body 
anteriorly. 

[Note  added  January  15,  1891. — Since  the  above  was  sent  in,  I 
have  had  an  opportunity  of  examining  a  series  of  sections  of  the 
entire  human  eyeball,  made  by  Dr.  Sheridan  Del^pine,  and  in  all  of 
these  sections  the  membrane  is  distinctly  seen  in  situ,'] 


IV.  "On  the  Connexion  between  the  Suspensory  Ligament  of 
the  Crystalline  Lens  and  the  Lens  Capsule."  By  T.  P. 
Anderson  Stuart,  M.D.,  Professor  of  Physiology  in  the 
University  of  Sydney,  N.S.W.  Communicated  by  Professor 
SOHAFER,  F.R.S.    Received  January  12,  1891. 

I  have  not  been  able  to  get  a  too  precise  statement  as  to  the  nature 
of  this  connexion,  but  Quain  (9th  ed.)  says  the  suspensory  ligament 
is  *'  firmly  attached  "  to  the  capsule ;  in  another  place  Quain  says  it 
*'  joins  "  it.     Speaking  of  "  suspensory  fibres  of  the  lens,"  Quain  says 
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that  some  of  these  "  pass  into  continuity  with  the  posterior  capsule.'* 
Thus  *' attachment/'  "joining,"  and  "passing  into  continuity  "  are 
the  expressions  used  to  indicate  the  connexion.  It  is  true  that  the 
last  is  employed  with  regard  to  the  suspensory  fibres,  but  since  these, 
as  descrihed,  are,  like  the  suspensory  ligament,  derived  from  the 
hyaloid  membrane  and  pass  like  it  to  the  lens  capsule,  I  think  we 
may  assume  that  the  author  in  "  Quain  "  regards  them — ^fibres  and 
ligament — ^as  of  like  nature  and  mode  of  union  with  the  lens  capsule. 
Schwalbe  ('Anatomic  der  Sinnesorgane')  says  the  capsule  is  firmly 
united  (yerwachsen)  with  the  zonula.  Later,  he  speaks  of  the  outer 
or  zonular  layer  of  the  lens  capsule  being  joined  (in  Verbindung)  to  the 
zonula ;  then  again  of  its  firm  connexion  (fester  Zusammer^uing)  with 
the  zonula  when  he  uses  this  intimate  union  as  an  argument  in 
favour  of  the  zonular  layer  of  the  capsule  being  of  connective  tissue 
origin.  In  describing  the  zonula  he  says  that  its  parts  fuse  (ver- 
schmeUen)  with  the  capsule  without  any  perceptible  line  of  demarcation, 
and  probably  form  the  above-mentioned  zonular  layer.  Finally,  the 
mode  of  fusion  is  as  follows :  The  coarser  bundles  break  up  into  a 
network  of  finer  fibrils,  which  spread  out  on  the  surface  of  the  capsule 
and,  becoming  pointed,  lo^e  themselves  (sich  verUeren)  in  the  sub- 
stance of  the  capsule. 

From  the  various  statements,  I  think  it  is  clear  that  the  general 
notion  is  that  there  is  a  direct  continuity  of  substance  between  the 
suspensory  ligament  and  the  capsule.  Now  the  observation  which  I 
am  about  to  describe  seems  rather  to  indicate  that  the  suspensory 
ligament  is  only  cemented  to  the  capsule. 

Upon  opening  some  ox  eyes  that  were  in  an  advanced  state  of 
decomposition,  I  found  that  the  lens  was  quite  free  in  the  interior  of 
the  eyeball ;  and,  on  examining  it,  I  found  that  it  was  still  enclosed  in 
its  capsule.  This  freeing  of  the  lens  I  find  to  be  the  rule  in  such  cases. 
On  opening  the  capsule,  the  lens  substance  escaped,  and  on  washing 
and  staining  the  capsule  with  picrocarmine  and  other  dyes,  and  on 
examining  it  in  various  ways,  I  have  failed  to  find  any  roughness  of 
surface,  difference  of  thickness,  or,  in  shorty  any  indication  of  a  rup- 
ture of  tissue.  The  zonula  seems  to  come  away  intact :  is  not  broken 
or  torn  away.  In  fact,  the  decomposition  seems  to  weaken  the 
cohesion  of  some  cement  substance  by  which  the  zonula  adheres  to 
the  surface  of  the  lens  capsule. 

This  observation  seems  to  weaken  the  argument  for  an  outer  layer 
of  the  capsule  being  of  connective  tissue  origin,  and  it  may  throw 
some  light  on  cases  of  solution  and  atrophy  of  the  suspensory  liga- 
ment, on  cases  of  detachment  of  the  ligament  from  its  insertions,  and 
on  cases  of  luxation  of  the  lens.  In  any  case  it  has  a  very  direct 
bearing  on  the  still  unsettled  question  of  the  development  of  the  lens 
capsule. 
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V.  "  A  simple  Mode  of  Demonstrating  how  the  Form  of  the 
Thorax  is  partly  determined  by  Gravitation."  By  T.  P. 
Anderson  Stuart,  M.D.,  Professor  of  Physiology  in  the 
University  of  Sydney,  N.S.W.  Communicated  by  Professor 
SOHAFER,  F.R.S.    Received  January  12,  1891. 

It  is  a  well-known  fact  that  the  quadrupeds  have  the  transverse 
section  of  the  thorax  elliptical  with  the  long  axis  vertical.  This  form 
of  thorax,  more  or  less,  is  possessed  also  by  the  human  foetus.  As 
the  erect  posture  is  gradually  assumed  in  the  development  of  species 
and  of  the  human  individual  the  ventro-dorsal  and  transverse 
diameters  approximate  to  each  other,  and  then,  the  process  continuing, 
in  the  adult  the  transverse  diameter  exceeds  the  antero-posterior. 

That  these  are  the  forms  proper  to  the  thorax  when  under  the 
influence  of  gravitation  alone  is  seen  by  holding  a  hoop  made  of  a 
strip  of  ordinary  crinoline  steel  ^  inch  wide  and  about  6  feet  long,  so 
that  its  plane  is  vertical ;  its  form  is  that  of  an  ellipse.  Now  grasp 
the  hoop  firmly  between  the  fore-finger  and  thumb  of  one  hand,  and 
gradually  turn  the  internal  face  of  the  portion  grasped  till  it  looks 
straight  forwards.  The  front  part  of  the  hoop  will,  of  course,  be 
lower,  corresponding  in  some  measure  to  the  slope  of  the  ribs,  <fcc. 
At  the  same  time  the  diameters  approximate  to  each  other.  Con- 
tinue the  turning  till  the  face  that  looked  straight  forwards  looks 
upwards  and  forwards,  so  that  in  fact  the  plane  of  the  grasped 
portion  corresponds  to  that  in  which  the  lower  dorsal  region  of  the 
vertebral  column  of  man  lies.  The  slope  of  the  ribs  is  lessened,  but 
the  interesting  points  are  that  the  transverse  diameter  exceeds  the 
antero-posterior,  and  the  exact  curve  and  direction  of  the  surface  of 
the  lower  ribs  are  reproduced.  Then  are  seen  the  twist  in  the  long 
axis  of  the  rib  and  likewise  that  great  hollow  on  each  side  of  the 
vertebral  column  which  is  so  marked  a  feature  in  the  human  thorax. 

1  do  not  overlook  the  fact  that  the  conditions  in  the  organism  are 
not  just  the  same  as  they  are  in  this  simple  hoop  ;  but  I  think  it  will 
be  conceded  that  where  there  is  a  force  so  constant  and  so  potent  in 
its  action  as  is  that  of  gravitation  it  will  be  yielded  to  by  the 
organism  unless  there  be  some  good  reason  to  the  contrary.  Now 
there  does  not  seem  to  me  to  be  any  such  reason  here,  and  it  is 
interesting  to  observe  how  closely  the  thorax  of  the  animal  follows 
the  lines  of  the  hoop  of  steel  when  the  conditions  as  to  gravitation 
are  the  same. 

1  am  thus  led  to  suspect  that  gravitation  has  had  a  larger  share 
than  is  usually  thought  in  moulding  the  form  of  the  vertebrate  thorax 
both  in  health  and  disease. 
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Any  strip  of  elastic  material  will  do  for  the  above  if  the  length  be 
suitable — one  readily  finds  the  proper  length  by  trying  larger  and 
smaller  circles. 


VI.  "  On  the  Physiology  of  Asphyxia,  and  on  the  Anaesthetic 
Action  of  Pure  Nitrogen."  By  GEORGE  JOHNSON,  M.D., 
F.R.S.     Received  January  26,  1891. 

(Abstract.) 

The  main  object  of  this  paper  is  to  bring  forward  additional  evidence 
in  Rapport  of  the  theory  that  the  immediate  cause  of  death  in  cases 
of  ahphyxia  is  the  arrest  of  the  pnlmonary  circulation.  I  have  to 
express  my  obligation  to  my  friend  Mr.  Charles  James  Martin,  M.B., 
B.Sc,  Demonstrator  of  Physiology  in  King's  College,  for  the  time  and 
labour  which,  by  my  request,  he  has  bestowed  in  the  performance  of 
numerous  and  various  experiments,  the  results  of  which  will,  I  think, 
throw  much  light  upon  the  complex  phenomena  of  asphyxia.  It  is 
right  to  mention  that  Mr.  Martin  is  not  responsible  for  my  interpreta- 
tion of  the  results  of  his  experiments. 

All  the  experiments  were  performed  on  animals  under  the  influence 
of  aneesthetics,  and  every  animal  was  finally  killed  by  deprivation  of 
air. 

Animals— rabbits,  cats,  and,  in  a  few  cases,  dogs — were  asphyxiated 
either  by  ligature  of  the  trachea,  by  the  paralysing  influence  of  curara, 
or  by  causing  them  to  inhale  a  gas  containing  no  free  oxygen,  viz., 
nitrous  oxide,  pure  nitrogen,  hydrogen,  and  carbonic  acid  gas.  In 
all  these  experiments,  re-inspiration  of  the  gases  was  avoided  by 
allowing  the  expired  gas  to  escape  through  a  X~^^  fixed  in  the 
trachea. 

During  the  performance  of  the  experiments,  in  most  cases,  the 
chest  and  pericardium  of  the  animals  were  opened  so  that  the  relative 
fulness  of  the  cavities  might  be  readily  observed.  In  all  the  experi- 
ments, the  results,  as  regards  distension  of  the  heart's  cavities,  were 
essentially  the  same,  no  matter  whether  the  air  was  simply  excluded 
or  whether  an  azotic  gas  (t.e.,  a  gas,  not  in  itself  poisonous,  but 
unable  to  support  life)  was  substituted  for  atmospheric  air ;  the  only 
difference  being  that  when  an  azotic  gas  is  inhaled  the  phenomena 
are  far  more  rapidly  produced,  in  consequence  of  the  more  speedy 
displacement  of  oxygen  from  the  lungs. 

The  principal  changes  in  the  heart's  cavities  were,  first,  distension 
of  the  left  cavities ;  second,  enormous  distension  of  the  right  cavities 
with  diminished  distension  of  the  left,  the  circulation  being  apparently 
arrested  by  the  inability  of  the  right  cavities  to  empty  themselves,  in 
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consequence  of  obstmction  in  front.  That  the  arrest  of  the  circnla- 
tion  is  not  due  to  paralysis  of  the  heart's  walls,  bj  the  circulation 
of  venous  blood  thit)ngh  its  tissues,  seems  to  be  pit)ved  by  the  follow- 
ing experiment. 

Into  the  trachea  of  a  small  dog,  with  the  chest  and  pericardinm 
opened  and  kept  alive  by  artificial  respiration,  a  glass  X'^^^  '^^^ 
introduced,  through  which  pure  nitrous  oxide  was  passed  into  the 
langs,  whilst  the  expired  gases  escaped  into  the  air.  As  usual,  first 
the  left  then  the  right  cavities  became  distended,  and  in  one  minute  the 
heart's  action  had  nearly. ceased,  with  over-distension  of  the  right  side. 
Then  inhalation  of  nitrous  oxide,  impregnated  with  the  vapour  of  nitrite 
of  amyl,  was  substitated  for  pure  N2O,  by  means  of  a  two-  way  stopcock, 
and  the  result  was  that  almost  immediately  the  distension  of  the  right 
cavities  began  to  subside,  and  in  two  minutes  they  had  nearly  re- 
gained their  normal  size. 

The  explanation  is,  that  the  circulation,  having  been  arrested  by 
the  contraction  of  the  arterioles,  was,  for  a  time,  restored  by  the 
paralysing  influence  of  nitrite  of  amyl  upon  those  vessels,  while 
atmospheric  air  was  strictly  excluded. 

Additional  evidence  of  the  influence  of  the  arterioles  in  arresting 
the  circulation  during  the  progress  of  asphyxia  is  derived  from  the 
fact  that  a  sufficient  dose  of  suc^M^gents  as  are  known  to  paralyse  the 
arterioles,  e.g.,  curara  and  atippine,  prevents  over-distension  of  the 
heart's  cavities,  and  considerably  prolongs  the  life  of  the  animal. 

This  is  conclasively  shown  by  experiments  performed  by  Mr. 
Martin,  the  details  of  which  are  given  in  the  paper  of  which  this  is 
an  abstract. 

It  has  been  suggested  that  the  distension  first  of  the  left  then  of 
the  right  side  of  the  heart  in  asphyxia  is  the  result  solely  of  systemic 
arterial  contraction,  the  impediment  acting  backwards  from  the  left 
side  of  the  heart,  through  the  lungs,  to  the  right  cavities  and  the 
systemic  veins.  The  main  objection  to  this  theory  is  the  fact  that, 
when  4he  chest  is  opened  immediately  after  death  from  asphyxia,  the 
Inngs  are  found  extremely  pale,  from  anosmia  of  their  minute  vessels, 
and  in  a  corresponding  degree  collapsed.  Backward  pressure  from 
the  left  side  of  the  heart,  sufficient  to  greatly  distend  the  right 
cavities,  must  of  necessity  involve  engorgement  of  the  pulmonary 
capillaries. 

That  there  is  a  certain  amount  of  backward  pressure  from  the 
primary  distension  of  the  left  heart,  extending  as  far  as  the  pulmonary 
veins,  would  seem  to  be  proved  by  observations  made  by  Mr.  Martin 
to  the  effect  that  a  manometer  in  a  branch  of  a  pulmonary  vein 
indicates  an  early  and  continuons  increase  of  pressure  during  the 
progress  of  asphyxia;  but  that  this  backward  pressure  does  not 
extend  to  the  right  side  of  the  heart  is  shown  by  the  fact  that  in  the 
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last  stage  of  asphyxia,  while  the  right  cavities  are  in  a  state  of 
extreme  distension,  the  left  are,  as  a  rale,  flaccid  and  comparativelj 
empty,  the  lungs  themselves,  as  before  mentioned,  being  extremely 
an»mic  and  collapsed.  The  condition  of  the  heart's  cavities  in  the 
successive  stages  of  asphyxia  was  clearly  shown  by  an  experiment 
which  Dr.  Rutherford  performed  in  my  presence  in  1873.  The 
details  of  this  experiment  are  given  in  my  paper  (see  diagram  with 
tracing). 

The  true  explanation  of  these  facts  appears  to  be  that,  daring  the 
latter  stages  of  asphyxia,  the  pulmonary  arterioles  contract,  and 
cause  the  extreme  distension  of  the  right  cavities  with  amemia  of  the 
pulmonary  capillaries,  and  a  corresponding  defective  supply  to  the 
left  cavities  of  the  heart. 

The  continued  increase  of  pressure  in  the  pulmonary  vein,  observed 
by  Mr.  Martin,  may  perhaps  be  accoanted  for  by  the  fact  that  in  the 
last  stage  of  asphyxia  the  suction  power  of  the  left  auricle  is  im- 
paired, partly  by  ansBmia  of  the  cardiac  tissue,  consequent  on  the 
contraction  of  the  arterioles — both  pulmonary  and  systemic,  the 
coronary  included — and  partly  by  the  fact  that  the  small  amount  of 
blood  with  which  it  is  supplied  is  more  or  less  completely  de- 
oxidised. 

[I  venture  further  to  suggest  the  following  explanation  of  the 
increased  blood  pressure  which  has  been  observed  to  occur  in  the 
pulmonary  veins  during  the  successive  stages  of  asphyxia.  During 
the  first  stage,  when  the  left  cavities  of  the  heart  are  over-distended, 
as  seen  in  Dr.  Rutherford's  experiment,  there  would  be  a  backward 
pressure  extending  through  the  pulmonary  veins  and  capillaries, 
even,  perhaps,  to  the  branches  of  the  pulmonary  artery;  but  this 
backward  pressure  from  the  left  side  of  the  heart  must  obviously 
cease  when,  in  the  last  stage  of  asphyxia,  those  cavities  are  nearlj 
empty  of  blood.  When,  however,  portions  of  the  ribs  are  removed 
in  order  to  introduce  a  manometer  into  one  of  the  pulmonary  veins,  a 
new  and  artificial  cause  of  obstruction  to  the  pulmonary  venous 
circulation  is  introduced. 

The  collapse  of  the  lung,  which  results  from  the  breach  in  the  chest 
wall,  compresses  the  thin-walled  pulmonary  veins  more  than  the 
corresponding  arteries,  and  so  increases  the  intra- venous  pulmonary 
pressure.  It  is  an  acknowledged  fact  that  the  comparatively  slight 
compression  of  the  pulmonary  veins  which  occurs  towards  the  end  of 
a  normal  expiration  lessens  the  flow  of  blood  into  the  left  side  of  the 
heart.*  It  is  obvious,  however,  that  the  pulmonary  venous  obstruc- 
tion thus  caused  must  be  very  much  less  than  that  occasioned  by  the 
extreme  collapse  of  the  lung  which  results  from  an  opening  in  the 
wall  of  the  chest.— March  3,  1891.] 

•  See  Dr.  M.  Foster's  '  Physiology/  5th  edition,  p.  618. 
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Drs.  Bradford  and  Dean  have  proved  not  only  the  existence  of 
pulmonary  vaso-motor  nerveB,  bnt  also  that  they  leave  the  cord 
higher  np  than  the  systemic  vaso-motor  nerves  (vide  'Boy.  Soc. 
Proc./  vol.  45). 

These  authors  remark  that  "  it  is  probable  that  the  pulmonary 
vaso-motor  mechanism  is  but  poorly  developed,  compared  with  that 
regnlating  the  systemic  arteries." 

It  would  indeed  be  an  incredible  physiological  anomaly  if  the 
vessels  of  an  organ,  through  which  the  entire  blood  of  the  body  has 
constantly  to  pass,  had  not  the  same  regnlating  and  resisting  power, 
compared  with  the  force  of  the  right  ventricle,  as  that  possessed  by  the 
systemic  art^erioles. 

Mr.  Martin  has  found  by  introducing  a  manometer  into  a  branch  of 
the  pnlmonary  artery  of  a  moderate  sized  cat,  while  the  remaining 
branches  were  suddenly  obliterated,  that  the  blood  pressure  was 
rather  more  than  doubled,  rising  from  17  mm.  to  36  mm.  of  mercury. 

Mr.  Martin  also  found  that,  during  the  last  stages  of  asphyxia,  the 
pressure  in  the  pulmonary  artery  is  nearly  doubled,  while  that  in  the 
carotid  is  rapidly  falling. 

No  experiment  that  has  hitherto  been  devised  can  accurately 
measure  the  resisting  power  of  the  pulmonary  arterioles  or  the  actual 
force  of  the  right  ventricle,  for  the  reason  that  the  arrest  or  great 
diminution  of  the  pulmonary  circulation  weakens  the  muscular  walls 
of  the  heart  by  cutting  ofE  the  blood  supply  through  the  coronary 
arteries.* 

The  increase  of  systemic  arterial  blood  pressure,  which  instantane- 
ously follows  re-admission  of  air  into  the  lungs,  after  the  circulation 
had  been  almost  completely  arrested  by  exclusion  of  air,  seems  to 
prove  that  the  heart's  walls  are  not  po/rdlysed  by  venous  blood.  On 
the  other  hand,  suc1i  a  speedy  restoration  of  the  circulation  is  at  once 
explained  by  the  sudden  removal  of  the  obstruction  which  had  been 
caused  by  the  contracted  pulmonary  arterioles. 


*  [Since  this  paper  was  communicated  to  the  Bo3ral  Society,  Dr.  M.  Foster  has 
done  me  the  fikvonr  to  refer  me  to  a  paper  by  Professor  Knoll  ("  Der  Blutdrack  in 
der  Arteria  pulmonalis,"  '  Sitzber.  Abid.  Wiss.  zu  Wien/  toI.  97,  Abth.  3,  p.  207). 
Dr.  Knoll  endeavours  to  measure  the  normal  blood  pressure  in  the  pulmonary 
artery  of  the  rabbit  by  dividing  Che  sternum,  opening  the  pericardium,  and  intro- 
ducing a  tube  into  the  pulmonary  artery  without  wounding  the  pleura.  Thus,  the 
blood  pressure  is  ubserred  while  normal  respiration  is  carried  on. 

Dr.  Knoll,  however,  admits  Chat  the  atmospheric  pressure,  consequent  on  the 
opening  of  the  mediastinum,  cannot  be  without  some  influence  upon  the  circulation, 
so  that  even  this  careful  and  difficult  mode  of  piooedure  is  not  free^from  sources 
of  error.— March  8, 1891.] 
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Conclusions  relating  to  Asphyxia. 

That  the  immediate  cause  of  death  is  the  arrest  of  the  pnlmonarj 
circalation  appears  to  be  proved  by  the  following  facts : — 

1.  When  the  chest  of  an  animal  is  opened  immediately  after  death 
caused  by  a  ligature  on  the  trachea,  the  right  cavities  of  the  heart 
are  found  enormously  distended,  while  the  left  are  comparatively 
empty. 

2.  When  the  heart  of  an  animal  is  exposed  daring  the  progress  of 
asphyxia,  the  right  cavities  are  seen  to  become  distended,  while  the 
leFt,  which  had  been  previously  gorged,  are  found  to  be  collapsed  and 
nearly  empty. 

3.  In  the  last  stage  of  asphyxia  there  is  a  continuous  increase  of 
pressure  in  the  pulmonary  artery  while  the  systemic  arterial  pressure 
is  falling. 

4.  That  the  arrest  of  the  circulation  through  the  lungs  is  due  to 
the  contraction  of  the  pulmonary  arteriolen  appears  to  be  proved  by 
the  influence  of  agents  which  paralyse  the  arterioles,  namely,  nitrite 
of  amyl,  atropine,  and  an  excessive  dose  of  curara;  the  effect  of 
which  is  that  deprivation  of  air  is  unattended  by  distension  of  the 
right  cavities  of  the  heart  and  other  evidence  of  obstructed  pulmonary 
circulation,  the  life  of  the  animal  is  prolonged  for  several  minutes, 
and  death  ultimately  results  from  the  influence  of  venous  blood  upon 
the  cardiac  and  nervous  tissues. 

The  anesthetic  action  of  nitrogen  ahne  or  with  a  smaU  proportion  of 
oxygen.  The  phenomena  which  result  from  the  inhalation  of  nitrous 
oxide  as  an  aneesthetic  are  strictly  analogous  with  those  observed  in 
the  early  stages  of  asphyxia.* 

Some  writers  maintain  that  the  aneesthetic  action  of  nitrous  oxide 
is  due  to  its  preventing  access  of  free  oxygen  to  the  system,  others 
believe  that  it  has  a  specific  ansBsthetic  action.  It  occurred  to  me 
that  light  might  be  thrown  upon  this  subject  by  the  administration 
of  pure  nitrogen.  Accordingly  I  obtained  from  the  Scotch  and  Irish 
Oxygen  Company,  of  Glasgow,  a  cylinder  containing  100  cubic  feet  of 
compressed  nitrogen  in  which  the  proportion  of  oxygen  was  only 
05  per  cent,  by  vol.,  whilst  that  of  the  COg  present  was  0*3  per  cent. 
As  a  preliminary  trial,  Mr.  F.  W.  Braine  was  good  enough  to  admin- 
ister this  gas  in  five  instances  to  members  of  the  staff  of  King's 
College,  who  volunteered  to  inhale  it. 

The  result  was,  in  each  case,  the  production  of  complete  ansBsthesia 
and  of  general  phenomena  precisely  similar  to  those  observed  from 
the  inhalation  of  nitrous  oxide.     Encouraged  by  these  results,  Mr. 

*  Vide  the  author's  *  Essay  on  Asphyxia/  p.  SO. 
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Braine  felt  justified  in  administering  the  gas  to  patients  at  the  Dental 
Hospital.  Nine  patients  took  the  gas.  In  every  case,  the  resnlt  was  the 
production  of  complete  anesthesia,  with  general  phenomena  precisely 
similar  to  those  observed  dnring  nitrons  oxide  inhalation.  The  pulse 
was  first  full  and  throbbing,  then  feeble;  in  the  advanced  stage 
respiration  was  deep  and  rapid,  with  lividity  of  the  surface,  dilated 
pupils,  and  more  or  less  jactitation  of  the  limbs ;  the  only  difference, 
in  the  opinion  of  some  of  tliose  present,  being  that  the  anaesthesia  was 
less  rapidly  produced,  and  somewhat  less  durable  than  that  from 
nitrous  oxide,  though  in  each  case  the  tooth  was  extracted  without 
pain. 

On  a  subsequent  occasion,  the  same  gas  was  administered  by 
Dr.  Frederic  Hewitt  at  the  Dental  Hospital.  Nine  patients  took 
the  gas.  The  maximum  period  required  to  produce  ansBsthesia 
was  70  seconds,  the  minimum  50  seconds,  and  the  mean  time 
58*3  seconds. 

In  one  case,  two  teeth  were  extracted  without  pain ;  in  one  only 
was  pain  experienced,  and  in  that  case,  the  tooth  having  been  broken 
and  not  extracted,  the  patient  said  she  felt  a  "  smashing  up." 

I  subsequently  obtained  from  the  same  Company  a  cylinder  con- 
taining compressed  nitrogen  with  3  per  cent,  of  oxygen,  and  a  second 
cylinder  containing  nitrogen  with  5  per  cent,  of  oxygen.  These  gases 
were  also  administered  by  Dr.  Hewitt  to  patients  at  ths  Dental 
Hospital,  with  the  following  results. 

Five  patients  took  the  3  per  cent.  gas.  Anaasthesia  was  complete  in 
75  seconds  (max.),  and  in  60  seconds  (minj,  the  average  time 
required  being  67*5  seconds.  In  each  case,  the  tooth  was  extracted 
without  pain,  the  duration  of  anadsthesia  being  somewhat  longer  than 
with  pure  nitrogen.  In  each  case  there  was  lividity,  dilatation  of 
papils,  and  more  or  less  jactitation. 

Fonr  patients  took  the  nitrogen  containing  5  per  cent,  of  oxygen. 
With  this  mixtnre,  the  time  required  for  the  production  of  ansBsthesia 
ranged  from  75  to  95  seconds,  the  average  time  being  87*5  seconds. 

In  each  case  there  was  complete  anaesthesia,  during  which  one 
patient  had  three  molars  extracted.  Although  she  said  she  felt  the 
last  two,  the  sensation  appeared  to  be  that  of  a  pail,  and  not  of  acute 
pain. 

In  most  of  these  four  cases  there  was  sh'ght  lividity  before  the 
removal  of  the.&ce-piece.  In  only  one  case  was  there  slight  jactita- 
tion of  the  limbs ;  the  other  three  patients  were  perfectly  quiescent. 

For  the  information  of  those  who  may  be  disposed  to  investigate 
the  ansBsthetic  action  of  nitrogen  with  a  small  proportion  of  oxygen, 
I  may  mention  that  Brin's  Oxygen  Company  (69,  Horseferry  Road, 
Westminster)  are  prepared  to  supply  nitrogen  containing  from  4  to  7 
per  cent,  of  oxygen  at  the  same  rate  as  they  charge  for  pure  oxygen. 
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Below  4  per  cent,  of  oxygen  nitrogen  conld  be   snppb'ed  onlj  bj 
special  arrangement  and  probably  at  increased  cost. 
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Transactions. 
Berlin  : — Gtesellschaft  fiir  Brdkunde.   Verhandlungen.     Bd.  XVII. 

No.  10.     8vo.     Berlin  IS90,  Tbe  Society. 

Cambridge,  Mass. : — Harvard  College.     Maseam  of  Comparative 

Zoology.      Bulletin.     Vol.   XX.      No.   5.      Svo.      Cambridge 

1890.  The  College 

Harvard  University.     Catalogue.     1890-91.     8vo.     Cambridge 

1890.  The  University. 

Christiania: — ^Videnskabs-Selskab.     Forhandlinger.      1889.     8vo. 

ChrisUania.  The  Society. 

Earope  : — Congresso  Interna cional  de  Anthropologia  e  Archeologia 

Prehistoricas.      Belatorio    acerca    da    Decima    Sessao.    4to. 

Lisboa  1890.  The  Congress. 

Florence: — Biblioteca   Nazionale  Centrale  di  Firenze.   Bollettino 

delle  Pnbblicazioni  Italiane.  Num.  97-121.  8vo.  FireneelSS9- 

90 ;  Indici  e  Cataloghi.     Codici  Palatini.    Vol.  II.     Fasc.  1-2. 

8vo.     Roma  1890 ;  Manoscritti  di  Filippo  Pacini.    8vo.     Soma 

188.9.  The  Libraiy. 

Helsingfors: — Finska  Vetenskaps-Societet.     Bidrag    till    Eanne- 

dom  af  Finlands  Nator  och  Folk.     Haft  48.     8vo.    Helsing^ 

fars  1889 ;  Ofversigt.     1888-89.     8vo.     Helsingfors  1889. 

The  Society. 
Innsbrnck: — Ferdinandeum    far    Tirol    nnd    Vorarlberg.      Zeit- 

scbrift.     Folgelll.     Heft  34.     8vo.     Innsbruck  IB90. 

The  Ferdinandeum. 
Leipsic: — Astronomiscbe  G^ellschaft.    Catalog.    1.  Abtheil.   Zone 

+65°  bis  +70''.     Beobachtet  anf  der  Stemwarte  Christiania. 

4to.    Leipzig  1890.  The  Society. 

K5nigl.  Sachs.  Gesellscbaft  der  Wissenschaften.  Abhandlnngen 

(Philol.-Histor.  Classe).     Svo.    Leipzig  1890.        Tbe  Society. 
London: — ^Boyal  Meteorological   Society.     Catalogue  of  the  Li- 
brary.   Svo.    London  1891.  The  Society. 
Magdeburg : — ^Naturwissenschaftlicber  Verein.    Jahresberioht  and 

Abhandlnngen.     1889.     Svo.     Magdeburg  1890. 

The  Society. 
Manchester: — Owens    College.     Studies  from    the   Physiological 

Laboratory.    Vol.  L     Svo.     Manchester  1S91.        The  College. 
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Observations  and  Reports. 

Cambridge,     Mass. : — Harvard     College     Observatory.      Annals. 

Vols.  XXI,  Part  2,  XXIV,  XXX,  Part  1.     4rto.     Cambridge 

1890 ;  History  of  the  Hai-vard  College  Observatory  daring  the 

period  1840-1890.     8vo.     Cambndge  1890.     The  Observatory. 
La  Plata : — Mnsee.     Bapide  Conp  d'CBil  snr  sa  Fondation  et  son 

Developpement.     8vo.     [La  Plata]  1890.  The  Museum. 

London : — ^Meteorological  Office.     Daily  Weather  Reports.     Janu- 
ary to  June,  1890.   4to.    [London']  ;  Weekly  Weather  Reports. 

1891.     Nos.  1-2.     Quarterly  Summary,   July  to   September, 

1890.    4to.  [London"]  ;  Report  of  the  Meteorological  Council  to 

the  Royal  Society  for  the  year  ending  31st  of  March,  1890. 

8vo.    London.  The  Office. 

Royal    Observatory,    Greenw^ibh.      Observations.      1888.     4to. 

London  1890;    Astronomical   Results.      1888.     4to.     London 

1890;    Magnetical  and  Meteorological  Results.     1888.    4to. 

London  1890;  Spectroscopic  and  Photographic  Observations. 

1888.    4to.    Xondon  1890.  The  Observatory. 

Milan: — Resle    Osservatorio   di    Brera.     Pubblicazioni.     No.   36. 

4to.    MUano  1890.  The  Observatory. 

Missouri : — Geological  Survey.     Bulletin.     No.  1.     8vo.     Jefferson 

Oity  1890.  The  Survey. 

Prague: — K.K.    Stemwarte.      Magnetische  und  Meteorologische 

Beobachtungen.     1889.     4to.    Pro^  1890. 

The  Observatory. 
Rio    de    Janeiro: — Imperial    Observatorio.     Annaes.     Tome  IV. 

Partie  1-2.     4to.     Bio  de  Janeiro  1889 ;  Annuario.     1888-90. 

8vo.     Bio  de  Janeiro,  The  Observatory. 

St.   Petersburg: — Comit6    G6ologique.      Bulletin.      Tome    VIII. 

Nos.  9-10.    Tome  IX.     Nos.  1-6.     Supplement  au  Tome  IX. 

8vo.     8t.-P6ter8hourg  1890.  The  Comite. 

Physikalisches  Central- Observatorium.    Annalen.    1889.  Theil  I. 

4to.     8t.  Petersburg  1890.  The  Observatory. 

Switzerland : — Schweizerische     Geodatische      Commission.       Das 

Schweizerische  Dreiecknetz.     Bd.  V.     4to.     Zurich  1890. 

The  Commission. 
Turin: — Osservatorio.     Osservazioni  Meteorologiche.     1889.     8vo. 

Torino  1890.     With  Three  other  Excerpts  in  8vo. 

The  Observatory. 
Washburn: — Observatory.      Publications.     Vol.  VI.      Parts   1-2. 

4to.     Madison  1890.  The  Observatory. 

Washington  : — ^Nautical  Almanac  Office.     Astronomical  Papers  of 

the  American  Ephomeris.     Vol.  II.     Part  5.     Vol.  IV.     4to. 

Washington  1890.  The  Office. 

U.S.  Army.     Surgeon- General's  Office.     Index  Catalogue  of  the 

VOL.    XLIX.  H 
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Library   of    the    Surgeon- Greneral's    0£Bce.     Vol.   XI.     8vo. 

Washington  1890.  The  Office. 

U.S,  Fish  Commission.     Bulletin.    Vol.  VII.     8vo.     Washington 

1889.  The  Commission. 
U.S.  Geological  Survey.     Bulletin.     Nos.  54-57.     8vo.     Wash- 
ington 1890.  The  Survey. 

U.S.  Naval  Observatory.  Observations.  1884.  4to.  Washing- 
ton 1889 ;  Catalogue  of  Stars  observed  during  the  years  1845 
to  1877.  4to.  Washington  1889;  Report.  1889.  8vo. 
Washington.  The  Observatory. 

U.S.  Patent  Office.  Official  Gkizette.  Vol.  LI.  No.  13.  Vol.  LII. 
Nos.  1-14.  Vol.  LIII.  Nos.  1-13.  8vo.  Washington  1890 ; 
Alphabetical  Lists  of  Patenfibes  and  Inventions  for  the  Quarter 
ending  June  30,  1890.  8vo.  [  Washington] ;  Annual  Report 
of    the   Commissioner  of  Patents.     1889.     8vo.     Washington 

1890.  The  Office. 
U.S.  Signal  Office.     Report.     1889.     870.     Washington  1890. 

Ihe  Office. 

Wellington,  New  Zealand :— Department  of   Mines.     Reports  of 

the   Mining   Industry  in   New   Zealand.      Folio.     Wellington 

1890.  The  Department. 

Western  Australia: — Annual  General  Report  for  1888-89  of  the 

Government  Geologist.     8vo.     Perth  1890. 

Mr.  H.  P.  Woodward. 

Zurich : — Schweizerische  Meteorologische  Central- Anstalt.     Anna. 

.    len.     1888.     4to.     ZUrich  [1889].  The  Institute. 


Cassal  (C.  E.)     Annual  Report  of  the  Public  Analyst  for  the  Parish 

of  St.  George,  Hanover  Square.     June,  1890.    8vo.     London. 

The  Author. 
Chatterjee  (M.  N.)     Science  of  Ethics :  its  Nature  and  Souixse.     8vo. 

Lahore  [1889] .  The  Author. 

Conwentz  (H.)     Monographic  der  Baltischen  Bemsteinbaume.     4to. 

Danzig  1890.  Naturforschende  Gesellschaft,  Danzig. 

Fernando  de  Noronha  Expedition,  Collected  Papers  from  the  Journal 

of  the  Linnean  Society  relating  to  the.     8vo.     [London  1890.] 

The  Members  of  the  Expedition. 
Fraser  (A.)     A  Guide  to   Operations  on  the  Brain.     4to.     London 

1890.  The  Author. 

Halliburton  (W.   D.)      A  Text-Book  of   Chemical  Physiology  and 

Pathology.     8vo.     London  1891.  The  Author 
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Harrison  (J.  B.)  and  A.  J.  Jukes-Browne.  The  Geology  of  Barba- 
dos.    8vo.     1890.     Witli  Geological  Map  of  Barbados  [Sheet]. 

The  Authors. 

Hooker  (Sir  J.  D.),  P.B.S.  The  Flora  of  British  India  Part  17. 
8vo.    iotwicm  1890.  The  India  Office. 

Jones  (T.  R.),  F.R.S.  On  some  Fossil  Estherise.  8vo.  Hertford 
1890 ;  Notes  on  the  Palasozoic  Bivalved  Entomostraca.  No.  29. 
8vo.  [London]  1890;  On  some  Devonian  and  Silurian  Ostra- 
coda  from  North  America,  France,  and  the  Bosphorus.  8vo. 
[Lwid(m]  1890.  The  Author. 

Knauz  (F.)  A  Garan-melletti  Szent-Benedeki  Apatsag.  Kotet  I. 
Folio.     Budapest  1890.  The  Chapter  of  Gran,  Hungary. 

Kdllikcr  (A.),  For.  Mem.  B.S.  Zur  feineren  Anatomic  des  centralen 
Nenrensjstems.     8vo.     [Leipzig]  1890.  The  Author. 

London.  Cidendar  of  Wills  Proved  and'  Enrolled  in  the  Court  of 
Husting,  London,  a.d.  1258 — a.d.  1688.     Part  2.    870.     London 

1890.  The  Corporation  of  London. 
Lowe  (E.  J.;,  F.R.S.    British  Ferns,  and  Where  Found.   8vo.  London 

1891.  The  Author. 
Molesworth    (Sir   G.)     Decimal   Coinage,   Weights,  and    Measures 

popularly  explained.     8vo.    London  1890. 

The  Decimal  Association. 

Sharland  (E.  C.)  Coin  of  the  Realm  :  what  is  it  ?  With  an  Appen- 
dix by  J.  H.  Norman.     8vo.    London  1888.     Mr.  J.  H.  Norman. 

Sharp  (W.),  F.R.S.  Experiments  with  Drugs  as  a  Question  of 
Science.     8vo.    London  1890.  The  Author. 

Siemens  (W.  von)  On  the  General  System  of  Winds  on  the  Earth. 
870.     London  1890.  The  Author. 

Villes  (G.)  La  Production  V^getale  et  les  Engrais  Chimiques. 
3*  6dit.    8vo.     Paris  1890.    With  four  Excerpts  in  4to. 

The  Author. 
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February  12,  1891. 

Professor  ALFRED  NEWTON,  M.A.,  Vice-President,  in  the  Chair. 

The  Bight  Hon.  William  Lawies  Jackson  was  admitted  into  the 
Society. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered 
for  them. 

The  following  Papers  were  read : — 

I.  "On  the  Organisation  of  the  Fossil  Plants  of  the  Coal- 
measures.  Part  XVIII."  By  W.  C.  Williamson,  LL.D., 
F.R.S.,  Professor  of  Botany  in  the  Owens  College, 
Manohester.    Beceived  January  22, 1891. 

(Abstract.) 

On  three  preceding  occasions  the  author  has  directed  attention  to 
the  existence  in  the  older  Carboniferons  rocks  of  a  remarkable  form 
of  frnctification  which  seemed  to  belong  to  the  Calamarian  family  of 
plants,  though  presenting  features  distinct  from  any  that  had  hitherto 
been  described.  In  the  first  instance,'in  1871,  he  placed  this  frncti- 
fication in  Sternberg's  provisional  genns  VolJem(mnia,  under  the  name 
of  F.  Daiosoni.  Some  small  fragments  of  the  same  type,  obtained  at 
a  later  period  by  the  late  Professor  Weiss,  of  Berlin,  led  him  to 
identify  the  plant  with  Binney's  hitherto  very  obscure  genus 
Botinnanites,  an  identification  which  is  accepted  by  Professor  Wil- 
liamson. Still  more  recently,  a  number  of  additional  specimens  have 
been  obtained  from  the  Ganister  Carboniferous  beds  of  Lancashire 
and  Yorkshire,  which  not  only  throw  further  light  upon  the  plant, 
but  have  made  it  possible  to  re- write  its  history  in  an  almost  complete 
form. 

Like  all  the  other  Calamarias,  Bowmanitee  was  a  plant  with  a  dis- 
tinctly articulated  stem,  each  node  of  which  bore  a  verticil  of  lateral 
appendages.  In  the  vegetative  organs  each  of  these  nodal  appendages 
consisted  of  a  verticil  of  the  linear,  uninerved  leaves  characteristic  of 
the  old,  ill-defined  genus  AsterophylHtes.  In  the  fructification  these 
foliar  verticils  are  replaced  by  a  broad  circular  disk,  the  margin  of 
which  sustained  a  verticil  of  leaf-like  '*  disk-rays."  These  rays  can 
scai'cely,  at  present,  be  identified  with  true  leaves,  since  they  have 
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not  onl/  no  midrib^  but  thej  seem  to  contain  no  traces  whatever  of  a 
▼ascnlar  bnndle. 

The  centre  of  the  axis  of  the  strobilos  is  occupied  bj  a  conspicuous 
bundle  of  barred  and  reticulated  tracheids  of  the  scalarif orm  type,  the 
transverse  section  of  which  bundle  is  triangular,  with  concave  sides. 
Each  of  the  three  prominent  angles  is  abruptly  and  broadly  truncated. 
A  thin  inner  cortex  seems  to  have  originally  surrounded  this  bundle,- 
but  all  traces  of  its  tissues  have  disappeared.  The  thick  outer  corfcex 
is  composed  of  a  mixture  of  rather  coarse,  strongly  defined  parenchy- 
matous and  prosenchymatous  cells.  At  each  node  this  cortex  expands 
into  the  lenticular  disk  already  referred  to.  This  disk  is  thickest  at 
its  inner  border,  thinning  gradually  towards  its  outer  margin,  where 
it  subdivides  into  the  verticil  of  elongated  disk-rays  already  men- 
tioned. Though  no  vascular  bundles  can  be  discovered  connecting 
the  central  axial  one  with  the  surrounding  disk,  some  such  must 
have  once  existed,  since  we  find  them  both  in  the  cortex  of  the  inter- 
nodes  and  in  the  nodal  disks. 

The  entire  upper  surface  of  each  disk  has  given  o£P  numerous  very 
slender  sporangiophores,  destined  to  reach  three  or  four  concentric 
circles  of  sporangia,  which  were  arranged  in  a  single  plane  in  the 
internodal  interval  between  each  two  disks.  Each  sporangiophore, 
unlike  what  is  usual  amongst  the  Calamariaa,  only  sustained  a  single 
sporangium.  In  order  to  reach  the  more  external  ranges  of  the  latter 
organs,  the  sporangiophores  were  prolonged  outwards  in  a  distinct 
layer  between  the  upper  surface  of  the  disk  and  the  sporangia  which 
rested  ux>on  it.  Not  only  was  this  the  case,  but  when  each  sporangio- 
phore reached  the  sporangium  with  which  it  was  destined  to  become 
organically  united,  it  did  not  at  once  do  so ;  but  it  passed  under,  and 
even  beyond  that  organ,  when  it  bent  back  upon  itself  and  became 
united  to  the  sporangium  on  its  distal  side.  The  outer,  or  epidermal, 
layer  of  the  sporangium  was  merely  an  extension  of  that  of  the 
sporangiophore. 

The  numerous  spores  of  Bowmanites  have  also  a  distinctive  form. 
Each  has  a  rather  thin  exosporium,  but  this  is  thickened  along  a  few 
reticulate  lines,  and  from  each  junction  of  these  reticulations  a  strong 
radiating  spine  is  projected.  It  is  in  the  very  distinctive  features  of 
these  reproductive  oi*gans  that  the  marked  generic  individuality  of 
Bowmanites  chiefly  resides. 

The  second  plant  described  in  the  memoir,  under  the  name  of 
Machiopteris  ramosa,  is  one  of  the  seveitil  Fern-like  organisms  which 
the  author  has  included  in  his  provisional  group  of  Bachiopterides. 
Considerable  doubt  exists  respecting  the  true  affinities  of  at  least 
some  of  these  plants.  The  one  now  described  may  prove  to  be  a  less 
hirsute,  more  fully  developed  condition  of  the  Bachiopteris  hirsuta 
described  by  the  author  in  his  Memoir  XY. 
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II.  "  On  Certain  Ternary  Alloys.  Part  III.  AUoys  of  Bismuth, 
Zinc,  and  Tin,  and  of  Bismnth,  Zinc,  and  Silver."  By  C. 
E.  Alder  Wright,  D.Sc,  F.R.S.,  Lecturer  on  Chemistry 
and  Physics  in  St.  Mary's  Hospital  Medical  School,  and 
C.  Thompson,  F.I.C,  F.C.S.    Received  January  24,  1891. 

The  general  methods  adopted  in  carrying  oat  the  experiments 
detailed  helow  were  identical  with  those  described  in  Pare  11,*  the 
weighed  metals  being  fased  together  under  cyanide  of  potassium, 
well  intermixed  by  continued  vigorous  stirring,  and  poured  into  red- 
hot  narrow  clay  test-tubes,  which  were  then  inserted  inside  thin  iron 
protecting  tubes,  closed  at  the  lower  end,  and  immersed  in  a  bath  of 
molten  lead,  maintained  at  as  nearly  as  possible  a  constant  tempera- 
ture by  means  of  a  series  of  Bunsen  flames  playing  into  the  inter- 
space between  the  cylindrical  iron  vessel  containing  the  lead  and  an 
outer  concentric  clay  jacket.  Fluctuations  of  temperature,  to  a 
greater  or  lesser  extent,  being  unavoidable  during  long  periods  of 
heating,  notwithstanding  all  care,  some  of  the  figures  ultimately 
deduced  were  less  concordant  than  those  obtained  in  the  experiments 
previously  described,  the  mode  of  separation  of  a  given  mass  into 
two  difEerent  alloys  being  apparently  more  affected  by  temperature 
variations  with  mixtures  containing  bismuth  than  with  correspond- 
ing mixtures  containing  lead  instead  of  bismuth. 

Our  first  experiments  were  made  with  the  object  of  determining 
the  mutual  solubilties  of  bismuth  and  zinc  at  difEerent  temperatures.. 
Matthiessen  and  v.  Bose  found  (*  Roy.  Soc.  Proc.,'  vol.  11,  p.  430)  that 
melted  bismuth  could  dissolve  zinc,  forming  an  alloy  containing  12*93 
to  16*30  per  cent,  of  zinc  (excluding  two  determinations  of  8'65 
and  8*80  per  cent,  respectively,  presumably  erroneous  from  some 
undetected  source  of  error) ;  and  that  zinc  could  dissolve  bismuth, 
forming  an  alloy  containing  2*38  to  2*48  per  cent,  of  bismuth ;  no 
record  of  temperature  was  made  in  these  observations  further  than 
that  the  molten  metals  were  ultimately  poured  into  ''  a  porous  cell 
which  had  been  previously  heated  to  redness  in  a  large  crucible  filled 
with  sand.'* 

We  obtained  the  following  figures,  approximately  equal  weights  of 
bismuth  and  zinc  being  melted  together  and  well  stirred  up,  the 
mixtures  being  then  poured  into  red-hot  narrow  clay  test-tubes,  and 
heated  in  the  lead-bath  for  periods  of  eight  hours  and  upwards. 


•  '  Roy.  Soc.  Soc./  roL  48,  p.  26 ;  Put  I,  ihid.,  rol.  46.  d.  461. 
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Tflrnri'nft'ni.f.n'rA  m.nffA  .-........-- 

650—650°. 

650—750". 

750—850°. 

Percentage  of  zinc  in  alloy 

»>            »            >i        •••••• 

»»            »            »        ' 

>»       ■     »>            »        •••••• 

Average 

14-03 
14-05 

14-42 
14-62 

15-27 
15-59 
16  19 
16-26 

14-04 

14-52 

15-83 

Bismath  dissolved  by 

Zinc. 

Percentage  of  bismatli  in  alloy. . . 
>»               >»               » 

Average 

2-20 
2-24 

2-24 
2-60 

2-44 
2-60 

2-22 

2-42 

2-52 

From  these  figures  it  results  that  the  following  percentages  of 
zinc  and  bismuth  respectively  are  dissolved  for  the  mean  tempera- 
tures 650^  750%  and  800^ 


Zinc  dissolyed  by  Bismuth. 


Range 


550—650° 
650— 75CP 


Approximate  1 
mean  temp.  V  Average  .. 
of650P....  J 


14-04 
14-52 


14-28 


Range  650—750° 
„     750—850° 


Mean  temp,  of] 
750° J 


14-52 
15-83 


15-18 


Range  750— 850° 


Mean  1 
temp.  > 
of  800°J 


15-83 


Bismuth  dissolved  by  Zinc. 


Range 560—650° 

, 650—750° 

Approximate  1 
mean  temp.  >  Average  . . 
.of  650°....  J 


2-22 
2-42 


2-32 


Range  650— 750° 
„     750—850° 


Mean  temp,  ofl 
750° J 


2-42 
2-52 


Range  750— 860°, 


2-47 


Mean  1 
temp, 
of  800Pj 


2-52 


Hence,  while  the  solubility  of  bismuth  in  zinc  increases  between 
650"*  and  800"*  to  an  extent  only  just  measurable  and  barely  outside 
the  limits  of  experimental  error,  that  of  zinc  in  bismuth  increases 
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in  a  much  more    marked   fashion.     The    formula    Zn^BLj    requires 
Zn  =  15*  1,  and  Bi  =  84*9  per  cent. 

Mixtures  of  Bismuthy  Zinc,  and  Tin. 

Two  series  of  experiments  were  made,  one  at  a  temperature  rang- 
ing between  600**  and  700**,  and  averaging  near  to  650° ;  the  other 
ranging  between  700°  and  800°,  and  averaging  near  to  760°.  The 
results  indicate  that  in  presence  of  tin  the  solubility  of  zinc  in  bismuth 
and  that  of  bismuth  in  zinc  are  both  materially  increased  by  incre- 
ment of  temperature.  A  few  experiments  at  a  somewhat  higher 
temperature,  averaging  near  800**,  were  also  made,  the  results  of  which 
indicated  a  notable  further  increment  in  solubility ;  but,  as  considerable 
difficulty  was  experienced  in  getting  even  moderately  concordant 
figures  at  this  higher  temperature,  these  observations  were  not 
carried  far  enough  to  enable  average  curves  to  be  deduced.  In  every 
case  the  mixture  of  metals  employed  contained  equal  quantities  of 
bismuth  and  zinc  with  varying  proportions  of  tin ;  as  in  the  case  of 
the  lead-zinc- tin  alloys  previously  described,  the  effect  of  volatilisation 
and  oxidation  caused  a  small  decrement  in  the  proportion  of  zinc 
present  in  the  compound  ingots  ultimately  obtained  relatively  to  the 
other  two  metals  contained  therein,  especially  in  the  experiments  at 
the  higher  temperatures. 

In  analysing  the  alloys  prepared,  we  found  that  the  method  of 
analysis  used  for  lead-zinc-tin  alloys  could  not  be  adopted  without 
modification,  because  the  stannic  oxide  formed  by  the  action  of  nitric 
acid  on  the  alloys  retained  variable  amounts  of  bismuth  in  such  a  condi- 
» tion  as  not  to  be  removed  by  copious  washing  with  dilute  nitric  acid,  or 
even  by  boiling  therewith.*  In  some  instances  we  weighed  the  crude 
stannic  oxide  retaining  bismuth,  and  then  fused  it  with  sodium  carbon- 
ate and  sulphur,  whereby  sodium  sulphostannate  was  formed,  soluble 
in  water,  and  bismuth  sulphide  insoluble  therein.  By  precipitating  the 
stannic  sulphide  by  means  of  hydrochloric  acid  fit)m  the  aqueous  solu- 
tion, and  cautiously  roasting  it,  the  corrected  weight  of  storunic  oxide 
was  obtained ;  this  we  found  always  concorded  sensibly  with  the  weight 
deduced  by  converting  the  undissolved  bismuth  sulphide  into  oxide 
(by  dissolving  in  nitric  acid,  precipitating  boiling  with  ammonium 
carbonate,  and  igniting  the  precipitate),  and  subtracting  the  weight 
of  this  from  that  of  the  crude  stannic  oxide.  In  other  cases,  we 
dissolved  the  alloy  in  hydrochloric  acid  containing  a  little  nitric  acid, 
diluted  and  treated  with  sulphuretted  hydrogen,  separating  the  tin 

*  It  is  noteworthy  that  no  trace  of  lead  appears  to  be  thus  retained  by  stannic 
oxide  when  alloys  containing  tin  and  lead  are  treated  with  nitric  acid ;  on  the  other 
hand,  when  alloys  containing  antimony  and  lead  are  similarly  treated,  the  undis- 
solved  antimony  oxide  retains  a  notable  amount  of  lead,  just  as  stannic  oxide  retains 
bismuth. 
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and  bismuth  thus  precipitated  with  ammonium  salphide.  Check 
experiments  made  by  both  methods  yielded  sensibly  the  same  tin 
percentages.  In  order  to  determine  the  zinc  after  removal  of  bismuth 
and  tin,  we  first  precipitated  it  as  sulphide,  then  dissolved  in  hydro- 
chloric acid,  and  precipitated  as  carbonate,  finally  igniting  and  weigh. 
ing  as  oxide ;  this  method  of  treatment  being  adopted  to  prevent 
lime,  &c.,  derived  from  the  vessels  used  being  weighed  with  the  zinc, 
88  would  have  been  the  case  had  the  precipitation  as  sulphide  been 
omitted.  Any  traces  of  oxide  of  iron  contained  in  the  zinc  oxide 
were  subsequently  estimated  and  subtracted. 

The  following  figures  were  derived  from  the  examination  of  twenty- 
one  compound  ingots,  the  percentages  being  reckoned  upon  the  sum 
of  the  weights  of  tin,  bismuth,  and  zinc  found  as  100.  With  some  of 
the  lighter  alloys,  where  zinc  was  the  main  constituent,  only  the  tin 
and  bismuth  were  determined,  and  the  zinc  taken  by  difference. 

Series  I.     Temperature  600— 700^ 


Percentage 

Heayier  alloy. 

Lighter  alloy. 

Excess 
of  tin 

of  tin 

in  mixture 

before 

fasion. 

Tin. 

Bismuth. 

Zinc. 

Tin. 

Bismuth. 

Zinc. 

percentage 

in  lighter 

alloy  OTer 

that  in 

heaner. 

0 

2-5 

6-0 

8*3 

13-2 

15-9 

.'18*7 

0 

3-23 
6-35 
10-38 
14*35 
18-01 
20*50 

85-72 
80-27 
75-82 
70-52 
62-24 
56-10 
47-02 

14-28 
16*50 
17-83 
19*10 
23*41 
25*89 
32-48 

0 

1-98 
3-97 
6-36 
8-50 
10*24 

1*32 
3-45 
4-21 
5-63 
8*04 
10*90 

97*68 
94-67 
91*82 
88*12 
83-46 
78-86 

0 
-1-25 
-2-38 
-4-03 
-5-85 
-7-77 

Series  II. 

Temperature  700—800 

0 

Heavier  alloy. 

Lighter  alloy. 

Excess 

Percentage 
of  tin 

of  tin 
percentage 

in  mixture 

in  lighter 

before 
fusion. 

Tin. 

Bismuth. 

Tin. 

Bismuth. 

Zinc. 

alloy  over 
that  in 
heavier. 

0 

0 

84-82 

16*18 

0 

2*47 

97*53 

0 

6-3 

6-29 

76-20 

17*61 

4-24 

6-24 

90-52 

-2  06 

7-1 

-  8-81 

72-34 

18-86 

5*40 

6-08 

88-62 

-3-41 

8-8 

10-36 

67-71 

21*94 

6*29 

7-36 

86-36 

-406 

12-3 

14-72 

69-99 

26-29 

9  60 

9-66 

80*75 

-6  12 

15-3 

16-87 

64-03 

29*10 

11-57 

12-62 

75-81 

-5-30 
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On  plotting  these  figures  843  curves  it  is  noticeable  that,  whilst  the 
distribution  of  the  tin  between  the  heavier  and  lighter  alloys  formed 
is  only  slightly  different  according  as  the  temperature  is  650**  or  750°, 
in  each  case  the  curve  is  of  an  entirely  difEerent  character  from  that 
deducible  from  the  previous  experiments  with  lead,  zinc,  and  tin. 
Instead  of  rising  above  the  base  line  to  a  maximum  and  then  falling* 
again,  ultimately  crossing  the  base  line  and  passing  below  it,  each 
curve  Ues  completely  below  the  hose  line.     Curves  Nos.  1  and  2,  fig.  1» 


Fio.  1. 


i^espectively  represent  the  above  values  at  650°  and  750° ;  whilst  No.  3 
represents  the  corresponding  curve  obtained  (Part  I)  with  equal  pro- 
portions of  lead  and  zinc  in  the  original  mixtures  at  near  650° ;  in 
each  case  the  abscissa  are  the  percentages  of  tin  in  the  heavier  alloys, 
whilst  the  ordinates  are  the  excesses  of  the  tin  percentages  in  the 
lighter  alloys  over  the  corresponding  percentages  in  the  heavier  ones. 
On  the  other  hand,  on  plotting  the  curves  representing  the  solu- 
bility of  zinc  in  bismuth-tin  (percentages  of  tin  in  heavier  alloys  as 
absciss89,  and  those  of  zinc  as  ordinates),  and  of  bismuth  in  zinc- tin 
(percentages  of  tin  in  lighter  alloys  as  abscissse,  and  those  of  bismuth 
as  ordinates),  it  is  obvious  that  the  solubility  increases  in  each  case 
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^th  the  temperatare,  and  that  the  amount  of  bismuth  dissolved  by 
zinc,  or  vice  versd,  regularly  increases  as  the  amount  of  tin  present 
increases,  just  as  in  the  case  of  the  corresponding  alloys  containing  lead 
instead  of  bismuth.    Figs.  2  and  3  represent  the  solubility  curves,  the 

Fig.  2. 


curves  marked  1  and  2  respectively  indicating  the  values  obtained  at 
650**  and  750*^ ;  the  dotted  lines  connect  the  actual  points  of  observa- 
tion, whilst  the  continuous  lines  represent  the  smoothed  mean  curves 
thence  deduced.  The  following  solubility  tables  are  derived  from 
these  mean  curves. 
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Fia.  3. 


Solubility  of  Zinc  in  Bismuth-Tin. 


At  near  650^. 

At  near  750^ 

Percentage 
of 
tin. 

Percentage 

of 

zinc. 

Difference 

for 
1  per  cent. 

Percentage 

of 

zinc. 

Difference 

for 
1  per  cent. 

0 

2 

4 

6 

8 

10 

12 

14 

16 

17 

18 

19 

20 

14*28 
15*20 
16-20 
17-30 
18-50 
19-80 
21-20 
22-70 
24-30 
25  15 
26-20 
28*10 
31-00 

0-46 
0-50 
0-55 
0-60 
0-65 
0-70 
0*75 
0*80 
0-85 
1*05 
1-90 
2-90 

15  18 
16-10 
17  10 
18-20 
19-50 
21  00 
22-80 
24-90 
27*50 
29*40 
32  00 

o"^ 

0-50 

0-55 

0-66 

0-76 

0*90 

105 

1-30            1 

1-90 

2*60            1 

—         1 
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At  near  660°. 

At  near  750*. 

Percentage 
of 
tin. 

Percentage 

of 
bismuth. 

Difference 

for 
1  per  cent. 

Percentage 

of 
bismuth. 

Difference 

for 
1  percent. 

0 
1 
2 
3 
4 
5 
6 
7 
8 
9 
10 
'    11 

2-82 
2-80 
3-80 
3-80 
4-30 
4-80 
5-35 
6-10 
7-20 
8-70 
10-70 

0-48 
0-50 
0-60 
0-50 
0-50 
0-55 
0-76 
1-10 
1-50 
2  00 

2-47 
3  05 
3-70 
4-40 
5  15 
5-95 
6-80 
7-70 
8-66 
9-70 
10-90 
12-20 

0-58 
0-66 
0-70 
0-75 
0-80 
0-85 
0-90 
0-95 
105 
1-20 
1-30 

On  comparing  these  mean  curves  with  those  described  in  Parts  I 
and  II,  obtained  with  lead-zinc-tin  alloys,  it  is  evident  that  the  solu- 
bility of  zinc  in  bismuth  is  always  greater  than  that  in  lead,  whether  tin 
be  absent  or  present  to  a  given  extent  in  each  case ;  and  that,  in  the 
latter  case,  the  rate  of  increment  in  the  solubility  of  zinc  in  bismuth 
as  the  proportion  of  tin  present  increases  is  more  rapid  than  the 
corresponding  rate  of  increment  in  the  solubility  of  zinc  in  lead. 
Precisely  similar  remarks  apply  to  the  solubility  of  bismuth  in  zinc. 

Mixtures  of  Bismuth,  Zinc,  and  Silver. 

It  has  already  been  mentioned  in  Part  II  that  mixtures  of  bismuth, 
zinc,  and  silver  show  the  same  remarkable  behaviour  as  analogous 
mixtures  of  lead,  zinc,  and  silver,  leading  to  the  conclusion  that  two 
definite  compounds  of  zinc  and  silver  are  formed  under  appropriate 
conditions,  indicated  respectively  by  the  formulee  AgZug  and  Ag^Zug ; 
of  which  the  first  is  characterised  by  being  capable  of  dissolving  more 
lead  (or  bismuth)  than  can  either  pure  zinc  or  the  second  compound, 
and  of  being  more  soluble  in  lead  (or  bismuth)  than  either  of  these ; 
also  of  being  somewhat  unstable,  so  that  when  a  solution  of  lead  (or 
bismuth)  in  AgZng  is  kept  molten  for  a  long  time  it  breaks  up  forming 
zinc  and  Ag^Zug,  which  being  unable  to  dissolve  all  the  lead  originally 
present,  causes  the  separation  of  lead  from  the  liquid  metal  as  a  heavier 
alloy  containiDg  a  little  zinc  and  silver  in  solution.  The  second  com- 
pound Ag^Zug  is  characterised  by  the  peculiar  red  colour  assumed  by 
a  recently  cut  or  filed  surface  exposed  to  the  air  for  awhile,  and  by 
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the  circumstance  that  it  is  less  soluble  in  lead  (or  bismuth),  relativelj 
to  the  zinc  present,  than  either  pure  zinc  or  a  mixture  of  zinc  and  silver 
in  any  other  proportion. 

Three  series  of  experiments  were  made  exactly  corresponding  with 
those  previously  described  with  lead-zinc-silver  alloys  in  Part  11;  in  each 
case  the  temperature  was  as  near  750**  as  could  be  managed,  ranging 
between  700"*  and  800^.  The  analysis  of  the  alloys  waa  made  by  dis- 
solving in  nitric  acid,  diluting,  precipitating  silver  by  hydrochloric 
acid,  and  washing  the  precipitate  by  decantation  with  hot  dilute  hydro- 
chloric acid,  in  case  any  bismuth  oxychloride  might  have  separated. 
The  filtrate  was  evaporated  to  a  small  bulk  and  treated  with  water,  and 
the  filtrate  from  the  bismuth  oxychloride  formed  treated  with  sulphur- 
etted hydrogen ;  the  bismuth  in  the  sulphide  and  oxychloride  thus 
obtained  was  determined  by  converting  the  joint  precipitates  into 
oxide  by  dissolving  in  nitric  acid,  precipitating  boiling  with  ammonium 
carbonate,  and  igniting.  The  zinc  was  determined  as  in  the  former 
alloys,  and  corrected  for  small  quantities  of  iron  derived  from  the 
crucibles,  <fcc. 


Series  I.— Time  of  fusion,  8  hours.     Temperature  700—800°. 

Percentage 

Excess  of 

silver 

of  silver 
in 

Heavier  alloy. 

Lighter  alloy. 

percentage 

mixture 

m  lighter 

before 

alloy  over 
that  in 
heavier. 

fusion. 

Silver. 

Bismuth. 

Zinc. 

SUver. 

Bismuth. 

Zinc. 

0 

0 

84-82 

15-18 

0 

2-47 

97-53 

0 

2 

0  04 

85  05 

14-91 

3-88 

4-17 

92-00 

8-79 

4 

0-20 

84-39 

15-41 

10-44 

5-71 

83-85 

10-24 

6-25 

0-96 

79 '09 

19-65 

14-88 

7  16 

78-46 

13-42 

8-75 

2-29 

74-09 

23  62 

17-19 

10-60 

72-21 

14-90 

12-5 

3-32 

76-48 

20-20 

22-36 

13-39 

64-25 

19-04 

14 

3-49 

77-95 

18-56 

26*42 

11  04 

62-64 

22-93 

15-5 

4*66 

74-92 

20-62 

80-30 

6-40 

63-30 

25-74 

18 

4-95 

76 '10 

18-95 

34-18 

5-63 

60-19 

29-23 

21 

5  08 

79-28 

16-64 

37-06 

5-34 

57-60 

31-98 

25 

6-84 

77-24 

15-92 

38-80 

5-93 

55-27 

81-96 

31 

8-98 

77-99 

18-03 

46-31 

8-67 

45  02 

87-38 

33 

12-71 

76  19 

11  10 

47-94 

10  05 

42-01 

35-23 

36 

14-39 

75-24 

10-37 

48-50 

10-50 

41-00 

84  11 

38 

22-96 

62-72 

14-32 

51-34 

14-34 

34-32 

28-88 

39-5 

23  10 

61-30 

15-60 

51-78 

15-41 

32-81 

28-68 

40-6 

29-27 

53-08 

17-65 

— 

— 



.._ 

45 

39-90 

41-03 

19-07 

"^ 

— 

— 

— 

The  above  figures  were  derived  from  a  series  of  twenty-eight  com- 
pound  ingots,  each  prepared  from  equal  weights  of  zinc  and  bismuth 
with  varying  proportions  of  silver.     They  show  almost  exactly  the 
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same  peculiarities  as  the  corresponding  series  obtained  with  lead,  zinc, 
and  silver  described  in  Part  II ;  thus  the  silver-distribution  curve  is 
of  sensibly  the  same  character,  the  excess  of  silver  in  the  lighter 
alloj  over  that  in  the  heavier  being  at  first  extremely  great,  but  later 
on  lessening,  until  a  maximum  elevation  of  the  curve  above  the  base 
line  is  attained,  after  which  the  curve  again  descends.  Curve  No.  I, 
fig.  4,  indicates  this.  No.  2  being  the  corresponding  curve  from  the 

Fig.  4. 


lead-zinc-silver  alloys  (Part  II),  the  abscissffl  in  each  being  the  per- 
centages of  silver  in  the  lighter  alloys,  and  the  ordinates  the  ex- 
cesses of  silver  percentage  in  the  lighter  alloys  over  those  in  the 
heavier  ones.  Similarly,  the  curve  traced  out  by  plotting  the  silver 
and  bismuth  percentages  in  the  lighter  alloys  a^s  absciss89  and  ordinates 
respectively  (No.  1,  fig.  6)  exhibits  the  same  feature  of  rapid  rise  to  a 
maximum,  subsequent  fall  to  a  minimum  but  little  above  the  startiDg 
level,  and  later  continuous  rise.  The  position  of  the  first  maximum, 
moreover,  is  close  to  that  indicating  the  relationship  AgZug,  just  as 
with  the  former  alloys. 

Silver.  Zinc.  Ratio  of  zinc  to  silver. 

22  36  64-25  1  to  0-348 

Calculated  for  AgZoj ....      1  to  0*332 
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Fig.  6. 


Farther,  those  alloys  where  the  silv^er  and  zinc  present  were  approxi- 
mately in  the  proportions  denoted  by  Ag^Zng  showed  the  same 
marked  reddish  hue  on  exposure  to  the  air  for  a  short  time,  after 
filing  bright,  as  was  observed  with  the  analogous  lead-zinc-silver 
alloys;  thus  the  two  alloys  containiug  the  following  percentages 
showed  it  strongly — 


Silver. 

BUmuth. 

Zinc. 

Batio  of  liino  to  nlrer. 

47-94 

10-05 

4201 

114 

51-34 

14-34 

34-32 

1-49 

Mean 1-315 

Calculated  for  AgiZuj    1*33 

as  also  did  some  others,  the  compositions  of  which  lay  between 
these  limits,  which  correspond  respectively  with  84  per  cent,  of  Ag^Zn^ 
with  a  little  excess  of  zinc  and  some  bismuth,  and  with  80  per  cent, 
of  Ag^Zog  with  excess  of  silver  and  some  bismuth.  On  the  other 
hand,  alloys  containing  somewhat  larger  excesses  of  silver  or  zinc 
showed  only  a  much  paler  tint,  whilst  little  or  no  coloration  was 
visible  with  alloys  where  the  percentage  of  Ag^Zng  fell  below  about 
65  per  cent.  We  prepared  some  binary  alloys  of  silver  and  zinc 
consisting  mainly  of  Ag^Zug,  with  but  small  excess  of  either  silver 
or  zinc  ;  these  showed  the  coloration  strongly. 
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Again,  the  carve  obtained  by  plotting  the  silver  and  zinc  percent- 
ages in  the  heavier  alloys  as  abscisssa  and  ordinates  respectively 
exhibits  Q^o,  J,  fig'.  6),  first,  a  rapid  rise  in  the  quantity  of  zinc  pre- 


sent,  followed  by  a  fall  to  such  an  extent  that  the  zinc  present, 
reckoned  per  nuit  of  bismntb,  diminishes  down  again  to  an  amount 
considerably  below  that  present  in  the  binary  bismuth-zinc  alloy  con- 
taining no  silver ;  a  minimum  of  zinc  is  finally  attained,  after  which 
the  zinc  present  relatively  to  the  bismuth  rises  continuously. 
VOL.  \u%.  N 
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SilTer. 

Bismuth. 

Zinc. 

Zinc  per  unit  of 
bismuth. 

0 

84-82 

15-18 

0-179 

2-29 

74-09 

23  -62  (maximum) 

0-819 

4-95 

76  10 

18-95 

0-249 

6-84 

77-24 

15-92 

0-206 

8-98 

77-99 

18  03 

0-167 

12-71 

76-19 

11-10 

0-145 

14-89 

75-24 

10-37  (minimum) 

0-138 

22-96 

63-72 

14-32 

0-225 

29-77 

63  08 

17-65 

0-332 

39-90 

41  03 

19  07 

0-465 

This  rednotion  of  zinc  to  a  minimnm  is  far  more  strongly  marked 
than  in  the  case  of  the  lead-zlnc-silver  alloys ;  the  point  where  it 
occurs  is  not  far  from  that  where  the  silver  and  zinc  present  are  in 
the  ratio  indicated  by  the  formula  Ag^Zn^. 

Silyer.                             Zinc.                Ratio  of  zinc  to  silver. 
14-39                       10-37  1  to  1-39 

Calculated  for  Ag^Zug 1  to  1*33 

Whence  it  may  be  concluded  that,  whereas  AgZn^  is  much  more 
soluble  in  fused  bismuth  than  pure  zinc  (relatively  to  the  zinc  present 
in  each  case),  the  same  is  not  the  case  with  the  compound  Ag^Zn^, 
which  dissolves  in  bismuth  to  a  much  less  extent  than  would  zinc 
alone  in  the  absence  of  silver. 

Series  II  was  prepared  in  precisely  the  same  way  as  the  correspond- 
ing series  with  the  lead-silver-zinc  alloys ;  i.e.,  mixtures  of  the  three 
metals  were  made  and  fused  for  eight  hours  as  in  Series  I ;  the  com- 
pound ingots  thus  obtained  were  cut  in  two  so  as  to  separate  from 
one  another  the  lighter  and  heavier  alloys  thus  formed,  aud  the  former 
parts   separately  fused   at  the   same  temperature    (700 — 8(X)*)   for 


Series  II. — Limiting  Composition  of  Lighter  Alloys. 


Silver. 

Bismuth. 

Zinc. 

3-93 

2-95 

98-12 

13-72 

4  16 

82*18 

21-24 

4-88 

78-93 

33-27 

4-89 

61-84 

37-50 

5-34 

57-16 

41-43 

6-90 

62-67 

48*02 

11  12 

40-86 

52  01 

16-47 

31-52 
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another  eight  hours.  In  this  waj  a  farther  separation  was  brought 
about  in  the  case  of  the  alloys  prepared  with  smaller  proportions  of 
silver,  but  no  material  alteration  in  the  case  of  those  made  with 
larger  proportions,  just  as  with  the  lead-silver- zinc  alloys.  On 
plotting  the  results,  a  curve  was  obtained  (No.  2,  fig.  5)  from  which 
the  first  maximum,  at  approximately  the  point  representing  the  com- 
pound AgZug,  had  completely  disappeared,  as  had  also  the  subsequent 
fall,  the  curve  exhibiting  a  progressive  rise  from  beginning  to  end. 

Series  III  was  similarly  made  with  the  heavier  alloys  thus  sepa- 
rated from  the  lighter  ones ;  the  results,  when  plotted  (curve  No.  2, 
fig.  6),  showed  that  the  abnormally  large  percentages  of  zinc  observed 
in  the  earlier  part  of  the  series  had  disappeared,  whilst  the  diminution 
in  amount  of  zinc  dissolved  relatively  to  the  bismuth  present  down  to 
a  minimum  and  subsequent  rise  again  was  still  well  marked,  the 
position  of  the  minimum  corresponding,  as  before,  with  a  ratio  of 
^inc  to  silvBr  not  far  from  that  indicated  by  the  formula  Ag^Zn^. 

Series  III. — ^Limiting  Composition  of  Heavier  Alloys. 


Silver. 

Bismufch. 

Zinc. 

Zino  per  unit  of 
bismuth. 

0 

84-82 

15-18 

0-179 

6-42 

80-62 

13-96 

0-178 

7-65 

80-70 

11-65 

0-144 

11-71 

78  00 

10-29 

0-182 

IS  14 

77-85 

9-01 

0  -116  (minimum) 

17-98 

71  00 

11-02 

0-165 

22-96 

62-70 

14-34 

0-228 

25-11 

61-39 

13-50 

0-220 

Position  of  minimum : — 

Silver.  Zinc.  Katio  of  zinc  to  silver. 

1:S14  9-01  1  to  1-45 

Calculated  for  Ag^Zn^ 1  to  1-33 

„   AgZn     ltol-66 

The  following  tables  represent  the  mean  solubility  curves  deduced 
from  all  the  preceding  results,  omitting  the  earlier  alloys  in  Series  I, 
where,  owing  to  the  presence  of  undecomposed  AgZn^,  excess  of  lead 
was  present  in  the  lighter  alloys,  and  excess  of  zino  in  the  heavier 
ones. 
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Solubility 

of  zinc  in  bismuth-silver. 

Solubility 

of  bismuth  in  zinc-silver. 

1 

Percentage 

Percentage 

Difference 

for 
1  per  cent. 

Percentage 

Percentage 

Difference 

for 
1  per  cent.  | 

of  silver. 

of  zinc. 

of  silver. 

of  bismuth. 

0 

15  18 

""" 

0 

2-47 

__ 

1 

14-70 

-0-48 

5 

2-82 

0  07 

2 

14-20 

-0-5 

10 

3  17 

0  07 

5 

12-70 

-0-5 

15 

3*52 

0-07 

6 

12-25 

-0-45 

20 

3-87 

0  07 

11 

10  00 

-0'45 

25 

4-27 

0-08 

12 

9-65 

-0-35 

30 

4-67 

0  08 

13 

9-50 

-0  15 

35 

5  07 

0  08 

14 

9-50 

0 

36 

5  15 

0-08 

15 

9-65 

+  0-15 

37 

5-23 

0  08 

16 

1000 

+  0-85 

38 

5-40 

0-17 

17 

10-60 

+  0-5 

39 

5-70 

.     0-30 

18 

11-20 

+  0-7 

40 

6  10 

0-40 

19 

12  00 

+  0-8 

41 

6-50 

0-40         1 

21 

18-60 

+  0-8 

42 

7  00 

0-50      ; 

22 

14-30 

+  0-7 

43 

7-50 

0-50         > 

23 

14-96 

+  0-65 

44 

8  00 

0-50 

24 

15-50 

+  0-65 

45 

8-60 

0-60 

25 

16  00 

+  0-5 

46 

9-20 

0-60         ! 

20 

16-40 

+  0-4 

47 

9-90 

0-70 

27 

16-80 

+  0-4 

48 

10-60 

0-70 

28 

17-10 

+  0-3 

49 

11-40 

0-80 

30 

17-70 

+  0-8 

50 

12-30 

0-90 

31 

17-90 

+  0-2 

51 

13-70 

1-40 

32 

18  10 

+  0-2 

52 

16-80 

a -60 

33 

18-25 

+  0-15 

1 

86 

18-70 

+  015 

1 

87 

18-80 

+  0-1 

40 

19- 10 

+  0-1 

On  comparing  together  the  relative  effects  on  the  solubility  of 
bismuth  in  zinc  and  of  zinc  in  bismuth  produced  by  the  simultaneous 
presence  of  tin,  or  of  silver  the  same  general  result  is  deduced  as  in 
the  case  of  lead-silver-zinc  and  lead-jbin-zinc  alloys,  viz.,  that  in  each 
instance  the  solubility  is  considerably  more  increased  by  the  presence 
of  a  given  proportion  of  tin  than  by  that  of  the  same  amount  of  silver. 
If  100  parts  of  zinc  can  take  up  m  parts  of  bismuth  in  presence  of 
X  parts  of  tin  (or  silver),  and  if  100  parts  of  bismuth  can  take  up 
n  parts  of  zinc  in  presence  of  a?  parts  of  tin  (or  silver),  then  the 
following  tables  give  the  correlated  values  of  w,  n,  and  «,  these  values 
being  minima  in  the  case  of  alloys  containing  silver,  i.e.,  being  deduced 
from  those  experiments  where  the  influence  of  the  presence  of  the  com- 
pound AgZng  in  increasing  solubility  was  eliminated. 
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Zinc  dissolyed  by  . 

LOO  parts 

Bismuth  dissolyed  bj 

of  bismuth  in  presence  of  x  parte 

100  parts  of  zinc  in  presence  of 

X. 

of  tin  (or  silver). 

X  parts  of  tin  (or  silver). 

Tin 

Tin 

Silver 

Tin 

Tin 

Silver 

at  650°. 

at  750°. 

at  750°. 

at  650°. 

at  750P. 

at  750°. 

n.    DifP. 

n.    Diff. 

n.      Diff. 

m.    Diff. 

m.     Diff. 

«.     Diff. 

0 

16-8   — 

17-9  — 

17-9      — 

2-37    — 

2-53    — 

2-58    — 

2-5 

18-5  1-7 

19  -6  1  -7 

16-8  -1-1 

3 -70  1 -33 

4-30  1-77   2-75  0-22 

5 

20-3  1-8 

21  -4  1  -8 

15-8  -10 

5-20  1-50 

6-20  1-90  3-00  0-25 

7-5 

22-3  2  0 

23-5  2-1 

14-9  -0-9 

700  1-80 

8-40  2-20  8-25  0-25 

10 

24-4  21 

26  0  2-5 

14  0  -0-9 

9-50  2-50 

10-80  2-40  3-60  0  25 

12-5 

26-6  2-2 

28  -5  2  -5 

13-2  -0-8 

13-40  3-90 13 -70  290  3-75  0*25  | 

15 

28-9  2-3 

31  1  2  -6 

12-6  -0-4 

17  00  3-30  4  00  0-25 

17-5 

31-3  2-4 

34  0  2  -9 

12-3  -0-3 

4-25  0-25 

20 

33-7  2-4 

37  -2  3  -2 

12-8   +0-5 

i  4-60  0-25 

22-5 

36-8  2-6 

41-2  4-0 

13-8   +10 

4-75  0-25 

25 

39-1  2-8 

46-2  50 

15-3  +1-5 

5-00  O^'i 

27-5 

42-0  2-9 

52-3  6  1 

17-2   +1-9 

;  5-25  0-25 

30 

45  -0  3  0 

19-3   +2  1 

'  5  -50  0  -25 

35 

52  1  7-1 

22-8  +3-5 

6-00  0-50 

40 

61-8  9-7 

25-8  +30 

;  6-50  0-50 

50 

30-7   +4-9 

7-60  110 

60 

84-7   +4-0 

'  8-90  1-30 

70 

38  2   +3-5 

10-50  1-60 

80 

41-4   +3-2 

13  00  2-50 

ro 

44-5   +31 

16  10  3  10 

100 

47-5   +30 

19-60  3-50 

The  curves  indicated  by  the  continuous  lines  in  figs.  7  and  8  repre- 
sent these  numbers,  the  dotted  lines  representing  the  analogous  curves 
described  in  Part  II,  obtained  with  lead-zinc-tin  and  lead- zinc- silver 
allojs.  In  fig.  7,  curve  No.  1  indicates  the  amounts  of  zinc  dissolved 
at  650°  by  100  parts  of  bismuth  in  presence  of  x  parts  of  tin,  whilst 
No.  2  represents  the  corresponding  amounts  dissolved  at  the  same 
temperature  by  lead.  Nos.  3  and  4  similarly  represent  the  amounts 
of  zinc  dissolved  at  750°  by  bismuth  and  at  800"  by  lead  respectively. 
Nos.  5  and  6  indicate  the  amounts  of  zinc  dissolved  id  presence  of 
X  parts  of  silver  by  100  parts  of  bismuth  at  750**  and  of  lead  at  800° 
respectively. 

In  fig.  8,  curves  Nos.  1  and  2  respectively  represent  the  amounts  of 
bismuth  and  lead  dissolved  by  100  parts  of  zinc  in  presence  of  x  parts 
of  tin  at  650*^.  Nos.  3  and  4  represent  similarly  the  bismuth  dis- 
solved at  750°  and  the  lead  at  800°  respectively.  Nos.  5  and  6 
indicate  the  bismuth  dissolved  at  750°  and  the  lead  at  800°  in  pre- 
sence of  X  parts  of  silver. 
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III.  **  On  Certain  Ternary  Alloys.  Part  IV.  On  a  Method  of 
Graphical  Representation  (suggested  by  Sir  G.  G.  Stokes) 
of  the  way  in  which  certain  Fused  Mixtures  of  Three 
Metals  divide  themselves  into  Two  different  Ternary 
Alloys ;  with  further  Experiments  suggested  iiiereby." 
By  C.  R.  Alder  Wright,  D.Sc,  F.R.S.,  Lecturer  on 
Chemistry  and  Physics  in  St.  Mary's  Hospital  Medical 
School;  C.  Thompson,  F.T.C,  F.C.S.  ;  and  J.  T.  Leon, 
B.Sc,  F.C.S.,  Assistant  Lecturer  on  Physics  and  Demon- 
strator of  Chemistry  in  St.  Mary's  Hospital  Medical  School. 
Received  January  29,  1891. 

A  method  of  graphicallj  i*epre8enting  the  results  of  the  experi- 
ments described  in  the  previoas  portions  of  these  researches  has 
been  kindly  suggested  to  one  of  us  by  Sir  G.  G.  Stokes,  founded  on  a 
principle  which  he  regards  as  self-evident.  We  snbjoin  a  note  which 
he  has  been  so  good  as  to  draw  up  for  us,  explaining  the  application 
of  this  method,  and  then  describe  some  further  experiments  which 
^e  have  instituted  with  a  view  to  test  the  correctness  of  the  assumed 
principle. 

Note  on  a  Graphical  Representation  of  the  Results  of  Dr.  Alder 
Wright's  Experiments  on  Ternary  Alloys.  By  Sir  G.  G. 
Stokes,  Bart.,  F.R.S. 

Suppose  three  liquids  such  as  water,  ether,  and  alcohol,  of  which 
the  third  is  miscible  in  all  proportions  with  either  of  the  others,  are 
mixed  together,  the  temperature  being  kept  constant.  According  to 
circumstances,  the  mixture  forms  a  single  liquid  mass,  or  separates 
into  two.  In  the  latter  case,  if  we  suppose  that  the  liquids  had  been 
merely  gently  poured  together,  and  imagine  the  upper  and  under 
portions  separately  to  he  homogeneous  to  start  with,  this  state  of 
things  would  not  remain ;  an  alteration  of  composition  would  take 
place  close  to  the  surface  of  separation  on  hoth  sides,  depending  on 
the  relative  solubilities,  Ac,  of  the  ingredients.  If  now  the  two 
altered  strata  were  mixed  up  with  the  rest  of  the  portions  to  which 
they  respectively  belong,  the  same  thing  would  go  on  again,  and  so 
on  till  a  condition  was  reached  in  which  what  we  may  call  an 
equilibriam  of  composition  on  the  two  sides  of  the  surface  of  separation 
had  been  attained.  As  this  equilibrium  depends  only  on  the  molecular 
forces,  which  are  insensible  at  sensible  distances,  it  is  'evident  that 
the  equilibrium  would  not  be  disturbed  by  removing  a  part  of  either 
the  upper  or  the  under  liquid,  or  by  adding  to  it  liquid  of  exactly  the 
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same  composition  as  itself.  This  final  state  wonid  take  place  only 
very  slowly  in  the  manner  conceived  above ;  but  if  the  mixture  be 
well  agitated  the  total  surface  of  separation,  where  alone  the  change 
of  composition  can  go  on,  is  gi*eatly  increased,  and,  moreover,  the 
altered  strata  are  mixed  up  with  the  rest  of  the  liquids  to  which  they 
respectively  belong,  so  that  the  final  state  is  reached  comparatively 
qaickly.  I  think  I  have  seen  an  experimental  verification  of  this 
anticipation,  namely,  that  equilibrium  depends  only  on  the  composi- 
tions of  the  upper  and  lower  mixtures,  and  not  on  their  quantities,  in 
a  French  serial,  but  I  have  not  the  reference. 

The  same  principles  would  apply  to  ternary  alloys,  which  form  a 
homogeneons  mass,  or  separate  into  two,  as  the  case  may  be ;  but  of 
coarse  the  di£5culty  of  preserving  a  constant  temperature  is  much 
greater,  as  well  as  that  of  giving  sufficient  agitation  to  bring  about 
the  final  condition. 

It  seemed  to  me  that,  for  giving  an  insight  into  the  results  of 
experiments  with  ternary  alloys,  a  mode  of  graphical  representation 
might  be  usefully  employed  which  is  already  well  known.  It  is  the 
same  as  that  which  Maxwell  used  for  the  composition  of  colours,  at 
least  with  one  slight  addition.  In  this  way  the  whole  of  the  circum- 
stances of  the  experiment,  eo  far  as  they  are  material,  would  be 
exhibited  to  the  eye. 

Let  A,  B,  C  be  three  liquids,  such  as  water,  ether,  alcohol,  or  else 
lead,  zinc,  tin,  in  fusion,  of  which  the  third  (which  for  distinction  may 
be  called  the  solvent)  may  be  mixed  in  all  proportions  with  either  the 
first  or  the  second.     Take  a  triangle,  ABC  (fig.  1),  which  may  be  of 

Fig.  1. 
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anj  form,  but  is  most  convenientlj  chosen  equilateral ;  and,  to  repre- 
sent the  composition  of  any  mixture  of  the  three,  imagine  weights 
equal  to  those  of  the  substances  A,  B,  C  placed  at  the  points  A,  B,  C, 
and  find  their  centre  of  gravity,  P.  To  each  different  set  of  propor- 
tions A  :  B  :  C  (the  letters  here  denoting  weights)  will  correspond  a 
different  position  of  P,  which  point  will  serve  to  represent  to  the  eye 
the  composition  of  an  actual  or  ideal  alloy  (supposing  the  substances 
to  be  metals)  formed  of  the  three  metals  in  the  given  proportions. 
If  the  quantity  of  the  solvent  be  sufficient,  P  will  represent  on  the 
diagram  the  composition  of  an  actual  alloy.  If  it  be  insufficient,  the 
alloy  represented  as  to  composition  by  P  will  be  ideal  only ;  and  on 
attempting  to  form  it  the  mass  will  separate  into  two  layers.  If  we 
suppose  the  agitation  to  have  been  sufficient,  there  will  be  equilibrium 
of  solution  at  the  surface  of  junction,  and  the  mass  will  have  reached 
its  final  state.  Supposing  this  condition  to  have  been  attained,  let 
the  two  portions  be  analysed,  and  the  points  Q,  R  representing  their 
compositions  be  laid  down  on  the  diagram,  and  joined  by  a  straight 
line.  From  the  construction,  this  line  must  pass  through  the  point 
P  if  there  has  been  no  loss  by  volatilisation  or  oxidation.  Let  the 
same  thing  be  done  for  several  other  proportions  of  the  ingredients. 
Then  the  points  Q,  R  will  lie  in  a  curve  aQLR6,  cutting  AB  in  two 
points  a,  6,  which  represent,  the  first,  a  saturated  solution  of  B  in  A, 
the  second,  a  saturated  solution  of  A  in  B.  Call  this  curve  the 
critical  cwrve^  and  the  lines  such  as  QR  tie-lines^  or  simply  ties.  Then 
the  critical  curve  and  the  system  of  ties  will  represent  the  complete 
result  of  the  experiments,  supposing  them  to  have  been  exactly  made. 
Alloys  of  a  pair  may  conveniently  be  called  conjugate.  Intermediate 
tie-lines  may  be  interpolated  by  eye ;  or  if  we  prefer  we  may  substi- 
tute for  the  system  of  ties  their  envelope,  on  which  plan  the  result 
of  the  experiments  would  be  completely  represented  by  two  curves, 
the  critical  curve  and  the  envelope. 

The  critical  curve  separates  mixtures  of  which  alloys  can  actually 
be  formed  from  those  on  attempting  to  form  an  alloy  of  which  the 
mass  separates  into  two  layers.  In  the  latter  case,  if  through  P  we 
draw  a  tangent  to  the  envelope,  cutting  the  critical  curve  in  Q,  R, 
the  points  Q,  R  will  represent  the  compositions  of  the  portions  into 
which  the  mass  separates,  while  their  weights  will  bo  as  PR  to  PQ. 

If  L  be  the  limiting  position  of  the  chord  QR,  or,  in  other  words, 
the  point  of  contact  with  the  critical  curve  of  a  common  tangent  to  it 
and  the  envelope,  as  P  tends  to  coincide  with  L,  the  two  strata  into 
which  the  mass  separates  tend  to  become  identical  in  nature.  If  we 
take  a  mixture  of  A  and  B,  represented  by  a  point  c  in  a&,  and  con- 
tinually increase  the  quantity  of  G  from  0,  the  point  P  will  ascend 
from  6  towards  C  until  it  reaches  the  critical  curve.  At  this  stage 
the  quantity  of  the  second  alloy  has  just  dwindled  away  to  nothing, 
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its  nature,  so  long  as  there  was  any  of  it  left,  difEering  from  tbat  of 
the  other  alloy.  If,  however,  the  point  c  lies  in  the  line  CL,  on 
increasing  the  quantity  of  C  the  two  alloys  merge  into  one. 

On  communicating  to  Dr.  Alder  Wright  this  mode  of  giuphical 
representation,  he  tried  it  on  a  large  scale  on  the  results  of  two  pairs 
of  series  from  the  former  experiments.  In  one  pair  the  temperature 
was  650^,  and  the  proportion  by  weight  of  zinc  to  lead  was  2  to  1 
in  the  first  case,  and  1  to  2  in  the  second.  In  the  other  pair  the 
weights  of  zinc  and  lead  were  equal,  and  the  temperature  650°  in 
one  case  and  800**  in  the  other.  In  the  first  pair  the  agreement  of 
the  critical  curves  was  very  good,  but  the  agreement  in  the  direction 
of  the  ties  was  not  by  any  means  equally  good.  In  the  upper  part 
of  the  figure,  corresponding  to  the  case  in  which  there  was  a  con- 
siderable quantity  of  tin,  though  not  enough  by  any  means  to  pre- 
vent the  formation  of  two  layers  in  the  entire  mass,  the  difference  of 
inclination  ranged  to  about  b^,  the  ties  in  the  first  case  being  inclined 
to  those  in  the  second  as  if  they  had  been  turned  round  in  the  direc- 
tion of  a  line  passing  through  the  lead  comer  of  the  triangle,  and 
turning  round  in  the  direction  from  lead- zinc  to  lead-tin.  In  the 
second  pair  of  series  in  which  the  weights  of  lead  and  zinc  were  equal, 
and  the  temperature  was  650°  in  the  first  case  and  800^  in  the  second, 
the  critical  curve  for  800°  was  of  the  same  general  character  as  that 
for  650°,  but  lay  a  little  inside  it,  which  is  just  what  was  to  be 
expected,  on  account  of  the  increase  of  solubility  attending  the  higher 
temperature.  Moreover,  the  critical  curve  for  650*  agreed  very  fairly 
with  those  for  the  same  temperature  in  the  first  pair,  notwith- 
standing the  difference  in  the  proportion  of  lead  to  zinc  in  the  three 
cases. 

I  had  not  anticipated  the  greater  accordance  existing  between  the 
critical  curves  in  different  cases  for  the  same  temperature  than  that 
shown  in  the  direction  of  the  ties.  But,  when  the  plottings  revealed 
it,  it  seemed  to  me  that  the  cause  was  not  far  to  seek.  When  the 
molten  mass  has  as  yet  been  but  slightly  stirred,  the  superposed 
alloys,  supposed  to  be  severally  homogeneous,  will  most  likely  be 
represented  on  the  diagram  by  points,  one  or  both  of  which  lie  out- 
side the  critical  curve.  In  this  condition  an  alloy  represented  by  an 
external  point,  having  the  metal  C  to  spare,  will  be  capable  of  dis- 
solving bodily  a  portion  of  the  other.  This  process  accordingly,' 
being  something  analogous  to  the  solution  of  a  salt  till  saturation  is 
obtained,  will  go  on  as  the  stirring  proceeds,  and  be  sensibly  complete 
in  a  moderate  time.  The  two  alloys  will  then  be  represented  by  two 
points  lying  on  the  critical  curve.  Such  alloys  may  be  said  to  be 
associated.  But  the  passage  from  merely  associated  to  truly  conjugate 
alloys,  as  the  stirring  proceeds,  is  likely  to  be  decidedly  slower.  For 
now  neither  alloy  can  bodily  dissolve  any  portion,  however  small,  of 
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the  other ;  there  can  only  he  an  interchange  of  constitnents  across 
the  sarface  of  separation. 

The  critical  curve  may  be  otherwise  defined  as  the  cnnre  expressing 
the  saturation  of  the  solvent  C  with  a  mixture  in  given  variable  pro- 
portion of  the  remaining  substances  A,  B.  That  it  is  really  such,  a 
little  consideration  suffices  to  show.  The  determination  accordingly 
of  the  critical  curve  furnishes  us  with  definite  information,  even 
thoagh  we  do  not  go  into  the  ulterior  question  of  the  condition  of 
conjugation. 

Perhaps  the  attainment  of  true  conjugation  might  involve  more 
stirring  than  would  be  practically  feasible  with  molten  metallic  mix- 
tures. The  most  hopeful  way  would  seem  to  be  to  fuse  the 
mass  at  a  higher  temperature  than  that  intended  for  the  experi- 
ment, stirring  it  well,  and  then  let  down  the  temperature  to  that 
intended,  stirring  all  the  time,  and  avoiding  too  rapid  a  fall  of  the 
temperature. 

If  truly  conjugate  alloys  were  obtained,  and  portions  of  each  were 
taken  and  fused  together  at  the  temperature  at  which  the  alloys 
were  made,  the  compositions  ought  to  be  the  same  as  before.  But  if 
the  alloys  were  merely  associated,  then,  even  if  the  stirring  in  the 
second  part  of  the  experiment  were  sufiScient  to  ensure  conjugation, 
the  compositions  would  not  be  the  same  as  the  original,  nor  would 
they  be  independent  of  the  proportion  of  the  two  alloys  which  the 
operator  took  for  fusing  together. 


The  triangular  method  of  representation  described  by  Sir  G.  G. 
Stokes  in  the  above  note  obviously  possesses  several  advantages,  inas- 
much as  it  represents  in  one  diagram  simultaneously  a  number  of 
results  which  the  ordinary  curves  drawn  with  abscissad  and  ordinates 
can  only  partially  indicate,  consequently  necessitating  several 
different  curves  being  drawn  in  order  to  represent  graphically  the 
entire  set  of  results ;  thus  the  two  branches  of  the  "  critical  curve,** 
obtained  by  directly  plotting  the  figures  yielded  on  analysis  of  the 
lowest  and  uppermost  portions  respectively  of  the  compound  ingot 
formed  (in  the  case  of  a  mixture  separating  into  two  different  ternary 
alloys),  represent  the  two  solubility  curves  (e.g.,  of  zinc  in  lead-tin 
and  of  lead  in  zinc-tin),  whilst  the  "  ties  "  or  "  tie-lines"  indicate, 
according  as  they  slope  to  one  side  or  the  other,  the  relative  propor- 
tions of  the  "  solvent "  (e.^.,  tin)  in  the  heavier  and  lighter  alloys  ; 
so  that,  when  (as  in  the  case  of  mixtures  of  lead,  zinc,  and  tin)  with 
certain  proportions  of  "solvent  *'  the  heavier  alloy,  and  with  other  pro- 
portions the  lighter  one,  contains  the  larger  percentage,  this  variation 
is  at  once  indicated  to  the  eye  by  the  change  in  direction  of  slope  of  the 
tie-lines  (compare  fig.  3).   Further,  when  once  the  critical  curve  for  a 
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given  temperature  has  been  laid  down,  it  is  at  once  evident  by  inspec- 
tion whether  a  given  mixture  of  metals  will  furnish  a  '^  real  "  alloy 
(not  separating  into  two  different  ternary  mixtures),  or  only  an  "  ideal" 
alloy  (t.e.,  one  not  capable  of  existence,  and  consequently  separating 
into  two  different  ternary  alloys)  ;  for,  in  the  one  case,  the  centre  of 
gravity  of  the  weights  of  the  three  metals  respectively  placed  at  the 
angles  of  the  triangle  will  fall  outside,  and,  in  the  other  case,  inside, 
the  space  enclosed  between  the  critical  curve  and  the  base  of  the 
triangle. 

Again,  any  abnormal  results  due  to  the  formation  of  definite 
chemical  compounds  (such  as  the  silver-zinc  compounds  AgZug  and 
Ag4Zn5,  shown  to  exist  by  the  experiments  described  in  Parts  II  and 
in)  are  equally  indicated  by  the  irregularity  of  the  outline  of  the 
critical  curve  deduced :  thus  fig.  2  indicates  on  Sir  Gr.  (3-.  Stokes's 

Fie.  2. 


system  some  of  the  results  obtained  with  zinc-lead-silver  alloys 
(Part  II,  •  Roy.  Soc.  Proc.,'  vol.  48,  p.  33,  Series  I)  ;  the  branch  of 
the  critical  curve  corresponding  with  the  lighter  alloys  obviously 
indicates  the  first  maximum  of  dissolved  lead  (at  a  point  near  to  that 
corresponding  with  AgZn),  the  subsequent  fall,  and  the  point  where 
marked  increment  again  becomes  apparent  (near  that  corresponding 
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with  Ag^Ziig)  in  the  same  way  as  the  abscissa  and  ordinate  carve 
shown  in  fig.  5,  Part  II,  p.  35.  It  is  noteworthy,  however,  that 
whilst  the  direction  of  the  slope  of  the  ties  indicates  that  thronghoat 
the  lighter  alloy  contains  more  silver  than  the  heavier  one,  the 
triangular  graphical  representation  does  not  clearly  indicate  that  the 
difference  in  silver  percentage  between  the  lighter  and  heavier  alloys 
rises  to  a  maximum  and  then  diminishes  ag^in,  as  is  distinctly  shown 
by  the  ordinary  method  with  abscisssB  and  ordinates,  as  depicted  in 
fig.  4,  Part  II,  p.  35.*  Precisely  the  same  remarks  apply  if  the 
analogous  results  obtained  with  bismuth -zinc-silver  alloys  described 
in  Part  III  are  similarly  plotted. 

In  addition,  however,  to  the  employment  of  this  improved  method 
of  graphical  representation,  Sir  G.  O.  Stokes  deduces  from  a  priori 
considerations  an  important  general  principle,  viz.,  that  when  a 
sufficient  amount  of  intermixture  of  the  constituent  metals  has  taken 
place  a  state  of  equilibrium  is  arrived  at  (the  temperature  being 
constant  throughout),  such  that  the  presence  of  one  ternary  alloy  iii> 
no  way  affects  the  composition  of  the  other ;  so  that  the  addition  or 
subtraction  of  a  further  quantity  of  either  alloy,  or  of  any  mixture 
uf  the  two,  does  not  affect  the  compositions,  but  only  the  relative 
quantities  present,  of  the  two  alloys ;  whence,  if  any  given  weights 
of  the  two  fused  alloys  be  intermixed,  the  same  weights  of  the  same 
alloys  will  separate  again  from  one  another  by  gravitation  on  standing. 
If,  therefore,  two  given  alloys,  A  and  B,  be  thus  related  (truly  con- 
jugate), and  in  any  particular  experiment  earned  out  until  equilibrium 
is  reached  one  of  these  alloys.  A,  be  formed,  the  other  alloy,  B,  must 
necessarily  be  also  produced ;  and  this  must  be  the  case  no  matter 
what  may  have  been  the  relative  proportions  subsisting  between  the 
three  metals  in  the  mixture  originally  employed. 

It  appeared  to  us  of  considerable  interest  to  examine  from  the 
experimental  point  of  view  whether  this  general  principle  can  be 

*  [Sir  Ot.  Ot.  Stokes  has  pointed  out  to  me  that  the  diagram,  fig.  1,  shows  at  once 
thut,  inasmuch  as  the  difference  between  the  percentages  of  the  soWent  in  two  con- 
jugate alloys  vanishes  for  the  pair,  0,  h,  being  nil  for  each,  and  again  for  tlie 
pair  which  merge  into  one,  represented  by  the  point  L,  it  must  necessarily  be  a 
maximum  for  some  intermediate  pair ;  and  also  that,  in  order  to  preserve  the  con- 
tinuity of  conditions,  we  must,  in  crossing  L,  pass  from  the  upper  alloy  to  the 
lower,  and  vice  verad.  Hence,  if  the  entire  system  of  ties  could  be  determined,  so 
H8  to  obtain  every  possible  pair  of  conjugate  points  lying,  one  on  one  side,  the 
other  on  the  other  side,  of  L,  and  if  these  values  were  plotted  on  the  abscissa  and 
ordinate  system,  the  curve  representing  the  difference  between  the  percentages  of 
the  solvent,  after  having  ascended  and  attained  a  mayimnm  elevation,  must 
descend  again  to  the  base  line  at  a  point  corresponding  with  L.  If  we  wish  to  con- 
tinue the  curve  beyond  that  point,  wo  must  now  take  the  ordinates  negative  iti«t<*f>H 
of  positive,  the  same  in  magnitude  as  before,  and  tiie  curve  having  Grossed  the  base 
line,  and  attained  a  minimum  elevation,  will  ultimately  ascend  again  to  the  final 
point  on  tlie  base  line.— 0.  R.  A.  W.,  February  25, 1891.] 
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verified  in  practiue,  or  whether  interfering  canses  prevent  anything 
more  thian  demonstrations  of  approximate  correctness  being  obtained ; 
the  more  so  that  some  of  the  results  previously  obtained  by  two  of  ns 
do  not  appear  to  be  in  harmony  with  Sir  G.  O.  Stokes's  proposition. 
In  Part  I  ('  Boy.  Soc.  Proc.,'  vol.  45,  p.  461)  three  series  of  experi- 
ments were  described,  made  with  lead,  tin,  and  zinc,  where  the  ratio 
of  lead  to  zinc  was  2  to  1,  1  to  1,  and  1  to  2,  in  the  three  series 
respectively ;  and  the  figures  obtained  led  us  to  the  conclusion  thafc 
'^  whilst  an  indefinite  number  of  different  mixtures  may  be  prepared, 
each  one  of  which  will  give  the  same  heavier  alloy,  the  lighter  alloy 
simultaneously  formed  will  be  different  in  each  case;  and  conversely: " 
a  deduction  obviously  incompatible  with  Sir  O.  G.  Stokes's  proposition. 
On  the  other  hand,  it  is  argued  by  Sir  Q.  G.  Stokes  that  these  experi- 
ments do  not  necessarily  prove  anything  more  than  the  extreme 
difficulty  experienced  whilst  making  experiments  with  fused  metals 
in  obtaining  such  an  intimate  intermixture  as  to  bring  about  the 
condition  of  perfect  equilibrium  between  the  two  alloys  formed  in 
any  given  instance;  and  that,  in  point  of  fact,  the  differences 
observed  in  the  compositions  of  the  various  lighter  alloys  associated 
with  a  given  heavier  one,  or  vice  versa,  are  not  greater  than  might 
reasonably  be  expected  were  equilibrium  not  perfectly  attained  in 
some  or  all  of  the  observations.  Further,  the  fact  that  the  differences 
are  always  in  the  samne  general  direction  tends  to  indicate  that  some 
constant  interfering  cause  is  at  work ;  thus,  when  curves  were 
plotted  (Part  I,  fig.  5,  p.  476)  with  the  tin  percentages  in  the  heavier 
alloys  as  abscissad,  and  the  excesses  of  tin  percentage  in  the  lighter 
alloys  over  those  in  the  heavier  ones  as  ordinates,  the  curve  deduced 
from  the  series  of  experiments  where  the  ratio  of  lead  to  zinc  in  the 
original  mixture  of  metals  was  2  to  1  underlay  that  similarly  obtained 
in  the  second  series,  where  the  ratio  was  1  to  1,  which  again  underlay 
that  deduced  from  the  third  series,  where  the  ratio  was  1  to  2; 
whereas  all  three  curves  should  have  coincided  were  Sir  O.  G.  Stokes's 
proposition  correct,  and  all  interfering  causes  completely  eliminated. 

An  analogous  result  is  obtained  when  the  analytical  figures  are 
plotted  on  Sir  G.  G.  Stokes's  triangular  system.  Fig.  3  represents 
the  plottings  thus  obtained  of  the  two  series  where  the  ratio  of  zinc 
to  lead  was  2  to  1  and  1  to  2  respectively  (Part  I,  *  Roy.  Soc.  Proc.,' 
vol.  46,  Series  IV,  p.  474,  and  Series  VI,  p.  475)  the  temperature 
throughout  being  near  to  650**.  The  ties  in  the  first  case  are  indi- 
cated by  dotted  lines,  and  in  the  second  by  continuous  ones. 
Obviously  the  critical  curves  deduced  from  the  two  sets  of  observa- 
tions respectively  do  not  differ  very  markedly;  but  the  angles  of 
slope  of  the  ties  are  not  identical,  so  that  a  given  heavier  alloy  is  not 
conjoined  with  the  same  lighter  one  (nor  vice  versa)  in  the  two  cases ; 
whOst  the  direction  of  the  variation  is  the  same  throughout. 
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In  order,  if  possible,  to  obtain  experimental  evidence  of  the  tratli 
or  otherwise  of  the  general  proposition  arrived  at  by  Sir  G.  G.  Stokes, 
as  well  as  some  explanation  of  the  deviation  therefrom  of  these 
previous  results,  we  first  of  all  carried  out  various  further  experi- 
ments with  mixtures  of  lead,  zinc,  and  tin,  employing  additional 
precautions  to  minimise  errors  due  to  imperfect  intermixture,  more 
especially  by  continuing  for  much  longer  periods  of  time  the  process 
of  agitation  of  the  fused  metals  by  vigorous  stiiTing;  the  results, 
however,  did  not  differ  materially  from  the  previous  ones,  and 
indicated  genei*ally  that  the  composition  of  the  heavier  alloy 
practically  obtained  associated  with  a  given  lighter  one,  or  vice  versd^ 
was  subject  to  fluctuation  within  certain  not  very  wide  limits, 
according  to  the  proportion  subsisting  between  lead  and  zinc  in  the 
original  mixture  employed;  but  whether  this  result  was  brought 
about  by  interfering  causes,  or  was  possibly  due  to  the  not  absolute 
correctness  of  Sir  G.  G.  Stokes's  principle,  the  experiments  did  not 
enable  us  to  decide.  In  the  hope  of  eliminating  disturbing  causes, 
we  next  endeavoured  to  carry  out  analogous  observations  at  the 
ordinary  temperature  with  liquids  not  metallic  in  their  nature,  but 
resLjmbling  the  metals  tin,  lead,  and  zinc  from  the  point  of  view  of 
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their  relative  solubilities,  i.e.,  two  of  the  liquids  being  only 
misoible  together  to  linuted  extents  (like  lead  and  zinc),  whilst  the 
third  was  miscible  in  all  proportions  with  either  of  the  others 
separately.  The  difficalty  of  making  snf&ciently  aconrate  analyses 
of  the  ternary  mixtures  thus  obtained  prevented  our  using  several 
such  groups  of  liquids,  which  at  first  sight  suggested  themselves, 
more  particularly  mixtures  of  alcohol,  water,  and  ether ;  but  we  found 
that  chloroform,  water,  and  glacial  acetic  acid  fulfilled  all  the  necessary 
conditions ;  so  that,  when  a  mixture  of  equal  weights  of  the  first  two 
with  not  too  lai^e  a  proportion  of  the  third  was  well  agitated  and 
allowed  to  stand,  it  separated  into  two  ternary  solutions  exactly 
correlative  with  the  ternary  alloys  previously  examined ;  the  heavier 
one  consisting  chiefly  of  chloroform  with  some  of  the  acetic  acid  and 
an  amount  of  water  proportionate  to  the  acetic  acid  present;  the 
other  consisting  mainly  of  water  with  the  rest  of  the  acetic  acid, 
and  more  or  less  chloroform  dissolved  therein.  Calling  any  given 
such  pair  of  conjugate  mixtures  A  and  B  respectively,  we  found  that 
the  general  principle  deduced  hy  Sir  O.  O,  Stokes  could  he  verified  with 
sensible  accuracy  toith  these  liquids  ;  on  agitating  together  A  and  B  in 
various  proportions,  each  liquid  separated  out  again  unchanged  in  each 
case,  no  matter  whether  A  wcw  used  in  large  excess  of  B,  or  vice  versd. 
On  the  other  hand,  when  two  different  alloys,  A  and  B,  were  made  of 
lead,  tin,  and  zinc  in  such  proportions  that  one  was  approximately 
conjugate  to  the  other  as  indicated  by  the  previously  recorded 
observations,  we  did  not  succeed  in  getting  anything  like  such  sharp 
results;  experiments  where  2  parte  of  A  to  1  of  B  were  mixed 
together,  and  treated  side  by  side  with  a  mixture  of  1  part  of  A  to 
2  of  B,  did  not  give  quite  the  same  results  in  the  two  cases,  the 
differences  being  considerably  larger  than  anything  attributable  to 
errors  of  analysis  and  such  like  sources  of  inaccuracy. 

Mixtures  of  Chloroform  y  Water ^  and  Acetic  Add. 

The  analysis  of  such  mixtures  wa  found  could  be  oarried  out  with 
considerable  accuracy  and  ease  in  the  following  way;  a  weighed 
portion  of  the  mixtare  (contained  in  a  stoppered  bottle)  was  diluted 
with  water,  and  titrated  with  a  fresh  caustic  soda  solation  accurately 
standardised,  using  phenolphthaleTn  as  indicator.  Another  portion, 
weighed  in  a  flask  or  bulb  tube  containing  a  little  water,  was  then 
submitted  to  the  action  of  a  current  of  dry  air  sacked  through  it, 
the  issuing  gases  and  vapours  being  made  to  pass  through  a  pumice- 
stone  and  salphuric  acid  drying  tube.  When  constancy  of  weight  was 
attained,  and  all  chloroform  had  been  removed,  the  loss  of  weight  of 
the  entire  apparatus  represented  the  chloroform ;  whilst  the  gain  in 
weight  of  the  apparatus  (as  compared  with  its  weight  before  intro- 
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ducing  the  mixture)  represented  the  water  and  acetic  acid  jointly, 
from  which  the  water  was  obtainable  by  subtracting  the  weight  of 
acetic  acid  deduced  from  the  previous  titration.  A  number  of  pre- 
liminary experiments  showed  that  the  sulphuiic  acid  drying  tube 
sufficed  to  retain  all  traces  of  acetic  acid  carried  away  by  the  current 
of  air,  whilst,  on  the  other  hand,  it  did  not  permanently  absorb 
chloroform,  and  did  not  sensibly  act  on  the  chloroform  so  as  to  break 
it  up,  or  hydrolyse  it  into  hydrochloric  and  formic  acids,  <fec. 

As  a  first  experiment,  we  thought  it  desirable  to  find  out  how 
short  a  time  might  be  requisite  to  bring  about  such  a  condition  of 
equilibrium  (after  vigorous  agitation)  that  no  sensible  further  altera- 
tions took  place  in  the  composition  of  the  two  liquids  formed.  We 
found  that  agitation  for  a  minute  or  two  at  a  time  at  intervals  for  a 
period  of  an  hour  always  sufficed  to  bring  about  this  state  of  matters. 
Thus,  the  following  numbers  were  obtained  in  one  set  of  observations, 
the  liquids  being  contained  in  a  well-stoppered  stopcock-reservoir,  so 
that  the  lower  liquid  could  be  readily  sampled  by  opening  the  stop- 
cock, and  the  upper  one  by  means  of  a  pipette.  The  original  mixture 
contained — 

Chloroform 300  per  cent. 

Water 297 

Glacial  acetic  acid  (C^H^Og)     40*3         „ 

1000 


Bottom  fluid. 

Top  fluid. 

Chloro- 
form. 

Water. 

Acetic 
acid. 

Chloro- 
form. 

Water. 

Acetic 
acid. 

Agitated  at  interrals 
for  1  hour :  allowed 
to  stand  1  hourmore. 

Next  day   (about    18 
hours  afterwards) . . 

Agitated   at  iTiterrals 
for  a  week:  allowed 
to    stand    2    hours 
since  last  agitation. . 

75 -58 

75  08 

318 

SO* 

21-21 
21-29 

21-28 

10  50 
10-53 

40-96 
40-94 

48 -08 
48-54 

4S'bZ 

Analogous  figures  were  obtained  in  several  other  similar  experi- 
ments, the  differences  observed  after  different  periods  being  but 
small  (much  less  than  1  per  cent.),  and  obviously  due  to  experimental 
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errors,  more  especially  slight  variations  of  temperature ;  bat  with  im- 
perfectly intermixed  fluids  differences  of  mach  greater  magnitude 
were  often  observed. 

Next  we  prepared  a  series  of  mixtures  containing  as  nearly  as 
possible  equal  weights  of  water  and  chloroform  with  varying  propor- 
tions of  acetic  acid  up  to  50  per  cent,  of  the  last.  This  amount  pro- 
duced a  single  homogeneous  fluid  not  separating  into  two  liquids, 
whereas  with  45  per  cent,  separation  readily  occurred.  The  follow- 
ing average  numbers  were  obtained  from  about  twenty  experi- 
ments : — 


Bottom  fluid. 

1 

1 

Top  fluid. 

Eiceae  of 

Percentage 

percentage 

of  acetic 

of  acetic 

acid 

acid  in  top 

originally 
used. 

Chloro- 
form. 

Water. 

Acetic 
acid. 

Chloro- 
form. 

Water. 

Acetic 
add. 

fluid  over 
that  in 
bottom. 

0 

99  01 

0-99 

0 

0-84 

99-16 

0 

4-0 

98-24 

0-72 

1-04 

0-92 

92-62 

6-46 

5-42 

10-9 

94-98 

1-19 

3-83 

0-79 

81-52 

17-69 

13-86 

16-5 

91-85 

1-38 

6-77 

1-21 

73-69 

2510 

18-33 

19-2 

91-23 

0-82 

7-95 

1-85 

70-42 

27-73 

19-78 

24*6 

87-82 

1  13 

11-05 

2-97 

63-32 

33-71 

22-66 

35-2 

80-00 

2-28 

17-72 

7-30 

48-58 

44-12 

26-40 

42-6 

72-86 

3-62 

23-52 

12-82 

37-82 

49-36 

25-84 

4i-9 

70-13 

4  12 

25-75 

15-11 

34-71 

50  18 

24-43 

These  figures  clearly  show  the  close  analogy  between  mixtures  of 
chloroform,  water,  and  acetic  acid,  and  such  ternary  metallic  mix- 
tures as  lead-zinc-tin,  bismuth-zinc-silver,  &c.  On  plotting  curves  as 
with  the  alloys  previously  described,  the  following  results  are 
deducible : — 

1.  Plotting  percentages  of  acetic  acid  in  one  mixture  (the  lighter 

one,  for  example)  as  abscissae,  and  excesses  of  percentages  of 
acetic  acid  in  top  over  those  in  bottom  fluids  as  ordinates,  the 
curve  indicated  in  fig.  4  is  obtained,  closely  resembling  in 
general  features  those  obtained  with  lead-zinc-silver  and 
bismuth-zinc-silver  alloys,  the  curve  ascending  to  a  maximum 
elevation  and  then  coming  partly  down  again,  but  not  so  much 
so  as  to  descend  again  to  the  base  line. 

2.  Percentages  of  acetic  acid  in  heavier  liquids  as  abscissas,  and 

those  of  water  as  ordinates.  Curve  shown  in  fig.  5,  repre- 
senting the  solubility  of  water  in  chloroform  in  presence  of  acetic 
acid. 
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Fie.  4. 


I^o.  5. 


3.  Percentages  of  acetic  acid  in  lighter  liquids  as  abecissiB,  and 
those  of  chloroform  as  ordinates.  Cnrve  shown  in  fig.  6, 
representing  the  sohihUtty  of  chloroform  in  water  containing 
acetic  acid. 
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These  two  Bolnbility  curves  closely  resemble  those  of  the  metals  in 
general  featnres,  rising  upwards  at  an  accelerating  rate,  so  that  the 
curves  are  somewhat  concave  upwards. 

Fig.  7  shows  the  same  results  plotted  in  accordance  with  Sir  G.  G. 
Stokes's  triangular  method  of  graphical  representation,  the  two 
branches  of  the  critical  curve  being  represented  by  the  continuous 
lines,  and  the  ties  by  the  dotted  lines. 

The  point  P  represents  the  mixture  containing 

Acetic  acid 50  per  cent. 

Water 25       „ 

Chloroform 25       „ 

which,  as  above  stated,  was  homogeneous,  not  separating  into  two 
different  fluids ;  consequently  P  is  a  point  outside  of  the  space  repre- 
senting "  ideal "  mixtures  bounded  by  the  base  line  and  the  two 
branches  of  the  critical  curve.  Just  as  in  the  case  of  fig.  2,  the 
direction  of  slope  of  the  ties  obviously  indicates  that  the  lighter  fluid 
always  contained  the  larger  proportion  of  acetic  acid ;  but  the  varia- 
tion in  the  difference  between  the  proportions  of  acetic  acid  in  the 
two  fluids  is  not  so  clearly  indicated  as  by  the  ordinary  method  of 
plotting  shown  in  fig.  4,  where  the  difference  in  acetic  acid  per- 
centage between  the  two  fluids  visibly  attains  a  maximum  and  then 
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Fig.  7. 


We  next  prepared  various  mixtures  of  chloroform,  water,  and  acetic 
acid  in  known  proportions,  agitated  them  thoroughly  together,  and, 
by  means  of  a  separating  reservoir,  drew  off  into  separate  vessels  the 
heavier  and  lighter  portions.  Weighed  quantities  of  these  were  then 
transferred  to  stoppered  vessels,  and  again  well  agitated  together  at 
intervals  for  some  time.  After  again  separating  by  standing,  samples 
of  the  heavier  and  lighter.fluids  formed  were  drawn  off  and  analysed. 
The  following  figures  wer    obtained  in  several  such  experiments : — 
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Squal  weights  of  Chloroform  and  Water  used,  and  Acetic  Acid  = 
30  per  cent,  of  the  whole.  The  two  conjugate  mixtures  formed 
were  then  agitated  together  in  three  difEerent  proportions,  viz. : 

(«.)     1  part  of  heavier  liquid  to  3-0  of  lighter. 
(/3.)    1      „  „  1-6 

(7.)    1      »  ,,  0-5 


Chloroform. 

Water. 

Acetic  acid. 

Heavy  liquid. 

Light. 

Heavy. 

Light. 

Heavy. 

Light. 

#«,  ,,, 

84-44 
84  57 
84-24 

415 
4  00 
4  10 

1-54 
1-32 
1-46 

56-22 
56-22 
66-25 

14-02 
14  11 
14-30 

39-63 
39-78 
39  65 

0 

"V«  •>>.«••■■•■ 

ObTiously  in  all  three  cases  the  compositions  of  the  heavy  and  light 
liquids  respectively  are  sensibly  identical. 

II.  Equal  weights  of  Chloroform  and  Water,  and  Acetic  Acid  = 
19-5  per  cent,  of  the  whole. 

(«.)    1  part  of  heavier  liquid  to  20  of  lighter. 
W    1      „  „  1-33        „ 

(7-)    1      »  >»  0'^  » 


Chloroform. 

Water. 

Acetic  acid. 

1 

Heavy  liquid. 

Light. 

Heavy.  |   Light. 

Heavy. 

Light. 

a 

90  77 
91-68 
91-23 

1-78 
1-91 
1-87 

0-75 
1-01 
0-70 

71-25 
69-74 
70-24 

8-48 
7-31 
8-07 

26-97 
28-35 
27-89 

6 

*v 

m.  Equal  weights  of  Chloroform  and  Water,  and  Acetic  Acid  = 
44*9  per  cent,  of  the  whole. 

(«.)     1  part  of  heavy  liquid  to  3*3  of  lighter. 
W    1      „  „  0-49 


Chloroform. 

Water. 

Acetic  acid. 

Heavy  liquid. 

Light. 

Heavy. 

Light. 

Heavy. 

Light. 

a,  ,,,,,,.«•.. 

70-46 
69-82 

16-13 
15-08 

3-97 
4-29 

34-92 
34-62 

25-57 
25-89 

49-95 
50-30 

0 
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In  neither  of  these  experiments  is  there  any  difference  in  com- 
position observable  to  an  extent  greater  than  might  readily  be  sup- 
posed to  be  dne  to  experimental  errors,  including  those  caused  by 
difEerences  in  laboratory  temperature  at  different  times  whilst  making 
the  observations. 

In  the  following  two  experiments  only  the  acetic  acid  was  deter- 
mined : — 


Farts  of  lighter  liquid  to 
1  of  heavier. 

Acetic  acid. 

Heavy  liquid. 

Light. 

j^f2-33 

^^•\0-56 

21  -28 
21-28 

48-53 
48-38 

f2-0 
V.-^  10 

Lo-5 

5-76 
6-44 
5-54 

22-27 
22  77 
22-35 

Experimenia  with  Approximately  Conjugate  Alloys  of  Lead,  Tin,  and 

Zinc, 

The  experiments  above  described  most  strongly  suggest  that  when 
interfering  canses  are  removed,  so  that  the  mixtures  of  liquids  dealt 
with  can  sensibly  attain  a  condition  of  equilibrium,  truly  conjugate 
pairs  of  mixtures  are  formed,  as  supposed  by  Sir  G.  G.  Stokes,  of 
such  a  nature  that  the  two  may  be  intermixed  in  any  proportions 
without  any  alteration  in  composition  being  thereby  caused.  Pre- 
sumably the  chief  interfering  cause  in  the  former  experiments  with 
lead,  zinc,  and  tin  lay  in  the  difficulty  of  obtaining  thorough  inter- 
mixture by  simply  stirring  vigorously  in  a  hot  crucible;  it  might, 
therefore,  be  expected  that  if,  instead  of  stirring  together  the  three 
raetals  melted  en  masse,  they  were  divided  into  two  fractions  and 
separately  melted  in  Huch  proportions  as  to  produce  two  masses  of 
approximately  the  composition  of  a  pair  of  conjugate  alloys,  and  these 
alloys  were  then  mixed  together  and  well  stiri*ed,  a  nearer  approxima- 
tion to  truly  conjugate  compositions  might  be  attained.  We  tried 
several  experiments  in  this  direction,  but  the  results  were  far  less 
sharp  and  well  defined  than  those  obtained  with  chloroform,  water, 
and  acetic  acid,  where  a  much  more  thorough  intermixture  by  agita* 
tion  in  a  closed  vessel  could  be  readily  effected. 

Thus,  in  one  set  of  experiments  we  first  prepared  two  alloys  of 
approximately  conjugate  composition  for  a  temperature  of  about  800° 
(Part  II,  *Roy.  Soc.  Proc.,'  vol.  48,  p.  29),  viz. :— 
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Tin. 

Lead. 

Zinc. 

Heavier  alloj  

Lighter  alloj   

29-6 
28-5 

500 
13  0 

20-5 
58-5 

Two  parts  of  the  first  and  one  of  the  second  were  then  melted  in 
two  separate  cmcibles,  and  the  contents  of  one  crucible  poured  into 
the  other,  and  well  intermixed  by  vigorous  stirring  for  some 
minutes;  the  whole  was  then  poured  into  a  red-hot  narrow  clay 
crucible,  and  maintained  at  near  800"*  for  8  hours  in  the  lead  bath. 
Simultaneously,  a  second  clay  test-tube  was  heated,  containing  a 
similarly  prepared  mixture  of  one  part  of  the  first  alloy  to  two  of  the 
second.  The  compound  ingots  ultimately  obtained  were  analysed 
with  the  following  results,  obviously  showing  much  less  close  agree- 
ment than  in  the  case  of  the  chloroform,  water,  and  acetic  acid ;  more- 
over, the  difference  in  tin  percentage  between  top  and  bottom 
underwent  changes  in  opposite  directions  to  extents  closely  com- 
mensurate with  those  calculable  from  the  values  deduced  in  Part  I 
for  the  differences  in  the  curves  obtained  according  as  lead  or  zioc 
predominated  in  the  original  mass,  or  as  the  two  were  present  in 
equal  proportions. 


Heavier  end. 

Lighter  end. 

Ezoees 
of  tin 

percent- 
age in 
lighter 
over 
that  in 

heavier. 

Tin. 

Lead. 

Zinc. 

22-75 

19-61 
+  3-14 

Tin. 

Lead. 

Zinc. 

5J  parts   of  firut 
alloy  to   1  of 
second 

2  parts  of  second 
alloy  to  1  of 
first 

30-16 

28  05 
+  2  11 

47-09 

52-34 
-6  25 

26-39 

28-76 
-2-37 

11-41 

11-69 
-0-28 

62  20 

59  55 
+  2-65 

-3-77 

+  0-71 
4-48 

Dilference  .. 

Similarly,  in  two  other  sets  of  experiments,  the  following  tin  per- 
centages were  obtained,  again  showing  a  notable  divergence  in  the 
results  according  as  the  heavy  alloy  was  employed  to  doubl  he 
extent  of  the  lighter  one,  or  only  half. 
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Heavier 
end. 

Lighter 
end. 

Excess 

in 

lighter 

end. 

Heavier 
end. 

Lighter 
end. 

Excess 

in 

lighter 

end. 

2  parts  of  first  heavier 
alloy  to  1  of  lighter. 

2  parts  of  first  lighter 
alloy  to  1  of  heavier. 

Difference 

16-39 

•  16  07 
+  0-32 

17-51 

19-56 
-2  05 

+  2  12 

+  4-49 
2-37 

23-45 

22-67 

+  0-88 

23-89 

25-41 
-2-02 

-0-06 

+  2-84 
2-90 

In  every  case  the  same  general  reenlt  is  noticed,  that  when  the 
two  approximately  conjugate  alloys  are  intermixed  in  snch  propordona 
that  lead  predominates  over  zinc  in  the  total  mass,  or  vice  versa,  the 
differences  in  tin  percentage  between  the  two  ends  of  the  compound 
ingots  formed  are  of  the  same  kind  as  those  observed  in  Part  I  with 
original  masses  containing  lead  and  zinc  in  different  ratios :  viz., 
that  when  lead  predominates  a  point  is  obtained  belonging  to  a 
cnrve  underlying  that  pertaining  to  cases  where  zinc  predominates  : 
whence  it  appears  pretty  certain  that,  whatever  the  causes  may  be 
that  prevent  truly  conjugate  alloys  from  being  obtained  under  the 
conditions  of  the  one  set  of  experiments  (whether  incomplete  inter- 
mixture, or  something  else),  they  also  operate  in  the  other  series  of 
observations. 

Taking  into  account,  however,  the  fact  that  in  the  experiments 
with  chloroform,  water,  and  acetic  acid  truly  conjugate  mixtures  were 
obtained  when  a  sufficient  amount  of  intermixture  by  agitation  had 
occurred,  hut  not  till  then^  the  final  conclusion  appears  to  be  warranted 
that  the  proposition  set  forth  by  Sir  Q,  Q,  Stokes  is  a  perfectly  correct  one, 
and  that  the  divergences  noticed  in  certain  of  the  alloy  experiments 
are  due  to  the  inherent  nature  of  the  case  as  regards  the  difficulties 
in  the  way  of  obtaining  sufficiently  complete  intermixture :  possibly 
these  difficulties  might  be  overcome  by  enclosing  the  fused  mixtures 
of  metals  in  a  stoppered  vessel  or  crucible-flask  of  clay,  and  agitating 
this  by  long  continued  shaking  about,  whilst  keeping  it  sufficiently 
hot  in  some  kind  of  muffle  furnace ;  but  the  appliances  at  our  dis- 
posal have  not  permitted  us  actually  to  decide  this  point  experi- 
mentally. The  difficulty  of  carrying  out  such  experiments  is  further 
enhanced  by  the  circumstance  that  metallic  alloys,  when  intermixed 
by  vigorous  agitation,  do  not  appear  to  separate  again  from  one 
another  anything  like  so  readily  as  such  substances  as  chloroform  and 
water  or  ether  and  water ;  small  vesicles  or  droplets  of  the  heavier 
alloy  remain  suspended  in  the  lighter  one  (and  vice  versi)  for  long 
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periods  of  time,  necessitating  the  mainicDance  of  a  nearly  equable 
temperature,  and  the  remaining  at  rest  for  many  hours,  before  the 
top  part  of  the  mass  becomes  sensibly  free  from  suspended  portions 
of  the  heavier  alloy,  and  the  bottom  part,  from  similar  portions  of 
lighter  alloy.  The  analytical  numbers  obtained  on  examining  different 
layers  of  the  compound  ingots  prepared  in  the  experiments  described 
in  the  earlier  parts  of  these  researches  long  ago  convinced  us  of  this  ; 
but,  in  addition,  an  actual  visible  presence  of  suspended  particles  of 
one  alloy  in  the  midst  of  another,  even  after  8  hours  tranquil  fusion, 
may  be  often  observed  in  the  case  of  silver-lead-zinc  and  silver-bismuth 
alloys  iTvhere  the  proportions  of  metals  used  are  such  as  to  form 
mixtures  containing  considerable  amounts  of  Ag^Zug :  by  the  aid  of 
a  lens,  or  even  with,  the  naked  eye,  red  particles  disseminated  through 
a  much  lighter  coloured  matrix  can  often  be  distinguished  on 
examining  the  central  portions  of  an  ingot  that  has  been  filed  smooth 
and  bright,  and  then  kept  for  awhile  so  as  to  allow  the  red  tinge  to 
develop. 


IV.  '*  On  the  Structure  of  Amoeboid  Protoplasm,  with  a  Com- 
parison between  the  Nature  of  the  Contractile  Process  in 
Amoeboid  Cells  and  in  Muscular  Tissue,  and  a  Suggestion 
regarding  the  Mechanism  of  Ciliary  Action."  By  E.  A. 
SCHAFER,  F.R.S.     Received  January  26,  1891. 

It  has  been  shown  by  the  researches  of  numerous  histologists,  of 
whom  Heitzmann  and  Frommann,  and,  in  this  Gonntry,  Klein,  must  be 
reckoned  the  pioneers,  that  the  protoplasm  of  many  cells  exhibits  the 
appearance  of  a  network  containing  an  apparently  homogeneous 
material  in  its  meshes.  The  network  is  known  as  the  reticulum  or 
gpongioplasm,  the  clear  material  in  its  meshes  as  enchylema  (Carney) 
or  hyaloplasTTi.  In  many  cells  it  is  not  difficult  to  observe  this 
structure  even  without  the  addition  of  reagents,  but  in  amoeboid  cells 
such  as  the  white  blood  corpuscle  and  the  amoeba  it  is  less  obvious, 
and  its  presence  has  not  been  generally  conceded.  Recently, 
Professor  Strieker*  has  published  a  photograph  of  an  amoeboid  white 
blood  corpuscle,  taken  instantaneously  by  aid  of  the  electric  light, 
which  shows  the  reticular  appearance  in  quite  an  unmistakable 
manner;  it  must  be  granted,  therefore,  that  the  amoeboid  white 
blood  corpuscle  also  has  this  structure. 

Previously  to  the  appearance  of  Professor  Strieker's  photograph,  I 
had  myself  for  some  time  been  engaged  in  investigating  the  structure 
of  amoeboid  cells  with  the  aid  of  photography.     Being  unprovided 

•  *  Wiener  Medic.  Jahrb.,*  1890. 
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>vith  the  appliances  necessary  for  photographing  by  the  electric  light, 
I  was  unable  to  obtain  instantaneous  photographs,  and  could  not 
photograph  the  corpuscles  while  actually  living  and  moving.  I 
accordingly  adopted  a  method  of  suddenly  killing  the  corpuscles 
whilst  still  in  the  amoeboid  condition  with  their  psendopodia  extended. 
It  is  well  known  that  with  most  methods  which  are  employed  to  fix 
the  white  blood  corpuscles  there  is  time  for  a  contraction  of  the 
protoplasm  to  be  produced,  so  that  the  pseudopodia  are  withdrawn 
and  the  corpuscle  becomes  spherical.  The  method  which  I  have  used 
consists  in  the  instantaneous  application  of  a  jet  of  steam  to  the 
surface  of  the  cover-glass.  A  preparation  of  blood,  preferably  from 
the  newt  (Triton  cristaMia),  is  made  either  in  a  moist  chamber  or  in 
the  usual  way  on  a  glass  slide.  In  a  short  time  the  white  corpuscles 
become  highly  amoeboid  and  throw  out  pseudopodia,  which  may 
spread  themselves  in  a  thin  layer  upon  the  cover  glass  in  a  manner 
which  is  perfectly  adapted  for  their  being  accurately  observed.  If 
the  steam  be  now  turned  on  for  an  instant,  the  cells  are  suddenly 
killed,  and  remain  exactly  in  the  condition  in  which  they  happened  to 
be  when  the  heat  was  applied.  They  can  be  examined  and  photo- 
graphed thus,  or  may  first  be  stained  by  hematoxylin,  with  or  with- 
out being  previously  treated  with  alcohol.  In  all  cases  they  exhibit 
the  same  general  structural  appearances,  and  these  appearances  can 
even  be  detected,  but  with  greater  difficulty,  in  the  cell  whilst  still 
living. 

Leaving  the  nucleus,  which  beautifully  exhibits  the  karyoplasmic 
network,  out  of  consideration,  the  most  striking  point  in  all  amoeboid 
white  corpuscles  thus  prepared  is  the  contrast  between  the  proto- 
plasm of  the  body  of  the  cell  and  that  of  the  pseudopodia.  For 
whilst  the  former  exhibits,  according  to  focus,  either  a  finely 
punctated  or  a  reticular  aspect,  and  stains  decidedly  with  hemato- 
xylin, the  pseudopodia  exhibit  not  the  faintest  trace  of  structure, 
and  remain  almost  entirely  unstained. 

In  other  words,  the  protoplasm  is  composed  of  two  morphologically 
distinct  parts,  one  which  exhibits  a  reticular  arrangement  and  has  an 
affinity  for  hesmatoxylin,  and  another  which  shows  to  the  best  optical 
appliances  no  structural  arrangement,  and  is  also  chemically  different, 
as  is  shown  by  its  behaviour  to  staining  reagents. 

The  observation  here  recorded  is  not  an  isolated  one.  Almost  all 
observers  who  have  given  special  attention  to  the  matter  have  failed 
to  detect  a  reticular  structure  in  pseudopodia,  whether  of  the 
amoeboid  cells  of  higher  organisms  or  of  the  Bhizopoda.  To  BUischli's 
theory  of  the  structure  and  activity  of  protoplasm,*  whereby  he 
endeavours  to  show  that  the  reticular  appearance  and  amoeboid 
phenomena  may  be  explained  on  the  assumption  that  protoplasm  is 
•     •  *  Heidelberg  Verhandlungen,'  1890;  and  '  Biologisches  Oentralblatt,'  1890. 
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not  an  actual  network  with  encliylenia,  but  rather  a  fi*othy  niixtnre 
of  two  dissimilar  substances,  this  absence  of  all  apparent  stmctare  in 
psendopodia  offers  an  admittedly  serious  difficulty,  which  he  en- 
deavours to  surmount  by  assuming  that  the  same  frothy  structure  is 
really  present  in  the  pseudopodia  as  in  the  body  of  the  cell,  but  that 
owing  to  thinning  out  it  cannot  bo  detected.  But  apart  from  the 
unlikelihood  of  our  not  noticing  such  structure  in  the  pseudopodia  if 
it  were  really  present,  since  they  are  especially  well  adapted  for 
minute  observation,  the  reticular  and  the  homogeneous  substances 
should,  according  to  this  assumption,  pass  gradually  the  one  into  the 
other,  for  the  thinning-ofE  of  the  pseudopodia  is  frequently  gradual. 
The  contrary  is,  however,  the  case.  The  line  of  demarcation  of  the 
reticular  substance  is  always  quite  sharp,  and  does  not  thin  off  into 
the  homogeneous  substance  of  the  pseudopodia. 

Strieker's  photograph  is  also  really  evidence  in  the  same  direction. 
The  corpuscle  taken  is  spherical  or  nearly  so,  t.e.,  is  in  the  contracted 
condition.  It  has,  however,  one  small  pseudopodium.  This  is  abso- 
lutely without  structure ;  it  is  the  spherical  part  of  the  cell  which 
shows  the  reticulum. 

It  is  well  known  that  if  white  corpuscles  (and  contracted  amoeboid 
cells  generally)  are  artificially  stimulated,  they  are  always  spherical. 
The  spherical  form  is,  in  fact,  the  contracted  condition ;  it  is  only  in 
the  absence  of  any  obvious  source  of '  excitation  that  the  corpuscle 
throws  out  pseudopodia.  The  spherical  condition  is  immediately 
produced  by  electrical  or  mechanical  stimuli ;  no  doubt,  the  constant 
mechanical  stimulation  which  the  cells  receive  in  the  circulating 
blood  maintains  them  in  the  spherical  form  which  they  always 
exhibit  whilst  moving  within  the  blood-vessels.  Possibly,  also,  the 
contact  of  a  foreign  particle,  causing  the  contraction  and  with- 
drawal of  the  protoplasm  which  it  touches,  and  the  consequent 
inception  of  the  particle,  is  another  instance  of  mechanical  stimula- 
tion. 

Now,  in  the  contracted  corpuscle,  the  whole  cell  appears  reticular, 
and  the  reticulation  is  even  better  marked,  i.e.,  coarser,  than  that 
seen  in  the  spread  out  corpuscle.  The  pseudopodial  protoplasm  or 
hyaloplasm  has,  in  fact,  been  withdrawn  into  the  meshes  of  the 
framework  or  spongioplasm. 

The  protoplasm  of  such  an  amcsboid  cell  as  the  white  blood 
corpuscle  may,  therefore,  be .  regarded  as  composed  of  two  distinct 
substances,  spongioplasm  and  hyaloplasm.  Spongioplasm  has  a  reti- 
cular or  sponge-like  arrangement,  an  affinity  for  staining  fluids,  is 
firmer  than  the  hyaloplasm  (but,  perhaps,  not  actually  solid),  and  is, 
in  all  probability,  highly  extensile  and  elastic.  Hyaloplasm,  on  the 
other  hand,  is  structureless,  has  little  or  no  affinity  for  stains,  and  is 
highly  labile  and  fluent.     It  is  by  the  active  flowing  of  the  hyalo- 
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plasm,  not  by  the  contraction  of  the  spongioplasm  (as  conceived  by 
Camoy*),  that  the  movements  of  cells  are  prodnced.f  Of  the  two 
substances,  the  hyaloplasm  is  the  more  active,  the  spongioplasm  the 
more  inert.  The  spongioplasm  forms,  in  fact,  a  sort  of  framework 
supporting  the  hyaloplasm,  and  into  which  under  the  influence  of 
stimuli  the  hyaloplasm  becomes  wholly  withdrawn.  To  adopt 
Bruecke's  well-known  terminology,  the  hyaloplasm  is  the  zooid,  the 
spongioplasm  its  oecoid. 

Whether  one  or  other  of  these  two  substances  is  ever  wholly 
absent  from  the  protoplasm  of  cells  is  a  question  which  cannot  at 
present  be  decided.  There  are  cells  and  unicellular  organisms,  both 
animal  and  vegetable,  in  which  no  reticular  stracture  can  be  made 
out,  and  these  may  be  formed  of  hyaloplasm  alone.  In  that  case, 
'  this  must  be  looked  upon  as  the  essential  part  of  protoplasm.  So  far 
as  amoeboid  phenomena  are  concerned,  it  is  certainly  so ;  but  whether 
the  chemical  changes  which  occur  in  many  cells  are  effected  by  this 
or  by  spongioplasm  is  another  question.  Certainly,  the  reticulum  is 
always  very  well  marked  in  cells  in  which  considerable  chemical 
changes  are  produced,  e.^.,  gland  cells. 

The  movements  within  plant  cells  must  also  be  regarded  as  due  to 
the  flowing  of  hyaloplasm.  It  is,  indeed,  impossible  to  conceive  that 
the  contraction  of  a  reticulum  could  produce  the  circulation  of  the 
protoplasm  which  is  seen  within  a  cell  of  Vallisneria.  How  the 
flowing  is  produced  is  an  entirely  different  question,  and  one  which 
must  at  present  remain  unanswered. 

If  now  we  compare  the  structure  of  protoplasm  with  that  of 
striated  muscle,  we  find  many  points  of  coincidence.  As  is  well 
known,  the  muscle  columns  of  the  wing  muscles  of  insects  ("wing- 
fibrils  "  of  authors)  are  divided  by  transverse  partitions  (membranes 
of  Krause)  into  a  series  of  segments  (sarcomeres,  Muskel-kastchen 
of  Krause),  each  of  which  contains  a  sarcous  element  or  disk  of 
anisotropous  sarcous  substance  (which  is  really  formed  of  two  halves, 
their  junction  being  often  visible  as  the  line  of  Hensen),  and  a  homo- 
geneous isotropous  substance,  which  in  the  extended  muscle  occupies 
the  intervals  between  the  sarcous  element  and  the  transverse  mem- 
brane. As  I  have  elsewhere  recently  shown,;);  the  substance  of  the 
sarcous  element  is  penetrated  by  pores  or  canals  which  extend  in  each 
half  of  the  element  as  far  as  the  line  or  plane  of  Hensen,  and  which 
are  occupied  by  clear  substance  continuous  with  the  homogeneous  sub- 
stance of  the  intervals.  The  substance  of  the  sarcous  element  stains 
with  haBmatoxylin  and  similar  reagents,  while  the  homogeneous 
substance  of    the  clear  intervals   remains    unstained.      When   the 

•  *  Biologie  GeUulaire,'  1886. 

t  Cf.  Leydig,  *  Zelle  u.  Gewebe,'  Bonn,  1885. 

X  *  Monthly  International  Journal  of  Anatomy  and  Physiology,'  vol.  8, 1891. 
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muscle  contracts,  the  homogeneous  substance  passes  from  the 
intervals  into  the  pores  of  the  sarcous  element,  and  thus  enlarges  the 
latter,  while  the  clear  intervals  are  proportionately  shortened,  so 
that  in  extreme  contraction  they  may  disappear,  and  the  swollen  and 
bulged  sarcous  element  may  almost  abut  against  the  tranverse 
membranes.  On  the  other  hand,  when  the  contraction  passes  off,  and 
the  muscle  becomes  extended,  the  homogeneous  substance  passes  out 
of  the  pores  of  the  sarcous  element  into  the  clear  intervals;  the 
latter  become  manifest,  and  the  sarcous  element  proportionately 
diminished  in  bulk.  It  is  hardly  possible  that  the  resemblance  of 
these  changes  to  those  which  occur  in  the  protoplasm  of  an  amceboid 
cell  is  merely  accidental — difficult  not  to  believe  that  the  perforated 
sarcous  substance  is  the  spongioplasmic  "  oecoid,"  the  clear  labile 
substance  the  hyaloplasmic  *^  zooid.'' 

This  conception  of  the  structure  and  mode  of  activity  of  the 
amoeboid  cell  and  of  muscle,  whilst  bringing  them  under  exactly  the 
same  category,  and  thus  tending  to  simplify  our  ideas  regarding  con- 
tractile phenomena,  may  also  serve  to  aid  in  the  elucidation  of  cei'tain 
questions  in  connection  with  those  phenomena  which  have  long 
presented  difficulties  to  the  physiologist  and  pharmacologist.  For 
example,  with  regard  to  the  movements  of  amoeboid  cells,  the 
question  has  been  frequently  discussed,  and  never  satisfactorily 
answered,  whether  we  are  to  regard  the  withdrawal  of  the  pseudo- 
podia  into  the  body  of  the  cell  as  the  condition  of  rest,  and  the 
protrusion  of  the  pseudopodia  as  the  condition  of  activity,  or  vice 
versa.  Viewed  by  the  light  of  the  above  observations,  it  is  clear  that 
neither  state  is  to  be  regarded  as  a  resting  condition ;  both  are  mani- 
festations of  activity ;  both  are  produced  by  flowing  of  the  hyaloplasm. 
Similarly,  in  the  case  of  muscle,  the  passage  from  the  contracted  to 
the  extended  condition  can  no  longer,  as  is  so  frequently  assumed,  be 
looked  upon  as  a  merely  passive  change  of  state,  but  must  be 
regarded,  no  less  than  in  the  case  of  the  passage  from  the  extended  to 
the  contracted  condition,  as  produced  by  flowing  of  hyaloplasm.  In 
the  one  case  this  flows  into  pores  of  the  spongioplasm — this  is  the 
condition  called  contraction,  and  ordinarily  regarded  as  the  active 
state;  in  the  other  case  there  is  a  flowing  of  the  hyaloplasm  out 
of  the  pores  of  the  spongioplasm,  by  which  movement  the  condition 
of  extension  is  determined.  That  different  chemical  and  electrical 
changes  accompany,  perhaps  determine,  these  different  directions  of 
movement  is  well  known.  It  is  also  known  that  the  process  of  exten- 
sion is  influenced  by  drugs,  independently  df  the  action  they  may 
exert  upon  that  of  contraction  (Brunton,  Ringer).  But  whether  the 
chemical  and  electrical  changes,  and  those  produced  by  drugs,  occur 
in  the  hyaloplasm,  or  in  the  spongioplasm,  or  in  both  substances,  is  a 
question  which,  as  in  the  analogous  case  of  the  amoeboid  cell,  cannot 
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at  present  be  decided.  The  same  remark  maj  be  made  with  respect 
to  the  qnestion  of  active  participation  by  the  spongioplasm  in  the  pro- 
duction of  the  movements  of  the  hyaloplasm.  It  is,  however,  qnite 
certain  from  the  observation  of  the  movements  of  the  hyaloplasm  of 
psendopodia,  which  may  actively  flow  in  different  directions,  even 
when  far  removed  from  the  spongioplasm,  that  it  is  the  hyaloplasm 
which  is  to  be  regai*ded  as  the  physically  active  part  of  protoplasm, 
and  therefore  also  presumably  of  muscular  substance. 

Lastly,  there  is  another  form  of  protoplasmic  activity,  viz.,  ciliary 
motion,  which  cannot  be  left  out  of  consideration  in  any  attempt  to 
explain  the  manner  in  which  the  contractile  manifestations  of  proto- 
plasm are  produced.  On  this  matter  I  have  no  new  fetcts  to  record, 
and  the  suggestion  therefore  that  I  have  to  make  must  be  under- 
stood to  he  a  purely  theoretical  deduction  from  analogy,  and  not 
based  upon  actual  observation.  At  the  same  time  it  does  not,  so 
far  as  I  know,  stand  in  contradiction  to  any  known  fact.  The 
suggestion  is  briefly  this : — If  we  suppose  that  a  cilium  is  a  hollow 
curved  extension  of  the  cell,  occupied  by  hyaloplasm,  and  invested  by 
a  delicate  elastic  membrane,  then  it  must  follow  that  if  there  be  a 
rhythmic  flowing  of  hyaloplasm  from  the  body  of  the  cell,  into  and 
out  of  the  cilium,  an  alternate  extension  and  flexion  of  that  process 
would  thereby  be  brought  about.  The  movement  would  in  fact  be 
produced  by  an  action  which  would  be  practically  the  same  as  that 
by  which  the  amoeboid  movements  of  cells  and  the  contraction  and 
extension  of  muscle  are  probably  effected.  The  same  result  might  be 
got,  supposing  the  cilium  to  be  a  straight  and  not  a  curved  extension  of 
the  cell,  if  the  enveloping  membrane  were  thicker  (or  otherwise  less 
extensible)  along  one  side  than  along  the  other.  This  assumption 
would  also  enable  one  better  to  account  for  the  spiral  direction  of 
the  movement  of  certain  cilia ;  for  this  form  of  movement  would  be 
produced  if  the  line  of  lessened  extensibility  in  them  were  to  pass  in 
a  corkscrew  fashion  along  the  cilium  in  place  of  straight  along  one 
side,  as  might  be  assumed  for  ordinary  cilia. 
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V.  "On  the  Demonstration  by  Staining  of  the  Pathogenic 
Fungus  of  Malaria,  its  Artificial  Cultivation,  and  the 
Results  of  Inoculation  of  the  same."  By  Surgeon  J.  Fenton 
Evans,  M.B.  Communicated  by  Professor  Victor  Horsley, 
F.R.S.  (From  the  Laboratory  of  the  Brown  Institution.) 
Received  February  7,  1891. 

(Abstract.) 

The  discovery  of  organismB  constantly  concomitant  with  manifes- 
tations of  malaria  was  made  by  Laveran  in  1880. 

His  researches  have  since  been  corroborated  and  amplified  by 
numerous  observers  in  different  parts  of  the  world,  amoug  whom 
must  be  mentioned,  Marchiafava,  Celli,  Golgi,  and  Gnamieri,  in  Italy  ; 
Councilman,  Osier,  and  James,  in  America ;  and  Vandyke  Carter,  in 
India.  The  foreign  structures  which  all  of  the  above-named  iDves- 
tigators  agree  in  finding  in  the  blood  during  or  after  attacks  of  ague 
may  be  grouped  into  the  following  classes  : — 

1.  *'  Cystic"  bodies  or  spores,  2  to  11  /i  in  diameter,  round,  trans- 

parent, encapsuled  bodies  of  variable  dimensions. 

2.  Crescentic  bodies,  8  to  9  fi  long  and  3  fi  broad. 

3.  Plasmodia  malarias,   organisms    as  variable    in   size  as    the 

"  cystic  "  bodies  or  spores,  possessing  the  power  of  amoeboid 
movement,  and  so  closely  associated  with  the  red  blood 
corpuscle  that  hitherto  the  majority  of  observers  have  con- 
sidered them  to  be  parasites  situated  within  the  red  blood 
cells. 

4.  Mobile  filaments,  21  to  28  /i  long. 

Despite  the  general  concord  of  the  observations,  the  subject  has  not 
advanced  beyond  the  stage  of  recognition  of  these  structures  in  the 
blood,  and  that,  too,  only  while  in  the  fresh  state. 

No  method  had  hitherto  been  discovered  of  preparing  permanently 
stained  specimens  of  the  organism. 

It  had  never  been  isolated  or  classified,  nor  when  thus  separated 
had  its  pathogenic  qualities  ever  been  tested  by  experiments  on  lower 
animals. 

It  was  thus  clear  that  much  remained  to  be  done,  and  in  the  paper 
are  recounted  the  attempts  made  to  place  the  subject  on  a  satisfactory 
footing.  The  author  has  found  that  it  is  possible  to  stain  the  or- 
g^anisms  with  an  anilinised  alkalised  solution  of  rosanilin  hydro- 
chloride after  treatment  with  bichromate  of  potash,  and  after 
treatment  with  dilute  sulphuric  acid  by  an  anilinised  alkalised 
solution  of  Weigert's  acid  fuchsin. 
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Another  metHod  of  staining  consisted  in  tlie  saturation  of  the  tissae 
with  a  copper  salt  and  its  reduction  by  sulphuretted  hydrogen  pre- 
vious to  coloration  with  anilinised  alkalised  acid  fnchsin. 

By  these  staining  methods  the  organisms  have  been  demonstrated 
in  the  blood,  and  also  in  the  tissues.  And  some  new,  hitherto  un- 
recognised features  are  described,  among  which  may  be  mentioned 
what  appears  to  be  the  germination  of  the  spore  in  the  blood,  the 
existence  of  a  comma- shaped  body  and  of  mycelium  in  the  spleen  and 
Peyer's  glands,  and  the  localisation  of  the  plasmode,  i.e.,  in  relation  to 
the  blood  corpuscles. 

The  isolation  of  the  organism  and  its  artificial  cultivation  have 
been  successfally  carried  out,  and  it  is  shown  that  this  result  entirely 
depends  for  its  success  upon  the  fact  that  the  nutrient  media  must  be 
previously  treated  with  living  blood,  t.e.,  before  rigor  mortis  has 
set  in. 

Alteration  in  the  chemical  composition  of  the  nutrient  medium, 
consisting  in  the  addition  of  glucose,  together  with  iron  or  hemo- 
globin or  fresh  blood,  to  the  non-peptonised  beef  broth,  elicited  the 
interesting  fact  that,  under  these  circumstances,  the  organism  can 
pass  to  a  more  highly  developed  state,  displaying  the  structure  and 
fructification  of  a  highly  organised  fungus,  but  differing  in  certain 
important  features  from  any  fungus  hitherto  described. 

Inoculation  of  guinea  pigs,  monkeys,  and  rabbits  with  the  growths 
in  various  nutrient  media  has  produced  a  frequently  fatal  disease, 
which,  although  not  characterised  in  these  animals  by  the  symptoms 
of  classical  intermittent  fever,  yet  displayed  in  a  number  of  instances 
a  definitely  intermittent  character.  It  was  further,  whatever  its 
clinical  character,  invariably  accompanied  by  the  appearance  of  the 
characteristio  organisms  in  the  blood  drawn  after  death  from  the  right 
ventricle. 

It  is  accordingly  concluded  that  the  malarial  fungus  is  capable  of 
being  cultivated  outside  the  body  and  has  been  proved  to  possess 
pathogenic  qualities. 


Presents,  February  12, 1891. 
Transactions. 
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hechas  en  Misiones,  Corrientes,  &c.,  188^-88.  8vo.  [Bvenos 
Aires]  1890.  The  Museum. 
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The  Congress. 
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February  19, 1891. 

Sir  WILLIAM  THOMSON,  D.C.L.,  LL.D.,  President,  in  the  Chair. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered 
for  them. 

The  following  Papers  were  read : — 

I.  ^^  On  the  Sensitiveness  of  the  Bridge  Method  in  its  Appli- 
cation to  Periodic  Electric  Currents."  By  Lord  Rayleigh, 
Sec.  R.S.    Received  January  17,  1891. 

The  most  favourable  conditions  in  the  ordinary  measurement  of 
resistance  have  been  investigated  by  Schwendler*  and  by  0.  Heavi- 
side.f  It  is  here  proposed  to  treat  the  problem  more  generally,  so 
as  to  cover  the  application  to  conductors  endowed  with  self-induction, 
or  combined  with  condensers.  The  receiving  instrument  may  be 
supposed  to  be  a  telephone,  which  takes  the  place  of  the  galvanometer 

•  «  On  the  GalTanometrio  Besistanoe  to  be  employed  in  Testing  with  Wheat- 
stone's  Diagram;* '  PhiL  Mag.,'  toL  81,  p.  364, 1866. 

t  **  On  the  Best  Arrangement  of  Wheatstone's  Bridge  for  measuring  a  giyen 
Besistanee  with  a  giyen  Qalyanometer  and  Battery,"  '  Phi).  Mag.,'  toI.  46,  p.  114, 
187S. 
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employed  in  ordinary  testing.  In  the  conjugate  ''battery"  branch  a 
periodic  electromotiye  force  of  given  frequency  is  the  origin  of  the 
currents. 

Special  attention  will  be  given  to  the  case  where  the  branches  are 
equal  in  pairs,  e.g.,  a  ^  c,  h  ^  d  (fig.  1).  The  advantages  of  this 
arrangement  are  important  even  in  ordinary  resistance  testing,  and 
in  the  generalised  application  are  still  more  to  be  insisted  upon.  By 
mere  interchange  of  a  and  c  and  combination  of  results,  the  equality 
of  h  and  d  can  be  verified  independently  of  the  exactitude  of  the 
ratio  a  :  c. 

Fia.  1. 


If  any  element  in  the  combination,  for  example  a,  be  a  mere  re- 
sistance, the  difference  of  potentials  at  its  terminals  (Y)  is  connected 
with  the  current,  a;,  by  the  relation 

We  have,  however,  to  suppose  that  a  is  not  merely  a  resistance  or 
even  combination  of  such.  It  may  include  an  electromagnet,*  and  it 
may  be  interrupted  by  a  condenser.  So  long  as  the  current  is 
strictly  harmonic,  proportional  to  e*i'',  the  most  general  possible 
relation  between  V  and  «  is  expressed  by 

V=s(ai+Ki»)a?, 

where  Oi  and  ia%  are  the  real  and  imaginary  parts  of  a  complex  co« 
efficient  a,  and  are  functions  of  the  frequency  pl2w.  In  the  particu- 
lar case  of  a  simple  conductor,  endowed  with  inductance  L,  ai  repre- 
sents the  resistance,  and  Oi  is  equal  to  pL,  In  general,  Oi  is  positive ; 
but  Oi  may  be  either  poaitive,  as  in  the  above  example,  or  negative. 
The  latter  case  arises  when  a  resistance,  B^  is  intexrupted  by  a  con- 
denser of  cai>aoity  C.  Here  ai  s  B,  Ot  =s  —  1/pC.  If  there  be  also 
inductance  L, 

ai  ss  By  Of  s  j>L— l/pO. 

*  An  eleotromagnet  here  denotet  a  oondacfcor  with  sennble  iadaeUnee.  Iron 
may  be  prMent  if  the  range  of  magnetiflation  be  tmall. — *  Phil.  MagV  Marpb,  188?^ 
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Since  the  parts  of  o^  may  be  either  poBitiye  or  negative,  there  is 
nothing  to  hinder  its  evanescence  by  compensation.  In  the  above 
combination  of  an  electromagnet  and  condenser  compensation  occurs 
when  p^hC  =  1,  that  is,  when  the  natural  period  with  terminals 
connected  coincides  with  the  forced  period.  The  combination  is 
then  equivalent  to  a  simple  resistance;*  but  a  variation  of  fre- 
quency will  give  rise  to  a  positive  or  negative  os. 

The  case  of  two  electromagnets  in  parallel  is  treated  in  my  paper 
on  ^  Forced  Harmonic  Oscillations  ;"t  and  other  combinations  have 
been  discussed  by  Mr.  Heaviside  and  myself.  But  the  above  examples 
will  suffice  to  illustrate  the  principle  that  the  relation  of  Y  to  x  is 
one  of  proportionality,  and  may  be  expressed  by  the  single  complex 
symbol  a.  We  fall  back  at  any  time  upon  the  case  of  mere  resistance 
by  supposing  a  to  be  real.  In  like  manner  &,  c,  d,  e,  and /are  sym- 
bols expressing  the  electrical  properties  of  the  remaining  branches. 

In  all  electrical  problems  the  generalised  quantities  a,  6,  &c.,  com- 
bine, just  as  they  do  when  they  represent  simple  resistances.  Thus, 
if  a,  a'  be  two  complex  quantities  representing  two  conductors  in 
series,  the  corresponding  quantity  for  the  combination  is  a-\-a'. 
Again,  if  a,  a'  represent  two  conductors  in  parallel,  the  reciprocal  of 
the  resultant  is  given  by  addition  of  the  reciprocals  of  a,  a'.  For,  if 
the  currents  be  x  and  x\  corresponding  to  a  difEerence  of  potentials 
Y  at  the  common  terminals, 

Y  =  oas  =  a  »', 

80  that  »-!-»'  =  Y(l/a -h  l/o'). 

The  investigation  of  the  currents  in  networks  of  conductors  is 
usually  treated  by  "  Kirchhofifs  rules,"  and  this  procedure  .may  of 
course  be  adopted  in  the  present  case  to  determine  the  current 
through  the  bridge  of  a  Wheatstone  combination.  But  it  will  be 
more  instructive  to  put  the  argument  in  the  form  applicable  to  the 
forced  vibrations  of  all  mechanical  systems  which  oscillate  about  a 
configuration  of  equilibrium. 

If  pj2'r  represent  the  frequency  of  the  vibration,  the  coonlinates 
Y^»  V^f  Y^8«  •  •  •  determining  the  condition  of  the  system,  and  the  cor- 
responding forces  ifxi  i^a,  i'g.  • . .  are  all  proportional  to  e^f^^  and  the 
coordinates  are  linear  functions  of  the  forces.^  For  the  present 
purpose  we  suppose  that  all  the  forces  vanish,  except  the  firat  and 
second.  Thus  Y^,  yr,  are  linear  functions  of  i^i  and  i's*  and,  con- 
versely, i^i,  if%  may  be  regarded  as  linear  functions  of  ^i  and  ^s.  We 
may  therefore  set 

•  '  Theory  of  Sound,*  §  46,  MaomiUan,  1877. 

t  *  Phil.  Mag.,' May,  1888. 

;  *  Theory  of  Sound,'  vol.  1,  §  107. 
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♦«  =  BVri+Cf3 

the  coefficient  of  y^a  in  the  first  equation  being  identical  with  that 
of  yri  in  the  second  by  the  reciprocal  property.  The  three  constants 
A,  B,  G  are  in  general  complex  qaantities,  functions  of  jk 

In  the  application  that  wo  have  to  make  of  these  equations,  ^i,  ^ 
i^i,  i^2  will  represent  respectively  currents  and  electromotive  forces  in 
the  battery  and  telephone  branches  of  the  combination.  The  re- 
ciprocal property  may  then  be  interpreted  as  follows : — If  ♦»  =  0, 

Bfi  +  Cf,  =  0, 

^^^  ^  =  Sr?AO*^  (2). 

In  like  manner,  if  we  had  supposed  iri  =  0,  we  should  have  found 

^  =  f:^*' <«>' 

showing  that  the  ratio  of  the  current  in  one  branch  to  an  electro- 
motive force  operative  in  the  other  is  independent  of  the  way  in 
which  the  parts  are  assigned  to  the  two  branches. 

We  have  now  to  determine  the  constants  A,  B,  G  in  terms  of  the 
electrical  properties  of  the  system.  If  y^  be  maintained  zero  by  a 
suitable  force  i'a,  the  relation  between  y-i  and  iri  is  i^i  =  A-^i.  In 
our  application,  A  therefore  denotes  the  (generalised)  resistance  to 
an  electromotive  force  in  the  battery  branch,  when  the  telephone  braw^ 
is  open.  This  resistance  is  made  up  of  /,  the  resistance  in  the  battery 
branch,  and  of  that  of  the  conductors  a'\'Ct  h^d  combined  in 
parallel.     Thus, 

^-/+  a+b-^c+d    ^*^- 

Inlikemanner,  C  =  e+^.5±^i^ (4'). 

a+o-fc+a 

To  determine  B  let  us  consider  the  force  ir^  which  must  act  in  e  in 
order  that  the  current  through  it  (y^)  may  be  zero,  in  spite  of  the 
operation  of  i^i.  We  have  -¥%  =  By^.  The  total  current  y-i  flows 
partly  along  the  branch  a+c,  and  partly  along  h-^d.  The  current 
through  a+c  is 

1 
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^       and  that  through  & + (2  is 

(a -he)  jri  .•    .    (6) 

a-f6+c+<2 

The  difiTerence  of  potentials  at  the  terminals  of  e,  supposed  to  be 
interrupted,  is  thus 

c  (h+d)  y^i^d  (a+c)  ^i^ 
a-^b-j-c-^d 

^            he— ad  ^pyx 

B=a+6+c+d    ^^^- 

By  (4),  (4'),  (7)  the  relationship  of  ♦],  ir^  to  yri,  yr^  is  completely 
determined. 

The  problem  of  the  bridge  requires  the  determination  of  the  cur- 
rent ^  as  proportional  to  i^i,  when  i^s  =  0,  that  is,  when  no  elec- 
tromotive force  acts  in  the  bridge  itself,  and  the  solution  is  given  at 
once  by  simple  introduction  into  (2)  of  the  values  A,  G,  B  from  (4), 

in  (7). 

If  there  be  an  approximate  balance,  the  expression  simplifies. 
For  hc—adiB  then  small,  and  B'  may  be  neglected  relatively  to  AG 
ill  the  denominator  of  (2).  Thus,  as  a  sufficient  approximation  in 
this  case,  we  have 

ad—hc 

^1^ a-h6+c-M '_ /ON 

'"■   f,|(^  +  ^)(^+^)l    [/,    (a'^o)(h+d)\    ••  ^  ^' 
1    "^  a  +  6+c+d   J  V^    a+b+c-^-d    S 

in  agreement  with  the  equation  used  by  Mr.  Heaviside  for  simple 
resistances. 

The  following  interpretation  of  the  process  leads  very  simply  to 
the  approximate  form  (8),  and  may  be  acceptable  to  readers  less 
familiar  with  the  general  method.  Let  us  first  inquire  what  E.M.F. 
is  necessary  in  the  telephone  branch  to  stop  the  current  through  it. 
If  such  a  force  acts,  the  conditions  are,  externally,  the  same  as  if  the 
branch  were  open,  and  the  current  yrj  in  the  battery  branch  due  to  an 
E.M.F.  equal  to  iri  in  that  branch  is  i^i/A,  where  A  is  written  for 
brevity  as  representing  the  right-hand  member  of  (4).  The  difference 
oi  potential  at  the  terminals  of  e,  still  supposed  to  be  open,  is  found 
at  once  when  y^i  is  known.     It  is  equal  to 

cx(5)-dx(6)  =  Bfi, 

where  B  is  defined  by  (7).  In  terms  of  i^i  the  difference  of  poten- 
tials is  thus  Bi'i/A.  If  6  be  now  closed,  the  same  fraction  expresses 
the  E.M.F.  necessary  in  e  in  order  to  prevent  the  generation  of  a 
current  in  that  branch. 
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The  case  that  we  have  to  deal  with  is  when  -¥1  acts  in/,  and  there 
is  no  E.M.F.  in  e.  We  are  at  liberty,  however,  to  suppose  that  two 
opposite  forces,  each  of  magnitade  Bi^i/A,  acts  in  e.  One  of  these, 
as  we  have  seen,  acting  in  conjunction  with  i^i  in  /,  gives  no  current 
in  e;  so  that,  since  electromotive  forces  act  independently  of  one 
another,  the  actual  current  in  e,  closed  without  internal  E.M.F.,  is 
simply  that  due  to  the  other  component.  The  question  is  thus  re- 
duced to  the  determination  of  the  current  in  e  due  to  a  given  E.M.F. 
in  that  branch. 

So  far  the  argument  is  rigorous ;  but  we  will  now  suppose  that 
we  have  to  deal  with  an  approximate  balance.  In  this  case  an  E.M.F. 
in  6  gives  rise  to  very  little  current  in  /,  and  in  calculating  the  cur- 
rent in  e  we  may  suppose  /  to  be  broken.  The  total  resistance  to  the 
force  in  e  is  then  given  simply  by  G  of  equation  (4'),  and  the  approxi- 
mate value  for  -)^  is  derived  by  dividing  ^Bi'i/A  by  C,  as  we  found 
iu  (8). 

A  continued  application  of  the  foregoing  process  gives  i^tl^i  in  the 
form  of  an  infinite  geometric  series : — 

This  is  the  rigorous  solution  already  found ;  but  the  first  term  of 
the  series  suffices  for  practical  purposes. 

The  form  of  (8)  enables  us  at  once  to  compare  the  effects  of  incre- 
ments of  resistance  and  inductance  in  disturbing  a  balance.  For  let 
ad  =  he,  and  then  change  d  to  d-^ct  where  d'  =  ({'i+tdV  The  value 
of  i^t/iti  is  proportional  to  <f ,  and  the  amplitude  of  the  vibratoi^' 
current  in  the  bridge  is  proportional  to  Mod  d\  that  is,  to 
\/(cf  1*4  d'i*).  Thus  d\j  d\  are  equally  efficisunons  when  numeric^dly 
equal. 

The  next  application  that  we  shall  make  of  (8)  is  to  the  general- 
ised form  of  Schwendler's  problem.  When  all  else  is  given,  how 
should  the  telephone,  or  other  receiving  instrument,  be  wound  in 
order  to  get  the  greatest  effect  P 

If  by  separation  of  real  and  imaginary  parts  we  set 

•=-+'^   ^^^"'*^- (»)■ 

the  factor  in  the  denominator  or  (6)  with  which  we  are  concerned 
becomes 

Ci+ri-h»(6,+r,); 

and  the  square  of  the  modulus  is  given  by 

Mod»  =  (e,+ri)»+(e,+ra)» (10). 
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In  this  equation  ei,  Ti  are  essentially  positive,  wliile  et,  Vz  may  be 
either  positive  or  negative.  If  ei  and  63  are  both  at  disposal,  the 
minimom  of  (10),  corresponding  to  the  maximum  current,  is  found 
by  making 

ei  =  0,  ej  =  —fa (11)- 

But  this  is  not  the  practical  question.  As  in  the  case  of  simple 
resistances,  what  we  have  to  aim  at  is  not  to  render  the  current  in  the 
bridge  a  maximum,  but  rather  the  effect  of  the  .ourrent.  Whether 
the  receiving  instrument  be  a  galvanometer  or  a  telephone,  we  cannot 
in  practice  reduce  its  resistance  to  zero  without  at  the  same  time 
nullifying  the  effect  desired.  We  must  rather  regard  the  space 
available  for  the  windings  as  given,  and  merely  inquire  how  it  may 
best  be  utilised.  Now  the  effect  required  to  be  exalted  is,  cceteris 
paribusj  proportional  to  the  number  of  windings  (m) ;  and,  if  the 
space  occupied  by  insulation  be  proportional  to  that  occupied  by 
copper,  the  resistance  varies  as  m'.  So  also  does  the  inductance ;  and 
accordingly,  if  the  instrument  be  connected  to  the  bridge  by  leads 
sensibly  devoid  of  resistance  and  inductance, 

ei+iea  =  m»  (ci+te,) (12), 

where  e^,  c,  are  independent  of  m.  The  quantity  whose  modulus  is  to 
be  made  a  minimum  by  variation  of  ti»  is  thus 

___— — ^_-— — .  _ "  —  t 

and  we  have 

Mod*  =  (n-fm'O'-Krg-fmS)' 

=  (ri"+r,»)m-»+2  (ri€i+r,€,)-h(6,'  +  6ii«)m*. 
This  is  a  minimum  by  variation  of  m  when 

or  Mod  (n+iVa)  =  Mod  (tfi+ie,)    (13). 

We  may  express  this  result  by  saying  that  to  get  the  best  effect 
the  instrument  must  be  so  wound  that  its  impedance  is  equal  to  that 
of  the  compound  conductor  ri+t^t*  If  for  any  reason  the  inductances 
can  be  omitted  from  consideration,  then  the  resistance  of  the  instru- 
ment is  to  be  made  equal  to  ri,  in  accordance  with  Schwendler's 
rule. 

The  case  of  the  "  battery  "  branch  may  often  be  treated  in  like 
manner.    As  Mr.  Heaviside  has  shown,  if  a  number  of  cells  are 
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available  for  brdinary  resistance  testing,  they  should  be  combined,  so 
that  their  resistance  is  equal  to  that  («i)  of  the  corresponding  com- 
bination of  wires  in  parallel.  Periodic  currents  may  be  conceived  to 
arise  from  the  rotation  of  a  coil  in  a  magnetic  field  of  given  strength. 
If  the  space  occupied  by  the  -windings  of  the  coil  be  supposed  to  be 
given,  their  number  m  will  be  determined  by  the  condition  of  equal 
impedances.     Thus,  if 

'^^=-^<- <»). 

Mod(/i+i7,)=Mod(*i+Mi)    (16), 

in  analogy  with  (13). 

The  above  is  the  solution  of  the  problem,  if  the  coils  of  the  sending 
and  receiving  instruments  represent  the  whole  of  their  respective 
branches,  and  are-  limited  to  occupy  given  spaces.  The  inductances 
and  resistances  cannot  then  be  varied  independently.  But  there 
would  often  be  no  difficulty  in  escaping  from  this  limitation.  The 
inclusion  of  additional  resistance,  external  to  the  instrument,  can 
only  do  harm  ;  but  the  case  is  otherwise  with  inductance,  positive  or 
negative.  If  the  inductance  of  the  instrument  added  to  rg,  or  to  52) 
be  positive,  the  total  inductance  may  be  reduced  to  zero  by  the  inser- 
tion  of  a  suitable  condenser,  and  this  without  material  increase  of 
resistance.  If  the  inductance  be  already  negative,  the  remedy  is  not 
so  easily  carried  out;  but,  theoretically,  it  is  possible  to  add  the 
necessary  inductance  without  sensible  increase  of  resistance.  The 
greater  the  frequency  of  vibration,  the  more  feasible  does  this  course 
become.  We  may,  therefore,  without  much  violence,  suppose  that 
the  inductances  of  two  branches  can  be  reduced  to  zero  without 
additional  resistance.     Thus, 

e,+ra  =  0,  /i+«ii  =  0 (16); 

and  the  condition  of  maximum  efficiency  of  the  transmitting  and 
receiving  coils  is  then  given  by  Schwendler's  rule, 

6i  =  ri,  /i  =  *i (17). 

These  suppositions  form  a  reasonable  basis  for  further  investiga- 
tion; but  conclusions  founded  upon  them  will  be  subject  to  re- 
examination, especially  in  extreme  cases.  We  may  also  now  introduoe 
the  promised  simplification, 

a^Cy  h  —  d (18), 

in  accordance  with  which  (8)  becomes 

^  /*  -  ^-^  2ahl(a^l) .,g. 

^"^    '-    46    {6+i(a+6)}{/+2a6/(a+6)}    •"•    ^^''^'. 
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Also  n+tr,  =  i(o+6)=i(a,+6,)+i»(a,  +  6,)     ....    (20). 

,,+i^  _  2(o,+ta,)(6.+tt.) 

_     (oi+M  (aibi—aj>t)  +  (at+lh)  (aJ>i+aiht) 
(oi  +  6.)'+(a,+60' 

,  „  ,•  (ai  +  6i)  (othi+aibt) — (a,+ J»)  (oi6i— 0,6,)  ^o,  v 

+  («x+60  +  («.+W' ••   ^    ^- 

It  may  be  well  to  examine,  first,  the  conseqaenoes  of  (19),  in  the 
caae  of  simple  resistances.     Here 

ri  =  i(ax-f6i),  r,=  0    (22); 

«i  =  2a,6i/(ai  +  W,  *a  =  0     (23). 

In  accordance  with  the  plan  proposed,  we  are  to  make  e^  =  0, 
/»=©;•  ci  =  r,  /i  =  *i.     Onr  equation  then  becomes 

«—i!nir?5r) <">• 

Here  ai  is  still  at  disposal,  and  we  see  that  according  to  (24)  it 
onght  to  be  diminished  withont  limit.  This  conclusion  does  not 
harmonise  with  one  obtained  by  Mr.  Heaviside.f  It  must  be  ob- 
served, however,  that  ai  =  0  is  unpractical,  involving,  as  it  does, 
*i  =  0,  /i  =  0.  Even  according  to  (24)  there  is  little  to  be  gained  bj 
diminishing  Oi  below,  say,  ^  &i.     In  this  case 

ai  =  ifti,        ei  =  n  =  }6i,        /i  =  «i  =  f2>i    (25). 

Such  an  arrangement  as  (25)  may  be  recommended  for  practical 
use. 

When  hi  is  large,  there  may  be  advantage  in  taking  a^  relatively 
smaller  than  in  the  above  example.  In  such  cases  we  approach  the 
limiting  condition  of  things,  and  have  approximately 

«i  =  n  =  1  5„  /i  =  5i  =  2ai (26), 

^*'  =  T#  ^">- 

And  the  smallness  of  /i  in  comparison  with  hi  may  sometimes  be  a 
convenience. 

*  These  conditions  require  no  attention  in  fifalTanonietrio  testing  with  steady 
currents,  being  satisfied  by  p  b  0,  independently  of  the  nature  of  the  instrument. 

t  Loc.  eit.,  p.  120,  **  In  conclusion,  if,  to  measure  a  certain  resistance,  the  best 
nei»tanoes  for  the  galvanometer,  battery,  and  the  three  sides,  a,  b,  c,  were  required, 
then  we  should  haye  to  make  a^b^o^d'^e  *-*/." 
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The  next  remark  tliat  has  to  be  made  is  that,  even  when  the  con- 
ductors, b  and  d^  to  be  compared  are  endowed  with  sensible  in- 
dnctances  (positive  or  negative),  the  problem  may  still,  theoretically, 
be  brought  under  the  above  head.  Suppose,  for  example,  that  6,  d 
represent  nearly  equal  electromagnets.  Their  inductances  may  be 
compensated  by  the  introduction  (in  series)  of  suitable  equal  con- 
densers  into  these  branches,  so  that  h  and  d  are  reduced  to  bi  and  di. 
If  then  we  assume  a  to  be  a  simple  resistance  (a,  =  0),  the  solution  is 
as  before.  Two  objections  may  here  be  raised.  First,  on  the 
theoretical  side  it  has  not  been  piDved  to  be  advantageous  to  assume 
02  =  0 ;  and,  secondly,  the  introduction  of  extraneous  condensers,* 
even  with  interchange,  into  the  branches  to  be  accurately  compared 
may  be  a  complication  unfavourable  to  success. 

We  will  now  resume  the  consideration  of  (19),  supposing  that 

e  =  Si+iBi  =  n— tVj,  /  s/i+i/i  =  *i— w,    ....    (28), 

n,  r„  «i,  «a  being  given  by  (20),  (21).     Thus, 

«*'=^^ <^). 

and  the  question  before  us  is  how  to  make  the  modulus  of  the  second 
fraction  on  the  right  a  maximum  by  variation  of  a.  In  tbe  de- 
nominator of  this  fraction  ri  and  «i  are  real,  and  tbe  modulus  of 
h  is  \/(6i'4- V).     For  the  numerator  we  have 

1  .  1_.        1        I        1       _       2       _2(iyi~tg,)^ 
a     h       Oi  +  ioj      bi+ib2        *i  +  Wa  «i'4-«a' 

Also  from  the  definition  of  s 


so  that 


Thus 


'  ^'  -    (ai  +  6i)'+(«.+6,)'     ' 

gi'      _(ai'-ha,')(V-h6,')  [       ^        I       ^1      V 
h'+8^  "■  (a,-h6|)»-h(aa-h62)U  ai»-ha,»"^V-h6,*  J   ' 


Mod    ^^'''    -      («i-m  {ffi(fei'-l-V)-f  fei(oi'-f  qi^')}  /Qo\ 

*i+i«a""2y(a,«+a,»).^{(ai+60'+(a»+W'}    '* 

and  this  is  to  be  made  a  minimum  by  variation  of  Oi,  0%, 

*  The  use  of  condenien  or  eleotromagneti  in  the  branches  e  and  /  stands,  of 
course,  upon  a  different  footing. 
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We  shall  show  presently  that  (30)  can  be  reduced  to  zero ;  but  for 
the  moment  we  will  so  far  limit  the  generality  of  ai,  Os  as  to  suppose 
that  Oi  =  xhiy  Ot  =  irh^,  x  being  real  and  positive. 

(30)  then  reduces  to  J  V(l+»)  ;  and  by  (29) 

""^w^-wIpI <"'• 

Accordingly,  the  maximum  sensitiveness  cannot  be  attained  until 
X  is  reduced  to  zero,  so  that  ai,  Oj  vanish.  (^1)  may  be  regarded  as 
a  generalised  form  of  (24),  free  from  the  limitation  that  63  =  0,  pro- 
vided O]  be  so  taken  that  03/(3  =  Oi/^i. 

We  will  now  suppose  in  (30)  that  ai  and  <h  are  both  small,  and  in 
the  first  instance  that  hi  is  finite.    We  have 

and  this  reduces  ultimately  to  its  first  term,  depending  upon  the  ratio 
only  of  Oi  and  03.  The  expression  vanishes  if  ai :  03  be  small  enough, 
so  that  (30)  can  cel'taihly  be  thus  reduced  to  zero.  It  is  remarkable 
that  the  expression  for  the  sensitiveness  should  be  capable  of  becom- 
ing infinite  by  suitable  choice  of  03.  If  we  first  suppose  that  03  is 
absolutely  zero,  and  afterwards  that  ai  diminishes  without  limit,  the 
ultimate  value  of  (32)  is  J  hi^(W+h%^),  in  place  of  zero. 

From  the  practical  point  of  view,  these  conclusions  from  our 
equations  are  not  particularly  satisfactory.  We  began  with  certain 
proposals  which,  in  ordinary  cases,  could  be  carried  out ;  but  in  the 
end  we  are  directed  to  apply  them  to  an  extreme  and  impossible  state 
of  things.  We  have  found,  however,  in  what  direction  we  must  tend 
in  the  search  for  sensitiveness;  and  useful  information  may  be 
gathered  from  (32).  In  practice  ai  could  not  be  reduced  below  a 
certain  point.  The  question  may  then  be  asked,  what  is  the  best 
value  of  03,  when  ai  is  given  ?    From  (32)  we  find  at  once  that 

«.»+«.» =  iLW±V)  (33)^ 

(32)  then  becoming 

hl^/(alhO (34). 


In  this  case  from 

'  '^*^*-=^M <">• 

independent  of  ^ 

If  we  suppose  in  (32)  that  Oj  =  0,  we  have 

lW(h.^+W)+-^^ (36). 
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To  take  a  numerical  example,  let  ^  =  0 ;  and  suppose  Oi  =  -j-V  ^&- 
Then,  according  to  (33),  a,  =  ±^  b^.    Also  by  (20),  (21), 

The   corresponding  minimum  yalue  of  (32),  equal  to   (34),   is 

v/y(io). 

But  with  this  yalue  of  Oi  the  gain  by  allowing  a^  to  be  finite  ia  not 
great.     If  a,  =  0, 

ei  =  UK  e^  =  0 ; 

ft  =  HK  /2  =  0; 

and  the  value  of  (32),  equal  to  (86),  is  {-^  hi\ 

We  see  from  (36)  that  when  a,  =  0  there  is  little  to  be  gained  by 
further  reduction  of  ai.  But  when  a%  is  suitably  chosen  the  gain 
may  be  worth  having.  Thus,  in  (34),  if  ai  =  ^hs  ^u  ^^  have  -f^W- 
Corresponding  to  this  03=  ±-^hi  nearly,  and 

These  are  not  unreasonable  proportions,  and  we  see  that  the  use  of 
Os  may  be  advantageous,  even  when  the  subject  of  measurement  is  a 
mere  resistance.  It  will  be  remarked  too  that,  except  as  regards 
d,,/],  the  sign  of  Oj  is  immaterial. 

When  the  branches  6,  d  consist  of  electromagnets,  and  still  more 
when  they  consist  of  condensers,  hi  may  be  very  small.  If  we  sap- 
pose  it  to  be  zero,  (30)  becomes 


aW 


(37). 


2v^(ax«  +  aa«)  .  y{ai>-h(aa  +  6,)«} 

Corresponding  to  this  from  (20),  (21), 

ci  ==  ¥  fli,  e,  =  -A  ((h+hO (38), 

.  _  2ai&»'  -  _      2a^*M-2a,6j(a,4-fc,)       /.>q\ 

•^"""a.'+(aa-h5,)''  ^' '  a.^+(c^-hM*        "^    ^' 

From  (37)  we  see  that  the  increase  of  a*  is  favourable,  especiallj 
if  the  sign  be  the  same  as  of  b^.  Even  if  Oa  =  0,  (37)  now  asbuming 
the  form 

^'^'  r40) 
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can  be  reduced  to  zero  by  taking  Oi  small  enough.  But  of  course 
(37)  ceases  to  be  applicable  unless  h\  be  small  relatively  to  ai.  In 
correspondence  with  (40), 

«i  =  i  Oi,  ej  =  — i  6, (41)  ; 

As  an  example  of  (37),  suppose 


5, 


3 


Then  (37)  =  -^  nearly. 

Also  approximately 

If  &i  represent  the  stifFness  of  a  condenser,  /,  must  be  a  positive 
inductance,  and  its  magnitude,  relatively  to  /i,  would  probably  con- 
stitute a  difficulty. 

As  an  example,  wifch  Os  equal  to  zero,  take 

«!  =  -Ay  ^a.  oj  =  0. 

Then  (37)  =  (40)  =  J^y  6,'  nearly, 

and 

So  far  as  the  general  theory  is  concerned,  it  is  a  matter  of  indif- 
ference whether  the  indicating  instrument  be  in  the  branch  e,  or  in 
f.  The  latter  corresponds  to  the  connections  in  De  Sauty's  method 
of  testing  condensers  by  means  of  the  galvanometer.  In  practice, 
more  space  would  probably  be  available  for  the  coils  of  a  transmitting 
instrument  than  of  the  receiving  instrument,  at  least,  if  the  latter  be 
a  telephone ;  and  this  would  tell  in  favour  of  choosing  that  branch  for 
the  transmitter  which  should  have  the  larger  time  constant  (L/R). 

To  get  an  idea  of  the  relative  capacities,  resistances,  and  induct- 
ances involved,  we  must  assume  a  particular  pitch.  A  frequency 
suitable  for  telephonic  experiments  is  1000  per  second,  for  which 
p  =  20007.  Thus,  if  the  value  of  a,  for  a  condenser  of  capacity  C, 
and  for  an  inductance  L,  and  that  of  ai  for  a  resistance  R,  are  all 
numerically  equal, 

1 


R  =  2000irL  = 


2000«-C 


If  R  be  1  ohm,  equal  to  10*  C.Q.S.,  the  corresponding  capacity  is 
l'6xlQ~"  C.G.S.,  equal  to  160  microfarads,  and  the  corresponding 
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inductance  is  1'6  X 10'  C.G.S.     Again,  if  C  be  one  microfarad,  equal 
to  10-^  O.G.S.,  R  IB  160  ohms,  and  L  is  2-6  x  10'  cm. 

In  the  preceding  calculations  e  and  /  are  supposed  to  be  adjusted 
to  the  values  most  fayourable  to  the  effect  in  the  receiving  instru- 
ment. A  question,  which  arises  quite  as  often  in  practice,  is  how  to 
make  the  best  of  given  instruments.  The  full  answer  is  necessarily 
somewhat  complicated  ;  for  there  could  be  no  objection  to  the  inser- 
tion of  a  condenser  for  example,  if  the  sensitiveness  could  be  im- 
proved thereby.  In  what  follows,  however,  the  transmitting  and 
receiving  branches  will  be  supposed  to  be  fully  given,  so  that  e  and  / 
are  known  complex  quantities  ;  and  the  only  question  to  be  considered 
is  as  to  the  most  suitable  value  of  a,  assumed  to  be  eqnal  to  c. 

For  this  purpose  the  modulus  of  the  second  fraction  on  the  right 
in  (19)  is  to  be  a  maximum,  or  that  of 

(a+b+2e)(l+l+^     («) 

is  to  be  a  minimum,  by  variation  of  a.     The  problem  thus  arising  of 
determining  the  minimum  modulus   of  a  function  of    a  complex 
quantity  may  be  treated  generally. 
Let 

F  («)  =  F  (x+iy)  =  0(«,y)4-i>  («,y), 

and   let  it  be  required  to  find  when  the  modulus'  of  F  («),   viz., 
^+  yr',  is  a  minimum  by  variation  of  x^y.     We  have 


And  in  general 


dx  "^  dy^  dy  '~      dx 


(45). 


In  order  that  (44),  (45)  may  both  obtain,  we  must  have  either 
0>  +  Y^  =  O,  orelse 

^  =  0.  ^  =  0,  1-^  =  0,  j-^  =  0. 

dx  dy  dx  dy 

The  latter  conditions  are  equivalent  to 

F'(«)=0 (46). 

For  example,  let 

F(.)  =  («+.)(i+;8) (47X 

where  «,  p  are  complex  constants. 
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The  application  of  (46)  gires 

^  =  «//3 (48), 

and  F(is)  =  {l+/(«^)P    (49). 

We  see  then  that  the  modnios  of  (43)  ncill  be  a  minimum,  when 

a«  =  4?-^  ^ (^^)' 

2//+ 1/6 

and  in  taking  the  sqnare  root  the  ambigoitj  mnfit  he  so  determined  as 
to  make  the  real  part  of  a  positive. 

Equation  (50)  coincides  with  thai)  obtained  by  Mr.  Heaviside  for 
the  case  where  all  the  quantities  are  real.. 


11.  **0n  Ihe  Influence  of  Preesure  on  the-  Spectra  of  Flames." 
By  G.  D.  LiVEiNQ,  M.A.,  F.R.S.,  Pt-ofesflor  of  Chemistry, 
and  J.  Dewar,  M.A.,  F.R.S.,  Jacksoniaai  Professor, 
University  of  Cambridge^    Received  January  22, 1891. 

We  have  already  described  (*  Phil.  Trans.,**  A,  1888)  the  remarkable 
spectrum  of  the  ozy-hydrogen  flame  burning  at  the-  ordinary  atmo- 
spheric pressure.  Recently  we  have  examined  the  spectrum  of  the 
same  flame  at  various  pressures  r  hydrogen  burning  in  excess  of 
oxygen  up  to  a  pressure  of  40  atmospheres,  and  oxygen  in  excess  of 
hydrogen  up  to  a  pressure  of  25  atmospheres,,  also  that  of  the  mixed 
gases  burning  ini  carbonic  acid  gas. 

The  apparairua  employed  was  an  adaptation  of  one  of  the  tubes 
used  in  our  expet'iments  on  the  absorption  spectra  of  compressed 
gases  (*  Phil.  Mag./  September,  1888,  and  'Roy.  Soc.  Proc.,'  vol.  46, 
p.  222).  It  consisted  of  a  steel  cylinder,  about  50  mm.  in  internal 
diameter  and  225  mm.  long,  fitted  at  one  end  with  a  quartz  stopper, 
a,  in  the  annexed  figure,  and  with  a  jet,  6,  for  burning  the  gas, 
adapted  by  a  properly  fitting  union  joint  to  the  opposite  end.  There 
were  two  tubes,  c  and  c2,  connected  to  the  cylinder  at  the  sides,  of 
which  one,  c,  served  for  the  introduction  of  gas,  while  the  other,  <2, 
was  fitted  with  a  stopcock  and  was  used  to  draw  off  the  water  formed, 
or  to  reduce  the  pressure  of  the  gas  in  the  cylinder  if  that  was 
desired.  The  flame  was  observed,  nearly  end  on,  thraugh  the  quartz 
stopper.  The  whole  apparatus  was  kept  cool  by  a  stream  of  cold 
water  running  on  to  a  sponge  cloth  wrapped  round  the  cylinder.  In 
the  course  of  the  tube  conveying  gas  to  the  jet  h  was  interposed  a 
small  cylinder,  e,  in  which  sodium  was  placed,  and  by  heating  this, 
the  gas  entering  could  be  charged  with  sodium  vapour. 

Q  2 
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The  gases  were  supplied  from  steel  cylinders  into  which  they  had 
been  compressed,  and  the  pressure  was  registered  by  a  gauge  attached 
to  the  tube  by  which  the  gas  entered  the  experimental  cylinder. 
Commercial  compressed  gases  were  used,  containing  a  sensible  per- 
centage of  air. 

When  hydrogen  was  the  gas  forming  the  burning  jet,  it  was 
lighted  at  the  end  of  the  tube  b  before  introdacing  it  into  the 
experimental  cylinder.  When  it  was  desired  to  have  a  jet  of  oxygen 
burning  in  hydrogen,  this  could  be  managed  by  introducing  oxygen 
through  the  second  tube  and  increasing  the  supply  of  hydrogen  until 
the  flame  passed  over  to  the  oxygen  jet.  The  same  result  was  some- 
times attained  by  6rst  filling  the  experimental  cylinder  by  a  gentle 
stream  of  hydrogen  through  the  side  tube  c  before  the  end  with  the 
tube  h  was  screwed  on ;  the  liydrogen  as  it  issued  was  then  lighted, 
and  the  jet,  with  a  gentle  stream  of  oxygen  issuing,  inserted  and 
screwed  down.  The  stopcock  s  was  kept  open  until  this  was  done, 
and  then  by  closing  «,  and  admitting  more  gas  from  the  reservoirs, 
the  pressure  in  the  ^experimental  cylinder  oould  be  increased  at 
pleasure. 


Hydrogen  Burning  in  Oxygen. 

The  first  observations  were  made  with  a  jet  of  hydrogen  burning 
in  oxygen.  As  the  pressure  rose,  the  luminosity  of  the  flame  in- 
creased, as  long  ago  described  by  Frankland  ('Experimental 
Researches,'  p.  905).  The  colour  of  the  flame,  viewed  end  on,  was 
yellow,  as  if  it  contained  sodium  ;  but,  on  examining  it  wi(h  a 
spectroscope,  it  was  found  to  give  a  continuous  spectrum  interseclfnl 
by  many  shaded  bands,  and  the  D  lines  of  sodium  were  only  faintly 
present.  The  shaded  bands  were  faint  at  a  pressure  of  5  atmo- 
spheres, but  at  pressures  of  20  atmospheres  and  upwards  they  came 
oat  strongly.      They  were  evidently  the  absorption  bands  of  NOca 
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derived  from,  the  residue  of  atmospheric  air  mixed  with  the  condensed 
gases.  We  took  a  photograph  of  them,  and  on  comparinf^  this  with 
a  photograph  of  the  NO^  bands,  we  foand  the  two  to  be  identical. 
Except  for  the  bands,  and  the  bright  lines  of  sodium,  the  spectrum 
appeared  to  be  continuous,  and  to  extend  from  about  \  6200  to  \  4150, 
with  the  brightest  part  about  \  5150.  It  increased  in  brilliance  as 
the  pressure  increased,  as  well  as.  in  extent,  being  yisible  at 
3  atmospheres  pressure  from  about  \  6720  to  \  4040.  The  greater 
distinctness  of  the  NOg  bands  at  the  higher  pressures  was  due  both 
to  the  greater  brightness  of  the  continuous  spectrum  and  to  the 
greater  quantity  of  NOg  ibi'med.  A  large  quantity  of  water  accu- 
mulated in  the  expeiimental  tube,  and  when  this  was  drawn  oft  by 
the  stopcock  «,  it  effervesced  witb  escape  of  NO,  and  was  found  to  be 
strongly  acid.  A  specimen;  titrated  was  found  to  contain  very  nearly 
3  per  cent,  of  nitric  acid.  The^  observations  were  continued  up  to  a 
pressure  of  4^  atmospheres.  There  was  no  indication  that  the  con- 
tinuous spectrum  had  any  connexion  with  the  line  spectrum  of 
hydrogen.  There  was  na  increase  of  brilliance  in  the  neighbourhood 
of  the  0,  F,  or  G  lines  of  hydrogen.  The  characters  of  the  spectrum 
were,  however,  better  seen  in  the  absence  of  NO^,^  and  will  be  de- 
scribed in  the  next  section. 


Oxygen-  Burning  in  Uydrogen, 

In  this  case  the  colour  of  the  flame  was  very  different  from  that  of 
hydrogen  burning  in  oxygen^  Instead  of  being  yellow,  it  appeared, 
to  the  unaided  eye,  to  have  a  lavender  hue.  In  the  spectrcecope  it 
showed  a  perfectly  continuous  spectrum,  brightest  in  the  green,  about 
the  region  of  the  Frannhofer  line  6,  and  very  gradually  fading  away  on 
either  side.  On  the  red  side  it  could  be  just  traced  up  to.  about 
\  61 50,  and  on  the  violet  side  to  about  X  4285,  at  ordinary  pressures. 
The  sodium  lines  were  absent.  With  increase  of  pressure  it  in- 
creased very  much  in  brightness,  and  at  8  atmospheres  pressure  it 
could  be  traced  as  low  as  X  6630  and  as  high  as  X  3990. 

The  dispersion  used  was  that  of  a  direct- vision  spectroscope  (such 
as  was  described  by  us,  *  Roy.  Soc.  Proc.,'  vol.  41,  p.  449;,  equivalent 
to  three  prisma  of  white  flint  glass,  but  the  collimat«or  and  telescope 
very  short,  so  as  to.  obtain  plenty  of  light.  With  less  dispersion^ 
perhaps,  the  continuous  spectrum  might  have  been  traced  further-.- 
Photographs,  however,  showed  that  it  scarcely  extended  into  the 
ultra-violet.  There  was  no  indication  that  this  spectrum  was  due  to 
an  expansion  of  the  lines  of  either  the  first,  or  second,  spectrum  of 
hydrogen.  It  is  true  that  the  maximuou  brightness  (which  could  not 
be  determined  with  any  great  accuracy)  was  not  very  far  from  F,  but 
no  indication  of  any  second  maximum  in  the  neighbourhood  of  eitbev 
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C  or  G,  or  anywhere  else,  could  be  detected.  Tbe  pressure  was 
carried  up  to  12  atmospheres,  and  at  this  pressure  the  visible 
spectrum  was  'brilliant,  but,  in  the  ultra-yiolet,  photographs  showed 
that  the  spectrum  consisted  only  of  what  we  have  called  the  **  water- 
speotrum,'''  very  strong  and  sharp.  The  lines  of  this  spectrum 
showed  no  signs  of  expansion  even  at  a  psessure  of  12  atmospheres, 
and,  though  much  imore  intense  than  at  ordinauy  pressures,  remained 
clearly  defined. 

Observations  were  continued  with  the  eye  up  to  25  atmospheres 
pressure,  but  no  i}race  of  emission,  or  absorption,  corresponding  to 
^either  spectrum  of  hydrogen  could  be  detected,  and  it  is  doubtful  if 
^either  spectrum  can  be  produced  in -such  a  flame.  Since  the  formation 
'of  fiteam  from  its  component  gases  <is  attended  with  a  diminution  of 
volume,  increased  pressure  will  increase  the  i9tability  of  the  com- 
pound, and  the  flame  will  contain  a  larger  proportion  of  steam,  as 
well  as  have  a  higher  temperatore,  than  Btt  ordinary  pressures. 

The  water  formed  when  the  flame  was  a  jet  of  oxygen  burning  in 
hydrogen  was  found  to  be  alkaline,  and  to  contain  ammonia.  But 
the  proportion  of  ammonia  was  much  less  than  the  proportion  of 
nitric  acid  formed  when  the  jet  was  hydrogen  burning  in  oxygen  ;  a 
specimen  titrated  contained  0004  per  cent,  of  ammonia. 

Effects  of  Pressure  *on  flke  Sodiium  Spectrum. 

In  order  to  see  what  effect  would  be  .produced  by  increased 
pressure  on  the  spectrum  of  other  substances  in  the  flame,  we 
charged  the  hydrogen  with  sodium  vapour  by  making  it  pass,  before 
entering  the  ei^perimental  cylinder,  through  a  small  iron  cylinder, 
e  in  the  figure,  containing  metallic. sodium,  heated  by  a  lamp.  As  the 
D  lines  of  sodium  are  very  easily  expanded  and  self-reversed  in  a 
fl^ame  at  ordinary  pressure,  some«cape  was  needed  to  discriminate  the 
effects  which  were  really  to  be  ascribed  to  pressure.  The  gas  was 
easily  charged  with  sodium  vapour,  and  when  burning  in  oxygen,  not 
only  the  D  lines,  but  thetcitron  and  green  pairs,  and  sometimes  the 
blue  pair  (X  467),  and  the  orange  pair  (X  616) ^  were  well  seen ;  but 
we  could  not  find  >that  ^hey  were  expanded  by  increase  of  pressure. 
A  sudden  change  of  pressure  generally  produced  an  expansion,  but  it 
did  not  last;;  tlhe  lines  fined  down  again  when  the  pressure  was 
steady,  whether  that  pressure  was  high  or  low.  These  experiments 
(were  continued  up  to  a  pressure  of  40  atmospheres  without  any 
^lefinite  effect  on  the  width  of  the  lines  which  could  be  ascribed  to 
the  pressure. 

It  may  be  said  that  at  the  higher  pressure  the  evaporation  of  the 
sodium  would  be  slower,  and  so  the  proportion  of  sodium  vapour  to 
hydrogen  be  diminished;    also,  when  the  lines  are   diffuse  at  ths 
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edges  to  begin  with^  it  is  extremely  difficult  to  judge  whether  there 
is  any  expansion.  At  all  events,  we  may  say  that  there  is  uo 
expansion  produced  by  pressure  at  all  comparable  with  that  produced 
in  a  flame  at  ordinary  pressure  by  increasing  the  quantity  of  sodium 
in  the  flame.  We  noticed,  however,  that  the  presence  of  sodium, 
which  produces  a  feeble  continuous  spectrum  in  a  flame  at  an 
ordinary  pressure,  seemed  to  increase  the  continuous  spectrum  of  the 
flame  under  pressure,  especially  in  the  orange  and  green. 


Oxy-hydrogen  Jet  in  Carbonic  Acid  Oas. 

For  this  experiment  a  two-branched  tube  (the  upper  one  in  the 
figure)  was  used.  The  jet  of  mixed  oxygen  and  hydrogen  was  first 
lighted  and  introduced  into  the  experimental  cylinder  while  the 
latter  was  full  of  air  and  the  stopcock  s  open.  The  air  was  then 
replaced  by  COji  entering  by  the  tube  c.  The  effect  of  this  was  at 
once  to  brighten  the  flame  and  change  its  colour  from  yellow  to  blue. 
Seen  in  the  spectroscope,  the  change  consisted  in  an  increase  of 
continuous  spectrum,  especially  towards  the  more  refrangible  end. 
When  the  stopcock  s  was  closed  so  that  the  pressure  rose  in  the 
experimental  cylinder,  the  flame  increased  in  brightness,  but  there 
was  no  other  change  in  the  spectrum.  It  remained  continuous  with 
no  bright  or  dark  lines,  or  bands,  except  the  D  lines  of  sodium.  It 
resembled  au  ordinary  flame  of  CO.  The  jet  would  not  bum  in  GO^ 
unless  there  was  some  excess  of  oxygen,  and  even  with  an  excess  of 
oxygen  we  could  not  get  it  to  continue  to  burn  in  GO^  at  a  pressure 
higher  than  2  atmospheres. 

Ethylene  in  Oxygen. 

.  A  jet  of  ethylene  burning  in  oxygen  gave,  when  the  flame  was 
small,  the  usual  caudle-flame  spectrum,  together  with  a  band  in  the 
indigo  (\  431)  shading  towards  the  violet ;  but  as  the  pressure  was 
increased  the  continuous  spectrum  brightened  and  completely  over- 
powered the  bands,  and  at  the  same  time  the  absorption  spectrum  of 
NO;  appeared.  We  carried  the  pressure  up  to  33  atmospheres,  and 
at  that  pressure  the  flame  seemed  to  give  nothing  but  a  continuous 
speotmm,  intersected  by  the  absorption  bands  of  NO2.  In  our  tube, 
the  flame  was  viewed  almost  directly  end  on,  and  it  is  possible  that  if 
we  had  seen  the  flame  sideways,  we  might  have  detected  the  hydro- 
carbon flame  spectrum  near  the  nozzle.  At  the  high  pressure  much 
soot  separated.  We  tried  burning  a  mixture  of  ethylene  and  oxygen. 
The  mixed  jet  burnt  well  in  air  and,  when  the  supply  of  oxygen  was 
sufficient,  gave  the  hydrocarbon  flame  spectrum.  In  the  experi- 
mental tube  in  oxygen,  the  jet  burnt  well  at  the  atmospheric  pressure, 
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but  we  failed  to  get  it  to  continue  burning  whpn  the  pressure  was 
increased.  The  shaded  band,  commencing  with  a  sharply-defined 
edge  about  X  431,  seems  to  be  independent  of  the  pressure,  and  has 
been  before  observed  in  a  gas  flame  (Huggins,  ^Boj.  Soc.  Proc./ 
vol.  30,  p.  580).  In  fact,  the  only  effect  of  pressure  in  this,  as  in  the 
former  cases,  seemed  to  be  the  increase  of  the  continuous  spectrum. 


Cyanogen  and  Oxygen, 

As  we  could  not  obtain  cyanogen  at  such  pressures  as  we  had  used 
in  the  case  of  the  other  gases,  we  were  obliged  to  content  ourselves 
with  exploding  mixtures  of  cyanogen  and  oxygen  in  an  iron  bottle, 
fitted  with  a  quartz  stopper  like  that  of  the  experimental  tube  above 
described.  The  bottle,  having  been  exhausted  by  an  air-pump,  was 
filled  with  the  mixture  of  gases,  and  exploded  by  an  electric  spark. 
With  less  than  3  vols,  of  oxygen  to  1  vol.  of  cyanogen,  there  was 
always  a  considerable  deposit  of  carbon,  which  covered  the  quartz  and 
impeded  vision ;  but,  with  3  vols,  of  oxygen  to  1  of  cyanogen,  the 
carbon  was  all  burnt.  Notwithstanding  the  brilliant  banded  spectrum 
of  a  flame  of  cyanogen  in  oxygen  at  ordinary  pressure,  nothing  but  a 
continuous  spectrum  could  be  seen  in  the  flash  of  the  exploded  gases, 
except  the  ubiquitous  D  lines  of  sodium.  The  continuous  spectrum 
was  bright.  Photographs  showed  a  continuous  spectrum  with  lines 
of  iron,  calcium,  potassium,  and  sodium,  but  no  cyanogen  or  carbon 
bands,  or  carbon  lines.  When  a  little  hydrogen  was  added  to  the 
mixture  of  gases,  no  trace  of  the  hydrogen  red  or  green  line  could  be 
detected  in  the  spectram  of  the  exploding  gas. 

In  every  case,  the  prominent  feature  of  the  light  emitted  by 
flames  at  high  pressure  appears  to  be  a  strong  continuous  spectrum. 
Th€re  is  not  the  slightest  indication  that  this  continuous  spectmm  is 
produced  by  the  widening  of  the  lines,  or  obliteration  of  the  in- 
equalities, of  the  discoutinaous  spectra  produced  by  the  same  gases 
at  lower  pressures.  On  the  contraxj,  it  seems  to  be  developed  inde- 
pendently. This  is,  on  the  whole,  quite  in  accordance  with  what 
would  be  expected,  considering  that  under  pressure  the  molecules  of 
the  gases  have  lauch  less  freedom,  encounters  amongst  them  are 
much  more  frequent,  and  they  have  much  less  chance  of  vibrating 
independently,  and  of  taking  up  exclusively,  or  chiefly,  the  funda- 
mental rates  of  vibration  which  are  natural  to  them  when  free. 
Their  condition,  during  a  large  part  of  any  given  time,  approximates 
to  that  of  the  molecules  of  a  liquid,  and  their  spectra  approximate  to 
that  of  a  liquid  to  at  least  a  like  extent.  On  the  other  hand,  the 
higher  temperature  which,  in  many  flames,  attends  an  increased 
pressure  ought  to  give  some  intensity  to  the  special  radiation  which 
the  molecules  emit  daring  their  time  of  free  motion  ;  and  this  we  have 
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noticed  to  occnr  in  the  principal  sections  of  the  discontinuous 
spectrum  of  the  oxy-hydrogen  flame.  Whether  the  continuous 
spectrum  is  due  to  the  mutual  action  of  the  molecules  of  the  com- 
pressed gases  may  perhaps  be  best  determined  by  some  photometric 
measures  of  the  rate  at  which  the  brilliance  increases  with  the 
pressure.  Frankland  (*  Exp.  Researches/  pp.  892  et  seq.)  has  made 
some  such  measures,  but  not  sufficient  to  solve  the  question.  We 
have  made  an  attempt  to  measure,  not  the  total  intensity  of  the  lights 
but  that  of  rays  of  definite  refrangibility. 

Photometry  of  Oxy -Hydrogen  Flame  under  Pressure. 

The  apparatus  used  for  these  measures  was  a  spectro- photometer  of 
the  pattern  employed  by  Crova  ('  Annales  de  Chimie,'  ser.  5,  vol.  29, 
p.  556).  In  this,  the  rays  of  one  of  the  sources  of  light  to  be  com- 
pared are  passed  through  two  Nicol's  prisms,  and  then  reflected 
into  one  half  of  the  slit  of  the  spectroscope,  while  the  light  from 
the  other  source  passes  directly  into  the  other  half  of  the  slit. 
By  turning  one  of  the  Nicol  prisms,  the  light  from  the  first  source 
can  be  reduced  at  pleasure,  and  any  small  section  of  the  spectrum 
can  be  separately  observed  by  cutting  off  the  rest  by  means  of  a 
shutter  in  the  eye-piece.  We  found  it  by  no  means  easy  to  get 
good  concordant  observations.  A  much  larger  vessel  was  used  than 
for  the  earlier  experiments,  one  which  contained  several  litres,  and 
BO  we  may  presume  a  more  uniform  pressure  was  maintained  within 
it.  The  results  of  the  best  series  of  observations  on  the  photometric 
intensity  of  the  jet  of  oxygen  burning  in  hydrogen  are  given  in  the 
following  table.     The  oomjiarison  light  was  a  petrokum  lamp. 


1. 

2. 

3. 

4. 

15  Ibe. 

35 

65 

75 

95 

3'' 

7 
11 
14 
19 

274 

1485 

3641 

5853 

10600 

30  X  3»  =»   270 
30  X  7«  =  1470 
30x112-  3G30 
26xl5>»  6850 
29  X  19»  -  10469 

The  first  colnmn  gives  the  pressure  of  the  gas,  the  second  the 
mean  of  four  to  six  observations  of  the  angular  deviation  of  the  NicoFs 
prisms  from  the  position  of  complete  extinction,  for  each  pressure. 
The  third  column  gives  the  squares  of  the  sines  of  the  angles  in  the 
second  column  multiplied  by  100,000. 

It  will  be  seen  from  the  last  column  that  the  numbers  in  the  third 
column,  which  should  be  proportional  to  the  photometric  intensities 
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at  the  respectiv^e  pressures,  are  approximately  proportional  to  the 
squares  of  the  pressures. 

This  may  be  taken  to  indicate  that  the  brightness  of  the  continuous 
spectrum  depends  mainly  on  the  mutual  action  of  the  molecules  of 
gas. 

A  series  of  similar  observations  on  hydrogen  burning  in  oxygen 
gave  somewhat  different  results,  tabulated  below  : — 


1. 

2. 

8. 

15  Ibe. 

6^ 

1093 

35 

13 

5060 

55 

18 

9549 

75 

22 

14033 

95 

28 

17861 

The  flame  was  brighter  than  that  of  oxygen  burning  in  hydrogen 
at  ordinary  pressure,  but  the  rate  of  increase  with  increased  pressure 
was  not  so  rapid  as  in  the  former  case.  It  seems  as  if  the  continuous 
spectrum  were  made  up  of  two  parts,  one  varying  as  the  square  of 
the  pressure,  and  another  according  to  some  other  law.  The  flame  is 
evidently  not  the  same  in  the  two  cases.  The  products  of  combustion 
derived  from  the  small  quantity  of  air  are  different,  and  also  the 
hydrogen  jet  always  showed  the  presence  of  sodiam,  sometimes 
calcium.  The  appearance  of  the  flame  was  alHO  diflerent ;  the  hydro- 
gen jet  being  faintly  visible  and  yellowish  in  the  elongated  part, 
whereas  the  light  from  the  oxygen  jet  was  concentrated  near  the 
base,  the  point  being  invisible.  The  measures  of  which  the  means  are 
tabulated  above  were  also  less  concordant  than  the  corresponding 
measures  for  the  oxygen  jet.  We  were  unable  to  carry  our  measures 
beyond  a  pressure  of  95  lbs.,  because  at  higher  pressures  a  cloud  was 
formed  in  the  apparatus  which  prevented  our  seeing  the  flame 
directly.  We  hope  to  prosecute  these  measures  with  flames  of  other 
gases,  and,  if  possible,  at  higher  pressures. 

The  conclusions  to  which  our  experiments  have  led  seem  incon- 
sistent with  those  which  have  been  drawn  from  Pliicker  and  Hittorf's 
well-known  observations  on  the  widening  of  the  hydrogen  lines  in 
vacuous  tubes  with  a  residue  of  hydrogen  when  that  residue  increases. 
That  the  widening  of  the  lines  in  a  Pliicker's  tube  results  from 
increasing  the  density  of  the  residue  of  hydrogen  in  the  tube  cannot 
be  gainsaid,  but  we  are  wholly  ignorant  of  the  mechanism  by  which 
the  gas  is  lighted  up  by  the  electric  discharge.  It  is  sometimes 
assumed,  but  without  any  sufficient  reason,  that  the  energy  of  the 
t;lectric  current  is  first  converted  into  heat,  and  then  in  turn  into 
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radiation  ;  but  the  electric  energy  may  equally  well  be  directly  con- 
verted into  the  motion  of  radiation.  As  a  fact,  we  have  never  jet 
been  able  to  obtain  either  the  emission  or  the  absorption  spectrum  of 
hydrogen  without  the  aid  of  an  electric  current,  so  that,  in  reasoning 
on  this  spectrum,  we  are  much  more  in  a  region  of  speculation  than 
when  treating  of  flames.  Whether  the  hydrogen  lines,  bright  or 
dark,  in  the  solar  spectrum  are  produced  directly  by  the  high 
temperature  of  the  sun,  may  even  be  called  in  question.  And  though 
we  may  admit  that  the  density  of  the  hydrogen  in  the  son's  atmo- 
sphere, outside  the  photosphere,  is  but  slight,  it  does  not  follow  that 
the  total  pressure  of  all  the  gases  forming  that  atmosphere  is  so  very 
small  as  Messrs.  Frankland  and  Lockyer  ('  &oy.  Soc.  Proc.,'  vol.  17, 
p.  288)  have,  from  the  width  of  the  lines,  concluded  it  to  be.  After 
all,  it  is  not  so  easy  to  connect  the  temperature,  even  of  a  flame, 
with  its  radiation,  for  it  is  only  when  the  condition  of  a  gas  is  steady 
that  we  can  assume  that  there  is  a  definite  relation  between  the 
motion  of  agitation,  on  which  temperature  depends,  and  the  vibratory 
motions,  on  which  radiation  depends.  In  speculating  on  such 
questions,  chemical,  as  well  as  electrical,  changes  must  not  be  lost 
sight  of,  although  the  latter  may  be  more  directly  concerned  in 
radiation. 

Experiments  which  we  hav'e  commenced  upon  the  arc  in  an 
atmosphere  of  compressed  gas  tend  to  the  same  conclasion.  It  does 
not  appear  that  the  metallic  lines  in  the  arc  are  sensibly  affected  by 
a  steady  pressure  up  to  15  atmospheres.  The  details  of  these  observa- 
tions, which  are  complicated  by  the  variation  of  resistance  with 
change  of  pressure,  wo  defer  until  the  experiments  are  finished. 


III.  "  On  the  Focometry  of  Lenses  and  Lens-Combinations,  and 
on  a  new  Focometer."  By  Silvanus  P.  Thompson,  D.Sc., 
B.A.,  Professor  of  Physics  in  the  City  and  Guilds  Technical 
College,  Finshury.  Communicated  by  Professor  G.  Carey 
Foster,  BJ\..,  B.Sc^  F.R.S.    Received  Febniary  4,  1891. 

(Abstract.) 

Few  of  the  accepted  methods  of  focometry  take  into  account  the 
distance  between  the  two  principal  points  (or  Gauss  points)  of  a  lens, 
or  afford  the  means  of  measuring  this  distance,  as  well  as  the  true 
focal  length,  and  some  of  them  are  open  to  the  objection  that  they 
necessitate  troublesome  double  adjustments.  Of  these  methods  the 
author  gives  a  brief  categorical  review. 

He  has  devised  a  method  in  which  there  are  no  double  adjustments, 
no  measurements  of  the  size  of  optical  images,  no  assumptions  as  to 
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tlie  approximate  positions  or  distance  apart  of  the  two  principal 
pointR,  bnt  in  which  both  the  true  focal  length  and  the  width  between 
the  principal  points  are  determined  by  direct  measurements  of 
lengths. 

The  principle  of  the  method  is  as  follows  : — Beyond  the  principal 
focal  points  on  each  side  of  the  lens,  at  distances  equal  to  the  true 
focal  length,  are  two  points  which  are  conjugate  to  one  another 
and  symmetrically  situated  at  twice  the  true  focal  length  from  the 
two  principal  points.  These  may  be  called  the  symmetric  points : 
and  the  planes  drawn  through  them  orthogonally  to  the  principal 
axis  may  be  called  the  symmetric  planes.  They  are  planes  of  unit 
magnification,  and  possess  the  known  geometric  property  that  the 
ordinate  in  one  of  these  planes  of  the  point  of  intersection  of  any 
incident  ray  is  equal  in  magnitude,  but  opposite  in  sign,  to  the  ordin- 
ate in  the  other  plane  of  the  point  of  intersection  of  the  emergent 
ray.  Let  AB  be  the  lens  or  combination  of  lenses,  FiF^  the  principal 
foci,  H^Hj  the  principal  points,  S^Sg  the  symmetric  points.  Then 
the  true  focal  length  is  FgHa  =  FiH,  =  F^Sj  =  FjStj. 


h       (h. 


HAB 


f 


Fi 


Suppose  a  parallel  beam  to  be  sent  from  left  to  right  through  AB ; 
an  image  will  be  formed  at  F^.  Let  the  light  then  be  sent  from  right 
to  left  forming  an  image  at  F^.  Suitable  transparent  micrometers 
are  placed  to  receive  these  images  and  to  ascertain  their  precise 
position  in  apace.  A  graduated  bench  is  provided  upon  which  the 
lens  and  the  micrometers  are  placed  so  as  to  read  off  the  distances 
between  these  points.  A  gearing  is  provided,  namely,  a  right-  and 
left-handed  screw,  by  means  of  which,  when  the  two  micrometers 
have  been  placed  at  F^  and  F^  and  clamped  to  the  screw,  they  can  be 
moved  by  the  experimenter  at  exactly  equal  rates  outwards,  so  that 
when  one  arrives  at  S^  the  other  arrives  at  S^.  This  is  known  by 
observing  in  one  micrometer  the  exact  image  of  the  other  of  equal 
size.  The  distance  through  which  the  micrometers  have  each  been 
displaced  is  equal  to  the  true  focal  length ;  and  the  distance  HiH^ 
between  the  two  principal  points  is  found  by  reckoning  backwards 
from  F^  and  Fg  distances  equal  to  the  focal  length  so  found.  The 
positions  of  the  two  principal  points  can  then  be  marked  upon  the 
outside  of  the  tube  of  the  objectiye. 

These  principles  are  embodied  in  an  instrument  described  in  the 
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paper,  and  called  a  focometer.  It  has  been  constmcted  to  the  author's 
designs  by  Messrs.  Nalder  Brothers,  to  whom  sundry  of  the  mechani- 
cal details  are  dne. 

The  paper  also  describes  the  results  obtained  with  the  focometer 
npon  yarions  lenses,  some  of  them  being  microscope  objectives,  others 
camera  lenses.  The  author  finds  in  several  of  these  lenses  that  the 
principal  planes  are  crossed :  the  distance  between  the  symmetric 
points  being  less  than  four  times  the  focal  length.  In  some  other 
lenses  which  are  achromatic  in  respect  of  bringing  all  rays  to  a  com- 
mon principal  focus,  the  positions  of  the  principal  planes  are  different 
for  rays  of  different  colours.  In  one  lens,  a  microscope  objective  by 
Beichert,  the  principal  planes  are  not  only  crossed  but  are  actually 
at  a  greater  distance  apart  than  the  two  principal  foci.  The  paper  is 
accompanied  by  a  sheet  of  full-size  drawings  showing  the  construc- 
tion of  the  instrument  and  its  details* 


IV.  "  The  Numerical  Regifltration  of  Colonr.  Preliminary  Note." 
By  Captain  W.  DE  W.  Abney,  C.B.,  R.E.,  D.C.L.,  F.R.S. 
Received  February  6,  1891. 

The  Committee  of  the  Boyal  Society  on  Colour  Vision  having  put 
into  my  hands  the  determination  of  the  colour  of  certain  signal  glasses, 
a  memorandum  was  drawn  up  on  the  method  of  the  numerical  regis- 
tration of  colours  and  submitted  to  them.  They  considered  that  it 
should  be  submitted  to  the  Royal  Society,  and  having  slightly 
modified  it,  it  is  presented  as  a  preliminary  note  of  a  part  of  a  paper 
which  will  be  subsequently  submitted  by  General  Festing  and  myself 
as   Part  III  of  "  Colour  Photometry." 

It  must  be  premised  that  a  colour  is  determined  when  its  hue,  its 
purity,  and  its  luminosity  are  known,  the  last  constant  being  its 
comparison  with  the  white  light  before  its  passage  through  a  trans- 
parent coloured  body,  or  with  white  light  reflected  from  a  white 
surface  if  it  be  an  opaque  coloured  body  such  as  a  pigment. 

There  has  hitherto  been  a  certain  amount  of  difficulty  on  the  part 
of  normal-eyed  persons  in  stating  the  exact  hue  of  compound  colours 
in  terms  of  any  standard ;  in  fact,  I  believe,  except  by  the  method 
given  in  the  Second  Part  of  "  Colonr  Photometry  "  ('  Phil.  Trans.,'  A, 
1888),  there  has  been  no  exact  means  indicated  of  reproducing  a 
colour  from  measurements  made.  The  method  which  will  be  described 
can  take  the  place  of  the  previous  plan  for  certain  purposes,  more 
particularly  when  it  is  the  impression  on  the  eye  which  has  to  be 
considered.  Any  colour  can  be  reproduced  from  the  registration 
numbers  with  the  greatest  exactness. 

To  persons  who  are  totally  colour-blind  to  one  sensation,  viz.,  the 
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green  or  the  red,  the  matching  of  a  compoand  colour  with  a  simple 
one  in  the  spectrum  should  possess  no  difficulties.  Taking  the  trichro- 
matic theory  o£  three  sensations  for  the  normal-eyed  person,  it  is 
evident  that  only  the  following  classes  of  sensations  are  possible  in 
the  normal-eyed,  tke  green  colour-blind,  and  the  red  colour-blind  : — 

Normal  e^e.  Gbeen  oolour-blind.             Bed  oolour-blind. 

Red Red — 

Qreen —   Green. 

Violet  ...^ Violet Violet. 

Mixtures     of     red       —   — 

and  green 

Mixtures    of     red  Mixtures   of   red        — 

and  violet and  violet. 

Mixtures  of  green        —   . » Mixtures  of  green 

and  violet  and  violet. 

Mixtures    of    red,       —   — 

gteen,  and  violet 

If  we  take  as  a  type  of  colour-blindness  the  green  colour-blind 
person,  we  see  that  every  colour  in  the  spectrum  mast  be  either  red, 
violet,  or  these  colours  mixed  with  more  or  less  white  light,  since 
these  two  sensations  when  excited  in  certain  proportions  give  the 
sensation  of  white.  At  one  place,  which  is  commonly  called  the 
neutral  point,  these  proportions  are  such  that  there  is  the  impression 
of  white  light ;  it  follows  that,  between  this  neutral  point  and  each  end 
of  the  spectrum,  the  rays  are  mixtures  of  violet  and  white  or  red  and 
white,  the  dilution  of  the  colours  varying  from  no  white  to  all  white. 
As  every  compound  colour  must  be  a  mixture  of  the  same  two  coloars  in 
certain  proportions,  it  follows  that  the  g^een  colour-blind  person  can 
match  every  compoand  colour  with  some  one  ray  of  the  spectrum, 
and  that  every  colour  must  to  him  be  either  red  or  violet,  diluted 
with  different  proportions  of  white  light. 

In  the  same  way,  a  person  who  is  colour-blind  to  the  red  can 
match  any  colour  with  a  single  spectrum  colour,  and  he  will  see  it  as 
green  or  violet  dilated  with  more  or  less  white  light.  This  can  be 
readily  understood,  but  it  is  not  quite  so  plain  how  any  colour  sensa- 
tion felt  by  the  normal  eye  can  be  referred  to  the  spectrum. 

The  following  is  an  outline  of  the  reasoning  which  leads  up  to  the 
method  of  registration  employed  : — 

If  we  take  three  i-ays  in  the  spectrum — one  in  the  red  between  C 
and  the  red  lithium  line,  which  we  will  call  B,  another  in  the  green 
between  F  and  b,  which  we  will  call  G,  and  a  third  in  the  violet  near 
G,  bat  on  the  H  side  of  it,  and  which  we  may  call  V — then,  by  vary- 
ing their  intensities  (which  is  equivalent  to  varying  the  luminosities) 
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and  mixing  them,  we  can  give  the  same  impression  to  the  eye  that 
any  compound  colonr  gives,  and  that  of  any  intermediate  simple 
spectram  colonr  bnt  very  slightly  diluted  with  white  light.  With 
these  same  three  coloors,  bat  in  different  proportions,  we  can  also 
give  the  impression  of  white  light  to  the  eye.  The  intermediate 
spectrum  colours  between  the  green  and  the  violet  rays  selected, 
when  slightly  diluted,  are  imitated  by  mixing  these  rays  together  in 
different  proportions,  and  similarly  those  lying  between  the  red  and 
the  green  by  mixing  together  these  rays  in  different  proportions — 
and  there  is  some  ray  present  in  the  spectrum  which,  when  very 
slightly  diluted  with  white  light,  has  the  same  colorific  effect  on  the 
eye  as  the  mixtures  of  the  pairs  V  and  O  and  0  and  B  in  any  pro- 
portions, whatever. 

Let  the  luminosities  of  the  rays  i2,  67,  and  F,  which  give  the  im- 
pression of  white  light,  be  a,  6,  and  c  units  respectively,  and  p,  g,  and 
r  those  which  give  that  of  the  colour  which  has  to  be  registered  and 
reproduced.  We  then  get  the  following  equations — where  W  is 
white,  w  its  luminosity,  Z  the  colour,  and  »  its  luminosity — 

aE-\-hQ'\-cV  —  wW (i) ; 

2)E+ jG'+rF=  zZ ,    (ii). 

Then  evidently — 

(a+6  +  o)  =  tr,        and         (jj-j-g  +  r)  =  jj. 

Let  p  =  Ota,  2  =  ph,  r  =  7c. 
Then  we  may  write  (ii)  as — 

«aJR  +  /86flf  +  7cF=»Z (iii). 

Now,  either  a,  pf  or  7  must  be  smaller  than  the  other  two.  As  an 
example,  if  «  be  the  smallest,  we  multiply  (i)  by  «,  when  we  get — 

oaB-^-ahG-^acV^awW (iv). 

Subtracting  (iv)  from  (iii),  we  get — 

()9-«)  hO-^  (7—*)  cV  =  zZ—»wW. 

Now,  it  has  already  been  stated  that  between  Fand  G^  there  is  some 
ray  which  gives  the  same  sensation  of  colour,  mixed  with  a  very  small 
quantity  of  white  light,  as  the  above  mixture  of  Fand  O — let  us  call 
it  X  and  its  luminosity  x  [x  being  evidently  equal  to  (^— «)6-f 
(7— a)c],  and  fi  the  luminosity  of  the  small  quantity  of  white 
added. 

We  then  get  zZ  =  a;Z+ (/t+  x)  W. 
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Here  we  have  the  colonr  Z  in  terms  of  a  single  ray,  and  of  white 
light. 

This  same  holds  good  when  in  (ii)  7  is  smaller  than  «  and  ^ ;  bnfc 
it  does  not  do  so  shonld  it  happen  that  )9  is  the  smallest,  for  there  is 
no  part  of  the  spectrum  which  contains  simple  colours  giving  the 
same  sensation  to  the  eye  as  mixtures  of  red  and  blue.  There  is, 
however,  a  very  simple  way  in  which  the  registration  of  sach  a  colonr 
(which  it  must  be  remarked  must  be  of  a  purple  tone)  can  be  effected. 
It  can  be  fixed  by  its  complementary.  To  do  this  we  must  add  to  (ii) 
a  certain  amount  of  JB  and  F,  which  will  make  the  whole  white. 
Thas,  suppose  in  (iii)  «  to  be  larger  than  7  and  7  than  jS,  then  we 
must  add  06G  +  e?cV,  and  we  have — 

«aE  +  (/3+0)6G'+(7+^)cF=nTr=Z+06O  +  ^F; 

but  ()9+0)  and  (7  +  ^)  each  equal  a ;  .*.  n  =  orti; ; 

.'.  Z+06G'  +  ^cF=  •wTF. 

Now,  between  F  and  Q  in  the  spectrum  there  is  some  single  colour 
which  gives  the  sensation  of  the  mixture  of  G  and  F.  Let  it  be  ^ 
with  luminosity  a',  together  with  white,  whose  luminosity  is  ^',  which 
equals  (06-|-^c). 

Z=(«u7-/)Tr~a?'r; 

which  again  is  the  colonr  expressed  in  terms  of  white  light  less  the 
complementary  colour.  We  have  thns  arrived  at  the  very  simple 
deduction  that  the  hue  and  luminosity  of  any  colour,  however  com- 
pounded, may  be  registered  by  a  reference  to  white  light  and  a  single 
ray  of  the  spectrum. 

In  practice  this  dominant  ray  is  very  easy  to  find.  Sappose  we 
wish  to  determine  nnmerically  the  colour  of  a  signal-green  glass  in 
the  electric  light ;  we  shonld  proceed  as  follows  : — 

The  colour-patch  apparatus  described  in  the  Appendix  to  the 
Bakerian  Lecture  "  On  Colour  Photometry "  (*  Phil.  Trans.,'  1886, 
Abney  and  Festing)  is  employed,  and  the  coloured  glass  is  placed 
between  the  silvered  mirror,  which  reflects  the  beam  already  reflected 
from  the  first  surface  of  the  first  prism  of  the  spectrnm  apparatus, 
and  the  screen,  and  a  square  image  of  that  surface  of  the  prism, 
showing  the  tint  of  the  glass,  is  formed  on  the  screen  by  means  of 
the  lens.  Touching  this  image  is  a  square  patch  of  white  light, 
formed  by  the  re-combination  of  the  spectrum  by  means  of  another 
lens.  An  opaque  slide,  containing  an  adjustable  slit,  is  moved  across 
the  spectrum  in  the  manner  described  in  the  paper  referred  to,  until 
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the  colonr  of  this  last  patch  is  approximately  the  same  hne  as  that  of 
the  glass. 

In  the  path  of  the  reflected  beam,  bat  between  the  prism  and  the 
silvered  mirror,  is  inserted  a  piece  of  plain  glass,  which  can  be  made 
to  reflect  part  of  the  white  beam  into  the  monochromatic  patch  of 
light,  a  sqnare  patch  of  this  white  light  being  formed  by  menns  of  a 
third  lens.  We  thas  have  monochromatic  light  mixed  with  white 
light.  The  requisite  in^ensitj  of  the  added  white  light  can  bo 
adjusted  by.  means  of  rotating  sectors  which  open  and  close  at  will 
daring  rotation,  and  the  integrated  laminosity  of  the  mixed  beame 
can  be  altered  by  this,  together  with  the  adjastablo  slit  in  the  slide. 
The  slit  may  probably  have  to  be  moved  in  the  spectrum  to  make  the 
hue  of  these  mixed  lights  the  same  as  that  of  the  glass,  but  by  trial 
the  position  of  the  ray,  whose  colour,  when  diluted  with  white  light, 
makes  the  match,  is  readily  found.  The  position  of  the  slit  in  the 
spectrum  iM  noted,  as  also  the  aperture  of  the  sectors.  The  relative 
luminosities  of  the  beam  reflected  from  the  plain  glass  mir.or  and  of 
the  coloured  ray  are  next  measured  by  placing  a  rod  in  the  path  of 
the  two  beams,  and  equalising  by  the  sectors  the  Inminonity  of  the 
shadows  which  are  illuminated,  the  one  by  the  spectral  ray,  and  Mie 
other  by  the  white  light.  When  the  sector  aperture  is  noted  the 
registration  is  complete,  as  far  as  hue  is  concerned,  but  the  luminosity 
of  the  ray  transmitted  through  the  glass  should  be  compared  with 
that  of  the  nnabsorbed  reflected  beam,  and  then  the  total  luminosity 
is  doubly  recorded. 

Should  the  colour  of  a  pigment  be  in  question,  the  ray  reflected 
from  the  silvered  mirror  is  made  to  fall  on  the  pigmented  surface, 
and  the  same  procedure  adopted. 

Should  a  purple  glass  (say)  have  to  be  registered,  we  proceed  in  a 
slightly  different  manner,  the  patch  of  colour  light  passing  through 
the  purple  glass  is  superposed  over  the  spectrum  patch,  and  the  slit 
in  the  slide  is  moved  till  a  ray  is  found  which  will  make  white  li^ht 
when  superposed  on  the  colour  of  the  glass.  The  luminosities  of  this 
white  light,  of  the  reflected  beam,  and  of  the  spectral  colour,  are 
compared  inter  se,  and  there  are  then  sufficient  data  on  which  to 
make  numerical  registration.  In  the  paper  which  will  be  submitted 
to  the  Royal  Society,  and  of  part  of  which  this  is  a  preliminary  note, 
the  details  of  registration  will  be  entered  into  more  fully. 

The  signal  glasses  having  to  be  used  at  night  with  oil  or  gas,  their 
hue  must  be  registered  in  these  lights.  As  the  spectrum  colours  are 
always  the  same,  it  is  convenient  to  use  the  electric  light  spectrum, 
and  the  .only  alteration  in  the  apparatus  is  to  use  two  gas  lights  to 
illuminate  two  square  apertures,  in  front  of  one  of  which  the  glass, 
whose  colour  has  to  be  measured,  is  placed.  The  images  of  these 
apertures  are  thrown  on  the  screen,  the  coloured  image  touctiing  the 
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square  image  of  the  spectral  colonr  patch,  and  the  second  image  over 
the  latter.  The  same  determinations  are  gone  through  as  those  jnst 
determined. 

The  following  are  the   determinations   of   some  of   the   colonred 
glasses  sabmitted  to  the  Committee,  recorded  in  this  manner : — 


Glass. 


Great  Western  ruby 
glass 

L.B.S.C 

Great  Northern  .... 

Great  Western  signal 
green.  • 

L.B.S.C 

Great  Northern  .... 

Great  Eastern 

Saxby  and  Farmer's, 
as  ordinarily  sup- 
plied Mrhere  no 
special  glass  or- 
dered 

Bottle  green  glass 
(District  Railway) 

Cobalt  blue 


Electric  light. 


Domi- 
nant 
wave- 
length. 


6250 
6200 
6250 

4925 
4925 
5100 
5000 


4925 

5500 
4675 


Per- 
centage 
of  white 
light  in 
colour. 


7 
0 
0 

46 
38 
61 

54 


24 

82 
88 


Lumi- 
nosity, 
naked 
light 
=»100. 


10-4 
10-4 
9  0 

21-8 
16-2 
19*2 
15  0 


7-6 

9  1 
4*4 


Gaslight. 


Domi- 
nant 
ware- 

lenglh. 


6275 
6200 
6275 

6070 
5050 
5170 
5120 


5060 

6820 
4650 


Per- 
centage 
of  white 
light  in 
colour. 


0 

12 

0 

50 
84 
62 
40 


22 

60 
69 


Lumi- 
nosity, 
naked 
light 
«  100. 


18  1 
18  0 
10  "0 

18  1 
12-5 
19-4 
16  0 


6-9 

10-6 
8-8 


The  following  are  determinations  of  some  colonred  pigments  in  the 
electric  light: — 
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Colours. 

Dominant 
wave-length. 

Percentage  of 
white  light. 

1 

Percentage  of 

luminosity 

(white  paper 

«  100).. 

Vermilion •  • . 

6100 
5220 
4720 
5940 
6670 
6915 
5835 
6005 

6400 
4820 

2-6 

69  0 
61  0 
60  0 
67  0 
4  0 
26  0 
42*5 

72  0 
65 -6 

14-8 
22-7 
4-4 
25  0 
19-6 
62 '5 

Emerald  green 

F  ultramarine    

Brown  paper 

(greyer) 
Orange ••«. 

Chrome  yellow 

77-7 

14 '8             1 

Eosin   dye  ('Sporting 
Times ') 

44-7 

Cobalt J ..... . 

14*5 

1 
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The  determination  of  the  coloars  in  Maxwell's  disks  by  this  plan 
enables  them  to  be  naed  much  more  effectively  than  if  they  are 
simply  indeterminate  colours.  For  since  the  sum  of  the  Inminosities 
of  any  colours  is  equal  to  the  luminosity  of  the  same  colours 
integrated,  it  follows  that  when  using  the  disks  the  colours  of  the 
dominant  wave-lengths  are  really  mixed  and  the  white  light  inherent 
in  each  case  can  be  deducted. 


Presents,  February  19,  1891. 
Transactions. 

Cambridge,  Mass. : — Harvard  College.     Museum   of   Comparative 

Zoology.     Bulletin.    Vol.  XX.    No.  7.    8vo.    Camhrvlge  1890. 

The  Museum. 
Catania : — Accademia   Gioenia   di   Scieuze   Naturali.      BuUettino 

Mensile.     Fasc.  15.     8vo,     Catania  1890.  The  Academy. 

Dresden: — K.   Leop.-Carol.   Deutsche    Akademie    der    Naturfor- 

scher.     Verhaudlnngen.     Bd.  LIV.     4ta     Halle  1890;    liec- 

poldina.     Heft  26.     4to.     EalU  1889.  The  Academy. 

Giessen : — Universitat.    Akademische  Schriften.    1887-1889.     8vo 

and  4to.     Giessen.  The  University. 

Heidelberg: — Universitat.     Akademische  Schriften.     1888 — 1890. 

8vo.     Heidelberg,  The  University. 

Kiel : — Universitat.     Inaugural-Dissertationen.     188  -18^0.      8vo 

and  4to.     Kiel,  Sfc,  The  University. 

London : — Pharmaceutical   Society   of   Great  Britain.     Calendar 

1891.     8vo.     London,  The  Society. 

Boyal    Agricultnral    Society  of    England.     Journal.      Ser.   3. 

Vol.  I.     Part  4.     8vo.     Londm  1890.  The  Society. 

Royal    United    Service     Institution.     Journal.      Vol.  XXXV. 

No.  166.     8vo.     London  1H91.  The  Institution. 

Louvain : — University  Catholiqne.     Publications  Academiques  des 

Annies  1887-1890.     8vo.     Louvain,  The  University. 

Miinster : — Universitat.       Inaugural-Dissertationen.       1887-1890. 

8vo  and  4to.     Miinster^  8fc,  The  Uuiversity. 

Odessa : — Soci^t6  des   Naturalistes  de  la   Nouvelle-RusRie.     M6- 

moires.     fEussian.]      Tomes  X-XI,  XIV.     (Partie  2.)     XV. 

(Partie  1-2.)     8vo.     Odessa  1889-1890.  The  Soci<  ty. 

Paris : — Soci6t6     Philomathique.        Table     G^n^rale    par    Noms 

d'Auteurs  des  Articles  contenus  dans  les  Series  des  Balletins 

1836  k  1888.     8vo.     FaHs  1890.  The  Society. 

Rostock: — Universitat.     Akademische   Schriften  au«  den  Jahren 

1887-1890.     8voand4to.     Bostuck,  Tke  University. 

T  ii  bi ngen : —  Universitat.     Inaugural-  Dissertationen      8\V^^nd  4 to . 

[Various  dates,  1848-1888.]  The  University. 
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Albert  de  Monaco  (Prince)  Sor  la  Faune  des  Eanx  Profondes  de  la 
Mediterran^e  an  large  de  Monaco.  4to.  Faris  1890.  With 
two  other  Pamphlets  in  8vo.  H.H.  Prince  Albert  of  Monaco. 

Burrows  (H.  W.),  C.  D.  Sherbom,  and  G.  Bailey.  The  Foraminifera 
of  the  Red  Chalk  of  Yorkshire,  Norfolk,  and  Lincolnshire.  Bvo. 
[London]  1890.  The  Authors. 

Caligny  (Marquis  de)  [A  series  of  Excerpts  on  Hydraulics,  &c. 
from  the  Bulletins  of  the  Academie  Boyale  de  Belgique, 
1889-1890.     8vo.     Bruxelles.']  The  Author. 

Chijs  (J.  A.  van  der)  Dagh-  Re^ster  gehouden  int  Casteel  Batavia, 
Anno  1661.     8vo.     Batavia  1889. 

Bataviaasch  Genootschap  van  Kunsten  en  Wetenschappen. 

Danckelman  (Dr.  von)  Beitrage  zur  Kenntniss  des  Elimas  de.s 
Deutschen  Tolgolandes  und  seiner  Nachbargebiete  an  der  GolH- 
und  Sklavenkiiste.     8vo.     Berlin  1890.  The  Author. 

Daubree  (M.),  For.  Mem.  R.S.  Experiences  sur  les  Deformations  que 
subit  TEnveloppe  Solide  d'une  Spheroide  Fluide,  soumis  4  dc  s 
Efforts  de  Contraction :  Applications  Possibles  aux  Dislocations 
du  Globe  Terrestre.     4to.     Baria  1890.  The  Author. 

Dawson  (G.  M.)  On  the  Later  Physiographical  Geology  of  the  Rocky 
Mountain  Region  in  Canada,  with  Special  Reference  to  Changes 
in  Elevation  and  the  History  of  the  Glacial  Period.  4to. 
[MonireaV]  1890.  The  Author. 

Deane  (Rev.  G.)  The  Future  of  Geology  [Presidential  Address  to 
Birmingham  Philosophical  Society].     8vo.     Birmimiham  1890. 

The  Author. 

Dieterici  (F.)  Alfarab!*s  Philosophische  Abhandlungen  aus  Londoner, 
Leidener  und  Berliner  Handischriften.     8vo.     Leiden  1890. 

The  Author. 
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February  26,  1891. 

Mr.  JOHN  EVANS,  D.C.L.,  LL.D.,  Treasurer  and  Vice-President, 

in  the  Chair. 

The  Preeents  received  were  laid  on  the  table,  and  thanks  ordered 
for  them. 

The  Croonian  Lecture  was  delivered  as  follows : — 

Croonian  Lecture. — **  On  the  Mammalian  Nervous  System ; 
its  Functions  and  their  Localisation  determined  by  an 
Electrical  Method.*'  By  Francis  Gotoh,  Hon.  M.A., 
Oxford,  and  Victor  Horsley,  F.R.S.,  B.S.,  &c.  (From  the 
Physiological  Laboratory,  Oxford.)   Received  February  26, 

(Abstract) 
1.  Introduction. 

In  the  '  Proceedings  of  the  Royal  Society,'  No.  273  (vol.  45,  1889, 
p.  18),  we  published  a  preliminary  account  of  some  of  the  experi- 
ments of  which  the  results  are  given  in  detail  in  our  fnll  paper. 

In  that  communication  we  stated  that  the  object  of  our  work  then 
was  to  endeavour  to  ascertain  the  character  of  the  excitatory  pro- 
cesses occurring  in  nerve  fibres  when  either  directly,  t.e.,  artificially, 
excited,  or  when  in  that  state  of  functional  activity  which  is  dae  to 
tlie  passages  of  impulses  along  them  from  the  central  apparatus.  The 
most  important  way  in  which  sach  a  method  could  be  applied  was, 
obviously,  one  which  would  involve  the  investigation  of  the  excita- 
tory changes  occurring  in  the  fibres  of  the  spinal  cord  when  the 
cortex  cerebri  is  stimulated.  We  must  at  once  assume  that  the  motor 
side  of  the  central  nervous  system  is  practically  divisible  into  three 
elements.  (1.)  Cortical  centres.  (2.)  Efferent  (pyramidal  tract) 
fibres^  leading  down  through  the  internal  capsule,  corona  radiata,  and 
spinal  cord.  (3.)  Bulho-spinal  centres  contained  in  the  medulla  and 
the  spinal  cord,  and  forming  the  well-known  nuclei  of  the  cranial  and 
also  of  the  spinal  motor  nerves. 

It  had  already  been  determined,  both  by  direct  observation  and  by 
tbe  graphic  method  (1),  that  certain  areas  of  the  cortex  were  con- 
nected with  definite  movements  of  various  parts  of  the  body,  and  (2) 
that  while  the  complete  discharge  of  the  cortical   apparatus   was 
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followed  by  a  very  definite  and  cbaracteristic  series  of  contractions  of 
the  muscles  in  special  relation  with  the  particular  point  excited,  the 
e£Fectual  removal  of  the  cortical  central  mechanism  and  subseqaent 
excitation  of  the  white  fibres  passing  down  through  the  internal  cap- 
sule, <&c.,  led  to  the  production  of  only  a  portion  of  the  effect  pre- 
viously obtained  from  the  uninjured  brain. 

This  method  of  observation  in  no  wise  showed  what  processes  were 
actually  occurring  in  the  spinal  and  other  nerve  fibres,  and  although 
the  ablation  of  the  cortical  centre  to  a  certain  degree  suggested  the 
extent  to  wli  \ch  the  cortex  acted,  nevertheless  it  did  not  afford  an 
exact  demonv  tration  of  the  same.  Moreover,  the  data  which  the 
graphic  method  furnished  were  precluded,  through  their  being  moscn- 
lar  records,  from  determining  what  share,  if  any,  the  lower  bnl bo- 
spinal  central  nerve  cells  took,  either  in  the  production  of  the  charac- 
teristic sequence  of  contractions  or  in  the  modification,  whether  in 
quality  or  in  force,  of  the  descending  nerve  impulses  during  their 
transit.  It  seemed  to  us  that  the  only  way  to  approach  this  subject 
would  be  to  get,  as  it  were,  between  the  cortex  aad  the  bulbo-spinal 
system  of  centres.  This  would  be  accomplished  if  some  means  were 
devised  of  ascertaining  the  character  of  the  excitatory  processes 
occurring  in  the  spinal  fibres  d  the  pyramidal  tract  when,  upon  exci- 
tation of  the  cortex,  nervous  impulses  were  discharged  from  cortical 
cells,  and  travelled  down  the  cord. 

The  question  as  to  the  extent  to  whicdi  it  is  possible  to  obtain 
physical  evidence  of  the  actual  presence  in  nerve  fibres  of  excitatory 
processes,  and  thus  to  arrive  at  reliable  data  for  the  eomparison  of  their 
amounts,  is  one  which  up  to  the  present  has  been  answered  only  indi- 
rectly,  and  that  in  two  ways :  first,  by  the  extensioft  of  Helmhoks*s 
classical  experiment  of  determiniiig  the  rate  of  transmiBflion,  and, 
{secondly,  by  observing  those  variations  in  the  electrical  state  of  nerve 
fibres  which  Du  Bois^Reymond  discovered  to  be  an  invariable  con- 
comitant of  the  excitatory  state.  As  will  subsequently  be  shown  in 
the  historical  retrospect,  it  is  well  known,  through  the  reseaix^hes  of 
Da  Bois-Reymond  and  others,  that  the  fibres  of  the  spinal  cord,  just 
as  nerve  fibie?  in  the  peripheral  tmnks,  are  characterised  by  showing, 
when  unexcited,  an  electrical  difference  between  their  longitudinal 
surface  and  cross  sections ;  and,  furthermore,  that  when  excited,  a 
well-marked  diminution  of  this  resisting  electrical  state  is  produced 
in  the  fibres  of  the  cord,  as  in  those  of  nerve  trunks.  Now,  since 
such  excitatory  variations  in  the  electrical  state  are  presumably  paral- 
lel in  time  and  amount  with  the  presence  in  the  nerve  of  the  series  of 
unknown  processes,  termed  excitatoiy,  which  a  series  of  stimuli 
evokes,  it  was  reasonable  to  presume  that,  if  the  cortex  were  din- 
charging  a  series  of  nerve-impulses  at  a  certain  rate  down  the 
nyramidal  tract,  there  woald  be  a  series  of  parallel  changes  in  the 


Digitized 


by  Google 


1891.]  On  the  Mammalian  Nervous  System,  237 

electrical  condition  of  the  fibres  in  the  cord  tract,  and  that,  -with  a 
suitable  apparatus  for  responding  to  such  changes,  these  might  be 
both  ascertained  and  recorded.  The  accomplishment  of  a  further 
purpose,  viz.,  the  localisation  of  both  paths  and  centres  by  ascertaining 
the  excitatory  electrical  efEects  in  relation  with  them,  was  one  of  the 
main  objects  we  had  in  view.  In  carrying  it  oat,  we  found  it  was 
uuneoessary  to  employ  the  electrometer,  and,  in  fact,  that  it  was  ad- 
vantageous to  use  the  galvanometer,  the  record  of  which  would  be 
more  easily  and  more  accurately  noted,  since  its  graduation  admits  of 
far  higher  magnification.  Moreover,  with  this  instrument  it  was 
possible,  by  employing  a  series  of  stimuli,  of  known  number  and 
duration,  to  obtain  quantitative  results*  of  definite  comparative  value, 
fts  will  be  shown  further  on ;  and  thus,  to  compare  both  the  size  of 
difEerent  central  paths  and  the  amount  of  nervous  energy  discharged 
along  the  same  path  from  different  sources. 

The  phm  upon  which  the  full  paper  is  framed  is,  first,  to  give  an 
historical  retrospect  of  the  work  of  authors  who  have  opened  up  the 
study  of  electrical  changes  in  the  central  and  peripheral  nervous 
uystem ;  second,  to  describe  at  length  our  mode  of  experimentation, 
with  special  ireference  to  the  modifications  which  we  have  intaroduced, 
then  to  compare  roughly  the  results  we  have  obtained  by  our  present 
method  with  those  which  bad  been  previously  ascertained  by  the 
graphic  method,  i^nd  so  introduce  the  description  of  the  facts  which 
we  have  discovered,  elucidating  the  physiology  of  the  spinal  cord,  both 
iu  ii»  relation  to  the  higher  centres  and  to  the  peripheral  nerves. 

2.  Experiment  FroceJure, 

The  observations  were  in  all  cases  made  on  etherised  animals  (cat 
and  monkey),  with  due  regard  to  the  special  infiuence  of  the  anaes- 
thetic. The  operative  procedure  was  so  designed  as  to  provide  for 
aiaitahle  ezpoBure  of  a  particular  region  ol  the  nervous  system  for 
excitation,  and  of  another  part  in  which  the  eleetromotive  changes 
evoked  by  the  stimulation  m^y  be  observed.  The  relative  parts  were 
as  follows  :— 

Part  exposed  for  Excitation..  Part  exposed  for  Observation. 

Brain  (cortex  and  corona  radiata). . .  •  and  spinal  cord. 

Do.  do.  do.  ...»  and  mixed  nerve. 

Spinal  cord and  spinal  cord. 

Do and  mixed  nerve. 

Mixed  nerve , and  spinal  cord. 

Spinal  roots do.         do. 

Posterior  roots and  mixed  nerve. 

The  excitation  was  either  electrical,  chemical  («.e.,  with  absinthe 
and  strychnine),  or  mechanical.     In  the  former  instance  the  duration 
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and  infensitj  were  specially  determined.  The  records  were  made  by 
a  Thomson  high -resistance  reflecting  galvanometer,  and  a  Lippmaun's 
mercnrial  capillary  electrometer. 

The  tissue,  whether  nerve  or  spinal  cord,  was  so  arranged  for  obser- 
vation as  to  be  always  suspended  in  the  air,  one  end  remaining  iu 
connexion  with  the  animal ;  consequently  any  error  due  to  current 
deviations  from  the  rest  of  the  body  could  only  have  a  slight  and 
unipolar  effect. 

3.  BcsHng  Electrical  Difference  between  the  Gut  Surface  of  the  Tissue 

and  its  Unipjured  Longitudinal  Surface, 

The  average  amounts  of  this  difference  in  the  tissues  observed  were 
as  follows : — 

Cat.  Monkey. 

Nerve  (69 cases),  OOl  Daniell  ...  (12  cases),  0005  Daniell. 
Koot  (6  cases),    0026       „       . . .  — 

Cord  (50  cases),  0*032      „       ...  (9  cases),  0*022       „ 

.  We  have  observed  that  the  cord  difference  is  greater  when  that  tissue 
is  in  connexion  with  the  higher  centres,  and  that  it  rises  after  each 
excitation.  An  important  fall  of  the  difference  is  to  be  remarked  in 
all  three  tissues  as  a  direct  result  of  systemic  death. 

4.  Electrical  Changes  in  the  Spinal  Cord  evoked  by  Excitation  of  the 

Cortex  Cerebri  and  Corona  Badiata. 

We  further  discuss  in  our  full  paper  the  following  points  additional 
to  those  described  in  our  previous  communication,  and  which  have 
resulted  from  the  observation  of  the  above  changes : — 

(a.)  Localisation  of  cortical  areas  of  representation  in  relation  to 
the  various  regions  of  the  cord. 

(b.)  Bilaterality  of  representation  in  the  central  nervous  system,  as 
evidenced  by  the  electrical  changes  in  the  two  halves  of  the 
spinal  cord,  consequent  upon  excitation  of  the  brain  or  cord. 

5.  Electrical  Changes  in  the  Spinal  Cord  when  Evoked  by  Direct  Excita- 

tion of  its  Fibres,  after  Severance  from  the  Encephalon. 

We  have  by  employment  of  this  method  ascertained  the  proportion- 
ate existence  of  direct  channels  in  the  various  columns  of  the  spinal 
cord,  our  design  embracing  the  quantitative  comparison  of  the  elec- 
trical changes  (and  so  indireictly  of  the  nerve  impulses)  which  are 
transmitted  as  a  result  of  minimal  excitation  of  the  fibres.  To  further 
control  our  observations  on  these  points,  we  have  also  determined  the 
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extent  of  interrnption  in  any  given  channel  by  intervening  sections  of 
the  same. 

As  an  extension  of  this  snbject,  we  have  investigated  the  concnrrent 
spread  of  nervons  inipnlses  to  collateral  paths,  and  probably  to 
centres,  when  this  farther  condition  is  introduced  by  increase  in  the 
stimnlns. 

The  above  results  have  been  obtained  in  the  case  of  both  ascending 
and  descending  impnlses. 

Among  other  general  conclusions  from  this  division  of  our  research 
are  the  following : — 

(1.)  High  degree  of  unilateral ity  of  I'epresentation  in  the  spinal 
cord. 

(2.)  Spread  of  impulses  from  one  posterior  column  to  another  and 
from  one  posterior  column  to  its  neighboaring  lateral  column  through 
centres. 


6.  The  Relation  of  the  Paths  and  of  the  Bulho-Spinal  Centres  in  the 
Spinal  Cord  to  the  Peripheral  Nerves  and  their  Boots, 

We  have  investigated  this  important  relationship  in  the  following 
modes : — 

(I.)  The  Electrical  Changes  in  the  Spinal  Cord  evoked  hy  Excitation 
of  a  Mixed  Nerve  or  its  Boots, — The  chief  conclusions  which  have  been 
deduced  from  the  results  of  these  experiments,  by  means  of  minimal 
excitation  and  the  employment  of  the  method  of  blocking  by  inter* 
vening  sections,  include  the  following : — 

(1.)  Complete  obstruction  offered  to  centripetal  impulses  reaching 
the  cord  by  the  central  end  of  the  anterior  root. 

(2.)  Mode  of  conduction,  direct  and  indirect,  in  the  cord  of  centri- 
petal impulses  passing  up  the  posterior  root. 

(3.)  Localisation  of  the  direct  path  of  afferent  impulses  in  the  pos- 
terior column  of  the  same  side  as  that  of  the  nerve  or  root  excited. 

(4.)  Localisation  of  the  indirect  path  of  afferent  impulses  in  the 
posterior  columns  of  the  same  and  the  opposite  side  and  the  lateral 
column  of  the  same  side  as  that  of  the  nerve  excited. 

(5.)  Proportionate  development  of  both  systems  of  paths  in  the  two 
sides  of  the  cord. 

Expressed  in  percentages  of  the  total  transmission,  this  proportion 
is  as  follows  : — 

Posterior  column  of  same  side  as  the  excited  nerve . .  •  60  p.  c. 

Lateral  column  of  same  side  as  the  excited  nerve 20     „ 

Posterior  column  of  opposite  side  to  the  excited  nerve  16     „ 
Lateral  column  of  opposite  side  to  the  excited  nerve . .        6     „ 

(IL)  The  Electrical  Changes  in  a  Mixed  Nerve  or  its  Boots  Pvoked  hy 
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Excitation  of  the  Spinal  Gord, — Whereas  in  the  foregoing  series  (I) 
we  dealt  only  with  ascending  impulses,  we  proceeded  to  investigate 
the  distribution  of  descending  impulses  by  observing  the  above-named 
changes  when  the  individual  columns  of  the  cord  are  excited  by 
minimal  and  later  with  more  intense  stimuli,  controlling  our  results 
by  the  method  of  intervening  sections. 

We  can  summarise  the  efEects  observed  as  follows : — 

(1.)  Marked  quantitative  diminution  suffered  by  impulses,  leaving 
the  spinal  cord  by  the  anterior  roots,  whether  originating  in  the 
cortex  cerebri,  corona  radiata,  or  the  lateral  columns  of  the  cord. 

(2.)  Localisation  of  direct  transmission  of  impulses  in  the  posterior 
column  and  passing  out  into  the  posterior  roots  of  the  same  side. 

(3.)  Proportionate  development  of  the  direct  and  indirect  paths  in 
the  individual  columns  of  the  cord,  passing  out  into  the  mixed  nerve 
of  the  one  side. 

(4.)  Effects  observed  in  the  posterior  roots  when  the  bolbo-spinal 
centres  are  excited  either  by  strychnine  or  electrically  (kinsesthesis). 

.  FincUly,  ths  chief  general  principles  elucidated  by  this  research  may 
he  stated  as  follows : — 

(1.)  Unilateral  character  of  the  representation  of  function  in  the 
paths  of  the  central  nervous  system. 

(2.)  The  physiologioal  characteristioa  of  the  regions  of  a  nerve 
centre :— * 

(a.)  The  kincesthetic  activity  of  the  afferent  region  of  the  centre. 
(6.)  The  obstruction  offered  by  the  efferent  region,  including  the 

field  of  conjunction,  to  the  transmission  of  impulses  through 

the  centre. 
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In  a  paper  read  before  the  Royal  Society  on  June  16,  1881, 
Professor  G.  H.  Darwin  stated :  "  It  is  difficult  to  conceive  i^ny  mode 
in  which  an  elastic  solid  can  rupture  except  by  shearing,  and  beni  e 
it  appears  that  the  greatest  shearing  stress  is  a  proper  measure  of 
the  tendency  to  break  "  (*  Phil.  Trans.,'  1882,  p.  99). 

In  this  paper,  I  have  recorded  the  results  of  some  experiments 
made  with  a  view  to  throwing  light  on  the  question  raised  by 
Professor  Darwin. 

The  experiments  were  conducted  in  the  mechanical  laboratory  at 
the  Royal  Indian  Engineering  College,  Cooper's  Hill,  the  machine 
used  being  a  hundred-tun  single  lever  hydraulic  testing  machine  by 
Messrs.  Buckton  &  Co.,  of  Leeds.  This  machine  is  fully  described  in 
Unwin's  *  Testing  of  Materials  of  Construction,'  p.  133. 

All  tension  experiments  were  performed  on  circular  specimens 
fitted  with  a  screw  tliread  at  each  end,  on  to  which  were  screwed 
steel  nuts  resting  in  spherical  seatings  to  ensure  directness  of  pull. 

The  shearing  experiments  were  conducted  on  specimens  screwed 
throughout  their  entire  length  into  three  steel  blocks,  and  tested  in 
double  shear,  i.e.,  the  two  outside  blocks  were  pulled  ip  the  opposite 
direction  to  the  inside  block — perpendicularly  to  tie  axis  of  the 
specimen,  and  the  bar  sheared  in  two  places  at  once. 

The  idea  ot  rupture  necessarily  implies  an  overcoming  of  resist- 
ance, if  the  power  of  steel  to  resist  rupture  under  tension  were  a 
constant  quantity,  the  conception  of  rupture  would  be  simple,  for 
we  should  only  have  to  increase  the  stress  up  to  the  required  amount, 
and  the  bar  would  break ;  but  the  resistance  to  rupture  appears  to 
be  a  function  of  the  amount  of  flov/  that  has  taken  place  (sec  experi- 
ments described  in  Table  II).  If  we  take  two  axes,  OX,  OY,  to  re- 
present respectively  the  elongation  per  unit  of  length,  and  the  stress 
per  unit  of  area  of  transverse  section  of  elongated  bar,  we  obtain  tlie 
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trae  Btress  strain  curve  OC  for  tbe  steel  of  which  the  bar  is  com- 
posed (fig.  3).  We  may  refer  to  the  same  axes  the  cnrve  AB 
showing  the  increase  in  the  resistance  to  mptnre  with  elongation 
per  nnit  of  length — and  when  AB  cuts  the  curve  OC  the  bar 
must  break,  t.e.,  when  the  stress  per  unit  of  area  of  transverse 
section  becomes  greater  than  the  breaking  stress  corresponding  to 
that  degree  of  elongation.  If  the  two  curves  do  not  meet,  the  bar 
will  continue  to  draw  out — as  is  the  case  with  lead. 

The  method  that  is  ordinarily  adopted  for  estimating  the  tensile 
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strength  of  a  metal,  viz.,  by  dividing  the  mazimnm  load  by  the 
original  area,  is  a  purely  conventional  method,  and  does  not  repre- 
sent any  real  stress  whatever;  it  simply  shows  what  load  would 
be  sustained  by  a  given  section  before  it  broke,  and  though  it  is  no 
doubt  a  useful  figure  for  engineers  to  know,  it  does  not  tell  us 
anything  about  the  actual  stress  at  fracture ;  this  can  only  be  arrived 
at  by  dividing  the  load  on  the  specimen  at  the  point  of  rupture  by 
the  contracted  area  measured  aft.er  the  speoimen  has  broken.  '  In 
this  paper,  the  breaking  stress  •will  always  be  measured  in  this  way, 
and  will  be  referred  to  as  the  "  true  tensile  strength  "  of  the  metal. 
This  is  what  M.  Gonsid^re  in  his  *  L'Bmploi  du  Fer  et  de  TAcier ' 
(Paris,  Dunod,  1886)  calls  ''  resistance  de  atriction." 

It  is  well  known  that  when  a  bar  is  subjected  to  tension — the  stress 
not  being  uniformly  distributed,  as,  for  instance,  when  the  pull  is  not 
central — the  mean  stress  borne  by  the  bar  at  rupture  is  less  than  it 
would  be  if  the  stress  had  been  uniformly  distributed. 

It  is  stated  in  Thomson  and  Tait's  '  Natural  Philosophy,'  Part  II, 
p.  258,  that  "  a  solid  of  any  elastic  substance,  isotropic  or  sBolotropic 

experiences  infinite  stress  and  strain  in  the  neighbourhood 

of  a  re-entrant  edge  or  angle,  when  influenced  by  any  distribution  of 
force,  exclusive  of  surface  tractions  infinitely  near  the  angles, or 
edges  in  question." 

Three  steel  bars,  numbered  829,  830,  and  831,  were  taken  and  cut 
in  three  pieces ;  one  piece  was  tested  plain,  and  the  second  piece 
with  a  ^'groove  turned  on  it  (see  ^g.  1).  The  tool  cutting  the 
V-gi'oove  was  made  with  its  cutting  edges  at  about  90^,  and  ike 
point  as  fine  as  possible.  The  results  are  given  in  Table  I.  It  is 
clear  that  the  ^-groove  is  very  prejudicial.  For  the  same  reason  a 
^'groove  with  a  rounded  angle  must  be  prejudicial,  though  not  to  such 
an  exticht,  since  the  distribution  of  stress  is  more  uniform.  Specimen 
No.  834  was  cut  in  three  pieces  and  tested,  one  plain  and  one  with  a 
groove  of  the  same  shape  as  Nos.  829,  830,  831,  but  with  the  point 
of  the  cutting  tool  just  rounded  ofE.  The  strength  of  the  grooved 
bar  is  now  0*95  of  the  plain.  Similarly,  with  specimens  822  and  50, 
the  grooved  pieces  have  strengths  of  84  and  89  respectively.  These 
experiments  show  that  the  mean  stress  at  rupture  diminishes  as  the 
angle  of  the  groove  becomes  more  acute. 

When,  however,  we  come  to  test  specimens  with  a  groove  as  in 
fig.  2,  we  find  that  they  are  stronger  than  the  plain  specimens. 

Table  I  gives  the  results  of  such  experiments  on  seven  steel  bars 
(including  the  four  already  mentioned).  Each  bar  was  cut  in  three 
pieces. 

The  plain  bar  was  tested  first,  and  the  groove  then  cut  in  the 
second  piece  to  the  same  diameter  as  the  contracted  area  in  the  plain 
piece,  so  as  to  secure  as  much  as  possible  similarity  of  conditions. 
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Table  I. 


Laboratory 
No. 

0. 

V. 

U. 

Oi. 

Vi. 

Ui. 

0. 

829 

73-5 

63  1 

83-2 

100 

72 

113 

53-2 

830 

78-4 

57-8 

87  0 

100 

79 

119 

60-5 

831 

70-4 

68  0 

84-6 

100 

82 

120 

60  0 

834 

69-5 

66  •7§ 

6a  0 

100 

95 

106 

62-4 

822 

70  0 

58 -SI 

77-5 

100 

84 

111 

52-6 

439 

60-6 

— 

74-5 

100 

— 

123 

36-4 

60 

68 -1 

53  •7§ 

69-4 

100 

89 

119 

61-4 

O,  Y,  IT  are  the  tensile  strengths  of  the  plain,  y-grooTed,  and  (J -grooved  bars 
respectiyelj  in  tons  per  square  inch.    O],  Yi,  Ui  the  same,  taking  that  of  O  as  100. 
c  is  the  percentage  contraction  of  area  of  the  plain  bar. 
Fig.  1  shows  the  dimensions  of  the  V-gruove  adopted  in  all  cases,  except  in 
822] 
Nos.  834  y  §,  where  the  comer  was  just  rounded  off  bj  the  cutting  tool. 
60j 
Fig.  2  shows  dimension  of  the  (J -groove. 

It  will  be  seen  that  in  every  ease  the  y -grooved  specimen  is 
stronger  than  the  plain,  the  average  superiority  being  16  per 
cent. 

The  efEect  of  the  U  ■groove  by  itself  in  producing  non-uniformity 
of  stress — as  in  the  ^-gtooYe — would  tend  to  make  the  U -grooved 
bar  break  at  a  lower  stress  than  the  plain  bar,  where  the  stress  must 
be  very  nearly  uniformly  distributed,  but,  in  spite  of  this  prejudicial 
action,  the  (J -grooved  bar  is  the  stronger. 

This  phenomenon  is  quite  distinct  from  that  mentioned  by  many 
writers,  who  have  pointed  out  that  a  grooved  specimen  is  stronger 
than  a  plain  specimen  of  the  same  material — the  stresses  being 
reckoned  in  the  conventional  manner,  viz.,  maximum  load  divided  by 
original  area  (r/.  Unwin,  'Testing  of  Materials  of  Construction,' 
p.  82,  and  Burr,  '  Elasticity  and  Resistance  of  Materials  of  Engineer- 
ing,'p.  230). 

The  reason  of  this  is  that  the  so-called  tensile  strength  depends  on 
the  amount  of  drawing  out  before  local  contraction  begins,  and  since 
in  a  plain  bar  the  general  contraction  of  area  may  be  considerable, 
the  actual  load  on  the  specimen,  at  the  maximum,  is  much  smaller 
than  on  a  bar  of  the  same  metal  in  which  the  drawing  out  is  suppressed 
— owing  to  the  groove. 

In  the  experiments  quoted  above,  I  have  discounted  altogether  the 
contraction  of  area,  and  considered  only  the  actual  stress  on  the 
section  at  rupture. 

It  is  possible  that  in  some  cases  the  metal  at  the  groove  is  stronger 
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than  at  any  other  point  in  the  bar ;  this  wonld  tell  in  its  favour 
against  a  plain  bar  which  is  free  to  break  at  the  weakest  spot.  The 
steel  on  which  these  experiments  were  condncted  was  very  homo- 
geneoDS,  and  the  variation  of  strength  within  a  short  distance  on  the 
same  bar  wonld  not  be  more  than  4  or  6  per  cent.,  so  this  would 
scarcely  acconnt  for  the  phenomena. 

On  the  other  hand,  a  grooved  specimen  is  at  a  disadvantage  when 
compared  with  a  plain  specimen  for  four  reasons  : — 

(i)  The  stress  is  much  more  nnevenly  distributed  over  the  least 
section  in  the  grooved  bar  than  in  the  plain. 

(ii)  If  the  pull  is  not  exactly  parallel  to  the  axis  of  the  bar,  bending 
stresses  are  induced,  which  are  very  prejudicial  in  the  grooved  bar, 
whereas  their  effect  is  largely  neutralised  in  the  plain  bar  by  the 
ready  flow  of  the  metal.* 

(iii)  The  load  at  rupture  can  be  observed  with  accuracy  in  testing 
the  grooved*  bar,  for  it  breaks  off  short,  and  the  required  load  is  also 
the  maximum  load.  In  testing  the  plain  bar,  however,  in  con- 
sequence of  the  very  rapid  contraction  of  area  immediately  before 
rupture,  the  load  has  to  be  reduced,  in  order  to  keep  the  lever  hori- 
zontal ;  sometimes  the  load  cannot  be  run  back  quick  enough,  and  the 
bar  may  break  while  the  lever  is  resting  on  the  bottom  stop,  so  that 
too  high  a  load  may  be  observed  as  the  load  of  rupture ;  this  would 
tend  to  give  a  higher  breaking  stress  in  the  plain  bar  than  was 
actually  the  case.* 

(iv)  The  grooved  bar  has  a  crystalline  fracture.  The  plain  bar 
has  a  silky  fracture.  Experiments  will  be  quoted  later  on  to  show 
that  the  ultimate  resistance  to  rupture  is  less,  the  more  crystalline  is 
the  steel  at  the  moment  of  rupture. 

Careful  measurements  have  been  made  of  the  test  piece  No.  831 
(the  others  being  very  similar),  to  ascertain  the  least  area  of  all 
planes  passing  through  any  point  in  the  narrowest  section  at  45°  to 
the  axis  (i)  in  the  grooved  bar,  (ii)  in  the  plain  bar ;  the  section  of 
these  planes  is  shown  at  ah  in  fig.  4 ;  the  diameter  at  the  narrowest 
section  was  the  same  in  both  specimens.  The  ratio  of  the  area  of 
this  plane  in  the  grooved  bar  to  that  in  the  plain  was  found  to  be 
183  :  100. 

If,  now,  rupture  is  an  overcoming  of  a  resistance  to  shearing,  the 
grooved  bar  ought  to  be  stronger  than  the  plain  in  the  ratio  of 
183  to  100,  other  things  being  the  same  in  both  bars. 

For  the  resistance  to  shearing,  at  rupture,  will  be  the  resistance  of 
aU  the  planes  similar  to  those  shown  in  the  figures,  equally  inclined 
to  the  axis,  and  if  the  area  of  any  one  of  these  planes  in  the  gprooved 

•  This  IB  only  stated  as  a  possible  source  of  error ;  no  result  was  accepted  if  there 
was  any  suspicion  of  its  being  thus  influenced. 
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Fig.  4. 


bar  is  183/100  of  any  one  in  the  plain,  tbe  resistances  of  all  the  planes 
will  be  in  the  same  ratio.* 

In  this  specimen  (No.  831),  the  ratio  of  the  tme  breaking  stresses 
is  actually  120  :  100.  But  there  are  fonr  causes  tending  to  reduce 
the  strength  of  the  grooved  specimen,  as  has  been  shown  above,  viz. : — 
The  non-uniformity  of  stress,  the  possibility  of  a  pull  not  perfectly 
longitudinal,  the  danger  of  observing  too  high  a  load  on  the  plain 
specimen,  and,  lastly,  the  crystalline  nature  of  the  steel  at  fracture  in 
the  grooved  specimen. 

*  This  asftumeB  that  the  shearing  stress  is  uniform  oyer  both  of  these  oblique 
planes ;  the  probability  of  this  supposition  is  discussed  in  a  paper  on  "  The  Distri- 
bution of  Flow  in  a  Strained  Elastic  Solid/'  published  in  the  'Philosophical 
Magazine/  for  June,  1890. 
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All  these  causes  tend  to  reduce  the  superiority  of  the  grooved  bar ; 
the  effect  of  the  non-uniformity  of  stress  is,  no  doubt,  the  greatest ; 
in  fact,  as  has  been  shown,  if  the  groove  is  of  \/'^^^P®)  ^^^^  causes 
the  plain  bar  to  be  the  strongest,  so  that  it  is  quite  conceivable 
that  the  non -uniformity  of  stress  in  the  U -grooved  bar,  with  other 
causes  mentioned,  might  reduce  the  strength  from  180  :  100  to 
120  :  lOO  of  the  plain  bar. 

The  following  are  the  experiments  referred  to,  in  order  to  prove 
that  the  ultimate  resistance  of  steel  to  shearing  diminishes  inversely 
with  the  drawing  out : — 

Six  pieces  of  the  same  steel  bar  were  taken  and  drawn  out  under 
tension  to  varying  percentages  of  their  length ;  they  were  then  pre- 
pared as  shearing  specimens,  as  explained  above,  and  tested  in  double 
shear,  with  the  following  results  : — 

Table  II. 


Bar.  No. 

Extension 

Oont.  of  area 

Area  of  section 

Shearing  stress 

per  cent. 

per  cent. 

sheared. 

at  rupture. 

sq.  in. 

tons  per  sq.  in. 

1 

0-0 

0  0 

0-317 

20-50 

2 

5  0 

4-8 

0-322 

20- 10 

3 

10  0 

91 

it 

20-21 

4 

15  0 

13  0 

11 

21-77 

6 

20  0 

1^-6 

11 

22-12 

6 

20-2 

16-7 

11 

22-37 

Thus  the  ultimate  resistance  to  shearing  increases  with  the  drawing 
out.  Taking  the  contraction  of  area  as  a  measure  of  the  flow,  No.  831 
specimen  contracted  50  per  cent,  on  the  plain  bar  and  28*1  per  cent, 
on  the  (J -grooved  bar,  so  that  the  former  would  be  at  an  advantage, 
compared  with  the  latter,  in  this  respect. 

It  appears,  then,  that  the  load  that  can  be  borne  by  a  given  section 
of  steel  without  rupture  can  be  increased  by  thickening  the  bar 
above  and  below  the  section  in  question,  though,  if  the  angle  of  the 
groove  be  too  acute,  the  reverse  is  the  effect.  But  the  prejudicial 
action  of  a  groove,  owing  to  non-uniformity  of  stress  produced,  is  the 
same  in  a  JJ"  ^^  ^-gTOOve^  and  differs  only  in  amount,  so  that  the 
U -groove,  by  itself,  could  not  strengthen  the  bar,  but  must  weaken 
it ;  yet  in  spite  of  this,  the  [J  -grooved  bar  is  stronger  than  the  plain 
bar.  The  increase  of  strength,  then,  must  be  due  to  the  added 
material ;  but  in  no  way  bould  such  added  material  strengthen  such  a 
section,  and  enable  it  to  stand  a  greater  load,  if  rupture  is  produced 
by  a  certain  intensity  of  tensile  stress ;  we  cannot  diminish  the  mean 
stress  on  the  section  by  thickening  the  bar  above  and  below  ;  on  the 
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contrary,  we  increase  the  stresH  over  part  of  the  section,  and  it  is  the 
maximum  stress  that  we  have  to  reckon  with,  for  the  bar  will  begin 
breaking  there  and  tear  across. 

There  is  no  donbt  that  the  added  material  increases  the  resistance 
to  shearing,  and  I  am,  therefore,  led  to  the  conclnsion  that  it  is  this 
increased  resistance  to  shearing  that  causes  the  increase  in  strength ; 
in  other  words,  by  adding  material  above  and  below  the  section,  the 
shearing  stress  for  elements  lying  in  the  section  is  certainly  reduced, 
and,  at  the  same  time,  the  strength  is  certainly  increased,  the  conclu- 
sion drawn  being  that  the  true  measure  of  the  tendency  to  break  is  the 
greatest  shearing  stress. 

The  fact  that  longitudinal  tension  is  equivalent  to  a  uniform  dilating 
tension  and  a  shearing  stress,  and  that  by  the  means  above  described 
we  can  diminish  the  latter,  without  altering  the  former,  and  thereby 
strengthen  the  bar,  are  strong  reasons  for  supposing  that  Professor 
Darwin's  statement  is  correct,  and  that  it  is  the  shearing  stress  pro- 
duced by  longitudinal  stress  that  causes  rupture. 

If  it  be  true  that  the  rupture  of  a  steel  bar  under  tension  is 
determined  by  the  greatest  shearing  stress,  we  should  expect  to  find 
that  a  definite  relation  existed  between  the  uitimat*e  resistance  to 
direct  shearing  and  the  same  to  direct  tension. 

Much  has  been  written  about  the  relation  of  these  two  resistances, 
but  the  conclusions  drawn  are  very  misleading,  since  the  tenidle 
strength  considered  has  l)een  that  calculated  in  the  conventional 
mamier,  which  has,  as  has  been  shown,  no  real  significance  and  is  no 
real  stress. 

By  a  well  known  theorem,  the  greatest  shearing  stress  is  equal  to 
one-half  the  longitudinal  stress ;  we  should  then  expect  to  find  that 
one-half  the  true  tensile  stress  at  rupture  was  equal  to  the  stress  at 
inipture  in  a  shearing  experiment  on  a  piece  of  the  same  steel. 

If  the  steel  be  soft,  it  will  contract  locally  before  breaking ;  hence 
the  greatest  shearing  stress  will  be  less  than  half  the  longitudinal 
stress  in  the  ratio  of  the  sections  of  a  cylindrical  and  contracted  bar, 
cut  by  planes  parallel  to  dc  and  ab  (fig.  5)  respectively,  the  two  bars 
having  the  same  cross  section  at  coe  ;  in  other  words,  in  the  ratio  of 
\/2  (area  across  coe)  to  (area  across  ao6),  where  boe  =  46*.  If  this 
I'atio  be  called  0,  and  the  true  tensile  stress  at  rupture  be  j>,  the 
shearing  stress  at  rupture  in  a  shearing  experiment  should  be  equal 
to^p^. 

Table  III  gives  the  resuls  of  some  experiment's  made  to  investigate 
this  question.  The  tensile  and  shearing  experiments  were  made 
respectively  on  pieces  of  steel  cut  from  the  same  bar ;  the  former  were 
made  on  circular  specimens  screwed  at  each  end,  and  resting  on  nuts 
bearing  on  spherical  seatings ;  the  shearing  specimens  were  screwed 
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along  their  entire  lengths,  and  tested  in  doable  shear  in  screwed  steel 
blocks  to  eliminate  bending. 

The  3rd  column  gives   ft^i,   the  original   section  of   the  tension 
specimen ;  the  4th  gives  c,  the  percentage  contraction  of  area  in  the 


Table  III. 


Labora- 
tory No. 

Original 
Dimensioiu. 

CUj. 

c. 

IP' 

9, 

ip9. 

«j. 

«. 

801 

ir  X  If 

0B42 

48-7 

82-5 

0*88 

28 '6 

0-805 

28-7 

900 

ft 

0-628 

46-8 

32-8 

0-87 

28-5 

1021 

30-1 

42 

I'' round 

0-400 

61-7 

26-2 

0-81 

21-2 

0-322 

22-71 
22-4/ 

48 

r* 

0-889 

64*0 

27*9 

0-79 

22-0 

0-822 

970« 

» 

0*881 

54  1 

87-1 

0-81 

80-0 

0-322 

31-21 
31*0/ 

970d 

» 

0-386 

53-4 

36-3 

0  83 

30  1 

0-322 

898a 

)) 

0*384 

58-1 

87-9 

0-88 

31*5 

0-312 

81 -81 
81-2/ 

8986 

ft 

0*884 

50 '6 

87-6 

0-88 

81-2 

0-312 

198 

9* 

0-348 

88  9 

81-2 

0-93 

29-0 

0-322 

80-6 

199 

it 

0-348 

50-6 

34-2     0*86 

29-3 

0-322 

28-6 

40 

li' round 

0-640 

56-5 

22-1     0-82 

18*1 

1021 

18*8 

[^Note. — Those  bracketed  together  are  from  the  same  bar.  Nob.  198  and  199 
each  giye  the  mean  of  two  experiments  on  the  same  bar.  Nob.  801,  900,  970a  and  &, 
898a  and  6,  198,  and  199  are  from  steel  bars  prepared  by  the  Patent  Nut  and 
Bolt  Company,  the  steel  being  made  by  the  Barrow  Steel  Company.  Nos.  42  and 
43  are  from  bars  of  soft  crucible  steel  manufactured  by  Messrs.  Oeboru  at  the 
Clyde  Steel  Works,  Sheffield.    No.  49  is  from  a  bar  of  Lowmoor  iron.] 
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tension  experiment ;  the  5th  gives  half  the  true  tensile  stress ;  the 
6th  gives  the  values  of  9,  deduced  by  measurement  in  each  case ;  the 
7th  gives  ^'pO ;  the  8th  gives  w%,  the  area  of  tlie  specimen  in  the 
shearing  experiment ;  and  the  9th  column  gives  *,  the  intensity  of 
shearing  stress  at  rupture  in  the  shearing  experiment. 

It  will  be  seen  that  in  every  case  \'p9  is  very  nearly  equal  to  *,  t.e. 
the  shearing  stress  at  rupture  in  a  tensile  experiment  is  very  nearly 
equal  to  the  ultimate  resistance  to  shearing  in  a  pure  shearing  experi- 
ment. 

There  are,  however,  two  points  to  be  considered  before  accepting 
the  result  of  these  experiments. 

The  distribution  of  stress  over  the  section  of  rupture  in  the  tensioii 
experiment  has  been  assumed  constant,  whereas  it  is  not  actually  so. 
I  find,  by  actual  measurement,  that  the  area  of  a  plane  section  at  45^ 
to  the  axis  passing  through  the  centre  of  the  narrowed  section  bears 
to  the  area  of  a  parallel  plane  passing  through  a  point  on  the  circum- 
ference, the  ratio  of  100  to  108,  in  a  bar  which  has  contracted  50  per 
cent.,  so  that  the  shearing  stress  is  rather  greater  at  the  centre,  and 
hence  the  value  of  |jp,  given  above,  is  too  small  by  about  4  per 
cent. 

On  the  other  hand,  it  has  been  pointed  out  to  me  by  Professor 
Darwin  that  the  distribution  of  stress  in  the  shearing  experiment  is 
probably  not  uniform,  being  greater  in  the  neighbourhood  of  the 
application  of  the  stress. 

Experiments  were  made  with  two  pieces  of  Lowmoor  iron,  cut  off  the 
same  bar,  and  prepared  as  shearing  specimens  in  the  ordinary  vray, 
and  tested  in  double  shear,  one  with  an  area  to  be  sheared  of  twice 
1'039  square  inch,  and  the  other  of  twice  0*322  square  inch.  The 
result  was  as  follows :  Large  section,  shearing  stress  at  rupture — (i) 
18'7,  (ii)  18*9;  mean,  18*8  tons  per  square  inch.  Small  section, 
stress  at  rupture — (i)  20*  1,  (ii)  20*6  ;  mean  20*35.  Giving  the  latter 
as  8*2  per  cent,  stronger  than  the  former.  The  smaller  the  section  the 
more  uniform  will  be  the  stress,  and  with  the  small  section  employed 
in  the  experiments  quoted  in  Table  III  the  stress  is  probably  nearly 
uniform. 

It  would  seem,  then,  that  the  possible  errors  due  to  the  unequal 
distribution  of  stress  in  the  tensile  and  shearing  experiments  would 
nearly  balance  one  another,  and  that  we  may  regard  these  results  as 
tending  to  confirm  the  theory  that  the  greatest  shearing  stress  is  the 
proper  measure  of  the  tendency  to  break.* 

*  I  have  made  experunents  of  a  similar  kind  on  cast  iron.  Great  oare  was  taken  in 
casting  to  secure  uniformity,  by  casting  the  bars  upright  and  cutting  off  the  spongy 
top ;  they  were  cast  with  two  heads  which  were  turned  to  fit  spherical  seatings. 
The  shearing  specimens  were  cut  off  bars  from  the  same  cast.  The  bars  in  tension 
were  10  inches  long  between  the  shoulders,  and  turned  throughout  their  length. 
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It  will  now  be  necessary  to  enquire  how  far  the  appearance  of  the 
fracture  of  a  steel  bar  affords  evidence  of  its  having  broken  by 
shearing. 

In  a  bar  of  circular  section  and  uniform  thickness  throughout  its 
length,  every  plane  at  45°  to  the  axis  opposes  an  equal  resistance  to 
the  tangential  stress  caused  by  direct  tension.  Hence,  there  is  no 
one  plane  or  planes  along  which  the  bar  would  be  more  ready  to 
break  by  shearing  than  along  any  other  plane,  provided  that  the 
material  was  of  uniform  strength  throughout.  If,  however,  the  bar 
be  gradually  thinned  at  a  certain  point,  this  will  no  longer  be  the  case  ; 
it  has  been  shown  on  p.  252,  that  the  area  of  a  plane  at  45°  to  the 
axis  passing  throagh  the  centre  of  the  narrowed  section  is  less  than 
the  area  of  a  plane  passing  through  any  other  point  in  that  section  ; 
hence,  there  will  be  a  surface  formed  by  a  complete  cone  of  45",  with 
apex  at  the  centre  of  the  narrowed  section,  which  will  oppose  a  less 
resistance  to  rupture  by  shearing  than  any  other  similar  cone  with 
apex  at  any  other  point.  This  cone  is  shown  in  section  in  fig.  G  at 
gof — aob.  We  should  then  expect  to  find  rupture  result  in  a  fracture 
formed  by  a  cone  and  crater,  or,  since  there  is  nothing  to  determine 
along  which  part  of  the  cone  rupture  will  take  place,  we  may  expect 
to  find  the  cone  irregularly  broken  up,  part  on  one  end,  and  part  on 
the  other. 

This  narrowing  of  girth  at  one  point  always  accompanies  the 
rupture  of  soft  steel,  and  we  invariably  find  such  a  cone  and  crater  ; 
figs.  5  and  6,  Plate  2,  and  6  and  7,  Plate  3,  are  good  examples. 

{^Note, — The  rupture  of  cast  iron  in  compression  by  shearing  is  of 
course  well  known.  Fig.  2,  Plate  2,  shows  the  cone  of  shearing  very 
well.] 

In  flat  bars  of  soft  steel,  this  shearing  action  is  still  more  marked. 
Here  the  surface  of  the  least  resistance  is  a  plane  at  45**  to  the  axis 
and  making  90**  with  the  thin  side  of  the  bar ;  it  is  evident  that  in  a 
bar  whose  width  is  considerable  compared  with  its  thickness,  and 
which  has  suffered  considerable  local  contraction,  this  plane  has  the 
least  area  of  all  planes  at  45**  to  the  axis  passing  through  any  point  in 

Sectional  Breaking  BtresB. 

area.  Tons  per  sq.  inch.         Mean  ditto. 

m      .  rl*^7  10-40  ,^^^ 

Tenaon....  |Q.gQ^j  ^^.^  1040 

„,       .  r  0-317  6-14 

Shearing...  1^.32^  478  ^'^ 

The  ratio  of  the  former  to  the  latter  breaking  stresB  being  1*9. 

The  mean  crushing  stress  was  41*5  tons  per  square  inch ;  diameter  of  specimen, 
0*875  inch ;  length,  1*6  inch. 

In  the  '  Proceedings  of  the  Institution  of  Ciyil  Engineers,'  toI.  90,  p.  406,  Messrs. 
Piatt  and  Hayward  gire  results  of  shearing  and  tensile  teste  of  oast  iron,  from  which 
it  appears  that  the  ratio  of  the  breaking  stresses  is  2*2. 
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tbe  contracted  section.  The  result  is,  tbat  in  flat  bars  of  soft  steel 
the  fracture  is  almost  invariably  as  shown  in  figs.  4  and  5, 
Plate  3.  Fig.  8,  Plate  3,  shows  a  flat  bar  of  soft  steel  just 
about  to  rupture  by  shearing  along  a  plane  X  ^^®  width  of  the  bar 
— resulting  no  doubt  from  an  accidental  weakness  in  that  direction. 

In  the  cases  considered  above,  the  steel  has  been  of  snflBcientlj 
uniform  quality  to  allow  of  the  fracture  taking  place  over  a  surface 
of  least  resistance  to  shearing  ;  but,  unless  this  condition  be  fulfilled, 
the  form  of  the  fracture  will  be  quite  different. 

Figs.  7  and  8,  Plate  2,  show  the  fracture  of  a  brass  bar  where 
the  plane  of  least  resistance  to  shearing  has  been  determined  by  a 
punch  mark  (opposite  the  arrow)  on  the  surface.  Fig.  I,  Plate  2,  shows 
a  steel  bar  where  the  apex  of  the  cone  is  at  the  circumference, 
owing  to  the  presence  of  a  weak  spot  there. 

Every  fracture  is  caused  by  the  presence  of  a  more  or  less  well 
defined  weak  spot;  the  stress  is  greatest  at  this  spot,  and  the  material 
tends  to  tear  in  a  plane  J.  the  axis  passing  through  this  spot.  This 
tearing  action  can  be  observed  by  drilling  a  small  hole  in  a  steel 
plate,  and  straining  it.  The  plate  pinches  in  near  the  hole,  and 
gives  way  first  on  each  side  of  the  hole,  and  then  tears  right  across. 
The  experiment  may  be  stopped  before  the  tear  has  reached  the 
sides. 

When  the  steel  is  hard,  this  tearing  continues  in  the  plane  in 
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which  it  oommenoed,  i.e.,  perpendicalar  to  the  axis ;  but  when  the 
steel  is  soft,  the  plane  of  the  tear  gradoally  tilts  over  and  coincides 
with  the  surface  of  least  resistance  to  shearing,  i.e,j  becomes  inclined 
at  45*"  to  the  axis. 

Now,  at  rapture,  an  originally  soft  bar  is  harder  in  the  centre  of 
the  narrowed  section  than  at  the  circumference,  where  the  drawing 
out  has  been  less ;  hence,  fracture  commences  at  the  centre  perpen- 
dicular to  the  axis,  and  tears  outwards  until  it  reaches  the  softer 
material,  when  it  will  continue  along  a  surface  of  least  resistance  to 
shearing,  «.6.,  along  a  surface  formed  by  the  intersection  of  two  cones. 
Hence,  we  find  the  fracture  of  a  soft  steel  bar  consisting  of  a  crater 
with  a  more  or  less  extended  base ;  see  figs.  5  and  6,  Plate  2,  and  6 
and  7,  Plate  3. 

The  harder  the  steel,  at  the  outset,  the  broader  will  be  the  base  of 
the  crater,  until,  in  yery  hard  steels,  there  is  only  a  rim  or  crown  left 
round  the  edge ;  and  in  the  hardest  steels  all  trace  of  the  surface  of 
least  resistance  to  shearing  disappears. 

[Note. — I  have  employed  the  term  "  hard  "  in  the  sense  usually 
understood,  i.e,j  where  the  **  hardness  "  is  measured  by  the  value  of 
the  limit  of  elastic  resistance.] 


"Photometric  Observations  of  the  Sun  and  Sky."  By 
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1.  In  the  publications  of  the  Society  from  1869  to  1870,  many  com- 
munications by  Sir  Henry  Roscoe  on  this  subject  will  be  found.  Of 
these,  the  most  important  bearing  directly  on  my  observations 
are — 

a.  Bunsen  and  Roscoe,  ''  On  the  Direct  Measurement  of  the 
Chemical  Action  of  Sunlight,"  in  *Phil.  Trans.,'  1863,  pp.  139-160. 

It  is  proved,  inter  alia^  that  equal  shades  are  produced  in  photo- 
graphically sensitised  paper  by  equal  products  of  intensity  of  light 
X  time  of  insolation.  The  preparation  of  a  photographic  paper  which 
shall  always  possess  the  same  degree  of  sensitiveness  is  carefully 
described. 

h.  Roscoe,  "On  a  Method  of  Meteorological  Registration  of  the 
Chemical  Action  of  Total  Daylight,"  in  *  Phil.  Trans.,'  1866,  pp.  605- 
681  [Bakerian  Lecture]. 

The  la^  is  stated,  inter  alia,  that  light  of  intensity  60  acting  for 
1  second  has  the  same  effect  as  light  of  intensity  1  acting  for 
60  seconds. 

The  mechanical  arrangement  for  exposing  the  paper  horizontal, 
or  by  the  aid  of  a  vertical  drum,  is  explained. 
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Tables  are  added  of  half-hoarlj  readings  at  Manchester,  giving 
general  actinic  effects  for  different  seasons  of  the  year,  &c. 

c,  Boscoe  and  Baxendell^  "  On  the  Kelative  Chemical  Intensities  of 
direct  Sunlight  and  diffuse  Daylight  at  different  Aititades  of  the  Son,** 
in  *Roy.  Soc.  Proc.,'  vol,  16,  1866-67,  pp.  20-24. 

Bj  *'  total  daylight "  is  meant  the  whole  resultant  action  of  the 
Sun  and  sky  on  paper  exposed  horizontally. 

By  *'  diffuse  daylight "  is  meant  the  same  action  when  the  Sun  was 
stopped  out. 

The  '*  direct  sunlight "  was  taken  as  the  difference  between  these 
two  ;  it  does  not  appear  to  have  been  observed  directly. 

d,  Boscoe, ''  On  the  Chemical  Intensity  of  Total  Daylight  at  Kew 
and  Pard,"  in  *  Phil.  Trans.,'  1867,  pp.  555-570. 

e,  Boscoe  and  Thorpe,  "  On  the  Belation  between  the  Sun's  Alti- 
tude and  the  Chemical  Intensity  of  Total  Daylight  in  a  Cloudless 
Sky,"  in  *Phil.  Trans.',  1870,  pp.  309-316. 

2.  My  observations  made  at  Dacca,  in  1861-1866  (repeated  at 
Milverton,  in.  Somersetshire,  during  the  last  year),  were  made  in 
entire  ignorance  of  the  work  of  Sir  H.  Boscoe ;  his  results,  therefore, 
so  far  as  they  agree  with  mine,  afford  an  independent  support  to  my 
theory.  My  experiments  have  been  directed  largely  to  ascertaining 
the  laws  of  the  distribution  of  the  actinic  power  in  the  sky,  and  thus 
the  work  of  Sir  H.  Boscoe  overlaps  mine  at  particular  points  only. 
So  also  Boscoe  has  taken  numerous  observations  of  the  sky  more  or 
less  clouded ;  I  take  no  observation  except  when  the  sky  is  clear,  as  I 
find  even  a  very  slight  haze  to  produce  large  differences  in  the 
measurements,  and  to  bring  into  the  numerical  results  complications 
that  I  have  not  at  present  attempted  to  deal  with. 

3.  The  method  of  measurement  I  adopted,  is  the  darkening  pro- 
duced in  sensitised  photographic  paper;  for  this  effect  I  accept 
Boscoe's  term  of  **  the  chemical  action."  My  method  of  measurement 
differs  from  that  of  Boscoe  in  one  important  point :  I  use  strips  cut 
from  one  uniform  sheet  of  ordinary  photographic  paper;  all  my 
measurements  are  so  far  relative,  and  I  obtain  the  same  numerical 
results  (ratios)  with  any  paper.  I  compare  ultimately  the  effect  of 
the  Sun  and  of  a  candle  on  this  same  paper*  Boscoe,  by  preparing 
special  paper  with  definite  proportions  of  nitrate  of  silver,  Ac., 
depends  on  thus  reproducing  paper  of  exactly  the  same  sensitiveness. 
I  make  each  measurement  numerically  (as  did  Boscoe)  by  comparing 
the  shade  produced  with  some  standaord  blackness. 

4.  I  assume  that  in  the  burning  of  a  stearine  candle,  the  '*  chemical 
action "  is  proportional  to  the  material  consumed.  I  have  taken  as 
my  unit  (i)  of  measure  of  chemical  action,  the  darkening  produced 
at  a  distance  of  1  inch  from  the  wick  of  the  candle,  when  100  gprains 
were  consumed,  which^  in  the  candle  I  used  in  India,  occupied  about 
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47  minutes.  [I  am  here  narrating  the  course  I  pnrsned  in  com- 
mencing these  observations  at  Dacca;  I  very  soon  discarded  the 
candle,  as  I  was  able,  by  the  aid  of  my  table  given  below,  to  recover 
the  unit  of  measurement  by  a  Sun  observation.] 

5.  I  form  a  strip  of  photographic  paper  aboat  |  inch  deep  into  a 
circalar  ring,  placed  inside  a  metal  cylinder  3  inches  in  diameter.  I 
place  now  my  standard  candle  eccentrically,  at  a  distance  of  I  inch 
from  the  surface,  and  burn  the  100  grains  of  stearine.  I  thas  get  a 
strip  which  is  gradaally  coloured  from  the  point  nearest  the  centre 
(where  the  intensity  is  unit  i)  to  the  most  remote  point  (where  the 
intensity  is  ^  i).  By  calculating  the  distances  of  various  points  of 
the  ring  from  the  wick,  the  intensities  corresponding  to  these  dis- 
tances can  be  marked.  I  exhibit  a  small  strip  (of  somewhat  dif- 
ferent dimensions)  so  calibrated  to  show  a  £»cale  of  intensities;  it 
bas  lost  its  original  shade  in  consequence  of  fixing  and  toning. 
For  actual  purposes  of  measurement,  a  strip  is  used  in  its  original 
unfixed  state. 

6.  My  earlier  observations  on  the  chemical  action  of  the  Sun  and 
sky,  were  made  in  Bengal,  with  a ''  mica  actinometer.''  In  this,  small 
squares  of  one  sheet  of  sensitised  paper  were  covered  by  1,  2,  3,  4 
....  thicknesses  of  mica  cut  from  the  same  plate;  the  sheet  of 
paper  then  exposed  to  any  light  for  a  certain  time  gave  me  a  series 
of  chequered  shades.  To  measure  the  effect  of  the  Sun  or  of  any 
portion  of  the  sky,  I  noted  the  time  necessary  to  darken  the  paper 
till  it  matched  one  of  the  squares  in  blackness.  This  instrument  I 
have  long  since  laid  aside,  as  I  have  superseded  it  by  better ;  but  by 
its  aid  in  1863  I  was  led  to  the  attempt  of  measuring  the  chemical 
action  of  the  Sun,  in  a  clear  sky,  for  each  degree  of  the  Sun's  altitude, 
so  as  to  form  a  table  of  constants,  which  would  render  a  direct 
reference  to  the  candle  power  unnecessary. 

7.  I  have  made  an  instrument  (fig.  1)  similar  to  one  employed  in 
India.  The  plane  on  which  to  expose  the  sensitised  paper  has 
motions  in  altitude  and  azimuth ;  a  perpendicular  style  is  placed  at 
the  comer;  and,  by  shifting  the  plane  until  the  style  casts  no  shadow, 
the  plane  can  be  adjusted  at  right  angles  to  the  Sun*s  rays,  and  the 
Sun's  altitude  can  be  read  by  a  brass  Qunter's  quadrant.  A  slide 
which  covers  the  strip  of  sensitised  paper,  is  made  to  move  uniformly 
up  the  plane,  by  means  of  a  string  passing  oyer  a  pulley  attached  to  a 
float  in  a  column  of  water  in  a  long  cylinder  (the  one  used  in  India 
was  a  rain-gauge) ;  the  float  de^cends  as  the  water  is  drawn  off  by  a 
stopcock  at  the  bottom  of  the  cylinder.  Lines  can  be  drawn  on  a 
gauge  pasted  on  the  plane,  beside  the  longitudinal  slit,  in  which  is 
exposed  the  sensifcised  paper,  corresponding  to  the  motion  for  1,  2,  3, 
•  •  «  .  20  seconds ;  also  a  second  gauge  has  been  drawn  for  a  larger 
tap  giving  quicker  motion.    By  simply  moving  the  sensitised  paper 
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laterally,  a  fresli  portion  of  it  is  brought  nnder  the  longitadinal  slit, 
and  the  observation  can  be  immediately  repeated,  several  times  if  so 
desired. 

8.  By  comparing  the  darkening  prodnced  in  the  paper  in  para- 
graphs 5  and  7,  we  easily  show  that  we  have  to  expose  the  paper  four 
times  as  loDg  to  produce  the  effect  caused  by  diminishing  the  distance 
one  half ;  and  that  a  light  of  intensity  4  acting  for  1  second  has  the 
same  effect  as  a  light  of  intensity  1  acting  for  4  seconds.  This  I 
think  might  have  been  assumed ;  Bunsen  and  Roscoe,  in  their  paper 
(1863)  above  cited,  have,  however,  taken  great  pains  to  prove  it. 

9.  My  early  experiments  were  designed  to  test  the  total  effect  of 
the  sky  and  Sun  for  photographic  purposes.  I  bave  always  experi- 
mented mainly  by  exposing  the  paper  at  right  angles  to  the  Sun's  rays. 
Roscoe  on  the  other  band,  exposes  his  paper  in  a  horizontal  plane. 
It  will  be  seen  below,  that  theoretic  considerations  have  led  me  to 
another  method  of  observation,  which  g^ves  directly  the  measure  of 
effect  really  desired,  and  does  not  require  a  clear  heavens  down  to  the 
horizon  on  all  sides  (the  Octant  Actinometer).  I  give  as  a  first 
example  of  my  experiments  the  following  table  (A).     The  observation 
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was  taken  on  21st  December,  1863,  on  tiie  roof  of  mj  honse  at 
Dacca,  the  skj  being  perfectly  clear.  The  paper  was  exposed  at  right 
angles  to  the  San,  thus  giving  the  effect  of  the  Snn,  together  with  the 
total  effect  (resolved  on  the  plane  at  right  angles  to  the  Snn)  of  tbat 
portion  of  the  visible  sky  within  90°  of  the  Snn. 

Table  A. 


Number  of 

Length  in 

Chemical 

Son's 

Time  of 

seconds  per 

inoh'es  of  strip 

action 

altitude. 

observation. 

inch  in  motion 

for  constant 

measured  in 

of  slide. 

shading,  C. 

unit  I. 

11°     0' 

7^  41-  A.lf. 

11  0 

...v.1-62 

0  06 

14      0 

8      2 

12  0 

1-2 

0  07 

19      0 

8    31 

6-2 

1-8 

0-088 

24    46 

9    17 

6  0 

1-26 

0  132 

29      0 

9    33 

7-26 

0  74 

0  186 

32      0 

9    51 

6-7 

0-77 

0  192 

84    80 

10    12 

6  0 

0-82 

0-203 

36    48 

10    26 

6-7 

0-68 

0-219 

39      0 

10    64 

6-5 

0-683 

0-226 

41    80 

11    22 

6-5 

0-625 

0-24 

41    40 

11    85 

6-7 

0-59 

0-2525 

42    20 

11     50 

6-7 

0-^6 

0-266 

42    80 

12      0 

6*25 

0-6 

0-269 

The  number  in  the  fifth  column  in  this  table,  is.  the  reciprocal  of  the  product  of 
the  two  numbers  in  the  third  and  fourth  columns. 


Thus,  taking  the  last  bnt  one  observation, 
6-7x0-56  =  3752. 

1 


and 


3752 


=  0-266. 


The  constant  G  of  shading  nsed  as  the  standard  of  comparison 
was  the  tint  produced  in  the  same  paper  by  the  candle  burning  47 
minutes  at  1  inch  distance.  Hence,  the  unit  I  here  employed  was 
47  X  60  times  i  the  nnit  in  paragraph  4  above. 

In  order  to  get  a  deeper  shade  of  darkening  in  the  first  two  obser- 
vations, when  the  Sun  was  low,  a  smaller  stopcock  was  used  than  in 
the  succeeding  observations. 

In  each  of  these  observations,  the  actual  velocity  of  the  slide  was 
observed  by  an  assistant  with  a  watch.  As  explained  in  paragraph  7, 
this  constant  can  be  obtained  more  easily  and  exactly  by  a  gauge, 
pasted  on  the  plane  beside  the  slit,  graduated  for  the  stopcock 
used. 
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10.  The  observations  of  Table  (A),  and  nnmerons  other  similar 
observations,  were  taken  with  great  care,  the  strips  being  read  the 
same  evening.  The  strips  taken  on  separate  days,  were  also  compared 
with  each  other ;  it  was  thas  found  that  the  numerical  values  for  the 
chemical  action  were  the  same,  with  different  paper,  and  with  different 
candles.  In  England,  I  have,  within  the  last  two  years,  made  similar 
observations  to  those  at  Dacca  twenty-five  years  ago,  and  I  submit 
three  of  the  strips  taken;  these  have  been  fixed,  and  have  conse- 
quently changed  both  in  density  and  in  colour,  and  are  submitted 
merely  for  explanation.  The  photographic  sensitised  paper,  now  pre- 
pared in  England,  keeps  in  the  dark  for  months  unchanged,  and 
renders  constant  reference  to  the  candle  standard  unnecessary.  But 
by  the  aid  of  the  table  (B)  which  immediately  follows,  I  could  always 
in  1889  and  1890  recover  the  standard  unit,  by  an  observation  of  the 
Sun  better  than  from  the  candle. 

11.  The  chemical  action  of  the  Snn  alone,  is  got  in  a  dark  room,  by 
arranging  a  vertical  slit,  so  that  the  Sun's  light  falls  exactly  down  the 
strip  of  paper,  which  I  expose  at  right  angles  to  his  rays.  To  get  the 
chemical  action  of  the  Sun  and  sky  (i.e.,  the  portion  of  the  visible 
sky  within  90°  of  the  Sun)  together,  the  exposure  is  completely  in 
the  open.  The  chemical  action  of  the  sky  (i.e.,  the  resultant  action 
on  the  plane  at  right  angle;)  to  the  Sun  of  that  portion  of  the  visible 
sky  within  90**  of  the  Sun)  is  got  by  an  exposure  in  the  open,  a 
vertical  stick  having  been  arranged  so  that  its  shadow  should  just 
cover  the  exposed  strip. 

As  I  took  each  of  these  three  kinds  of  observations,  giving  nume- 
rical results  flh  /3,  7  respectively,  I  was  enabled  from  the  simple 
formula  a  +  7  =  /3  to  check  my  observations,  to  test  the  closeness  with 
which  the  strips  could  be  read  certainly,  and  to  show  again  that  an 
intensity  of  4  acting  for  1  second  has  the  same  effect  aa  the  intensity 
of  1  acting  for  4  seconds. 

12.  I  found,  as  Boscoe,  working  in  a  less  pure  atmosphere,  found 
in  a  still  greater  degree,  that  observations  very  close  to  the  horizon 
were  not  to  be  depended  upon.  Also,  in  the  cold  weather  at  Dacca, 
at  which  season  alone  the  sky  was  sufficiently  clear,  the  Sun  did  not 
attain  a  greater  altitude  than  about  45".  The  flat  roof  of  my  house 
offered  nearly  a  complete  hemisphere  of  unclouded  blue  ;  neverthe- 
less, I  know  that  the  fall  effect  of  the  band  of  sky  near  the  horizon, 
must  have  been  to  some  extent  interfered  with  by  haze ;  and  the 
constants  in  some  of  the  tables  that  follow  will  be,  in  a  small  degree, 
affected  by  this  cause. 

13.  The  following  Table  (B)  is  shortened,  from  one  which  I  drew 
up  and  printed  photographically  at  Qacca  in  1865.  It  represents  the 
mean  result  of  very  numerous  observations,  taken  at  altitudes  of  the 
San  between  5"^  and  45^    From  45''  to  90"*,  the  table  has  been 
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partially  completed  by  nsing  the  formala  *  =  0*494  (0*991)'  where  c 
is  the  distance  traversed  by  the  Snn's  rays  in  the  atmosphere  for 
different  altitndes.  This  formula  is  parallel  to  the  equation  t=Ap' 
nsed  by  Ponillet  in  his  memoir  on  the  Solar  Heat  (and  can  be  found 
in  •  Taylor's  Memoirs,'  vol.  4,  p.  49). 

N.B. — In  this  table,  in  each  observation  the  sensitised  paper  was 
exposed  at  right  angles  to  the  Sun's  rays :  so  that  a  different  portion 
of  the  sky  was  observed  at  each  altitude. 


Table  B. 
Chemical  Action  of  Sun  and  Sky. 


1 

i 

"i 

OQ 

San 
alone. 

Sky 
alone. 

Sun  and 
together. 

i 

OD 

Sun 
alone. 

Sky 
alone. 

Sun  and 

sky 
together. 

o 

5... 

0  0064 

0  0125 

00189 

o 

31... 

0-1120 

0  0636 

0  1739 

6... 

0  0090 

0  0156 

0  0246 

32... 

0-1134 

00643 

0  1777 

;    7... 

0  0120 

0  0189 

0  0390 

33... 

0-1158 

0-0648 

0-1806 

8... 

0  0156 

0  0224 

0  0380  , 

34... 

01185 

0-0654 

0  1839 

9... 

0  0196 

0  0256 

0-0453 

35... 

0-1215 

0-0660 

0  1875 

10... 

0  0238 

0  0288 

00526 

36... 

0*1238 

0-0665 

0-1903 

'  11... 

0  0283 

0  0819 

0  0602 

87... 

0-1262 

0  0670 

0  1932 

12... 

0  0330 

0  0349 

0  0679  : 

38... 

0  1290 

0  0675 

0  1965 

13... 

0  0377 

0  0376 

0-0782  1 

39... 

0-1307 

0-0678 

0  1986 

14... 

0  04?d 

0  0401 

0  0824 

40... 

0-1331 

0-0688 

0-2014 

15... 

0  0471 

0  0425 

0  0896 

41... 

0  1349 

0-0686 

0-2085 

16... 

0  0519 

0  0447 

0-0966 

42... 

0  1369 

0-0689 

0  -2058 

17... 

0  0566 

00477 

0  1043 

43... 

0  1384 

0  0692 

0-2076 

18... 

0  0612 

0  0486 

0  1098 

44... 

0  1407 

0-0695 

0-2103 

19... 

0  0657 

0  0594 

0  1161 

45... 

0  1429 

00700 

0-2128 

20... 

0  07r'l 

0  0520 

0  1221 

21... 

0  0750 

0  0529 

0-1279 

22... 

0  0786 

0O549 

0  1335 

50... 

0  1504 

0-0711 

0-2215 

23... 

0  0826 

0  0562 

0  -1388 

55... 

0  1568 

00720 

0-2288 

24... 

0  0866 

0-0674 

0-1439 

60... 

0  1620 

0  0727 

0-2847 

25... 

0  0905 

0  0583 

0-1488 

65... 

0-1662 

0  0732 

0-2394 

26... 

0  0939 

0  0595 

0  1534 

70... 

0  1696 

0  0736 

0  2432 

27... 

0  0974 

0  0604 

0-1578 

75... 

0-1721 

0  0739 

0-2461 

28... 

0-1008 

0-0613 

0  1621 

80... 

0-1737 

0-0741 

0-2478 

29... 

01040 

0  0621 

0  1661 

85... 

0-1747 

0  0742 

0-2489 

30... 

1 

0  1070 

0  0628 

01698 

90... 

0  -1751 

0  0743 

9-24.04 

14.  It  must  be  carefully  noted,  with  respect  to  these  older  observa- 
tions, that  what  I  actually  observed,  was  the  number  of  seconds' 
exposure  at  each  altitude  necessary  to  produce  a  particular  darkening 
in  the  sensitised  paper,  viz.,  the  shade  produced  by  the  constant 
candle  at  distance  unity,  in  that  particular  paper ;  the  numbers  printed 
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were  obtained  by  taking  the  inverse  of  these  times  for  the  chemical 
action. 

15.  The  table  is  only  a  first  approximation;  yet  I  have  much 
greater  confidence  in  the  values,  than  in  those  given  by  any  one  obser- 
vation, the  table  itself  being  deduced  from  a  very  large  number  of 
experiments. 

Sir  H.  Boscoe  believes  (Bakerian  Lecture,  1865)  that  he  brought 
the  errors  due  to  matching  shades  to  within  2  per  cent,  correct ;  and 
in  graduating  strips,  the  mean  error  was  found  by  him  not  to  exceed 
1  per  cent,  of  the  measured  intensity.  I  am  not  satisfied  that  my 
separate  observations  were  always  so  closely  accurate  in  the  matching 
of  shades.  I  employed  my  daughters  independently,  to  match  shades, 
and  compared  them  with  my  own  reading,  and  found  that  the 
readings  aometinies  differed  more  than  2  per  cent. 

The  photographic  paper  employed,  varied  somewhat  in  tint ;  that 
exposed  to  the  candle  being  a  little  redder  than  that  exposed  to  the 
Sun  and  sky ;  the  same  intensity  in  the  darkening  was  sought  in 
every  case.  1  suppose  the  difference  in  tint  to  have  been  due  to  the 
heat  of  the  candle. 

16^  The  effect  of  the  sky  observed,  was  that  due  to  the  effect  of 
each  elemental  area  of  it  multiplied  by  the  sine  of  the  angle  between 
that  elemental  area  and  the  normal  to  the  plane  of  exposure,  these 
infinitesimal  effects  being  summed  throughout  the  visible  sky  within 
90^  of  the  Sun. 

The  chemical  action  of  the  sky  (t.e.,  of  the  portion  of  it  thus  in- 
cluded) is  seen  to  be  half  that  of  the  Sun  at  45**  altitude ;  and  at 
altitudes  of  the  Sun  below  13°,  where  little  more  than  half  the  sky  is 
included  in  each  observation,  to  be  greater  than  that  of  the  Sun. 

17.  I  found  the  chemical  action  of  the  San,  exactly  the  same  for 
the  same  altitude,  at  all  seasons  of  the  year  and  at  all  hours  of  the 
'  day,  as  far  as  the  experiments  went  at  Dacca,  and  1  find  in  Somerset- 
shire the  same  chemical  action  of  the  Sun  at  the  same  altitude  as  at 
Dacca.  1  have  not  been  able  to  get  exactly  the  same  candle  that 
I  used  at  Dacca ;  and  a  difference  in  the  composition  of  the  stearine 
might  possibly  cause  a  small  difference  in  the  results,  but  I  believe 
not  one  of  much  importance. 

[The  observations  in  Table  J  below  in  the  postscript  show  that  the 
difference  is  absolutely  nil.— 27^^  October,  1890.] 

In  the  *  Phil.  Trans.,'  1867,  pp.  558—662,  Roscoe  says  that  for  equal 
altitudes  of  the  Sun  the  chemical  intensities  are  equal ;  and  he  '^  as^ 
sumes  *'  that  the  same  '*  relation  between  the  Sun*8  altitude  and  chemi- 
cal intensity  holdA  good  at  Kew,  Heidelberg,  and  Para."  These  results 
of  Boscoe  are  confirmed  by  my  observations ;  he  obtained  them  only 
by  *'  averaging  *'  numerous  observations  taken  at  Kew,  and  assuming 
that  the  effects  of  cloud,  dbc.,  in  the  long  run  were  self-destructiva 
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RoBCoe  supposes  tbat  a  marked  difference  which  he  fonnd  in  intensity 
between  spring  and  autumn  might  be  due  to  a  difference  in  trans- 
parency. I  can  only  explain  some  of  Roscoe's  results  by  supposing 
that  the  sky  was  not  perfectly  clear  at  the  time  of  the  observations. 
Indeed,  from  the  description,  many  of  Roscoe*s  observations  would 
appear  to  have  measured  the  effects  of  cloudiness  rather  than  of  Sun 
and  sky.  I  have  no  anomalies  in  the  results  of  my  observation 
except  sach  as  I  think  I  may  fairly  attribute  to  cloud  or  haze.  My 
experience  in  England  is  that  it  requires  months  of  watching  to 
CAtch  a  sky  that  will  give  results  similar  to  those  I  obtained  regularly 
in  Dacca  during  the  cold  season. 

In  the  *Phil.  Trans.,'  1867,  p.  659,  Roscoe  finds  (by  the  same 
method  of  '*  averaging ")  that  '*  the  relation  between  the  Sun*s 
altitude  and  the  chemical  intensity  of  total  daylight  is  graphically 
represented  by  a  right  line.*'  And  in  the  *  Phil.  Trans.,'  1870,  p.  315, 
BoBcoe  and  Thorpe  say  that  the  relation  between  altitude  and  total 
chemical  intensity,  for  altitudes  above  10°,  is  seen  to  be  accurately 
represented  by  a  straight  line. 

Table  B  indicates,  and  Table  G  below  proves,  that  the  straight  line  is 
only  a  first  approximation  to  the  truth.  The  calculation  from  my 
Table  B  of  the  chemical  action  of  the  whole  visible  sky  (and  Sun)  on 
the  horizontal  plane  can  be  effected,  as  shown  farther  on  in  the 
present  paper. 

18.  Various  observations  had  led  me  to  expect  that  the  chemical 
action  of  the  sky  at  the  same  moment  was  different  in  different  parts 
of  it.  To  investigate  this  suspicion,  I  designed  an  instrument  which 
I  call  the  Mitrailleuse  Actinometer  (fig.  2)  ;  I  place  in  the  President's 
hand  photographs  of  two  of  those  instruments. 

I  mount  a  number  of  similar  cylindric  tubes  in  one  plane  in  a  semi- 
circlci  to  the  centre  of  which  each  tube  is  directed.  One  extremity 
of  each  tube  lies  on  the  circumference  of  the  circle;  the  other 
extremities  lie  on  a  concentric  circle  of  about  half  the  radius.  In  the 
circumference  of  this  smaller  circle,  is  a  semicircular  series  of  holes, 
against  which  a  semicircular  block,  carrying  the  sensitised  slip  of 
paper,  is  pressed  by  a  screw.  Each  cylinder  in  the  first  Dacca  mitrail- 
leuse cut  out  of  the  sky  a  circle  of  8°  28'  angular  diameter.  One  of  the 
tubes  near  its  top,  carries  a  small  plate  of  wood,  on  which  stands  a 
style  parallel  to  the  tube,  by  means  of  which  the  particular  tube  can 
be  brought  into  a  line  with  the  Sun.  By  another  motion  the  plane  of 
all  the  tubes  can  be  adjusted  to  the  plane  of  symmetry  (or  else- 
where). 

[A  vertical  plane  through  the  Sun  at  any  time  divides  the  visible 
sky  into  two  exactly  similar  portions.  1  will  call  it  the  plane  of 
symmetry]. 

19.  The  observations  (Table  C)  were  taken  23rd  December,  1864, 
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Fig.  2. 


at  Dacca  (among  many  other  similar  observations  taken  in  the  same 
cold  weather),  in  the  plane  of  symmetry.  The  hansels  of  the  mitrail- 
leuse were  fixed  10°  apart,  the  altitude  of  the  Son  being  42°  28'. 


Table  C. 


Altitude  of  the 

axis  of  the 

barrel  of  the 

Distance  of  axis 

of  barrel  from 

the  sun  =:  $. 

Observed  chemienl 
action  during 
six  minutes' 

Calculated  ralue 
of  i$  from 

mitrailleuse. 

exposure  =  1$, 

ie  =  0  12co8eca. 

o 

10 

o          / 

-32    58 

0-2 

0-2205 

20 

-22    58 

0-6 

0-3075 

30 

-12    58 

0-7 

0-5348 

40 

-  2    58 

, , 

2-3186 

50 

+   72 

0-844 

0-98 

60 

17      2 

0-322 

0-4097 

70 

27      2 

0-188 

0-264 

80 

37      2 

0-184 

0-1992 

90 

47      2 

0  177 

ni64 

100 

57      2 

0-144 

0  143 

110 

67      2 

0-14 

0-1304 

120 

77      2 

0-128 

0-123 

130 

87      2 

0  122 

0  1201 

140 

97      2 

0  12 

0  1209 

150 

107      2 

0  1i'8       ' 

0  1255 

160 

117      2 

0  136 

0  1347 

170 

127      2 

0  136 

0  1563 
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The  readings  of  the  chemical  action  are  taken  in  terms  of  the  unit 
of  candle  power,  and  were  compared  also  with  a  graded  Snn-strip, 
made  at  the  same  time  from  the  same  photographic  paper  by  tHe 
water- motion  actinometer,  fig.  1. 

The  observations  given  by  the  barrels  at  170°  and  10°  are  too  low, 
doabtless  owing  to  haze  so  near  the  horizon.  No  observation  c^nld  be 
made  with  the  barrel  at  40^,  becanse  the  San  could  not  be  kept  oat  of 
it.  The  observation  made  by  the  barrel  at  20"  is  (apart  from  com- 
parison with  computed  value)  evidently  erroneously  large.  I  give 
the  table  as  an  early  observation  that  shows  well  that  there  is  a  point 
of  minimum  sky  intensity  at  90*"  from  the  San.  It  also  appears  that 
if  ia  represent  this  intensity  for  the  altitude  a  of  the  Sun  (=  0*12), 
then  the  intensity  of  the  sky  at  a  point  0  from  the  Sun  is  given 
(roughly  only  according  to  this  table)  by  the  formula 

ia  cosec  0, 

This  observation  was  made  in  the  plane  of  symmetry  :  it  turns  out 
that  the  value,  ia  cosec  0,  gives  the  intensity  very  accurately,  in 
whatever  piano  6  be  measured  from  the  Sun. 

I  would  note  once  more  that  my  observations  are  largely  compara- 
tive, and  the  results  obtained  are  independent  of  the  unit:  it  is  not 
necessary  to  reduce  the  readings  in  this  table  to  the  one- second  unit. 

20.  For  any  altitude  of  the  Sun  («),  the  chemical  action  of  the  sky 
is  a  minimum  at  all  points  of  a  great  circle  90^  from  the  Sun,  the 
plane  of  which  is  the  plane  of  minimum  intensity  (ia).  And  at  this 
moment,  the  chemical  action  of  tbe  sky  at  any  point  distant  0  from 
the  Sun  is  given  with  great  accuracy  by  the  formula 

ia  cosec  0, 

As  the  whole  of  the  mathematical  developments  of  this  paper  are 
founded  on  this  law,  I  have  been  careful  not  only  to  verify  it  by 
numerous  observations  both  at  Dacca  and  in  Somersetshire,  but  also 
to  vary  the  form  of  the  observations  in  every  way  I  could  devise. 

21.  Thus,  the  mitrailleuse  has  been  placed  in  the  plane  of  minimum 
intensity :  in  this  case,  all  the  barrels  give  accurately  the  same  read- 
ing, except  that  those  barrels  10°  from  the  horizon  read  rather  lower, 
as  I  anticipated  they  would ;  there  must  nearly  always  be  sonie  haze 
near  the  horizon. 

Next,  the  mitrailleuse  was  placed  at  various  angles  with  the  plane 
of  symmetry,  by  turning  it  round  the  line  joining  one  of  its  tubes 
with  the  Sun.  The  observed  chemical  actions  agree  well  with 
ia  cosec  0,  Next,  by  means  of  stops,  I  made  the  aperture  of  each 
barrel  of  a  mitrailleuse  to  bo  c  sin  0y  where  0  is  the  distance  of  the 
axis  of  the  barrel  from  the  Sun.     This  mitrailleuse  being  exposed, 

T  2 

Digitized  by  VjOOQIC 


266  Mr.  W.  Brennand. 


tlie  barrel  with  apertnre  c  sin  o  being  directed  to  the  Sun,  the  circular 
darkened  spots  were  found  to  be  very  accurately  of  uniform  depth. 
Further,  I  calculated  the  times  of  exposure,  for  a  (particular) 
mitrailleuse  which  ought,  on  the  law  u  cosec  ^,  to  give  a  uniform 
tint.  I  exposed  this  mitrailleuse  for  these  calculated  times,  first  in 
the  plane  of  symmetry,  afterwards  in  a  plane  inclined  to  it  at  an 
angle  of  52'' ;  the  results  agreed  closely  with  my  anticipation,  and 
show  ia  cosec  ^  to  be  a  very  good  approximation. 

22.  I  have  therefore  made  full  use  of  the  expression  ia  cosec  9 
for  the  *  chemical  action  of  the  light  of  the  sky  in  a  circle  distant  0 
from  the  Sun  (whose  altitude  is  a). 

In  carrying  out  integrations  which  include  the  portion  of  the  sky 
actually  occnpied  by  the  Son,  we  do  not,  by  employing  this  formula, 
introduce  any  infinite  expression ;  for  each  circular  band  of  the  sky 
of  small  breadth  ^  distant  0  from  the  Sun  has  an  area  2*-  sin  0  dO ; 
the  chemical  action  of  such  band  is  therefore  27r  ta  dO :  so  that  the 
total  chemical  action  thus  attributed  to  the  sky  in  the  area  occupied 
by  the  Sun's  disk  would  be  inappreciable. 

23.  Bunsen  and  Roscoe  (*  Phil.  Trans.,'  1859,  p.  891)  determined 
chemically  the  action  of  the  rays  falling  from  a  measured  portion  of 
cloudless  sky  situated  near  the  zenith,  and  then  compared  the  visuiU 
luminosity  of  this  same  portion  of  zenith  sky  with  that  of  tho  total 
heavens.      They  say   "  the   amount  of  light  chemically   measured, 
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which  falls  from  the  same  surface  of  zenith  skj,  mnlti plied  hy  the 
preceding  ratio,  mast  give  the  chemical  action  which  the  whole  sky 
wonld  produce  on  a  horizontal  unit  of  surface." 

I  have  below  in  one  or  two  points  only  attempted  to  institute  a 
numerical  comparison  between  the  results  of  Sir  H.  Boscoe  and  my 
own;  considering  the  great  difference  in  our  methods,  I  am  not 
surprised  that  no  good  coinci4ence  in  the  results  can  be  established. 


DiAOSAM  1. 


24.  Having  given  u  the  chemical  action  in  the  circle  of  minimum 
intensity,  to  calculate  the  total  chemical  action  of  the  sky  on  a  plane 
exposed  at  right  angles  to  the  Sun. 

(N.B. — u  is  a  constant  for  this  calculation,  but  it  varies  with  a  the 
altitude  of  the  sun). 

Let  the  figure  (Dia.  1)  represent  a  projection  on  the  plane  of  sym- 
metry,  S  being  the  Sun,  Z  the  zenith,  HRYH'  the  horizon,  AYX  the 
plane  of  minimum  intensity,  SH  =  athe  Sun's  altitude. 

Let  0  be  the  angular  distance  from  the  Sun  of  the  elementary  zone 


Digitized 


by  Google 


268  Mr.  W.  Brennand. 

QB,  and  0  the  angular  distance  of  an  element  in  the  zone  QB  front 
SQ. 

Denote  by  I,  the  chemical  action  exerted  by  a  circular  area  s  of 
the  sphere,  on  the  plane  at  right  angles  to  the  Sun. 

The  area  of  an  element  will  be  d</>  dO  sin  0,  the  intensity  of  the 
chemical  action  will  be  ia  cosec  0. 

The  angle  between  the  normal  to  the  element  considered  and  t'lnt 
to  the  plane  AYX  is  0. 


.  • .  i .  I,  =  (^  d^  sin  ^  X  ta  cosec  0  X  cos  0 

d(/>,d6. cos  0  =  29ria sin 0, 

^0  •'0 

Or,  for  the  whole  hemisphere,  of  which  the  Sun  is  the  pole. 


lH  =  2^a     ^ ((i)r 

from  which,  to  get  our  desired  result,  we  have  to  subtract  the  chemicak 
action  I,  of  the  gore  XYH. 


/.RSH 
-RSH 


la  \\         coae.d0.d<p=  2ia  TrSH cos  $ . dO. 
(cos  RSH  =  tan  SH  cot  SR  =  tan  *  cot  0), 

w 

.  • .  Iq  =  2ia  I   cos"^  (tan  a  cot  $)  cos  0  dO 

=  2ia  [Lim  T  (cos-i  (taji  a  cot  $)  sin  6}  -  (^         tano^g "T 

L        «  Ja  v(l— sec^acos^^jj 

-  o.  r^_  r^  tan  « .  (^         n 

"       L2     J.y(l-sec2«co83^)J' 

Whence,  subtracting  this  from  equation  (Q), 

Ih-Io  =  f.  { ^-+2  £ -^^jJ^Jl-^-j^  } . 

This  expression  cannot  be  integrated  in  finite  terms,  bot,  by  using  a 
formula  of  reduction  in  series,  it  gives 

Ih-1o 

which  is  the  formula  I  have  used  in  numerical  computations.    I^ — Iq 
is    the    numerical    value    in  the    column    headed  *'Sky  alone"  in 
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Table  B,  which  is  thus  brought  into  direct  verification  with  ?», 
observed  by  the  mitrailleuse. 

An  example  of  the  actual  calculation  of  ia  is  added  in  Appendix  6, 
not  for  publication. 

25.  The  values  for  I,i  —  I^,  for  difEerent  altitudes  of  the  Sun  in 
Table  B  are  much  the  most  trustworthy  observations,  and  are  the 
means  obtained  from  a  very  large  number  of  observations.  I  have, 
therefore,  by  the  formula  obtained  in  the  last  paragraph  (24),  in- 
versely calculated  the  value  of  ia  for  every  5°  within  the  limits  5*  to 
40°,  and  placed  them  in  Table  D. 

Table  D. 


ta  calculated  from  Table  B 

Sun's  altitude. 

(column  headed  "  Sky  alone") 

5' 

0  -00329 

10 

0  00681 

15 

0  -00928 

20 

0  01073 

25 

0  01144 

30 

0  01188 

35 

0  01206 

40 

0  -01218 

45 

0  01213 

50 

0-01209 

55 

0-01204 

60 

0  01200 

65 

0  -01195 

26.  Theorem, — On  the  resolution  of  the  chemical  action  of  the  sky 
in  a  direction  perpendicular  to  any  plane. 

The  figure  (Dia.  2)  is  supposed  an  orthographic  projection  of  the 
visible  hemisphere  on  the  plane  of  the  horizon ;  S  being  the  Sun,  Z 
the  zenith,  HSZM  the  projection  of  the  plane  of  symmetry,  M'MI  that 
of  the  plane  of  minimum  intensity,  and  M'SI  that  of  the  plane  through 
S  at  right  angles  to  each  of  the  other  planes  (which  I  call  the  plane 
of  the  Sun*s  altitude).  These  three  planes,  when  produced,  divide 
the  sphere  into  eight  quadrantal  surfaces,  of  which  SMI  is  one..  In 
the  quadrantal  triangle  SMI,  S,  M,  I  are  the  poles  of  the  opposite 
Hides. 

Let  the  polar  coordinates  of  P  (an  element  of  the  surface)  be 
rSZ  =  0  and  SP  =  ^.  Then,  as  before,  the  element  will  have  an  area 
(U/),  de,  sin  0  =  ia  (20.  dO. 

Lot  the  planes  OSM,  OSI,  and  OIM  (0  being  the  centre  of  the 
hemisphere)  be  taken  as  coordinate  planes ;  OS,  OM,  01,  the  three  axes 
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DiAGBAH  2. 


of  coordinates ;  and  snppose  throngh  P  the  three  quadrants  to  be 
drawn  from  S,  M,  I,  to  the  opposite  sides,  meeting  them  in  s,  m,  i 
respectively.  Then  the  normal  chemical  action  ia  (20.  d$  may  be 
resolved  in  three  directions  parallel  to  SO,  MO,  10 ;  and  the  three 
components  in  these  directions  will  be  respectively  ta  c?0  (2d  sin  P/?, 
ia  cUj)  do  sin  Pm,  la  c20  (2d  sin  P*.  Call  these  respectively  d^\J^  (2^V,  (2^W. 

We  have 
P«  =  7-  — ^,  sin  Pm  =  sin  d  cos  0,  sin  Pi  =  sin  d  sin  0, 

and  hence 

U  =  la  I  lc?0  c2d  cos  d,  V  =  ia     (20  t2d  sin  e  cos  0, 

W  =  t'a      (20  de  sin  0  sin  0. 

27.  To  find  tlie  value  of  these  expressions  for  the  hemisphere  having 
the  Sun  at  its  apex  ;  we  have  to  take  0  from  —  ar  to  tt,  and  0  from  0 
to  ^  TT,  which  gives 

U  =  2i«7r,  V  =  4ta,  W  =  0. 

28.  To  find  the  chemical  action  of  the  hemisphere  about  S  resolved 
on  the  horizontal  plane  Q,,  we  have 

(22(0,)  =  (22U  sin  «-f(22V  cos  « 
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whence 

Q(,)  =  1.  sin  A  I  i(/^  c2^  cos  0+ta cos  «  1 1 {20  (20  sin  ^  cos  0 

=  2ia(3rsina+2co8«) (X). 

29.  This  is  a  mere  literal  result :  what  is  required  is  (Qz)  ;  i.e.,  the 
chemical  action  of  the  hemisphere  about  Z  resolved  on  the  horizontal 
plane ;  that  is,  the  relation  between  the  chemical  action  in  the  plane 
of  minimum  intensity  ia  (Sun's  altitude  a)  and  the  ''total  chemical 
action  of  diffused  daylight "  as  observed  by  Roscoe  on  horizontally 
exposed  paper. 

The  answer  (Qz)  is  identical  in  form  with  (Q9)  as  given  in  equation 
(X)  above ;  but  the  limits  of  0  are  functions  of  0  which  lead  to 
elliptic  integrals. 

Referring  back,  however,  to  diagram  1,  it  will  be  seen  that  (Q^) 
differs  from  (Qs)  by  the  addition  of  the  gore  AYH,  the  subtraction 
of  the  gore  HYX ;  which  will  be  found  to  be  no  difference  at  all ;  as 
the  values  of  the  chemical  action  of  each  element  in  the  subtracted 
gore  are  equal  to  those  for  a  corresponding  element  in  the  added 
gore,  with  the  same  sign  and  angles  of  resolution  on  the  horizontal 
plane.     Hence  we  must  have — 

(Q,)  =  (Q,)  =  2t.(9rsin«-f2cos«)   (Y). 

As  this  is  a  result  of  the  first  importance,  I  submit  at  the  end  of  this 
paper  in  an  Appendix,  not  for  publication,  the  work  by  which  I  first 
arrived  at  the  equation  (Y)  by  laborious  transformation  of  the  elliptic 
integrals,  which  are  reduced  finally  so  that  two  terms,  each  irre- 
ducible by  integration  in  algebraic  form,  destroy  each  other. 

30.  The  results  thus  arrived  at  by  employing  the  law  of  the 
cosecant  are  so  neat  that  a  suspicion  may  arise  that  the  law  may 
have  been  assumed  as  one  lending  itself  to  mathematic  manipu- 
lations. 

I  may  be  permitted,  therefore,  to  state,  that  the  law  was  arrived 
at,  more  than  twenty-two  yekrs  ago,  by  experiment  simply,  and  the 
subject  soon  after  laid  aside.  The  present  mathematic  investigations 
were  only  recommenced  within  the  last  two  years,  in  order  to  in- 
stitute a  comparison  between  my  old  Dacca  observations  and  those 
of  Sir  H.  Roscoe. 

31.  In  'Phil.  Trans.,'  1870,  p.  314,  Sir  H.  Roscoe  gives  a  table 
showing  the  total  chemical  action  of  diffuse  daylight  (t.e.,  of  the 
whole  sky,  the  Sun  being  stopped  off)  on  horizontally  exposed  paper. 
These  observations  were  taken  in  Portugal,  with  a  perfectly  clear 
sky,  and  I  therefore  select  them  for  comparison  with  the  foregoing 
theory  and  observed  values  of  constants. 
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Columns  1  and  2  aro  copied  from  Boscoe,  Ix. ;  column  2  gives  my 
Qz  =  22a  (^  sin  «  +  2  cos  «).  In  column  3  I  give  la,  calculated  from 
this  equation.  In  column  4  I  place  the  values  of  ta  obtained  from 
table  B,  the  '^  sky  alone  '*  column,  by  the  aid  of  the  formula  at  the 
end  of  Art.  24. 

In  the  5th  column  the  values  in  column  4  are  brought  up  by  pro- 
portion for  comparison  with  those  in  column  3,  taking  the  observa- 
tion at  altitude  42^  13'  as  the  best ;  i.e.,  increasing  all  the  numbers 
in  the  ratio  of  121  to  160. 


Table  E. 


1. 

2. 

3. 

4. 

5. 

Sun's  altitude. 

Diffuse 
daylight. 

ia  calculated 
from  2. 

ta  calculated 
from  Table  B. 

Values  in 

Column  4 

brought  up. 

9^  61' 

0  038 

00078 

0  0068 

0-0090 

19    41 

0  062 

0  0105 

0  0107 

0  0141 

31     14 

0  100 

0  0150 

0  0118 

0  0156 

42    13 

0  116 

0  0160 

0  0121 

0  0160 

63      9 

0  126 

0  0170 

0  0121 

0  0160 

61      8 

0  132 

0  0177 

0  0120 

0  0159 

64    14 

0-138 

0-0187 

0  0120 

0  0159 

The  discrepancies  do  not  appear  at  first  sight  great  between  the 
results  of  Sir  H.  Boscoe  and  my  own.  But  his  observations  would  show 
the  maximum  value  of  ta  attained  when  the  Sun  was  at  or  near  the 
zenith,  mine  that  this  maximum  occurs  when  the  Sun  is  about  45°  or 
50**  altitude. 

It  is  true  that  in  the  Dacca  Table  B,  the  actual  observations  extend 
only  to  45^*  or  thereabout,  and  that  the  values  for  altitudes  of  the 
Sun  above  45*  are  only  filled  in  hypothetically ;  but  my  best 
established  observations  at  Dacca,  for  altitudes  of  the  Sun  from  30**  up 
to  45**,  show  directly  that  at  altitudes  of  the  Sun  of  45°  or  50°  the 
value  of  ia  would  reach  a  maximum. 

In  my  Dacca  observations,  each  additional  5°  to  the  Sun's  altitude 
brings  into  effect  an  additional  5**  gore  of  the  sky.  It  is  therefore 
clear  (apart  from  the  law  t«  =  ta  cosec  6  and  the  integrations  con- 
sequent thereon)  that  ta  will  have  a  maximum  value  when  «,  the  Sun's 
altitude,  is  about  50°  or  60**. 

I  am  not  surprised  that  so  considerable  a  discrepancy  results  from 
a  comparison  of  the  observations.  In  a  single  series  of  observations, 
the  incidental  errors  of  reading,  &c.,  would  introduce  into  the  small 
numbers  given  in  colnmn  3  sufficient  differences  to  alter  entirely  the 
law  indicated  for  {a. 
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32.  Since  in  table  E  the  value  of  ia  for  a  =  42*  13'  is  fonnd  from 
Koscoe's  observations  to  be  00i6,  from  mine  to  be  0*012,  it  follows 
that  Boscoe's  nnit  of  chemical  action  is  -J-l  of  mj  Dacca  candle  nnit. 
This  is  merely  a  first  attempt  to  correlate  these  nnits. 

33.  The  resnltant  chemical  action  of  the  sky  on  a  horizontally 
exposed  piece  of  paper,  the  Sun's  altitude  being  a,  is  found 

=  (27r  sin  «  -h  4  cos  «)to. 

This  vanishes  when 

29rsin  «+  4s  cos  «  =  0, 

2 
i.e.,  when  tan  «  =  — -, 

TT 

ov  a  =  -32"  29'. 

This  gives  an  absolute  value  for  twilight,  supposing  daylight  to 
cease  when  the  diffused  daylight  of  Boscoe  entirely  vanishes. 

The  extreme  limit  at  which  twilight  has  been  certainly  observed  is 
when  the  Sun  was  24°  below  the  horizon ;  at  which  time  the  formula 
ta(29r  sin  a  +4  cos  «)  would  show  the  chemical  action  of  difEuse  day- 
light to  be  only  -^  part  of  what  it  was  just  after  sunset. 

In  other  words,  the  formula 

ia(25r  sin  «+4  cos  «) 

gives  a  very  good  agreement  with  the  observed  duration  of  twilight, 
supposing,  that  is,  the  illumination  and  the  chemical  action  to  follow 
much  the  same  laws  in  this  extreme  case. 

34.  Taking  up  the  expressions  for  U,  V,  W  at  the  end  of  Art.  26, 
I  integrate  them  for  the  octant  of  the  sphere  contained  by  the  three 
coordinate  planes,  viz.,  the  plane  of  symmetry,  the  plane  of  minimum 
intensity,  and  the  plane  of  the  Sun's  altitude ;  i.e.,  I  take  0  and  0  each 
from  0  to  ^flT ;  which  gives 

[U]  =  ^4,  [V]  =  [W]  =  i,. 

This  suggested  the  construction  of  the  octant  actinometer,  which 
requires  only  one-fourth  of  the  visible  sky  to  be  clear  for  observation, 
and  gives  the  value  of  ia.  directly,  requiring  no  calculations  of  re- 
duction. 

35.  The  octant  actinometer  (^g,  3)  consists  of  three  quadrantal 
planes,  MOS,  MOI,  and  lOS,  joined  at  their  edges  so  as  to  form  a  hollow 
trihedral,  and  mount-ed  so  that  one  of  the  edges,  OS,  can  be  brought  to 
point  to  the  Sun,  and  the  plane  MOI  will  then  coincide  with  the 
plane  of  minimum  intensity.    The  insiamment  has  another  adjustment 
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Fig.  3. 


by  which  it  can  torn  ronnd  OS  as  an  axis,  and  if  one  of  the  planes 
MOS,  lOS  be  bronght  to  coincide  with  the  plane  of  symmetry,  the 
other  will  coincide  with  the  plane  of  the  Snn*s  altitude. 

I  take  a  small  square  (diagram  3)  of  sensitised  paper  and  cut  it 
along  CO  ;  then,  slipping  the  part  COB  ander  AOC,  so  that  B  coin- 

DlAGBAM  3. 
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cides  with  C,  it  forms  a  i*ectangiilaT  trihedral  of  sensitised  paper. 
This  is  placed  in  a  small  exposure  trihedral  of  cardboard,  and  covered 
hj  a  thin  metallic  trihedral  in  the  trihedral  angle  of  the  octant.  (I 
make  several  of  these  trihedrals  of  sensitised  paper,  so  as  *'  in  the 
field  '*  to  take  quickly  a  series  of  observations.) 

The  trihedral  of  sensitised  paper  is,  of  coarse,  carefully  covered 
up  till  the  instrument  is  in  adjustment ;  if  then  exposed  to  the  action 
of  the  sky  for  (say)  80  seconds,  the  readings  on  the  quadrantal 
planes  MOS  and  lOS  will  be  each  30  ia,  and  that  on  the  quadrantal 
plane  MO  I  will  be  30  .  Jw  .  u. 

36.  1  tried  this  octant  actinometer  on  the  13th  August,  1800 — the 
first  day  that  the  sky  had  been  partially  clear  for  a  long  time — and 
ulso  (with  a  more  imperfect  sky)  on  the  15th  and  16th  August,  1890, 
nt  Milverton,  near  Taunton.  The  exposures  were  all  for  'SO  seconds. 
I  give  the  whole  results. 


Table  F. 


[Vj  =  Lwj. 

[U]. 

i                       Time. 

Sun's  altitude. 

i  on  the  two 

i  on  the  third 

t 

plunes. 

plane. 

1 
1800.  12th  Aug.,  5.0    P.M.  ... 

21°  30' 

0  0187 

0-024 

5.10 

19    30 

0-0183 

0  025 

5.20 

18      0 

0-0191 

0  027 

5.33 

16    15 

0  0191 

0  028 

6.42 

14    30 

0  0183 

0  027 

5.47 

13    30 

0-0160 

0  023 

loth  Aug.,  11.25  A.X 

62    30 

0  0270 

0  030 

11.80 

53      0 

0-0240 

0027 

16th  Aug.,    0.45  F.H 

52    15 

0  0170 

0  019 

0.50 

52      0 

0  0190 

0  028 

4.0 

29      0 

0  0170 

0  020 

4.15 

27    30 

0  0150 

0  019 

It  is  evident  that  these  observations  wei-e  interfered  with  greatly 
by  haze  or  cloud;  but  it  may  be  well  to  explain  exactly  how  they 
were  taken. 

A  "  sunstrip  "  was  shaded  first  by  the  water-motion  actinometer ; 
the  altitude  of  the  Sun  being  known,  the  value  of  any  line  in  this 
sunstrip,  in  terms  of  the  Dacca  candle  unit,  was  known  by  the  aid  of 
Table  B. 

The  adjustment  and  working  of  the  octant  actinometer  were  found 
not  difficult.  The  readings  in  tbe  two  planes  [V]  and  [W]  were 
found  practically  equal ;  the  results  are  in  the  third  column.  These 
"  readings "  were  obtained  directly  by  comparison  with  the  "  sun- 
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strip,"  and  divided  by  30  are  the  numbers  in  column  3.     Similarly, 
the  numbers  in  Column  4  represent  [U]. 

Now  [V]  =  [W]  should  be  -  .  [U]. 

These  observations  do  not  give  [U]  large  enough. 

Also,  the  obsen^ations  of  12th  August  would  show  the  value  of  ta 
when  a  =  20  to  be  about  0018  or  0019.  But  the  Table  D  shows  the 
true  value  of  ia  when  a  =  20"  to  be  0*0107  ;  that  is  to  say,  the  read- 
ings of  I2th  August,  1890,  with  the  octant  actinometer  are  altogether 
too  high.  This  may  easily  be  so  without  any  fault  in  the  instrument 
or  error  in  the  observations,  and  on  two  reasons.  First,  the  presence 
of  any  bright  cloud  may  have  given  the  readings  [V]  and  [W]  too 
large.  (Bunsen  and  Roscoe,  in  *  Phil.  Trans.,'  1859,  p.  905  :— *'  These 
observations  prove  that  the  presence  of  a  thin  film  of  cloud  increases 
the  amount  of  chemical  illuminating  effect  in  the  most  striking 
manner." — The  clouds  "  act  as  mighty  reflectors  of  light.")  Secondly, 
a  very  slight  haze  over  the  Sun  would  give  the  sunstrip  too  low,  and 
thus  largely  increase  the  results  of  columns  (8)  and  (4)  read  by  it. 

I  do  not  consider  these  observations  to  decide  anything  as  to  the 
merits  of  the  octant  actinometer,  which  can  only  be  satisfactorily 
tested  by  the  sky  of  Dacca  or  some  similar  subtropical  or  tropical 
station. 

37.  It  is  difficult  to  determine  which  method  of  resolution  of  the 
sky  and  Sun  gives  the  most  useful  measure  of  the  general  total  effect, 
whether  for  determining  the  time  of  exposure  of  a  photographic  plate 
or  for  estimating  the  effect  on  vegetation.  Sir  H.  Boscoe  has  taken 
(for  the  sky)  the  resultant  action  on  paper  exposed  horizontally ;  I 
append,  therefore,  in  Table  G  the  chemical  action  similarly  measured, 
so  that  column  2  is  exactly  =  the  *'  diffuse  daylight "  of  Boscoe,  and 
column  4  =  the  "  total  daylight "  of  Boscoe.  This  table  is  deduced 
by  calculation  from  the  Dacca  Table  B,  by  the  aid  of  the  law  i^  = 
i»  cosec  0,  i.e.,  from  the  value  for  Ih— lo  ^^  -A-rt.  24,  and  the  value 
Qz  =  2ta  (tt  sin  a  + 2  cos  «),  which  are  directly  derived  from  that  law. 

This  tabic,  as  far  as  «  =  45"*,  is  a  direct  consequence  of  the  Dacca 

observations.     The  values  given  from  50**  up  to  60°  are  a  theoretical 

extension,  perhaps  as  near  as  would  be  given  by  interpolation  between 

tremes.     I  do  not  think  the  numbers  for  a  from  60°  to  90°, 

ght  be  arrived  at  in  a  similar  way,  would  have  any  real 

ble,  equally  with  the  Dacca  Table  B,  shows  how  large  the 
is  in  comparison  with  the  Sun  effect,  especially  for  altitudes 
n  below  30°.  This  may  be  the  explanation  of  the  reason  why 
e  to  the  north  side  of  greenhouses  exercise  a  prejudicial 
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Table  G. — Showing  Chemical  Action  of  the  Snn  and  of  the  whole 
Sky,  resolved  on  the  Horizontal  Plane,  for  various  Altitudes  of  the 
Sun  (the  Sky  being  perfectly  clear  from  Cloud  and  Haze). 


1. 

2. 

3. 

4. 

Sun's  altitude. 

"Diffuse  daylight" 
of  BoBcoe. 

Sun  X  sine  alti- 
tude. 

Sum  of 
columns  2  and  3. 

5° 

0  0150 

0  0006 

0  0156 

10 

0  0343 

0  0041 

0  0384 

15 

0  0510 

0-0122 

0  0632 

20 

0  0625 

0  0240 

0  0865 

25 

0  0718 

0  0382 

0  1100 

30 

0  0784 

0  0535 

0  1319 

85 

0  0830 

0  0697 

0  1527 

40 

0-0865 

0  0866 

0  1721 

45 

0  0882 

0-1010 

0  1892 

50 

0  0893 

01149 

0-2042 

55 

0  0900 

0  1285 

0-2181 

60 

0  0893 

0  1403 

0-2296 

The  present  paper  contains  my  Dacca  experiments  and  numbers 
arrived  at  by  calculation  therefrom.  I  have  been  for  a  year  making 
similar  experiments  in  England  whenever  the  sky  by  its  clearness 
offered  any  chance  of  a  good  observation ;  but  I  have  not  been  able 
to  get  any  observation  such  that  I  should  attempt  to  correct  the 
Dacca  Table  B  thereby.  I,  therefore,  am  satisfied  to  publish  the 
present  paper  in  its  present  form,  leaving  to  others  its  extension  by 
the  help  of  further  observations  under  a  perfectly  clear  sky. 

38.  Postscript^  \hth  October,  1890. — I  have  within  the  last  few  days 
made  a  number  of  observations  with  the  octant  actinometer,  and  have 
also,  by  making  a  few  suns  trips  at  different  altitudes,  compared  the 
times  for  the  candle  unit  with  those  of  the  Dacca  tables.  These 
observations,  though  giving  no  numerically  valuable  results,  strongly 
confirm  the  views  I  have  expressed  in  this  paper,  and  I  append  a 
statement  of  them. 

On  the  10th  October  the  sky  was  seemingly  clear ;  but,  the  values 
obtained  for  [V]  =  [W]  being  much  too  high,  I  did  not  continue  the 
observations. 

On  the  11th  October  I  took  a  sunstrip  at  12**  8",  the  Sun's  altitude 
being  31"  30' ;  comparing  this  afterwards  with  a  candlestrip,  I  found 
the  time  for  the  candle  unit  to  be  8*5  seconds.  Referring  to  the 
Dacca  table,  I  found  the  time  for  the  same  altitude,  31**  30',  to  be 
8*9  seconds.  I  therefore  used  this  sunstrip  for  the  observations  in 
the  preceding  table.  I  infer  that,  at  least  at  12**  8",  the  sky  on  the 
11th  October  was  really  clear.  Some  of  the  values  in  this  table  are 
higher  than  those  obtained  by  computation  for  ul. 
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Table  H. — Octant  Observations  at  Milverton,  Somerset,  1890. 


Time. 

Sun's  altitude. 

[V]  =  [W]. 

[U]. 

10th  Oct.,  11»»  15"   

12     19      

2     11      

31°     0' 
31     45 
25     10 

0  0237 
0  0225 
0-0130 

0-C293 
0-0270 
0  0171 

11th  Oct.,  12     10      

1       8      

1  44      

2  13      

3  9      

3  43      

4  22      

5  9      

31     15 
29     80 
27     30 
24    20 
19      0 
14    30 
8    45 
Sunset. 

0-0226 
0-0150 
0  0120 
0-0120 
0  0104 
0-0094 
0-0052 
0-0013 

0  0312 
0-(250 
0  0298 
0  0208 
0-0208 
0-0156 
0  0073 
0  0033 

On  tlie  13th  October,  1890,  I  made  a  series  of  octant  observations ; 
but,  as  I  doubted  whether  the  sky  was  really  clear  (i.e.,  as  tliecleai* 
sky  of  Dacca  in  the  cold  weather),  I  made  a  series  of  snnstrips,  as 
under :  — 

Table  J. 


Time. 

Sun's  altitude. 

Exposure  for 
candle  unit 
(MQverton). 

Exposure  for 
same  (Da<x»). 

1890.  13th  Oct.,  11»»  85»  ...          30='   15' 

12      0    ...          30    30 

12     33     ...,         29     45 

1       5     ...'         28    45 

9  -0  sees. 
9-2 
9-4 
0-75 

9  -25  sees. 
9-2 
9-4 
9-75 

1  35     ...          27    45 

2  13     ...          23     30 
2    54     ...          19    15 

16  0 

14-75 

19-0 

10  0 
12  0 
16  0 

In  the  first  four  observations,  the  sky  was  apparejntly,  and  doubt- 
less really,  clear ;  in  the  three  latter  observations,  some  slight 
invisible  cloud  over  the  Sun  produced  great  changes  in  the  sunstrips. 

From  the  exact  coincidence  in  the  readings  in  the  four  first  obBer- 
vations,  at  Dacca  and  Milverton,  I  think  it  follows  (1)  that  there 
was  no  material  difference  in  my  candles  at  Dacca  and  Milverton ; 
(2)  that  the  chemical  action  of  the  Sun  at  the  same  altitudes  was  the 
same  at  Dacca  and  Milverton. 

It  is  also  clear  that  the  number  of  really  fine  hours  of  sky  in 
England  (t.e.,  when  it  can  be  compared  with  the  Dacca  cold- weather 
sky)  is  very  small — perhaps  not  a  score  in  the  year.  And  further 
that,  in  a  great  many  apparently  clear  skies  in  England,  there  is 
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present  some  haze,  visible  or  invisible,  that  affects  tbe  readings  of 
the  chemical  action  on  sensitised  paper  very  largely,  even  to  50  per 
cent. 

The  octant  observations,  the  intensities  estimated  on  the  first  of 
the  above  strips,  are  as  follows  :— 

Table  K. 


Time. 

1 

Sun's  altitude. 

[V]  «  [W]. 

1890. 

13th  Oct.,  12»*     4i'»  .... 

30°  45' 

0-0268 

1       8i     .... 

28    SO 

0  0267 

1     39      .... 

27     30 

0  0251 

2  m  .... 

23     15 

0  0244 

2     59       

18    30 

0  -0216 

.H     24       .... 

15    45 

0  0194 

4  m  .... 

9     45 

0  0055 

4    48       .... 

3    0 

0  0041 

The  valaes  of  [V]  =  [W],  being  so  mach  greater  than  I  expected, 
led  me  to  imagine  that,  thoagh  the  sky  was  apparently  clear,  the 
observations  might  have  been  affected  by  the  hygrometric  state  of 
the  atmosphere.  There  had  been  a  fog  in  the  morning,  and  the  air 
was,  though  translacent,  sat  orated  all  the  afternoon. 

The  next  day,  the  14th  October,  was  a  similar  day  (fog  in  the 
morning),  and  I  commenced  octant  observations  much  earlier  in  the 
morning.     The  results  are  given  in  the  following  table : — 

Table  L.— Octant  Observations,  14th  October,  1890. 


State  of  skj. 

Time. 

Sun's  altitude. 

[V]  «  [W]. 

m. 

Clear  sky,  but  slight 
fog  fainl]y  to  be     -^ 
seen. 

10 
10 
11 
11 
12 
12 

38™  A.M. 

8 
39 

2 
82 

1     P.M. 
30 

22°  48' 
25     15 
27    30 
29      0 

29  45 

30  46 
.^0      0 

0  0217 
0  0235 
0  0272 
0C217 
0  0217 
0  0272 
0  0290 

0  0217 
0  0254 
0  0272 
0  0326 
0  0326 
0  0399 
0  029 

Light  fleecy  clouds  f 
in  the  skj  octant.  \ 

1 
1 

0 
30 

29       0 
27    30 

0-2540 
0-3080 

O-3990     1 
0  0435 

Clear,  but  ttill  faint  1 
clouds.                 J 

2 

19 

24      0 

0-2720 

0  -2720 

Clear 

2 

45 

21      0 

0  0210 

0-3290 

Partial  clouds  . . . .  | 

I 

15 
0 

17     15 
11     30 

0-0163 
0  0091 

0  0355 
0  0127 
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The  effect  of  the  faint  fog  in  increasing  the  valne  of  [V]  =  [W] 
is  plainly  seen  in  the  morning  observations.  The  effect  also  of  a 
very  few  faint  fleecy  clouds  is  seen  in  the  increase  of  [V]  and  of 
[U]  for  the  observations  at  1**  0"  and  1**  30",  before  which  no  clouds 
had  been  visible.     The  air  was  saturated  the  whole  day. 

The  candles  which  I  used  in  all  these  observations,  were  the 
"  Belmont  Sperm,*'  supplied  to  me  so  as  to  bum  100  grs.  in  47 
minutes. 
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present  some  haze,  visible  or  invisible,  that  affects  the  readings  of 
the  chemical  action  on  sensitised  paper  very  largely,  even  to  50  per 
cent. 

The  octant  observations,  the  intensities  estimated  on  the  first  of 
the  above  strips,  are  as  follows  : — 

Table  K. 


Time. 

Sun's  altitade. 

LVJ  -  [W]. 

1890.  18th  Oct..  12'*     4i»  .... 

80°  45' 

0  0268 

1       8i     .... 

28    30 

0  0267 

1    39      .... 

27    30 

0  0251 

2  m  .... 

23     15 

0  0244 

2    59      .... 

18    80 

0  0216 

8    24      .... 

15    45 

0  0194 

4    lU     .... 

9    46 

0  0056 

4    48      .... 

8    0 

0-0041 

The  valaes  of  [V]  =  [W],  being  so  much  greater  than  I  expected, 
led  me  to  imagine  that,  thongh  the  sky  was  apparently  clear,  the 
observations  might  have  been  affected  by  the  hygrometric  state  of 
the  atmosphere.  There  had  been  a  fog  in  the  morning,  and  the  air 
was,  thoDgh  translacent,  saturated  all  the  afternoon. 

The  next  day,  the  14th  October,  was  a  similar  day  (fog  in  the 
morning),  and  I  commenced  octant  observations  much  earlier  in  the 
morning.     The  results  are  given  in  the  following  table : — 

Table  L.— Octant  Observations,  14th  October,  1890. 


'          state  of  sky. 

Time. 

Sun's  altitude. 

[V]  -  [W]. 

m. 

Cleor  sky,  bnt  slight 
fogfainily  to  be     - 
seen. 

9»»  38«  A.M. 
10      8 

10  89 

11  2 

11  82 

12  1     P.X. 
12    30 

22**  48' 
25     15 
27    80 
29      0 
29    45 
80    46 
80      0 

0  0217 
0  0285 
0  0272 
0  0217 
0  0217 
0  0272 
0  0290 

0  0217 
00254 
0  0272 
0  0326 
0-0326 
0  0399 
0  029 

Light  fleecy  clouds  f 
in  the  sky'oct-ant.  \ 

1      0 
1    80 

.  29      0 
27    80 

0-2540 
0-3080 

0*8990 
0  0486 

Clear,  bat  still  faint  1 
doads.                J 

2    19 

24      0 

0-2720 

0-2720 

1 

Clear 

2    45 

21      0 

0  0210 

0-8290     ! 

Partial  clouds  ....  i 

8     15 
4      0 

17    15 
11    80 

0-0163 
0  0091 

0  0355 
0-0127    ' 
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The  effect  of  the  faint  fog  in  increasing  the  value  of  [V]  ±=  [W] 
is  plainly  seen  in  the  morning  obseryations.  The  effect  also  of  a 
very  few  Mnt  fleecy  clouds  is  seen  in  the  increase  of  [V]  and  of 
[U]  for  the  observations  at  1^  0°^  and  1^  30°,  before  which  no  clouds 
had  been  visible.     The  air  was  saturated  the  whole  day. 

The  candles  which  I  used  in  all  these  observations,  were  the 
*'  Belmont  Sperm,"  supplied  to  me  so  as  to  bum  100  grs.  in  47 
minutes. 


**  On  the  Minute  Structure  of  the  MuBcle-Columns  or  Sarco- 
styles  which  form  the  Wing-Muscles  of  Insects.  Pre- 
liminary Note."  By  E.  A.  Sohafer,  F.R.S.  Received 
December  15, 1890,— Read  January  8,  1891. 

[Platbb  4  A  5.] 

The  fibres  of  the  wing-muscles  of  most  insects  are  made  up  of 
readily  separable  longitudinal  elements,  which  are  often  called  the 
'*  wing-fibrils,"  although  several  observers  have  remarked  tbe  exist- 
ence of  an  apparently  fine  fibrillation  in  them.  To  avoid  ambiguity, 
I  shall  employ  the  term  "  muscle-columns "  (Musket-Mulehen,  Kol- 
liker),  or  its  equivalent  "  sarcostyles,"*  to  designate  these  elements. 
They  are  united  together  to  form  the  fibres  by  a  not  inconsiderable 
amount  of  granular  interstitial  substance  (sarcoplcum,  BoUett). 
This  substance  has  been  regarded  (Bam<5n  y  Gajal)  as  the  true  con- 
tractile material  of  the  muscles,  but  it  is  easy,  nevertheless,  to 
observe  the  contraction  of  the  sarcostyles,  isolated  in  white  of  egg, 
a  fact  which  has  been  pointed  out  by  more  than  one  writer  on  tbe 
subject  (Merkel,  Kdlliker). 

If  an  insect  of  which  the  wing-muscles  are  of  the  character 
above  described  is  cut  open  and  placed  in  alcohol  of  about  90  p.c. 
for  twenty-four  hours  or  more,  and  is  afterwards  transferred  to 
glycerine,  the  sarcostyles  of  the  wing-muscles  can  be  isolated  and 
examined  without  difficulty;  they  exhibit  almost  every  phase  of 
extension  and  retraction  (or  contraction),  and  the  usual  appearance 
of  alternate  dark  and  light  transverse  bands,  with  a  fine  line 
traversing  each  light  band.  When  stained  with  dyes,  such  aa 
haamatoxylin,  the  dark  bands  are  found  to  take  the  staining  most 
intensely ;  the  fine  transverse  lines  are  much  less  stained,  and  the 
clear  bands  hardly  at  all.  The  various  parts  of  the  saroostyle 
evidently  differ  from  one  another  in  their  behaviour  to  staining 
reagents,  and  the  transverse  striation  is  not  to  be  explained  by  the 
effect  of  the  varicosities  of  the  sarcostyle  upon  the  light  transmitted 

*  S<&p{,  fleth,  ar^Xoc,  a  ooluxnn. 
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through  it  (Haycraft) ;  moreover,  many  of  the  sarcostyles  flhow  no 
Bach  yarioosities.  A  more  valnable,  because  more  sharply  selective^ 
method  of  staining  is  that  recommended  by  Rollett  ('  Wien.  Akad. 
Denkschr.,'  vol.  51)  for  alcohol-glycerine  muscles.  This  consists 
simply  in  the  after-application  of  the  gold-formic  method  to 
the  tissne.  In  place  of  treating  the  fresh  mnscle  with  chloride 
of  gold  and  afterwards  with  formic  acid,  the  alcohol  mascle, 
which  has  been  afterwards  st<eeped  in  glycerine,  is  taken.  If 
fresh  ronscles  are  thus  treated,  the  sarcoplasm  alone  is  stained,  the 
saroostyles  remaining  colourless  (or  they  may  be  entirely  dissolved  by 
the  action  of  the  formic  acid).  In  this  way,  in  the  leg-mnscles,  the 
often-described  appearance  of  a  network  is  obtained.  Bat  if  the 
alcohol-glycerine  mnscle  be  taken,  the  redaction  of  the  metal  takes 
place  in  the  sarcostyles^  and  almost  ezclasively  in  their  dark  bands,  so 
that,  while  the  interstitial  sarcoplasm  and  the  clear  bands  of  the 
saroostyles  remain  clear  and  colourless,  the  dark  bands  of  the  sarco- 
atyles  are  deeply  coloured  of  a  tint  varying  from  an  intense  purple- 
red  to  a  faint  parple-blue.  Rollett  recommends  the  application  of 
this  method  to  the  study  of  the  struct  are  of  the  leg-muscles,  bat  it  is 
still  better  applicable  to  that  of  the  wing-muscles,  since  it  brings  out 
in  them,  with  a  clearness  which  renders  the  application  of  the  photo- 
graphic method  comparatively  easy,  points  of  stractare  which,  up  to 
the  present,  with  the  usual  methods  of  investigation,  have  remained 
obscure. 

Before  describing  the  special  points  which  are  thus  capable  of 
elucidation,  it  is  necessary  to  adopt  names  for  the  several  parts  of  the 
sarcostyle.  For  the  more  or  less  cylindrical  disk  which  forms  the 
dark  band  I  shall  retain  the  name  "  saroous  element,"  without 
thereby  intending  to  imply  that  it  accurately  corresponds  to  the  part 
to  which  that  name  was  originally  applied  by  Bowman ;  in  a  general 
senstf,  I  believe  that  it  will  be  found  to  do  so.  The  term  represents, 
on  the  whole,  the  Querseheibe  of  the  Qerman,  the  dieqae  epais  of 
French,  authors.  The  fine  line  which  bisects  the  light  band  I  shall 
term  "  transverse  membrane  "  {Quermemhran^  Krause;  Zwischen- 
scheibe  of  German  authors;  disque  mince  of  French  writers).  The 
light  space  separating  the  ends  of  the  sarcous  elements  from  the 
transverse  membranes  may,  for  the  present,  be  simply  spoken  of  as 
the  *'  clear  interval  ;*  it  corresponds  with  the  isotropous  substance 
of  authors.  The  segment  of  a  sarcostyle  comprised  between  two 
transverse  membranes  may  be  termed  *'  musole-segment "  or  '*  sarco- 
mere "  (MuskeUedstchen,  Kranse). 

The  relative  amount  of  the  sarcomere  occupied  by  its  several  parts 
varies  with  the  degree  of  extension  or  retraction  (?  contraction)  of 
the  tissne.  In  the  retracted  condition  (figs.  1  and  la)  the  sarcostyle, 
which   is  relatively  thick  and  moniliform,  appears  formed  almost 
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eiitirelj  of  the  sarcoas  elements,  which  are  distinctly  bulged,  and  are 
arranged  closely  sacceeding  one  another  with  bnt  narrow  clear 
intervals  between  them.  In  these  very  narrow  clear  intervals  the  later- 
ally-stretched and  thinned-out  transverse  membranes  cannot  be  seen 
unless  the  sarcous  elements  are  forcibly  dragged  somewhat  apart  in 
the  process  of  isolating  them ;  if  this  is  done  the  transverse  mem- 
branes become  visible  (figs.  2  and  2a).  In  moderately  extended 
sarcostyles  (fig.  5)  the  sarcous  elements  are  more  separated  from  one 
another,  the  clear  intervals  being  correspondingly  longer  and  the 
transverse  membranes  distinct.  In  greatly  extended  saroostyles  (figs.  3 
and  3a)  the  sarcous  elements  are  not  only  lengthened  and  much 
narrowed,  bat  show  a  tendency  to  separate  in  the  middle  into  two 
halves,  leaving  a  space  between  them.  The  clear  intervals  are  also 
lengthened,  and  the  transverse  membranes  are  thickened  ;  the  whole 
sarcostyle  being  narrowed.  It  may  be  inferred,  from  the  separation 
of  the  sarcous  element,  that  it  is  really  constituted  of  two  halves,  which 
in  the  retracted  fibre  abut  against  one  another  in  the  middle  of  the 
muscle  segment,  bat  in  the  extended  fibre  are  separated  from  one 
another.  Indications  of  this  separation  can  be  made  out  even  in  the  non- 
extended  sarcous  clement,  as  in  some  of  those  represented  in  fig.  8. 
Whether  or  not  there  is  a  fine  membrane  between  the  two  halves, 
as  described  by  Hensen,  my  preparations  do  not  enable  me  to  deter- 
mine. Nor  have  I  been  able  to  observe  in  them  the  farther  separa- 
tion, with  still  farther  extension,  of  separate  disks  (accessory  disks, 
Nehenacheiben)  from  the  ends  of  the  sarcous  elements,  a  separation 
which  has  been  described  and  figared  by  several  good  observers. 

In  the  preceding  statements  and  descriptions  there  is  nothing  that 
is  altogether  novel  or  that  has  not  been  described  with  sufficient 
clearness  by  previoas  authors.  But  the  application  of  photography 
leaves  no  room  whatever  to  doubt  the  accuracy  of  those  descrip- 
tions. 

There  is,  however,  one  essential  point  of  structure  which  I  have  only 
seen  clearly  in  preparations  made  by  this  method,  and  which  is  also 
distinctly  shown  in  the  photographs.  Various  authors  (Wagener, 
Krause,  Kolliker,  van  Gehuchten),  as  before  said,  have  described  a 
fibrillation  of  the  sarcostyles  of  the  wing-muscles  ;  or  at  least  a  longi- 
tudinal striation  of  the  sarcous  elements,  with  a  dotted  appearance  of 
the  transverse  membranes.  This  striation  is  very  plain  in  several  of 
those  wing-sarcostyles  which  are  here  photogpraphed,  and  also  in  all 
others  which  are  similarly  prepared.  It  is  even  plainer  under  the 
microscope  than  in  the  photographs,  because  the  mass  of  red-stained 
substance  which  forms  the  sarcous  elements  allows  hardly  any  actinic 
light  to  reach  the  photographic  plate,  and  the  sarcons  elements,  when 
well  stained,  look,  therefore,  nearly  uniformly  black  on  the  positive. 
It  is  very  difficult,  however,  to  trace  the  longitudinal   striations 


Digitized 


by  Google 


Muscle-Columns  which  farm  tlie  Wing-Muscles  of  Insects,     283 

through  the  clear  intervals  under  the  microscope,  and  I  was  at  first 
disposed  to  believe  that  it  was  confined  to  the  sarcons  elements.  Bat 
the  first  photograph  which  was  taken  showed  faintly,  but  nnmistak- 
ablj,  that  it  extended  also  through  those  intervals.  This  can  also  be 
detected  at  certain  parts  of  those  photographs  which  are  here  repro- 
dnoed.  The  longitudinal  striation,  therefore,  although  by  far  the 
most  marked  in  the  sarcous  elements,  extends  through  the  whole 
length  of  the  sarcostyle.  It  might,  therefore,  be  supposed  to  represent 
a  fibrillation  of  the  sarcostjle,  and  this  is  the  view  which  has  been 
taken  by  all  previous  authors  who  have  noticed  the  appearance. 
They  have  supposed  the  muscle-column  to  be  constituted  of  a  number 
of  juxtaposed  fibrils,  each  of  which  is  composed  of  successive  altema- 
tions  of  the  substance  composing  the  sarcostyle,  each  one,  therefore, 
being  composed,  in  the  middle  of  each  segment,  of  a  rod-like  portion 
of  the  sarcous  element ;  at  either  end  of  this,  and  continuous  with  it, 
of  a  portion  of  the  substance  of  the  clear  interval ;  and,  lastly,  at  the 
ends  of  the  segments,  of  a  portion  of  the  transTcrse  membrane. 
The  sarcous  element  is,  according  to  this  view,  formed  by  the  juxta- 
position of  a  number  of  rod-like  elements,  which  are  stained  by 
hematoxylin  and  similar  methods  (amongst  which  must  be  reckoned 
this  alcohol-gold  method)  ;  the  clear  intervals  being  formed  of  continua- 
tions of  these  rod-like  elements,  which  are,  however,  of  a  different 
chemical  nature  since  they  do  not  take  these  stains,  and  exhibit  differ- 
ent optical  properties ;  and  the  transverse  membranes  of  minute,  dot- 
like elements  having,  again,  different  chemical  and  optical  properties 
from  the  other  parts.  (The  accessory  disks,  since  they  are  inconstant, 
may,  in  this  brief  preliminary  communication,  be  left  out  of  account.) 
But  the  optical  sections  of  the  sarcostyles  (figs.  6,  7a,  8,  and  8a),  i.e., 
more  especially  of  their  sarcous  elements,  which,  in  teased  preparations 
of  muscles  prepared  by  the  alcohol-gold  method,  are  frequently  set 
free  in  the  preparation,  and  are  seen  lying,  as  often  as  not,  upon 
one  surface,  show  conclusively  that  the  above  supposition  regarding 
the  fibrillar  constitution  of  the  sarcostyles  is  entirely  erroneous. 
The  sarcous  elements  are  not  made  up  of  a  bundle  of  rods,  but  are 
formed  of  a  continuous  substance  {sarcous  substance)^  staining  with 
hflsmatozylin  and  with  gold  after  hardening  in  alcohol,  which  sub- 
stance is  pierced  by  tubular  canals  which  open  at  each  end  of  the 
sarcous  element,  and  in  its  middle  abut  against  one  another  at  the 
plane  of  Hensen's  line.  The  optical  section  of  each  sarcous  element 
shows  a  dozen  or  more  of  such  canals,  and  the  contents  of  these 
canals  are,  to  all  appearance,  freely  continuous  with  the  transpa- 
rent, colourless  substance  of  the  clear  intervals  ;  this  can  be  made 
out  in  the  longitudinal  views.  The  longitudinal  striation  of  the 
sajncous  element  is  due  to  this  canalisation ;  that  of  the  clear  interval 
to  a  prolongation  of  delicate  lines  (which  may,  perhaps,  represent 


Digitized 


by  Google 


284      Prof.  E.  A.  Schafer.     On  the  Minute  Sirueture  of  the 

thin  septa)  of  the  sarooas  substance  through  the  clear  interval  to  the 
transverse  membranes.  The  whole  sarcostyle  appears  to  be  itself 
enclosed  by  a  membrane  of  extreme  delicpoy. 

If  we  assume,  as  is  to  all  appearance  the  case,  that  the  snbstance  of 
the  clear  iotenral  is  of  a  fluid  or  semi-fluid  nature,  the  abore  view  of 
the  constitution  of  the  sarcostjle,  which  is  illustrated  with  unmis- 
takable clearness  in  the  photographs,  enables  one  to  form  a  tolerably 
reasonable  idea  as  to  the  physical  change  which  may  occur  when  the 
saroofltyle  passes  from  the  condition  of  extension  to  that  of  retraction, 
and  vice  vend.  For  if  the  sarcostyle  be  extended,  the  saroous  elements 
being  narrowed  and  laterally  compressed  by  the  extending  force,  the 
fluid  which  is  contained  in  their  canals  will  become  squeezed  out,  and 
wiU  pass  into  the  clear  intervals,  while,  at  the.  same  time,  the  process 
of  extension  will  elongate  the  sarcous  elements  and  separate  them 
further  from  the  transverse  membranes.  With  further  extension,  a 
separation  of  the  sarcous  element  in  the  middle  may  also  occur, 
some  of  the  expressed  fluid  passing  into  the  interval  between  the  two 
halves.* 

On  the  other  hand,  when  the  extended  sarcostyle  becomes  retracted 
(?  contracted),  the  sarcous  elements  swell  and  the  dear  intervals 
become  shortened  so  as  eventually  almoH  to  disappear.  This  can  only 
be  effected  by  the  absorption  of  the  homogeneous  substance  of  the 
dear  intervals  into  the  sarcous  element,  and  in  all  probability  it  is 
imbibed  into  the  canals  or  visible  pores  of  the  saroous  substance. 
The  process  may,  in  £ftct,  be  roughly  compared  with  that  which  would 
occur  with  a  series  of  pieces  of  sponge,  placed  at  short  intervals,  in  a 
thin- walled  elastic  tube  filled  with  fluid.  If  the  tube  were  extended 
the  fluid  would  be  squeezed  out  of  the  pores  of  the  sponge,  and 
would  go  to  increase  the  volume  of  that  in  the  intervals ;  on  relaxing 
the  extending  force,  the  fluid  would  be  re-imbibed  by  the  sponge,  and 
the  intervals  would  be  diminished.  This  comparison  is  not  intended 
as  an  explanation  of  the  mechanism  of  muscular  contraction,  but 
merely  as  an  illustration  of  the  physical  changes  which  may  reason- 
ably be  supposed  to  accompany  the  varying  conditions  of  extension  of 
the  muscle. 

The  subject  of  this  preliminary  communication  is  treated  of  more 
fully  in  a  detailed  account  of  the  structure  of  muscle  which  will 
shortly  appear  in  the  '  International  Journal  of  Anatomy  and  Physio* 
logy.'      Since,  in  that  account,  I  shall  have  occasion  to  refer  at 

*  This  eeparation  does  not  always  occur  with  continued  eztension,  for  in  the 
naroostjle  photographed  in  fig.  4  the  saroous  elements  of  the  extended  part, 
although  they  show  the  eftect  of  traction  in  their  elongation  and  narrowing,  are  not 
separated  and  contracted  in  the  middle,  as  in  the  sarcostyle  shown  in  fig.  8,  but  are 
eren  slightly  bulged  at  the  centre.  There  appears,  howcTer,  a  slight  tendency  for 
iLeir  ends  to  separate  as  (?  accessory  disks). 
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considerable  length  to  the  views  and  statements  of  other  recent 
writers  on  the  same  snbject,  and  to  indicate  the  bearings  of  these 
observations  upon  the  wing-muscles  on  the  more  intricate  subject  of 
the  stracture  of  the  leg-muscles  of  insects,  and  of  the  ordinary  skeletal 
muscles  of  vertebrates,  I  have  omitted  such  references  and  indica- 
tions from  the  present  notice.  I  may  simply  state,  however,  that  for 
reasons  which  are  given  at  length  in  the  article  above  referred  to,  I 
regard  the  structure  of  the  wing-muscles  of  insects  as  famishing  the 
key  to  the  understanding  of  muscular  structure  in  general,  and  I 
believe  that  it  is  possible  to  draw  a  comparison  detail  for  detail 
between  the  two  kinds  of  muscle  which  shows  a  complete  coiTespond- 
ence  in  all  essential  particulars. 

Descbiption  of  the  Photographs.    (Plates  4  and  5.) 

All  the  figures  upon  these  plates  are  photographs  of  parts  of  sarco- 
styles  of  the  wing-muscles  of  the  common  wasp,  which  had  been 
prepared  and  stained  by  the  method  mentioned  on  page  281.  In 
specimens  thus  prepared  there  is  a  considerable  amount  of  variation 
in  the  degree  to  wiiich  the  saroostyles,  and  even  the  saroous  elements 
of  the  same  sarcostyle,  are  swollen  by  the  dilute  formic  acid,  into 
which  the  muscle  is  placed  after  having  been  acted  upon  by  gold 
chloride.  This  is  noticeable  in  ^.  8,  a  part  of  which  is  further 
magnified  in  8a,  where,  in  the  same  sarcostyle,  some  of  the  sarcous 
elements  are  narrow,  and  others  wide.  The  latter  do  not,  I  believe, 
belong  to  contracted  or  retracted  portions  of  the  sarcostyle,  but  are 
merely  more  swollen  by  the  acid,  probably  because  tbey  happened 
to  be  less  fixed,  i.e.,  coagulated  by  the  previous  treatment  with 
alcohol  and  gold.  It  is  noticeable  also  that  these  more  swollen 
saroous  elements  are  fainter  in  the  photographs;  this  is  due 
to  the  fact  that  they  are  always  of  a  bluish  tint;  whereas  the 
less  swollen  sarcous  elements  are  deep-red,  and  hence  come  out 
nearly  black.  The  former,  however,  show  the  longitudinal  striation, 
t.e.,  canalisation,  better  than  the  latter.  It  must  further  be  stated 
that  the  extension  of  the  sarcostyles  shown  in  fig.  8  has  been  produced 
in  teasing  the  preparation  with  needles  by  the  demi-desiccation 
process  ;  it  is  quite  different  from  the  extension  shown  in  figs.  3  and 
4,  which  has  been  brought  about  in  the  living  tissue  prior  to  the 
advent  of  the  hardening  fluid.  The  saroostyles  represented  in  figs. 
1  and  3,  and  the  lower  part  of  fig.  4,  have  been  specially  selected  to 
illustrate  the  characteristic  appearances  of  retraction  (P  contraction) 
and  extension,  because  they  were  very  distinctly  red-stained  and 
showed  neither  distortion  from  being  swollen  by  acid  nor  dislocation 
from  mechanical  stretching  after  hardening  ;  all  the  other  sarcostyles 
which  are  shown  in  the  photograph  exhibit  such  distortion  or  disloca- 
tion to  a  greater  or  less  extent. 
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PLATa^4. 

Fig.  1.  Part  of  a  sarcostyle  which  has  become  fixed  in  the 
retracted  (?  contracted)  condition. — Fig.  la.  The  same,  more 
magnified. 

Fig.  2.  Part  of  a  retracted  sarcostyle,  showing  a  slight  mechanical 
dislocation  of  some  of  the  sarcons  elements,  which  has  been 
produced  after  hardening. — Fig.  2a.  The  same,  more  magnified. 

Fig.  3.  Part  of  an  extended  sarcostyle. — Fig.  3a.  The  same,  more 
magnified. 

Fig.  4.  Portion  of  a  sarcostjle,  which,  at  one  end,  is  much 
extended,  at  the  other  moderately  extended,  these  conditions 
having  probably  been  present  before  hardening.  The.  middle 
part  is  somewhat  dislocated,  probably  after  hardening. — 'Fig.  4a. 
The  same,  more  magnified. 

PukTB  5. 

Fig.  5.  Parts  of  three  moderately  extended  sarcostyles,  with 
grannies  of  the  sarcoplasm  lying  between  them. 

Fig.  6.  Part  of  two  adjacent  sarcostyles,  somewhat  swollen  by  the 
formic  acid.  The  upper  terminal  sarcous  element  of  each 
one  is  swollen  and  flattened  out,  and  is  lying  obliquely, 
haying  been  probably  touched  by  the  needle  in  teasing  the 
muscle.  These  show,  especially  the  right-hand  one,  the 
tubular  structure  of  the  saroous  elements. 

Fig.  7.  Two  sarcons  elements  lying  free:  one  is  represented  in 
profile,  the  other  in  optical  section. 

Fig.  8.  Photograph  of  part  of  a  microscopic  field,  containing  a 
number  of  more  or  less  broken- up  sarcostyles,  and  showing 
several  of  the  sarcons  elements  lying  flat,  and  others  in  profile. 
The  tubular  or  canalised  structure  is  very  evident.  (The 
globules  represented  are  oil-drops  which  had  accideuily  got 
into  the  glycerine  in  which  the  specimen  was  mounted.) 

Fig.  8a.  Middle  part  of  the  above  photograph,  enlarged;  «,  «, 
sarcons  elements  in  profile  view.  Those  to  which  the  letters 
are  adjacent  show  thb  line  where  separation  occurs  when  the 
sarcostyle  is  extended  (as  in  figs.  3  and  3a).  Some  of  the  other 
(bluer)  acid-swoUen  elements,  which  come  out  less  darkly  in 
the  photograph,  exhibit  the  canalisation  better.  « ,  «',  saroous 
elements  seen  on  the  flat,  i.e.,  in  optical  section ;  o,  o,  acci- 
dental oil-globules. 

Figs.  1  to  8  are  photographs  taken  with  Zeiss's  1'30  aperture, 
2-mm.  homogeneous  achromatic  objective,  and  with  projection  ocular. 
They  are  magnified  870  diameters.  Figs,  la,  2a,  3a,  ifec.,  are  enlarge- 
ments from  the  same  negatives.  They  represent  the  tissue  elements 
tuagnified  2300  diameters. 
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"  On  the  Minute  Structure  of  Striped  Muscle,  with  Special 
Reference  to  a  New  Method  of  Investigation,  by  means  of 
'  Impressions  *  stamped  in  Collodion."  By  John  Bebry 
Haycraft,  M.D.,  D.Sc,  F.R.S.E.  Communicated  by  Dr. 
Klein,  F.RS.  (From  the  Physiological  Laboratory,  Univ. 
Edin.)     Received  January  2, — ^Read  January  8,  18^1. 

[Platb  6.] 

Historical. 

Cariously  enough  many  of  the  early  microscopists — Schwann  for 
instance — recognised  that  the  fibrils  of  a  mnscle  are  not  simply 
threads  of  uniform  thickness,  like  those  of  connective  tissne :  they 
were  able  to  demonstrate  their  varicose  character,  even  with  the 
imperfect  lenses  ac  their  command.  They  concluded — of  course 
without  any  experimental  proof — that  the  cross  striping  of  the 
fibrils,  and,  therefore,  of  the  fibres  themselves,  was  an  optical  e^res* 
sion  of  such  varicosity. 

But  Bowman,  while  believing  apparently  that  the  striping  was 
optical,  and  comparing  the  muscle  fibril  to  a  beaded  rod  of  glass, 
succeeded  in  breaking  up  the  fibrils  into  little  segments. 

According  to  his  view,  these  '^sarcous  elements,"  as  he  termed 
thum,  joined  end  to  end  by  cement,  constituted  a  muscle  fibril.  He 
further  believed  that  each  sarcous  element  coincided  in  position  with 
one  of  the  alternating  stripes,  the  other  kind  of  stripe  corresponding 
with  the  position  of  the  cement  joining  the  segments  together. 

But  no  sooner  had  histologists  begun  to  associate  the  cross-striping 
with  stmctnral  differences  along  the  fibriln,  than  their  varicositj  was 
almost  entirely  lost  sight  of,  and  every  new  stripe  (and  many  were 
discovered  by  Dobie,  Hensen,  and  others)  was  gratuitously  assumed 
to  mark  the  position  of  some  new  structure. 

There  was,  however,  mach  to  excuse  what  might  at  first  sight 
appear  to  have  been  a  great  want  of  critical  acumen,  for  the  applica- 
tion of  staining  reagents  appeared  to  bring  out  alternating  differences 
of  structure  along  the  fibre.  Thus,  with  logwood  or  picrocarmine  or 
eo8ine,the  clear  stripe  (isotropic  bands),  the  dark  stripe  (Qaerscheibe ; 
disque  6pais),  the  band  of  Hensen  (Mittelscheibe ;  dtsqae  median), 
and  Dobie's  line  (Querwand ;  strie  mince),  all  appear  to  take  on  the 
stain  in  different  degrees,  so  much  so  that,  in  specimens  successfully 
prepared,  some  stripes  appear  deeply  stained,  others  hardly  at  all. 

Then,  again,  Brttcke  and  other  investigators  demonstrated  that  the 
fibrils  consist  of  alternating  parts,  some  of  which  appear  to  be  donbly, 
and  others  singly,  refracting. 

Overwhelmed  by  what  appeared  to  be  such  a  mass  of  evidence,  the 
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histologist  of  ten  or  twenty  years  ago  felt  bonnd  to  assume  that  the 
fibril  was  a  very  complicated  structore,  and  he  never  doubted  that  a 
mnscnlar  fibril  consists  of  a  series  of  alternating  and  recurring  struc- 
tures. It  then  became  his  duty  to  find  out  what  these  stractures  really 
might  be,  and  what  part  they  play  during  a  muscular  contraction. 

The  lines  of  Dobie  are  often  seen  as  narrow  dark  bands,  which 
were  believed  to  be  membranes  (Querwand),  and  it  was  held  that 
these  membranes  separated  up  the  fibrils  into  little  boxes  (Muskel- 
kastchen),  so  that  a  fibril  consists,  according  to  these  authorities,  of  a 
series  of  little  boxes,  joined  end  to  end,  containing  the  substances 
whose  position  was  marked  by  the  other  stripes.  Certain  of  thesa^ 
stripes  (the  dim  ones)  were  considered  to  mark  the  position  of  solid 
or  relatively  more  solid  substances,  and  the  other  stripes  (the  clear 
ones)  to  consist  of  fluid  or  relatively  less  solid  substances.  The 
appearance  of  the  stripes,  the  staining,  and  their  action  on  polarised 
light  gave,  at  any  rate,  some  colour  to  this  hypothesis,  for  the  dim 
stripes  appear  to  have  more  substance  than  the  dear  stripes ;  they 
appear  to  stain  with  reagents,  and  to  doubly  refract  light,  which 
latter  property  is  certainly  seen  in  some  solids.  The  light  stripes, 
on  the  other  hand,  appear  deficient  in  substance  and  solidity,  they 
stain  less  readily,  and  they  simply  refract  light  (a  property  common 
to  all  liquids,  and  some  solids). 

The  Muskelkastchen  hypothesis  seemed,  therefore,  feasible  enough, 
and  having  under  their  microscopes  little  boxes  containing  more 
solid  and  less  solid  parts  in  alternating  layers,  EIrause,  Merkel, 
Engelmann,  and  others,  sought  to  explain,  each  in  his  own  way, 
the  most  obvious  phenomenon  of  contractility,  namely,  the  shorten- 
ing and  thickening  of  the  contractile  tissue,  as  being  due  to  the 
interaction  of  these  structures. 

Histologists  are  accustomed  to  observe  osmotic  changes,  the  swelling 
up  and  the  shrinking  of  red  blood-corpuscles,  for  instance,  and  to  see 
the  resulting  alterations  of  form.  Under  these  circumstances  it  was 
not  unnatural  for  them  to  suppose  that  during  contraction  the  more 
solid  parts  of  the  Muskelkastchen  imbibed  fluid  from  the  less  solid 
parts,  in  such  a  way  as  to  alter  the  shape  of  the  muscle  box,  making 
it  shorter  and  thicker,  and  causing,  in  consequence,  the  whole  fibre 
to  change  in  the  same  way. 

In  apparent  support  of  this  theory,  the  stripes  in  the  muscle 
boxes  change  their  relative  thickness,  and  alter  in  appearance,  in  the 
manner  so  carefully  described  by  these  observers.  There  seems,  in 
fact,  only  one  objection  to  this  osmotic  theory  which  would  at  once 
present  itself  to  the  eye  of  the  critical  observer ;  it  is  the  time  taken 
by  the  process,  for  osmotic  changes  are  slow  in  their  very  natnre,  and 
the  mnscles  of  an  insect's  wing  can  contract  over  a  hundred  times  a 
second. 
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Personal  Ohservatione  hefore  the  Year  1880. 

More  than  ten  years  ago  it  was  my  duty,  as  a  yoting  teacher,  to 
make  myself  familiar  with  the  current  literature  bearing  npon  the 
stmotare  and  fonction  of  mnscnlar  tisane.  Ev^en  then  the  number  of 
publications  was  very  great,  and  I  can  now  recall  the*  despair  with 
which  I  tried  to  get  a  grasp  of  a  subject  about  which  no  two  observers 
could  be  found  to  agree.  While  endeavouring  to  verify  some  of 
the  statements  I  had  read,  I  found  out  for  myself  that  the  fibrils  are 
in  reality  vai-icose  threads  of  tissue,  presenting  alternate  swellings  and 
constrictions  of  their  substance.  At  once  the  conviction  forced  itself 
upon  my  mind  that  the  striping  might  after  all  be  an  optical  expres- 
sion of  the  form  of  the  fibrils,  and  have  nothing  whatever  to  do  with 
their  internal  structure ;  and  it  was  not  until  my  results  were  in 
manuscript  form,  and  ready  for  publication,  that  I  got  access  to  the 
older  and  almost  forgotten  literature  in  which  I  found  the  same 
views  freely  expressed,  although  without  any  attempt  at  their  proof. 

When  I  had  made  certain  that,  both  in  the  fresh  and  in  the  prepared 
muscle,  the  fibrils  are  invariably  varicose,  then  1  felt  that  the  position 
of  the  subject  was  as  follows.  Such  fibrils  are  bound  to  be  cross- 
striped  like  all  other  objects  of  similar  shape,  viewed  by  transmitted 
light.  It  may  be  that  the  cross-striping  observed  is  dtfe  to  the  vari- 
cosity alone,  or  to  the  varicosity  and  to  co-existing  structaral  differ- 
ences as  well ;  and,  under  these  circumstances,  before  we  are  in  a 
position  to  take  any  further  step  in  an  investigation  into  the  nature 
of  the  muscular  fibre,  it  is  imperative  to  eliminate  the  appearances 
due  alone  to  varicosity. 

My  first  endeavour  was  to  ascertain  whether  there  are  any  stripes 
that  do  not  correspond  in  their  position  with  inequalities  in  the  thick- 
ness of  the  muscular  fibrils. 

Of  course  in  many  cases  it  is  difficult,  especially  if  the  fibrils  or 
fibres  are  somewhat  distorted,  to  make  oat  the  border  clearly ;  but  iu 
good  specimens,  in  a  snitable  position  for  study,  I  found  that  the 
striping,  both  in  the  contracted  and  uncontracted  fibre,  corresponds 
invariably  to  either  thickenings  or  constrictions  of  the  fibrillar  sub- 
stance, and  in  this  investigation  the  muscular  tissue  of  many  repre- 
sentative species,  both  Vertebrates  and  Invertebrates,  was  examined. 
The  broad  dim  stripe  occupies  the  position  of  a  thick  bulging  part  of 
the  fibre,  and  Hensen's  stripe,  when  present,  corresponds  to  the  posi- 
tion of  a  shallow  depression  in  its  centre.  The  clear  stripe  lies  in  the 
constrictions  of  the  fibril  and  Dobie's  line  corresponds  with  a  tiny 
swelling  in  its  centre. 

In  addition,  the  stripes  can  be  reversed  by  altering  the  focus,  just 
as  is  the  case  with  a  little  varicose  glass  thread,  the  scale  of  a  Lepisma^ 
or  the  shadow  in  the  centre  of  a  red  blood-corpuscle ;  indeed  Bowman 


Digitized 


by  Google 


290  Dr.  J.  B.  Haycraft. 

Fig.  1. 


Bowman'g  elements. 
Querscheibe. 


MittelfloHeibe.    Hensen's  line. 


Q.uerwand.    Dobie's  line. 


l80taN>pio!  dearttripe. 


Part  of  a  muscular  fibril  is  represented  in  tbis  figure,  and  it  will  be  notioed  that 
the  striping  of  the  fibril  oorrespunds  with  the  position  of  inequalities  in  ite 
thickness. 


actually  described  the  striping  in  tlie  reverse  focns  to  that  generally 
adopted,  calling  "  clear  "  what  we  speak  of  as  the  "  dim  •*  band. 

A  very  simple  method  of  determining  exactly  what  part  varicosity 
plays  in  the  production  of  the  cross-striping  then  suggest-ed  itself 
to  my  mind ;  it  was  ^to  immerse  the  fibrils  in  a  fluid  having  the 
same  refractive  index.  Under  these  circumstances  it  is  obvious 
that  these  stripes,  which  are  due  to  varicosity  alone,  will  disappear, 
but  the  striping  will  become  even  more  marked  if  there  are  alter* 
nating  strnctnres  along  the  fibre  possessed  of  different  refractive 
indices.  At  Professor  P.  G.  Tait's  suggestion,  I  placed  the  fibres  in 
a  mixture  of  alcohol  and  oil  of  cassia,  varying  the  proportions  until  I 
approximated  to  the  refractive  index  of  the  fibrils.  The  striping 
never  entirely  disappeared,  bnt  it  grew  fainter  and  fainter,  and  I 
am  inclined  to  explain  the  partial  failure  of  this  experiment  on  the 
grounds  that,  unlike  a  glass  rod,  the  muscle  fibres  imbibed  the 
medium  in  which  they  were  embedded.  As  a  result  of  this  slow 
imbibition,  the  refractive  index  of  the  fibres  would  be  constantly 
altering,  and  it  would  be  a  matter  of  the  greatest  difficulty  to  make 
it  exactly  the  same  as  that  of  the  surrounding  medium.  In  addition 
to  this,  coagulation  wonld  be  almost  certain  to  take  place  within  the 
fibrils,  destroying  their  optical  tmiformity. 

While  looking  upon  the  results  I  had  obtained  as  valuable  but  not 
conclusive  evidence,  I  soaght  to  solve  the  problem  in  another  way. 
I  took  the  living  mifscle  of  a  Grab  or  Fly,  and,  while  examining 
it  nnder   the  microscope,  I   pressed  doj^rn  the  cover-glass  with  a 
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needle.  Under  these  circnmstances,  tHose  fibres  which  were  pressed 
upon  lost  their  cross-stripes,  and  looked  extremely  like  connective 
tissne.  Of  course  it  might  be  arged  that  the  fibres  were  by  this 
pressure  entirely  disorganised,  and  no  conclusions  can  legitimately  be 
drawn  from  the  experiment,  but  to  this  it  can  be  replied  that  if  there 
really  are  little  bands  of  tissue  so  clearly  distinguishable  from  each 
other,  as  those  who  hold  the  Muskelkdstchen  hypothesis  believe,  these 
or  their  traces  should  be  found  scattered  about  throughout  the  pre- 
paration. In  point  of  fact,  as  you  press  upon  the  cover-glass  the 
stripings  gradually  disappear  with  increased  pressure,  and  in  the  ill- 
defined  fibril lated  structure  that  remains  there  are  no  traces  of  the 
broken  Mtukelkdstchen,  And  finally,  if  more  proof  is  wanted,  it  is 
possible  by  means  of  a  screw,  which  raises  or  lowers  the  cover-glass, 
first  to  press  upon  the  fibres  and  cause  the  striping  to  disappear,  and 
then  on  raising  the  cover-glass  to  cause  them  to  reappear  once  more. 
We  can  only  explain  this  result  on  the  assumption  that  the  varicose 
fibrils  are  flattened  out,  and  that  the  striping  caused  by  their  vari- 
cosity disappears  in  consequence. 

There  were,  however,  three  important  facts  which  had  to  be 
thoroughly  accounted  for,  before  it  could  be  affirmed  that  the  fibrils 
do  not  consist  of  the  alternating  structures  supposed  to  exist ;  these 
facts  were  the  effect  of  cleavage,  of  staining  and  the  action  of 
polarised  light.  The  muscle  fibrils  can  be  broken  across  into  the 
sarcous  elements  described  by  Bowman ;  bat  a  careful  study  of  the 
question  soon  convinced  me  that  the  cleavage  is  always  across  the 
thinnest  parts  of  the  fibrils,  taking  place  in  the  substance  of  the  clear 
stripe.  If  Dobie's  line  is  at  all  marked,  the  cleavage  takes  place  near 
the  little  swelling  which  corresponds  to  it,  and  through  the  substance 
of  the  clear  stnpe.  Reference  to  fig.  1  will  at  once  show  that  here 
we  have  to  deal  with  the  thinnest  part  of  the  fibrils,  and  it  is  there- 
fore begging  the  question  to  assume  anything  over  and  above  this 
mechanical  reason  for  the  cleavage,  for  every  varicose  rod  will  break 
across  at  its  thinnest  part.  The  phenomenon  of  transverse  cleavage 
cannot  therefore  be  taken  in  itself  as  an  argument  in  favour  of 
structural  differences  along  the  fibrils. 

The  appearances  seen  in  stained  preparations  can  also,  I  pointed 
out,  be  satisfactorily  explained  on  the  varicosity  hypothesis.  We 
find  that  whatever  else  is  employed,  and  at  whatever  focus  you  adopt 
in  your  examination,  those  stripes  which  in  the  unstained  preparations 
appear  dim  also  appear  to  take  on  the  stain,  while  those  stripes  which 
appear  clear  and  bright  are  unaffected  by  it.  In  fact,  the  difference 
in  colour  is  entirely  a  question  of  **  saturation,"  for  whenever  there  is 
a  flood  of  light,  as  in  a  clear  stripe,  the  colour  of  the  fibre  at  that  part 
becomes  unaatarated  by  it.  It  is  easy  to  convince  oneself  practically 
of  this  fact  by  the  examiuation  of  varicose  threads  of  faintly  coloured 
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glass  in  a  ray  of  parallel  light.  Bods  of  faintly  tinted  glass  of  the 
same  shape  as  the  muscle  fibres,  having  tiny  globales — Dobie's  lined — 
and  broader  swellings  for  the  dim  stripes,  when  examined  nnder  the 
microscope,  or  in  the  field  of  a  lantern,  give  as  strong  colour  differentia- 
tions as  any  muscle  fibres,  the  constrictions  coming  ont  quite  colour- 
less, while  the  dim  band  and  Dobie's  line  are  sharply  broaght  out  by 
their  deepened  colour.* 

One  of  the  chief  faults  of  which  I  was  guilty  when  publishing 
these  results  in  1880  was  that  I  did  not  sufficiently  ky  stress  on  the 
appearances  presented  by  a  coloured  or  colourless  varicose  thread  of 
glass  when  placed  in  the  path  of  a  parallel  ray  of  light.  It  is  quite 
different  from  the  same  thread  when  examined  in  diffuse  daylight, 
for  in  the  latter  case  a  hundred  images  fall  upon  the  retina  at  the 
same  time,  and  the  striping  and  colour  differentiations  are  confused. 
One  can  see  little  appearance  of  striping,  and  if  the  glass  is  coloured 
it  may  appear  very  much  of  the  same  tint ;  place  it  in  a  lantern,  ol* 
even  lay  it  down  on  a  piece  of  white  paper,  and  the  picture  is  quite 
different.  As  one  is  accustomed  to  view  objects  in  diffuse  daylight, 
one  is  not  prepared  to  interpret  correctly  the  character  of  such  an 
object  when  viewed  through  a  microscope:  the  clear  well-defined 
bands  and  colour  differentiations  of  a  muscle  fibril  are  not  the  ap- 
pearances of  a  varicose  thread  as  seen  in  diffuse  daylight,  but  they 
are  those  of  a  similar  fibre  observed  in  parallel  light  when  practically 
a  single  image  falls  upon  the  retina. 

Lastly,  we  come  to  the  action  of  polarised  light,  and  here  at  once 
the  phenomena  by  no  means  prove  structural  differentiation  along 
the  fibre.  There  are  nmny  questions  which  lead  to  complication.  We 
have  the  varicosity  of  the  fibril,  which  will  alter  the  path  of  the 
polarised  beam  and  produce  apparent  differences  along  the  fibre  when 
there  may  be  in  reality  none  at  all.  Then  we  have  as  a  complication 
the  interfibrillar  substance,  which  is  simply  refracting,  and  which  is 
chiefly  lodged  in  the  neighbourhood  of  the  dear  stripe.  I  was  not 
prepared  to  say,  under  these  circumstances,  what  is  the  action  of 
polarised  light  on  the  fibrils,  nor  do  I  wish  to  commit  myself  now :  it 
is  sufficient  to  say  that,  even  if-  we  grant  that  alternating  singly  iso- 
tropous  and  doubly  refracting  anisotropic  bands  exist  along  a  fibril, 
it  does  not  follow  that  these  are  bands  of  more  solid  and  less  solid 
material :  the  whole  difference  may  be  due  to  molecular  tension.  A 
fibre  of  such  a  shape,  as  was  pointed  ont  to  me  both  by  Professor 
Stokes  and  by  Professor  P.  O.  Tait,  is  almost  bound  to  possess  altern- 
ating parts  in  different  conditions  of  molecular  tension,  and  give  the 
familiar  appearances  ^hen  examined  by  polarised  light. 

*  In  doing  thii  experiment,  only  faintly  tinted  glam  must  be  used,  and,  u  this  is 
difficult  to  obtain,  I  generally  use  hoUow  Ttricose  tubes  of  white  glass  filled  with 
ooloured  fluid. 
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A  paper  ooiit«ining  the  above  results  was  presented  to  the  Royal 
Society  of  London  bj  my  kind  friend  Professor  £.  Klein,  and  waa 
printed  in  the  '  Proceedings '  of  1880,  and  in  the  *  Quarterly  Journal 
of  Microscopical  Science,'  1881,  and  in  this  paper  I  ventured  to 
assert  that  I  had  been  able  to  ezpjain  the  appearances  generally 
considered  to  indicate  structural  differences  in  the  course  of  the 
fibrils  as  being  due  to  the  yaricosity  of  the  fibrils  themselves.  I 
farther  stated  that  of  course  structural  differences  might  exist,  but 
that  the  proof  of  their  existence  was  not  as  yet  forthcoming. 

My  views  were  received  in  many  quarters  with  kind  consideration, 
but  they  were  only  very  partially  accepted.  For  my  own  part,  as 
soon  as  I  bad  published  them  I  resolved  not  to  think  about  the 
subject  again  for  some  years,  when,  with  more  matured  experience,  I 
might  return  to  its  consideration  and  picking  up  the  threads  that  I 
had  dropped  unravel  them  with  a  more  skilful  hand. 

Becent  Investtgatums  vnth  the  OoUodion  Impresnons. 

Last  winter  (1889-90)  an  idea  occurred  to  me  which  led  once  more 
to  my  examination  of  the  subject.  It  struck  me  that  if  I  could 
"  stamp  "  some  soft  transparent  solid  with  muscle  fibres  it  might  be 
possible  to  obtain  impressions  of  the  fibres  on  the  soft  material.  If 
these  impressions  had  smooth  unstriped  depressions  corresponding  to 
the  fibres,  this  would  indicate  that  the  striping  was  caused  by  struc- 
tural differences  unthin  the  fibrils ;  if,  however,  the  impressions  were 
striated,  this  could  only  be  explained  on  the  ground  that  the  striation 
of  the  "stamp" — the  muscle — ^was  caused  by  the  form  of  the  fibrils, 
which  form  and  which  striation  were  transferred  to  the  soft  material 
in  the  process  of  stamping. 

It  seemed  improbable  that  I  should  succeed  in  getting  faithful  im» 
pressions  of  such  microscopic  objects,  yet  I  felt  that  it  would  be  well 
worth  while  making  the  attempt,  for  the  results  if  obtained  would  be 
most  conclusive.  I  experimented  with  every  substance  that  I  could 
think  of,  using  wax  of  various  kinds,  glass,  gelatins,  glycerin  jelly, 
transparent  soaps,  &o.  Once  or  twice  I  thought  that  I  had  obtained 
very  partial  success,  but  my  diffLcuUies  were  great^  for  when- 
ever I  hit  upon  a  substance  like  gelatin,  for  instance,  which  would 
set  in  intimate  contact  witii  the  fibrils,  it  invariably  came  away  with 
them  when  they  were  removed.  I  worked  at  the  subject  for  months^ 
trying  every  expedient  which  suggested  itself  to  me,  and  in  July, 
1890,  I  at  last  succeeded  beyond  my  most  sanguine  anticipations. 

It  occurred  to  me  that  perhaps  collodion  might  be  of  service,  for  a 
thin  layer  dries  quickly  and  forms  a  beautifully  smooth  transparent 
film.  I  accordingly  prepared  a  film  by  allowing  a  drop  of  collodion 
to  fall  upon  a  elide,  and  tilting  the  slide  so  that  it  flowed  over  it  in 
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a  layer  of  nniform  tbickness.  When  still  Bomewhat  moiBt  I  presRed 
against  the  film  some  rongblj  teased  muacle  fibres  held  on  my  finger 
tip.  They  came  away  quite  readily  when  the  finger  was  removed, 
leaving  little  '*  rats  "  in  the  collodion  obvious  to  the  nnaidnd  eye.  On 
examining  these  ruts  with  the  microscope  I  found  what  I  at  first 
thought  were  actual  muscular  fibres  still  adhering  to  the  collodion 
film,  showing  the  fibrils  and  every  detail  of  the  cross  striping  with 
remarkable  clearness.  The  ruts  contained,  however,  no  trace  of 
muscular  tisRue  when  examined  by  the  naked  eye,  for  the  slightest 
trace  of  muscle  is  at  once  recognised  by  its  opacity.  On  looking  at  the 
specimen  a  few  minutes  afterwards,  what  was  my  surprise  to  find  that 
all  the  appearances  I  had  just  seen  had  completely  vanished,  the  ruts 
had  disappeared,  and  the  collodion  film  was  flat  and  smooth. 

The  explanation  was  very  soon  found,  and  no  doubt  remained 
tliat  what  I  had  at  first  actually  mistaken  for  muscular  fibres  were  in 
reality  their  *Mmpressions,"  their  subsequent  disappearance  being 
due  to  the  contraction  of  the  film,  as  it  dried,  pulling  out  every  in- 
equality in  its  surface. 

It  is  very  instructive  to  watch  one  of  these  collodion  impressions  ; 
at  first  clearly  cut,  with  every  stripe  sharply  defined,  they  gradually 
fade,  and  perhaps  in  five  or  ten  minutes  they  disappear  entirely. 
Sometimes  a  portion  of  a  fibre  really  remains  sticking  to  the  col- 
lodion ;  it  is  at  once  recognised  by  its  great  opacity.  What  astonished 
me  almost  as  much  as  the  perfect  reproduction  in  the  impression  of 
every  cross  stripe  was  the  ease  with  which  these  impressions  can  be 
made.  One  can  hardly  fail  to  obtain  them,  and  at  the  International 
Congress  in  Berlin,  while  demonstrating  the  subject  to  the  members 
of  the  Physiological  and  Anatomical  Sections,  I  made  over  one  hun- 
dred preparations — few  of  which  were  failures.  Not  only  can  one 
stamp  with  hardened  muscle,  but  the  fresh  tissue  can  itself  be  used. 
Of  course  the  fresh  tissue  is  soft  and  does  not  make  so  good  a  stamp, 
the  results  are  not  so  striking,  but  they  are  quite  evident.  In  making 
impressions  of  a  fresh  muscle  one  can  take  a  piece  of  muscle,  say 
from  a  Babbit,  cut  it  through  in  the  direction  of  the  fibres,  and  press 
the  cut  edge  for  a  second  or  so  against  the  collodion  film,  which  must 
be  very  soft :  one  rarely  examines  the  film  without  getting  some  trace 
of  an  impression  upon  it.* 

If  the  impressions  are  examined  wi  th  a  high  power,  say  600  diameters, 
the  following  details  can  be  made  out.     Each  fibril,  if  a  hardened 

*  One  can  get  impreMions  of  other  tiseuet,  bone,  tooth,  hair,  Ac.  A  section  of 
dry  bone  comes  out  reiy  well,  and  one  can  see  in  the  impression  the  "  set "  of  the 
lamellie,  the  lacunn  and  their  canalicul«,  and  erenrj  detail  with  marrellons  clear- 
ness. If  a  still  moist  film  be  pressed  against  the  back  of  the  hard,  and  then  ex- 
amined, one  sees  the  impressions  of  the  imbricated  scales  coTering  the  bain  on  the 
back  of  the  hand  far  clearer  than  in  the  originaL 
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preparation  be  used  for  stamping,  makes  its  own  individual  impres- 
fiion  in  the  collodion,  which  rises  between  the  fibrils  in  the  place  of 
the  interfibrillar  substance,  which  has,  of  course,  been  removed  in  the 
ordinary  preparation  of  the  tissue.     When  the  muscle  is  pulled  awaj 
the  impressions  of  the  individual  fibres  can  readily  be  made  out,  and 
the  borders  of  the  little  varicose  hollows  are  plainly  to  be  seen ;  the 
cross-striping,  which  can  here  only  be  due  to  the  form  of  the  impres- 
sion, is  exactly  the  same  as  that  of  the  muscle  itself.     To  put  it  in 
another  way,  we  have  vai*icose  threads  of  air,  within  surrounding 
collodion  in  the  place  of  varicose  threads  of  muscle  surrounded  by 
balsam  or  Farrant,  and  varicosity,  the  only  common  factor  in  the  two 
cases,  is  alone  the  cause  of  the  striping  observed  in  each.     Not  only 
are  the  broad  stripes  well  marked,  but  one  can  see  with  even  greater 
ease  than  in  the  muscle  itself  the  lines  of  Dobie  and  of    Heusen. 
In  the  fresh  muscle  I  have  only  once  or  twice  seen  the  outlines  of  the 
fibrils  with  any  degree  of  distinctness,  but  the  stripings  are  more 
readily  seen ;  yet  one  would  hardly  expect  to  get  such  good  resalts 
from  fresh  muscle,  both  on  account  of  its  softness  and  from  the  fact 
that  the  fibrils  are  covered  by  sarcolemma.    If  the  collodion  be  tinted, 
eay  with  magenta  or  Bismarck-brown,  impressions  can  be  made  in 
this  coloured  medium,  and  these  show  in  beautiful  detail  the  apparent 
stain  difPerentiations  observed  in  muscle.     The  broad  dim  stripe 
comes  out  red  and  appears  like  a  solid,  well-defined  band,  and  the 
clear  stripe  in  successful  preparations  appears  by  contrast  devoid  of 
colour. 

It  will  be  seen  from  the  above  experiments  that,  as  the  stripings 
are  all  optical  effects  of  varicosity,  the  very  foundations  of  the 
Muskelkastchen  hypothesis  are  removed,  and  we  now  come  to  the 
consideration  of  the  phenomena  of  contraction. 

An  "  vmfpression  "  of  a  iwikSGidar  fSbre  shows  in  every  detail  the  appear^ 
ances  charcusteristio  of  the  muscle  used  to  stamp  it^  in  whatever  state  of 
contraction  or  relaxation  it  may  happen  to  be. — If  a  piece  of  muscular 
tissue,  hardened  in  alcohol  in  the  extended  position,  be  examined 
nnder  the  microscope  and  its  details  studied,  and  if  an  impression  of 
it  be  then  made,  the  impression  will  show  the  same  details  that  it 
shows.  The  same  holds  good  for  the  contracted  or  semi-contracted 
fibre.  Photograph  I  was  very  kindly  taken  for  me  by  my  friend  Dr. 
Carrington  Purvis,  and  shows  the  appearances  presented  by  a  Grab's 
muscle  in  a  state  of  extension.  The  little  varicose  fibrils  are  seen 
separat<ed  by  little  varicose  dark  lines,  the  latter  being  the  optical 
sections  of  the  interfibrillar  subistanoe. 

Photograph  II*  is  taken  from  an  *'  impression  "  of  a  muscle  in  a 

*  The  photographi  of  the  "  impressions  "  were  taken  bj  mj  friend  Dr.  £ding<- 
ton,  to  whose  skill  and  interest  I  am  much  indebted.  As  the  "  impressions  "  only 
last  about  fire  or  six  minutes,  and  as  with  ordinary  illumination  an  exposure  of 
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similar  condition,  and  it  will  be  noticed  that  tbe  appearance  i» 
essentially  the  same,  except  that  the  stripes  are  reversed,  the  little 
dots  forming  Dobie's  line  and  the  dim  bands  coming  out  bright,  and 
the  clear  stripe  appearing  dark ;  the  slightest  alteration  of  the  focns 
would  have  reversed  the  photograph  and  have  given  the  ordinary 
appearance. 

A  contracted  fibre  has  quite  another  appearance,  for  not  only  are 
the  cross-stripings  much  nearer  together,  but  they  have  changed  in 
character.  Without  going  into  detail,  at  present,  it  is  sufficient  to 
say  that  alternately  dark  and  light  stripes  are  seen,  and  that  the 
Dobie's  line,  so  constant  a  featare  in  the  extended  fibre,  is  no 
longer  to  be  seen  in  the  contracted  condition ;  the  stripes,  moreover, 
have  altered  in  thickness  relatively  to  one  another.  Now  it  is  need- 
less to  again  point  o^t  that  the  change  in  the  striping  has  hitherto 
been  held  to  indicate  changes  toithin  the  fibrils  of  the  nature  of 
osmosis,  the  stripes  being  taken  to  represent  actual  structures.  But 
if  an  impression  be  taken  of  a  muscle  killed  in  contraction  it  showa 
every  detail  of  a  muscle  in  that  condition,  as  photograph  III,  taken 
from  a  collodion  impression,  very  well  indicates.  (In  this  photograph 
the  clear  stripes  come  out  clear,  and  the  dark  stripes  dark,  just  as  in 
the  original  muscle,  but  of  course  the  appearance  could  be  reversed 
by  altering  the  focussing.) 

It  follows  that  when  a  muscle  passes  into  a  condition  of  contraction 
the  changed  appearance  is  entirely  due  to  a  change  in  its  form,  and 
I  have  frequently  stamped  muscles  which  show  in  the  same  fibre  both 
the  contracted  and  uncontracted  state  with  the  intermediate  stages. 
These  intermediate  changes  come  out  perfectly  in  the  **  impressions,'^ 
so  that  one  can  positively  affirm  that  the  striping  is  due  to  form,  and 
every  change  in  striping  observed  during  contraction  depends  upon 
some  change  of  form  too.  Of  course  the  imbibition  theories  of 
Krause,  Merkel,  and  Engelmann  are  no  longer  tenable,  since  the  ^icts 
on  which  their  theories  were  founded  have  received  another  explana- 
tion. The  Mnskelkastchen  was  evolved  on  the  supposition  that  the 
cross  stripes  correspond  to  membranes  and  layers  of  tissue  along  the 
fibres,  whereas  the  impressions  prove  that  they  are  due  to  variations 
in  the  thickness  of  the  fibrils  in  different  parts  of  their  course.  The 
imbibition  theories  were  evolved  on  the  supposition  that  the  changes 
in  the  striping  observed  during  contraction  are  due  to  alterations  in 

from  ten  to  fifteen  minutes  is  required,  our  first  attempts  were  not  as  suooessfol  as 
might  haye  been  desired,  and  those  exhibited  in  Berlin  were  decidedly  faint  and 
wanting  in  density.  Dr.  Edington  subsequently,  adopting  a  suggestion  of  Mr. 
I^organ,  used  magnesium  light  in  the  place  of  the  ordinary  oil  lamp,  burning  about 
one  foot  of  the  thin  riband  in  the  optical  axis  of  the  apparatus.  This  exposure, 
lasting  only  a  few  seconds,  gaye  us  rery  beautiful  negatives,  from  which  the  photo- 
^RiTure  plate  was  taken. 
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the  relatire  quantities  of  flaid  held  by  the  substances  producing  the 
striping.  Inasmuch,  however,  as  the  changes  in  the  striping  are 
due  to  changes  in  form  of  the  fibrils,  the  very  foundation  of  these 
theories  has  been  remoyed. 


The  Author's  Views  as  to  the  Structure  of  Striped  Muscle, 

Before  proceeding  further  I  would  venture  to  state  what  I  think 
we  are  in  a  position  to  affirm  respecting  the  structure  of  striped 
muscle.  The  fibres  consist  of  fibrils  generally  grouped  together  in 
bundles  and  separated  from  each  other  by  interfibrillar  matter.  As 
the  fibrils  are  varicose,  and  have  a  different  refractive  index  from  the 
interfibrillar  matter  in  which  they  lie,  they,  in  consequence,  present 
the  optical  striping  possessed  by  all  such  bodies  under  similar  circum- 
stances, and  we  have  no  reason  to  suppose  that  this  striping  has  any 
other  interpretation.  The  fibrils,  from  whatever  point  we  look  upon 
them,  are  composite  structures,  and  their  varicosity  indicates  this 
quite  clearly.  Each  fibril  has  practically  undergone  segmentation 
into  a  series  of  tiny  particles,  although  there  is  no  evidence  that  these 
are  separated  from  one  another  by  membranes,  or  any  other  anatomical 
structures,  and  each  little  bit  contracts  on  its  own  account  so  as  to 
tbicken  and  shorten.  Although  we  know  absolutely  nothing  as  to 
what  there  is  toithin  each  fibril,  yet  the  condition  of  pai-ts,  whatever 
it  may  be,  is  probably  the  same  in  every  Dobie's  line,  or  in  every  dim 
or  light  stripe.  Each  light  stripe  may  merely  consist  of  contractile 
tissue  in  a  different  state  of  tension  from  that  in  the  position  of  the 
dim  stripes,  and  if  so,  that  may  partly  interpret  the  polariscopic 
phenomena,  but  beyond  the  fact  that  a  difference  exists  we  are  not 
in  a  position  to  make  a  further  affirmation.  When  we  study  the 
change  in  form  which  these  little  segments  undergo  in  passing  from 
the  relaxed  into  the  contracted  condition  we  come  upon  several 
curious  facts,  the  interpretation  of  which  is  at  present  very  difficult. 
Some  muscles,  and  especially  those  of  some  of  the  lower  Vertebrates 
appear  to  be  very  simple  in  form,  and  to  undergo  very  simple  changes 
during  contraction.  I  hope  to  enter  into  greater  detail  in  a  subse- 
quent paper,  but  in  the  meanwhile  I  would  simply  state  that  the 
fibrils  seem  to  be  devoid  of  the  tiny  swellings  which  form  the  line  of 
Dobie.  The  fibrils,  therefore,  possess  simply  alternate  swellings  (dim 
stripes)  and  constrictions  (clear  stripes).  During  contraction,  the 
swellings  become  more  marked  as  the  fibrils  shorten,  the  change 
being  represented  in  fig.  2. 

In  this  case  the  dark  stripes  of  the  contracted  fibre  are  at  just  the 
same  parts  of  the  fibril  as  in  the  relaxed  condition.  In  other 
muscles  in  most  of  the  Arthropoda,  for  instance,  the  stripes  are 
reversed,  as  already  so  well  described  by  the  German  histologists. 
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Pio  2. 


Fio.  2  (R)  represents  a  relaxed  fibril  with  a  pin,  A,  sticking  into  the  dark  stripe. 
During  its  contraction  (C),  as  the  fibril  simply  shortens  and  thickens  without 
otherwise  changing  its  shape,  the  needle  A  is  still  seen  sticking  in  the  dark 
stripe. 

Fig.  3  (22)  represents  a  relaxed  fibril  with  a  pin,  A,  sticking  into  the  dark  stripe, 
and  another  pin,  S,  sticking  into  the  swelling  in  the  position  of  Dobie*i  line. 
When  contracting  (C),  the  fibril  is  profoundly  modified  in  shape,  the  pin  A 
sticking  into  the  clear  stripe,  and  the  pin  B  into  the  centre  of  the  dark  stripe. 

The  reason  is  that,  daring  contraction,  the  fibrils  change  their 
shape  in  snch  a  manner  that  the  parts  which  preyionslj  bulged  now 
become  the  thinnest  part  (fig.  3).  As  the  fibrils  begin  to  contract 
the  snbstance  of  the  clear  stripe  becomes  an  eminence  instead 
of  a  depression,  and  the  little  bulging  part  forming  Dobie's  lines 
becomes  smoothed  out  and  gradually  obliterated.  The  dark  stripe, 
on  the  other  hand,  becomes  the  constriction  in  the  case  of  the 
contracted  fibre,  and,  of  course,  appears  now  as  a  clear  band.  These 
points  can  only  clearly  be  made  out  by  studying  all  the  inter- 
mediate conditions  between  complete  contraction  and  relaxation,  and 
they  are  best  seen  in  the  living  muscle  fibres  on  which  waves  of 
contraction  are  still  slowly  passing ;  one  may  see  them,  too,  upon  the 
muscle  impressions.  I  have  never  happened  to  make  an  impression 
of  a  fibre  showing  a.  series  of  these  intermediate  stages  in  a  short 
piece  of  a  fibre  while  engaged  with  Dr.  Edington  in  photog^phing 
them,  but  fig.  4  shows  very  well  the  appearance ;  it  is  a  careful 
drawing  of  a  Crab's  muscle  in  a  state  of  contraction,  but  bent  at  an 
angle  so  that  the  convex  side  is  artificially  extended.  The  Dobie's 
lines  on  the  extended  side  are  seen  gfradually  to  thin  away,  and 
gradually  disappear  on  the  contracted  side,  while  the  surrounding 
bands  which  appear  as  clear  depressions  g^dually  become  dim 
elevations. 

Of  course,  this  change  of  form  leads  to  the  shortening  of  the  fibrils, 
but  it  is  at  present  difficult  to  say  why  this  reversal  of  the  varicosity 
should  occur ;  at  present,  we  have  to  accept  it  as  an  unexplained  fact. 
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Fio.  4. 


A  drawing  of  a  liying  and  contracted  Crab's  muscle,  wHch  has  been  bent  round 
and  artificially  extended  on  its  convex  lower  border.  The  transitions  between 
the  relaxed  and  contracted  parts  are  well  seen.  Dobie's  lines  (D)  gradually 
fade  away  as  you  pass  to  the  contracted  condition,  becoming  invested  by  and 
then  replaced  by  the  dark  stripe  of  the  contracted  condition.  The  dark  stripe 
of  the  relaxed  part  (S)  fades  away,  and  is  replaced  by  the  light  stripe  in  the 
contracted  part. 


Many  of  the  German  bistologists  have  described  a  condition  observ- 
able before  the  muscle  has  completely  contracted  {Uebergangsstadium), 
iiskwhich  all  stripin^j^  has  disappeared,  and  this  Merkel  and  Engelmaan 
each  explains  on  his  own  imbibition  theory.  Now,  one  can  dog- 
matically affirm  that  in  the  greater  nnmber  of  fibres  of  which  the  tissue 
is  in  one  part  contracted  and  another  part  relaxed,  aod  in  which  the 
intermediate  stages  are  plainly  visible,  as  in  fig.  4,  for  instance,  not 
a  trace  of  such  a  condition  is  visible ;  it  is  therefore  not  an  essen- 
tially intermediate  phase.  I  have  had  the  privilege  of  seeing 
Professor  Engelmann's  preparations,  and  here  it  is  seen,  and  in  my 
own  I  occasionally  come  across  it;  but  what  I  have  invariably 
observed  is  this,  that  it  is  never  seen  in  a  fresh  preparation  free  and 
unattached  to  cover-glass  or  slide.  It  frequently  happens  that  fibres 
become  pressed  and  otherwise  fixed,  and  then  it  appears  that  when 
they  shorten,  the  contracted  part  pulls  upon  the  still  extended 
portion,  and  diminishes  by  so  doing  the  varicosity  of  the  fibrils,  and, 
in  consequence,  the  striping  which  depends  upon  it.  The  effect  is 
exactly  the  same  as  that  produced  by  flattening  out  the  fibres' by 
pressing  on  the  cover-glass ;  in  one  case  the  varicosity  is  diminished 
or  obliterated  by  a  pull  in  the  length  of  the  fibril,  in  the  other  case 
by  pressure  applied  to  its  sides.  One  may,  at  any  rate,  state  that  in 
the  vast  majority  of  cases,  as  the  varicosity  becomes  reversed,  the 
fibrils  never  become  uniform  threads  of  tissue,  for,  as  the  dim  stripe 
is  flattening  out,  eventually  to  form  a  depression,  the  clear  stripe, 
with  Dobie's  line  still  visible  in  its  centre,  is  becoming  a  ridge. 
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The  Interjihrillar  Substance, 

The  interfibrillar  substance  is  not  usually  held  to  have  the  property 
of  contractility,  and  it  appears  to  me  that  the  arguments  based  on 
its  fancied  homology  to  a  cell  network  recently  brought  forward,  espe- 
cially in  England,  can  hardly  be  said  to  prove  the  contrary  ;  I  hope  to 
refer  to  this  subject  in  a  subsequent  paper,  to  be  devoted  to  the  com- 
parative histology  of  muscle.  From  the  varicose  character  of  the 
fibrils,  it  follows  that  the  interfibrillar  substance  is  of  the  nature  of  a 
matrix  or  bed  of  tissue  perforated  by  varicose  tubes.  It  is  like  a 
honeycomb  minus  its  transverse  partitions,  or,  better  still,  like  a 
mitrailleuse ;  we  have,  however,  to  imagine  the  walls  of  the  honey- 
comb of  variable  thickness,  sometimes  thicker  and  sometimes  thinner, 
and  the  analogy  is  complete.  In  optical  section,  as  when  we  focus 
a  piece  of  muscle,  this  interfibrillar  honeycomb  will  appear  as  in 
•photograph  I  or  fig.  5. 

Fig.  5. 
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Two  fibres  are  represented,  A  and  B.  The  interfibrillar  substance  is  stronglv 
represented  bj  the  varicose  lines ;  the  outlines  of  the  fibrils  are  faintly  repre- 
sented at  the  borders  of  the  figures.  In  A  the  fibrils  possess  well-marked 
Dobie's  lines ;  the  swellings  of  the  fibrils  causing  them  are  seen,  D.  In  con- 
sequence, the  cement  matter  forming  single  masses  in  B  is  in  ^  divided  into 
two  sets  (heads  of  Sch&fer's  muscle  rods).  In  B  Dobie's  lines  are  not  seen. 
In  diagram  the  cross-stripingl  of  the  fibrils  has  been  omitted  for  the  sake  of 
simplicity. 

Here  the  fibrils  are  left  blank,  and  the  interfibrillar  substance  is 
represented  by  dark  varicose  lines,  the  optical  sections  of  the  longi- 
tudinal walls  of  the  honeycomb.  The  walls  are  thick  opposite  the 
position  of  the  constrictions  of  the  fibrils  which  lie  within  the  honey- 
comb, and  thin  whereSthe  bulgings  come.  When  a  Dobie's  bulge  is 
present  as  at  J,  the  bulgings,  corresponding  to  the  clear  stripe,  are 
divided  into  two  (Schafer*s  muscle  rods)  ;  but  when  Dobie's  line  is 
not  well  marked,  we  have  the  appearance  seen  at  B.  Of  course,  it 
will  be  understood  that  where  these  thickenings  of  the  honeycomb 
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occur  the  fibres  are  encircled  by  a  thicker  band  of  interfibrillar  sub- 
stance, that  the  little  beads  or  swellings  in  the  diagrams  are  merely 
optical  sections  of  the  thicker  parts  of  the  honeycomb.  These 
thickened  portions,  when  very  strongly  differentiated  from  the  fibrilp, 
as  by  the  gold  method,  may  appear  like  transverse  bars  running 
across  the  fibrils  in  the  region  of  the  clear  stripe,  and  the  whole 
structure  has  unfortunately  been  misinterpreted  by  some  observers 
into  a  network,  the  transverse  links  of  which  are  the  encircling  and 
thickened  parts  of  the  honeycomb,  while  the  longitudinal  threads  are 
the  lines  really  marking  the  optical  section  of  the  honeycomb  tubes. 
If  any  threads  of  tissue  are  to  be  actually  seen,  I  quite  agree  with 
Professor  Klein  in  ascribing  them  to  precipitation  within  the  inter- 
fibrillar honeycomb. 

The  Physiological  Explanation  of  the  Varicosity, 

I  may  not  unreasonably  be  asked  to  supply  some  hypothesis  of  my 
own  in  place  of  the  exploded  theories  of  imbibition,  for,  if  we  simply 
view  a  muscle  fibre  as  consisting  of  varicose  fibrils,  we  have  a  bare 
morphological  fact  without  any  physiological  significance.  Before 
doing  this,  I  will  venture  to  clear  up  one  misunderstanding  which  has 
arisen  concerning  the  morphological  difference  between  striped  and 
unstriped  muscular  tissue,  although  this  question  will,  I  hope,  be 
more  fully  discussed  in  a  subsequent  paper. 

The  undtriated  muscle  is  generally  described  as  a  nucleated  spindle, 
presenting  fine  longitudinal  fibrillation,  and  devoid  of  a  true  sar- 
colemma,  while  the  striped  or  voluntary  fibre  is  described  as  a 
fibrillated  thread  of  contractile  tissue,  invested  by  a  sarcolemma 
underneath  which  numerous  nuclei  are  placed.  The  heart  muscle  is 
^nerally  looked  upon  as  a  tissue  intermediate  between  the  two. 
But  authors  to  whom  we  owe  these  ideas,  have  restricted  their 
enquiries  to  the  Vertebrate  histology  alone.  It  is  necessary  to  pass 
into  the  region  of  comparative  histology,  before  we  can  thoroughly 
comprehend  the  subject.  If  we  do  this,  we  shall  find  that  there  are 
two  chief  varieties  of  fully  differentiated  muscular  tissue.  First  of 
all,  there  is  the  nucleated  spindle  devoid  of  sarcolemma  and  made  up 
of  fibrils  cemented  together,  and  we  notice  that  these  spindles  may  he 
striped  or  unstriped,  the  difference  depending  upon  the  rapidity  of  their 
contraction.  They  are  found  in  most  divisions  of  the  animal  kingdom ; 
thus,  in  the  adductor  muscles  of  Gardium,  Pecten,  Lima,  rapidly 
moving  Lamellibranchs,  we  have  nucleated  and  striped  spindles; 
these  occur  in  the  heart  muscle  of  the  Frog  and  many  other  animals, 
while  non-striped  spindles  are  found  in  parts  of  the  circulating  and 
digestive  systems  where  less  active  movements  are  reqaired. 

Then  again,  there  is  another  type  of  muscular  tissue,  consisting  of 
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cylindrical  threads,  sometimes  invested  bj  a  sarcolemma,  and  with 
nuclei  within  the  fibrils,  nnder  the  sarcolemma  or  in  both  of  these 
situations,  and  we  notice  that  these  threads  of  tissue  are  striped  or  un- 
striped  according  to  the  rapidity  of  their  contraction.  In  Vertebrate 
skeletal  muscle,  they  contract  quickly  and  are  striped,  and  the  same 
applies  to  the  addactor  of  the  Terehratula  which  closes  its  shell  so 
quickly  as  sometimes  to  nip  its  protruding  siphon.  In  many  of  the 
PolychsBtss,  in  many  Lamellibranchs,  as  in  Mytilus^  and  in  slowly 
moving  Ascidia,  the  fibres  are  devoid  of  striation.  We  see  then  that 
the  striping  of  muscular  tissue  cannot  be  said  in  any  way  to  associate 
itself  with  any  particular  "build  "  of  cell ;  it  may  be  present  in  both 
a  spindle  and  in  a  cylindrical  thread.  When  a  muscular  fibre,  it 
may  be  spindle-shaped  or  cylindrical  in  shape,  is  called  upon  in  the 
process  of  evolution  to  contract  very  quickly,  then  it  becomes  striped, 
the  cause  of  which  is  the  segmentation  of  the  previously  cylindrical 
fibrils  into  varicose  threads.  The  Swallow  in  its  rapid  flight  has 
quickly  to  see,  and  catch  the  passing  fly,  and  the  fibrils  of  its  ciliary 
muscle,  simple  threads  of  uniform  thickness  in  some  ancestral  form^ 
now  become  beaded  and  cross-striped. 

Striated  muscle  may,  therefore,  be  defined  as  "  muscular  tissues, 
the  ultimate  fibrils  of  which  have  become  varicose,  and  this  iu 
association  with  the  power  of  quicker  and  more  active  move- 
ment." 

We  can  now  ask  ourselves  whether  it  is  not  possible  to  explain 
this  correlation  between  the  segmentation  of  a  muscle  and  its  power 
of  contracting  more  rapidly,  and  it  will,  I  think,  be  seen  that  a  very 
simple  and  straightforward  explanation  can  at  once  be  g^ven.  The 
whole  subject  can  be  resolved  into  a  question  of  "  mass '' ;  the  lai^r 
the  contractile  element  is,  the  longer  time  will  it  take  to  reach  its 
maximal  degree  of  shortening,  so  that  when  a  fibril  segments  into  a 
number  of  much  smaller  particles,  each  one  contracting  and 
relaxing  on  its  own  account,  a  considerable  amount  of  time  will 
thereby  be  gained.  We  have  many  examples  of  the  influence  of 
bulk,  or  mass,  upon  rapidity  of  contraction  in  the  case  of  the  gross 
muscles  themselves,  the  larger  animals  moving  relatively  slower  than 
the  smaller  ones,  as  when  ilie  Hare,  in  spite  of  its  smaller  leaps,  can 
nearly  keep  pace  with  the  Horse,  because  its  leaps  are  repeated  at 
much  shorter  intervals.  We  can  now  see  how,  by  simple  means,  a 
muscle  can,  during  its  evolution,  contract  more  quickly,  but  the 
fundamental  explanation  of  the  phenomena  of  contraction  is  still  to 
be  found.  Whether  or  not  we  may  ever  be  able  to  express  muscular 
contraction  in  terms  of  those  phenomena  which  we  see  in  the  inor- 
ganic world  I  am  not  in  a  position  to  say,  but  this  we  must  all  be 
certain  of,  tbat  this  explanation  will  result  rather  from  a  study  of  the 
contraction   phenomena  of  the    lower  and  simpler  types  of    con- 
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tractile  tissue  than  from  the  highly  evolyed  tissue  of  the  striped 
muscle.* 

EXPLANATION  OF  PHOTOGEAPHS.    (Plate  6.) 

Photograph  I. 

Photograph  of  the  muflde  of  a  Crah  in  a  state  of  relaxation,  and  magnified  lOOO- 
diameters.  Dobie's  lines  are  seen  as  narrow  dark  bands  running  across  the 
fibres,  and  corresponding  to  tiny  bulgings  of  the  indiyidual  fibrils ;  seen  best 
at  the  upper  edge  of  the  fibre.  The  clear  stripes  on  either  side  of  Dobie's  lines^ 
correspond  with  constrictions  in  the  fibrils,  and  the  dark  stripes  correspond 
with  broad  swellings.  The  cement  substance  between  the  fibrils  appears  light 
in  colour. 

Photograph  II, 

Photograph  (700  amplifications)  of  a  moist  film  of  coUodion,  upon  which  a  piece  of 
relaxed  Crab's  muscle  had  been  pressed  and  had  then  been  withdrawn.  In  thi» 
"  intaglio "  all  the  appearances  of  the  relaxed  Crab's  muscle  are  to  be  seen,, 
those  parts  which  are  ^dark  in  Photograph  I  coming  out  white  in  the  intaglio. 
The  cement  matter  and  the  clear  stripes  are  dark,  and  the  dark  stripes  and 
Dobie's  lines  come  out  light  in  colour. 

Photograph  III. 

Photograph  of  a  moist  film  of  collodion,  upon  which  a  piece  of  contracted  Crab'» 
muscle  had  been  pressed  and  had  then  been  withdrawn.  The  striping  is  that 
of  the  contracted  fibre  in  all  its  detail ;  the  approximation  of  the  cross-stripes 
to  each  other  and  the  absence  of  Dobie's  line  are  points  especiallj  to  be  noted. 
Owing  to  the  collodion  film  Tarying  in  its  thickness,  the  intaglio  is  photo- 
graphed at  different  focal  planes,  and  the  dark  stripe,  which  appears  light  in 
the  lower  part  of  the  photograph,  comes  out  dark  in  colour  at  the  upper  part. 
The  edge  of  the  intaglio  is  bettor  seen  than  in  Photograph  II,  and  by  the  aid 
of  a  lens  one  can  readily  see  in  the  original  negative  the  interfibrillar  matter. 

I  am  much  indebted  to  the  Cambridge  Engrayiug  Company  for 
the  excellent  manner  in  which  the  photographs  just  described  have 
been  reproduced. 

*  Professor  P.  G>.  Tait  has  recently  suggested  to  me,  that,  owing  to  their 
▼aricosity,  the  fibrils  will  be  able,  as  it  were,  to  get  a  better  "  grip  "  of  the  inter- 
flbnllar  matter,  so  that  during  contraction  or  relaxation  the  muscle  will  be  able  more- 
effectuall|r  to  more  as  a  whole. 
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March  5,  1891. 

Sir  WILLIAM  THOMSON,  D.C.L.,  LL.D.,  President,  in  the  Chair. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered 
for  them. 

In  pursuance  of  the  Statutes,   the  names  of  the   Candidates   for 
election  into  the  Society  were  read  from  the  Chair,  as  follows : — 


Anderson,  William,  M.Inst.C.E. 

Bateson,  William,  M.A. 

Beddard,  Frank  Evers,  M.A. 

Beevor,  Charles  Edward,  M.D. 

Blake,     Rev.     John     Frederick, 
F.G.S. 

Boulenger,  George  Albert. 

Bower,  Professor  Frederick  Or- 
pen,  D.Sc. 

Buzzard,  Thomas,  M.D. 

Cheyne,  Professor  William  Wat- 
son, F.RC.S. 

Conroj.  Sir  John,  Bart.,  M.A. 

Crisp,  Frank,  LL.B. 

Cunningham,    Professor    Daniel 
John,  M.D. 

Davis,  James  William,  F.G.S. 

Dawson,  George  Mercer,  D.Sc. 

Dibdin,  William  J.,  F.C.S. 

Dickinson,     William     Howship, 
M.D. 

Dreschfeld,  Professor  Julius, M.D. 

Eaton,  Rev.  Alfred  Edwin,  M.A. 

Edgeworth,    Professor    Francis 
Tsidro,  M.A. 

Elliott,  Edwin  Bailey,  M.A. 

ElUs,  William,  F.R.A.S. 

Foster,    Professor    Clement     Le 
Neve,  D.Sc. 

Frankland,  Professor  Percy  Fara- 
day, B.So. 

Oadow,  Hans,  M.A. 


Gilchrist,  Percy  C. 
Gotch,  Francis,  M.R.C.S. 
Halliburton,   William    Dobinson, 

M.D. 
Harcourt,      Professor      Leveson 

Francis  Yemon,  M.Inst.C.E. 
Heath,  Christopher,  F.R.C.S. 
Heaviside,  Oliver. 
Herdman,      Professor      William 

Abbott,  D.Sc. 
Hickson,  Sydney  John,  D.Sc. 
Howorth,  Henry  Hoyle. 
Joly,  John,  M.A. 
Jones,  Professor  John   Viriamu, 

M.A. 
Eidston,  Robert,  F.G.S. 
King,  George. 
Lansdell,  Rev.  Henry,  D.D. 
Larmor,  Joseph,  D.Sc. 
Lydekker,  Richard,  B.A. 
Macalister,  Donald,  M.D. 
McConnell,      James       Frederick 

Parry,  Surgeon  -  Major, 

F.R.C.P. 
MacMunn,  Charles,  M.D. 
Marr,  John  Edward,  M.A. 
Matthey,  Edward,  F.C.S. 
Mond,  Ludwig,  F.C.S. 
Newton,  Edwin  Tnlly,  F.G.S. 
Nicholson,       Professor       Henry 

Alleyn,  M.D. 
Ord,  William  Miller,  M.D. 
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Pedler,      Professor      Alexander, 

F.C.S. 
Beade,  Thomas  MeUard,  F.G.S. 
Eoberts,  Ralph  A.,  MA. 
Bntley,  Frank,  F.G.S. 
Seebohm,  Henry,  F.L.S. 
Shaw,  William  Napier,  M.A. 
Sherrington,       Charles'      Scott, 

M.B. 
Stebbing,    Bev.  Thomas  Roscoe 

Bede,  M.A. 
Stevenson,  Thomas,  M.D. 
Stewart,    John    Heron    Maxwell 

Shaw,  Major-General  B.E. 

The  following  Papers  were  read  :- 


Thompson,  Professor  Silvanus 
Phillips,  D.Sc. 

Thomson,  Professor  John  Millar, 
F.C.S. 

Thornyci*oft,  John  Isaac,  M.  Inst. 
C.E. 

Tizard,  Thomas  Henry,  Staff- 
Commander  R.N. 

Tuke,  Daniel  Hack,  M.D. 

Veley,  Victor  Hubert,  M.A. 

Waller,  Augustus  D.,  M.D. 

Woodward,  Horace  Bolingbroke, 
F.G.S. 

Young,  Professor  Sydney,  D.Sc. 


I.  •*Some  Suggestions  regarding  Solutions."  By  William 
Ramsay,  Ph.D.,  F.R.S.,  Professor  of  Chemistry  in  Univer- 
sity  College,  London.     Received  February  16,  1891. 

The  brilliant  presidential  address  of  Professor  Orme  Masson  at  the 
Chemical  Section  of  the  Australasian  Association  for  the  Advancement 
of  Science  marks  a  distinct  advance  in  our  ideas  of  solution.  The 
analogy  between  the  behaviour  of  a  liquid  and  its  vapour  in  presence 
of  each  other  and  of  a  pair  of  solvents  capable  of  mutual  solution  is 
BO  striking  as  to  carry  conviction.  The  resemblance  of  the  liquid- 
vapour  curve,  with  its  apex  at  the  critical  point,  to  the  solubility 
curve,  with  its  apex  at  the  critical  solution  point,  appears  to  me  to 
prove  beyond  cavil  that  the  two  phenomena  are  essentially  of  the 
same  nature.  The  address  will  take  rank  along  with  van't  Hoff's 
classical  paper  on  "  Osmotic  Pressure.'' 

There  are  two  other  phenomena,  which,  it  appears  to  me,  are  made 
clear  by  the  ideas  of  Professor  Masson.  The  first  of  these  has 
reference  to  supersaturated  solutions.  The  curves  (published  in 
'Nature,'  vol.  43,  p.  348,  Feb.  12,  1891)  showing  the  analogy 
between  liquid-gas  and  solution  curves,  are  isobaric  curves,  or,  more 
correctly,  they  represent  the  terminations  of  isobaric  curves  in  the 
region  of  mixtures,  where,  on  the  one  hand,  a  liquid  exists  in 
piresence  of  its  vapour,  and,  on  the  other,  one  solvent  in  presence  of 
another  (for  both  solvents  play  the  part  of  dissolved  substances  as 
well  as  of  solvents).  M.  Alexeeff's  data  are  not  sufficient  to  permit 
of  the  construction  of  a  curve  representing  a  similar  region  mapped 
out  by  the  termination  of  isothermal  lines.     But  it  is  obvious  that  it 


Digitized 


by  Google 


306  Prof.  W.  Ramsay.  [Mar.  5, 

wonld  be  possible  to  determine  osmotic  pressures  of  various  mixtures 
by  the  freezing-point  method,  and  so  to  construct  isothermal  curves 
for  such  mixtures  of  solvents.  And  there  can  be  no  reasonable 
doubt  that,  as  the  isobaric  curves  of  liquid-gas  and  of  solvent-solvent 
display  so  close  an  analogy,  the  isothermal  curves  would  also  closely 
resemble  each  other. 

Granting  then  that  this  is  the  case,  we  may  construct  an  imaginary 
isothermal  curve  on  the  model  of  the  curve  for  alcohol  published  in 
the  '  Phil.  Trans.'  by  Dr.  Sydney  Young  and  myself.  Now,  in  one 
series  of  papers  on  the  liquid-gas  relations^  we  showed  that  with 
constant  volume  pressure  is  a  linear  function  of  temperature ;  and 
we  were  thus  able  to  calculate  approximately  the  pressures  and 
volumes  for  any  isothermal  representing  the  continuous  transition 
from  the  gaseous  to  the  liquid  state  (see  *  Phil.  Mag.,'  1887,  vol.  23, 
p.  435).  It  would  be  interesting  to  ascertain  whether,  if"  concentra- 
tion be  kept  constant,  osmotic  pressure  would  also  show  itself  to  be  a 
linear  function  of  temperature.  But,  this  apart,  it  appears  in  the 
highest  degree  probable  that  there  should  also  exist,  in  theory,  at 
least,  a  continuous  transition  from  solvent  to  solvent,  the  representa- 
tion of  which  would  be  a  continuous  curve.  In  such  a  case,  on 
increasing  the  concentration  of  the  solution  by  eliminating  one 
solvent,  the  other  solvent  should  not  separate  visibly,  but  the  two 
should  remain  mixed,  until  one  solvent  has  been  entirely  removed. 


The  accompanying  diagram  will  make  this  clear.  The  sinuous  curve 
ABODE  may  represent  either  continuous  change  from  gas  .to 
liquid   along  an  isothermal    on    decrease  of    volume,    or   it    may 
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represent  a  similar  continuoas  change  from  saturated  solution  to 
dissolved  snbstance  on  increase  of  concentration. 

Mr.  Aitken's  experiments  on  the  cooling  of  air  containing  water- 
vaponr  haye  shown  us  that  it  is  possible  to  realise  a  portion  of  the 
curve  AB ;  the  phenomenon  of  "  boiling  with  bumping  "  constitutes 
a  practical  realisation  of  a  portion  of  the  curve  DE ;  and  we  may 
profitably  inquire  what  conditions  determine  such  unstable  states 
with  solvent  and  solvent. 

Regarding  the  portion  of  the  curve  AB,  I  think  that  no  reasonable 
doubt  can  be  entertained.  It  precisely  corresponds  to  the  condition 
of  supersaturation.  In  the  liquid-gas  curve,  the  volume  is  decreased 
at  constant  temperature  without  separation  of  liquid ;  in  the  solvent- 
solvent  curve  the  concentration  is  increased  without  separation  of  the 
solvents.  Dr.  Nicol  has  shown  that  it  is  possible  to  dissolve  dry 
sodium  sulphate  in  a  saturated  solution  of  sodium  sulphate  to  a  very 
considerable  extent  without  inducing  crystallisation;  and  here  we 
have  a  realisation  of  the  unstable  portion  of  the  curve  AB.  In  the 
gas-liquid  curve  pressure  falls  with  formation  of  a  shower  of  drops ; 
in  the  solvent-solvent  cui*ve  crystallisation  ensues^  and  the  solvents 
separate.  The  phenomena  are,  however,  not  completely  analogous ; 
the  complete  analogy  would  be  if  the  temperature  were  so  low  that 
the  substance  in  the  liquid-gas  couple  were  to  separate  in  the  solid, 
not  in  the  liquid,  state.  This,  so  far  as  I  am  aware,  has  not  been 
experimentally  realised,  but  one  sees  no  reason  why  it  should  not  be 
possible. 

I  have  some  hesitation  in  offering  speculations  as  to  the  state  of 
matter  at  the  portion  of  the  continuous  curve  DE.  It  may  be  that 
it  corresponds  to  a  syrupy  or  viscous  state.  Cane-sugar  at  a 
moderate  temperature  dissolves  water;  indeed  it  is  possible  to  obtain 
a  solution  of  1  per  cent,  of  water  in  molten  cane-sugar.  And  such  a 
solution,  if  quickly  cooled,  remains  a  syrap.  But  it  can  be  induced 
to  crystallise  by  the  presence  of  crystals.  Thus,  in  sach  a  mixture 
of  sugar  and  water,  a  few  grains  of  crystalline  sugar  cause  the 
whole  mass  to  crystallise,  and  water  saturated  with  sugar  and  sugar 
separate  into  two  layers.  Here,  again,  a  complete  analogy  fails  us, 
for  it  is  a  solid  which  separates.  As  we  know  nothing  of  the  osmotic 
pressure  of  a  syrap,  the  analogy  is  a  defective  one  ;  but  it  is  probable 
that  a  dilute  solution  of  sugar  would  pass  continuously  into  a  syrup 
of  pure  sugar  by  evaporation  of  the  solvent,  and  analogy  would  lead 
to  the  supposition  that  the  syrup  coincides  with  the  unstable  state  of 
the  liquid.  I  would,  therefore,  offer  the  analogy  between  the  syrupy 
and  the  supercooled  states  as  a  tentative  one ;  it  lacks  foundation  in 
both  cases. 

One  point  remains  to  be  mentioned.  I  have  for  the  past  nine 
months,  in  conjunction  with  Mr.  Edgar  Perman,  been  determining 


Digitized 


by  Google 


308  Mr.  F.  E.  Beddard.     On  a  new  Farm  of         [Mar.  5, 

the  adiabatic  relations  for  liquid  and  gafleons  ether:  the  rise  of 
pressure  and  temperature  when  volume  is  decreased  without  escape 
of  heat.  It  is  obvious  that  similar  relations  are  determinable  for 
solutions,  and  probably  with  much  greater  facility.  M.  Alex6e£E  has 
made  some  measurements  which  might  be  utilised  for  this  purpose ; 
but  thej  are  far  too  few  in  number,  and,  moreover,  the  necessary 
data  as  regards  osmotic  pressure  are  wholly  wanting.  It  would  be 
possible  by  a  series  of  differential  experiments  to  ascertain  the 
evolution  of  heat  on  increasing  concentration,  and  so  to  arrive  at  a 
knowledge  of  the  specific  heats  of  the  solution  at  constant  osmotic 
pressure,  corresponding  to  the  idea  of  specific  heat  at  constant 
pressure ;  and  also  of  specific  heats  at  constant  concentration,  corre- 
sponding to  specific  heats  at  constant  volume.  I  do  not  know 
whether  sucb  researches  would  yield  as  accurate  results  as  those  we 
are  at  present  carrying  out,  but  thoy  are  at  least  well  worthy  of 
attention. 


II.  "  Preliminary  Notice  of  a  New  Form  of  Excretory  Organs  in 
an  Oligochaetous  Annelid."  By  Frank  E.  Beddard,  M.A., 
Prosector  of  the  Zoological  Society.  Communicated  by 
Professor  E.  Ray  Lankestbr,  M.A.,  LL.D.,  F.R.S. 
Received  February  19,  1891. 

So  far  as  our  knowledge  of  the  OligochsBta  goes  at  present,  the 
excretory  system  appears  to  consist  either  of  one  or  more  pairs  of 
separate  nephridia  in  each  segment,  or  of  a  diffuse,  irregularly 
arranged  system  of  tubules  with  numerous  external  pores  upon  each 
segment,  and  often  with  numerous  coelomic  funnels  in  each  segment ; 
there  may  or  may  not  be  a  connexion  between  the  tubes  of  successive 
segments.  All  the  aquatic  Oligochasta  have  nephridia  of  the  first 
kind ;  a  large  number  of  the  terrestrial  Oligocheta  have  nephridia  of 
the  second  kind ;  there  is  occasionally  in  the  latter  forms  a  specialisa- 
tion of  part  of  the  diffuse  nephridial  system  into  a  pair  of  large 
nephridia ;  these  species  connect  the  two  extj*emes.  But  in  all  these 
Worms  the  nephridia  are  contained  in  the  coelom,  though  some  of  the 
connecting  branches  may  be  retroperitoneal ;  the  ducts  which  lead  to 
the  exterior  may  branch  in  the  thickness  of  the  body  wall,  but  there 
does  not  seem  to  be  any  extensive  ramification  and  anastomosis  of  the 
tubes  in  the  muscular  layers  of  the  body  wall.* 

I  have  recently  found  a  remarkably  different  arrangement  of  the 
nephridia  in  an  Annelid  belonging  to  a  new  genus  of  Eudrilidsd. 
This  family  is  chiefly  noteworthy  on  account  of  the  remarkable  modi- 

*  *  Quart.  Jonm.  llicr.  Sci.,'  vol.  28,  PL  zzz,  fig.  1,  n,  and  fig.  2. 
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fications  of  the  reprodnctiye  organs,  and  the  present  genus  is  no 
exception  to  the  rale  in  that  particular;  hut  it  shows  a  further 
peculiarity  in  the  structure  of  the  nephridia ;  the  arrangement  of 
these  organs  in  the  clitellar  region  of  the  hodj  is  unique  among 
Annelids,  and  is  to  a  certain  extent  suggestive  of  the  condition  of  the 
organs  supposed  to  he  nephridia  in  certain  Nematoidea.  Throughout 
the  body  generally,  as  in  other  Eudrilids,  the  nephridia  are  paired ; 
in  the  genital  region  I  was  struck,  on  dissecting  the  worms,  by  the 
apparent  absence  of  nephridia.  Sections  through  the  body  wall  in 
this  region  show  that  the  longitudinal  and  transverse  muscular  layers 
are  traversed  by  a  system  of  peculiar  canals  not  at  all  like  nephridia 
in  appearance.  These  canals  are  not  mere  clefts  between  the  muscular 
fibres,  such  as  Eukenthal  has  described  in  his  paper  "IJeber  die 
lymphoiden  Zellen  der  Anneliden  ;''*  such  lymph  spaces  I  have  found 
in  a  good  many  OligochsBta,  but  they  never  poRsess  a  definite  wall.  On 
the  contrary,  the  canals  which  I  describe  here  have  a  definite  darkly- 
staining  wall,  with  nuclei  here  and  there.  They  resemble  the  blood 
vessels  very  closely,  and  might  easily  be  confounded  with  them. 

These  vessels  are  arranged  in  a  longitudinal  and  a  transverse  series 
with  numerous  branches  and  interconnexions.  The  longitudinal 
muscles  are  imbedded  in  a  nearly  homogeneous,  transparent,  connec- 
tive tissue,  which  is  of  some  thickness  between  the  peritoneal 
epithelium  and  where  the  muscular  fibres  end.  It  is  in  the  latter 
tract  of  tissue  that  the  four  principal  longitudinal  trunks  run.  corre- 
sponding in  position  to  a  line  connecting  the  four  successive  pairs  of 
setsd;  there  appear  to  be  smaller  longitudinal  trunks,  but  the  four 
principal  ones  run  through  several  segments  without  a  break ;  these 
longitudinal  trunks  are  connected  with  a  metamerically  repeated 
system  of  transverse  vessels;  these  lie  between  the  transverse  and 
longitudinal  muscular  coats,  and  appear  to  run  right  round  the  body. 
They  are  of  considerable  calibre,  but  not  so  wide  as  the  longitudinal 
trunks ;  I  could  not  detect  any  ciliation  anywhere,  and  their  walls 
are  extremely  thin.  They  give  off  numerous  branches,  which  traverse 
the  body  wall  in  every  direction,  and  form  a  finer  meshwork  of 
tubules;  some  of  the  branches  run  towards  the  epidermis,  and 
although  I  could  not  detect  in  transverse  sections  the  actual  orifices, 
on  account  of  the  fineness  of  the  tubes,  I  could  make  out  at  frequent 
points  a  slight  modification  of  the  epidermis  which  seemed  to 
correspond  to  an  external  pore. 

Upon  fragments  of  the  chitinous  cuticle  being  stripped  off  and' 
examined  with  a  high  magnifying  power,  the  orifices  were  quite  plain. 
They  wer  much  smaller  than  the  nephridiopores  of  Perichceta^  but 
not  so  minute  as  to  be  confounded  with  the  pores  of  the  gland  cells 
of  the  epidermis. 

•  <  Jenaiiohe  Zeitsohr.  t  Naturw./  toI.  18  (1886),  p.  319. 


Digitized 


by  Google 


310  Excretory  Organs  in  an  OligochcBtotis  Annelid.     [Mar.  5, 

The  system  of  tabes  was  everywhere  accompanied  by  blood  vessels ; 
but,  it  is  perhaps  muiecessaTy  to  remark,  there  was  nowhere  any  con- 
nexion between  these  tubes  and  the  capillaries ;  no  coagulated  blood 
was  in  a  single  instance  found  in  the  excretory  tubules. 

In  spite  of  their  very  different  appearance,  as  well  as  arrangement, 
from  the  nephridia  of  other  types,  such  as  Perichasta^  which  possess  a 
diffuse  nephridial  system,  the  excretory  nature  of  these  tubes  seems 
probable,  without  any  further  description.  A  connexion  with  the 
body  cavity  must  be  proved  in  order  to  remove  all  doubts  as  to  their 
nature ;  in  each  segment,  just  behind  the  pair  of  set®,  the  longitudinal 
duct  gives  off  a  branch,  which  passes  through  the  peritoneum  ahd 
comes  to  lie  in  the  coelom ;  this  branch  continues  for  a  short  distance, 
and  then  abruptly  ceases;  whether  it  is  furnished  with  an  actual 
orifice  or  not  I  am  unable  to  say.  In  a  few  cases,  the  branch  entering 
the  coelom  became  connected  with  a  very  small  coiled  nephridial 
tubule,  so  small  that  it  was  not,  as  already  mentioned,  recognisable  in 
dissection. 

I  am  inclined  to  refer  the  atrophy  of  the  intra-coelomic  part  of  the 
nephridia  to  their  having  been  used  up  in  the  formation  of  the 
genital  ducts.  I  have  recently  communicated  to  this  Society  a  notice 
of  the  development  of  the  genital  ducts  out  of  nephridia  in  Acantho- 
drilus  ;*  and  that  mode  of  development  is  possibly  general.  In  any 
case  the  nephridial  system  of  the  genital  segments  of  this  EudrtUd  con- 
sists almost  entirely  of  a  complex  system  of  tubes,  which  ramify  in  ths 
thickness  of  the  body  wall,  which  open  by  numerous  pores  on  to  the 
exterior,  and  are  connected  by  a  few  short  tubes  with  the  body  cavity.  If 
the  tubes  leading  to  the  ccelom  became  obliterated,  and  they  are  veiy 
short  as  it  is,  the  excretory  system  would  consist  only  of  the  network 
in  the  body  walls. 

This  system  of  tubes  in  the  skin  may  perhaps  be  more  comparable 
to  the  nephridial  network  of  Cestqdes  and  other  flat  Worms,  than  the 
intracoelomic  network  of  other  Oligochasta ;  its  presence,  however,  in 
the  body  waUs  suggests  a  comparison  with  the  Nematoidea,  which 
appear  to  possess  at  least  the  remains  of  a  coelom.  In  some  of  these 
Worms  a  system  of  fine  tubes  connected  with  the  excretory  pore 
permeates  the  interspaces  between  the  longitudinal  muscles.  In 
Echinorhynehus  the  tubes  connected  with  the  lemnisci  also  ramify  in 
the  integument,  and  the  lemnisci  themselves  are  processes  of  the 
body  wall  depending  into  the  coelom. 

•  *  Roy.  Soc.  Proc.,'  ▼ol.  48, 1891,  p.  452. 
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III.  "  Contributions  to  the  Study  of  the  Connexion  between 
Chemical  Constitution  and  Physiological  Action.  Part  II." 
By  T.  Lauder  Brunton,  M.D.,  F.R.S.,  and  J.  Theodore 
Cash,  M.D.,  F.R.S.    Received  March  2,  1891. 

(Abstract.) 

In  a  former  paper,  the  antibiors  disoassed  the  alierations  which  are 
pixMlnced  in  the  action  of  ammonia  by  the  sobstitntion  of  alkyl 
radicals  for  hydrogen,  and  by  combination  of  the  compound  ammonias 
with  difiEerent  acid  radicals. 

In  the  present  paper,  they  have  examined  on  a  similar  plan  the 
physiological  action  of  some  bodies  of  the  aromatic  series. 

The  research  was  begun  more  than  four  years  ago,  a  preliminnry 
communication  having  been  made  to  this  Society  on  March  24th, 
1887.  A  good  deal  of  work  has  been  done  in  comiezion  with  the 
subject  by  other  observers  while  the  research  was  in  progress.  The 
results  obtained  by  others,  however,  are  not  easy  of  comparison, 
while  the  experiments  of  the  authors,  having  been  made  as  nearly  as 
possible  under  the  same  conditions,  yield  results  which  are  more 
easily  compared,  so  as  to  allow  'of  general  conclusions  being  drawn 
from  them.  They  have  examined  (1)  the  physiological  action  of 
benzene,  and  (2)  the  alterations  which  occur  in  its  action  when  one 
or  more  atoms  of  hydrogen  in  it  are  replaced  by  (a)  haloid  radicals, 
(6)Palcohol  radicals,  (c)  by  hydroxyl,  (d)  by  NO^t  and  (e)  by  amidogen, 
NH,. 

They  have  also  examined  the  modifications  in  the  action  of  yarious 
members  of  the  series  by  changes  in  temperature. 

They  describe  the  general  symptoms  produced  by  benzene  and  its 
compounds  in  frogs  and  rats,  their  action  on  muscle  and  ner^e,  on 
reflex  action,  on  respiration,  and  circulation. 

They  describe  a  new  method  of  registering  the  blood  pressure  and 
pulse,  using  a  slow  drum  for  the  former,  and  a  quick  one  for  the 
latter,  so  as  to  have  the  whole  course  of  the  blood  pressure  during  an 
experiment  given  in  a  comparatively  short  tracing,  while  samples  of 
the  pulse  waves  are  taken  at  various  periods. 

They  find  that  the  action  of  benzene  and  its  compounds  is  chiefly 
exerted  on  the  spinal  cord,  although  they  act  also  on  the  cerebram 
and,  to  a  slight  extent,  on  nerves  and  muscle.  Their  effect  on  muscle 
and  nerve  is  to  weaken  them,  the  paralysing  action  being  stronger 
upon  the  nerve  than  the  muscle. 

Their  action  on  the  cerebrum  is  evidenced  by  lethargy  and  dis- 
inclination to  voluntary  movement  both  in  frogs  and  rats. 

Their  action  on  the  spinal  cord  appears  to  consist  in  producing 
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increased  excitability,  greater  diffusion  of  stimuli  with  diminished 
power  and  definiteness  of  movement.  Thus  slight  stimuli  in  the 
frog  produce  movement  more  readily  in  the  poisoned  than  in  the 
normal  condition,  but  the  movement,  instead  of  being  limited  to  one 
limb,  vigorous  and  steady,  is  diffused  over  several  limbs,  feeble  and 
tremulous  or  jerking. 

In  frogs,  the  tremors  or  jerking  always  occur  on  attempted  move- 
ment, and  sometimes,  to  a  slight  extent,  when  at  rest.  If  the  dose 
be  large,  they  are  succeeded  by  paralysis.  Absorption  of  the  drug  is 
slow  and  irregular,  and  it  may  cause  local  rigor  of  the  muscles.  The 
heart  remains  long  irritable. 

Haloid  radicals  do  not  modify  the  action  of  benzene  to  the  same 
extent  as  they  do  that  of  ammonia,,  but  they  do  so  in  somewhat  the 
same  direction  as  the  authors  described  in  their  former  paper  on  this 
subject.  Monochlorobenzene  affects  the  spinal  cord  more  than  benzene, 
causing  spasm  and  rapid  diminution  of  reflex.  It  also  weakens  the 
circulation,  but  does  not  seem  to  affect  motor  nerves  or  muscles  more 
than  benzene.  The  bromo-  and  iodo-compounds  have  a  more  power- 
ful paralysing  action  on*  the  cerebrum  than  benzene  and  chloro- 
benzene,  and  the  compound  of  iodine  with  benzene,  like  its  compound 
with  ammonia,  appeal's  to  have  a  special  tendency  to  paralyse  motor 
nerves,  muscles,  and  cerebral  reflexes,  and  to  depress  the  heart.  Heat 
accelerated  and  cold  retarded  the  action  of  the  substances. 

The  substitation  of  alcohol  radicals  for  hydrogen  in  benzene 
appears  to  modify  its  action  in  much  the  same  way  as  one  would 
expect  from  a  general  consideration  of  the  properties  of  the  alc(Aol 
group,  which,  as  a  rule,  have  a  sedative  action  on  the  nervous 
system. 

The  compounds  of  benzene  with  alcohol  radicals  produce  less 
tremor,  less  hypersssthesia,  and  greater  lethargy  than  the  halogen 
compounds.  The  circulation  is  little  affected  by  them.  They  have 
little  action  on  muscle  or  nerve,  but  act  more  powerfully  on  the  nerve 
than  on  the  muscle.  Their  action  appears  to  be  more  fleeting  than 
that  of  the  halogen  compounds.  Trimethylbenzene  (mesitylene)  was 
more  active  than  methyl-  or  dimethyl-benzene.  In  poisoning  by 
dimethylbenzene  a  curious  increase  of  reflex  action  was  observed, 
after  it  had  almost  gone,  and  spontaneous  movement  had  quite 
gone. 

Substitution  of  hydrogen  by  hydroxyl  increases  the  tendency  to 
convulsions.  These  are  due  to  the  action  of  the  substances  on  the 
spinal  cord  and  not  on  the  cerebrum ;  they  occur  independently  of 
voluntary  movement,  except  when  the  dose  is  very  small,  and  con- 
tinue almost  unchanged  after  destruction  of  the  cerebrum.  Slight 
tremor  may  occur  before  destruction  of  the  cerebrum,  bat  it  is  greatly 
masked  by  the  powerful  contractions  referred  to.     The  position  of  the 
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hydrozjl  groups  in  the  di-  and  tri-ozjbenzenes  affects  their  physio- 
logical action.  Para-ozy benzene  (resorcin)  has  an  action  similar  in 
kind,  but  weaker  than  the  ortho-  and  meta-ozybenzenes  (hydro- 
qninone  and  pyrocatechin).  The  most  characteristic  feature  of  its 
action  is  the  occurrence,  at  nearly  regular  ihteryall^,.of  clonic  con- 
vulsions, which  never  become  tonic  or -tetanic,  and  are  due  to  the 
action  of  the  drug  on  the  cord.  They  are  abolished'  by  the  action 
of  curare,  even  in  a  limb  protected"  by  ligature  f rom-the  action  of  both 
poisons.  Strychnine  produces  tetanic  spasm  in  a  frog  poisoned  by 
resorcin,  if  the  symptoms  due  to  the  latter  drug  are  only  imperfectly 
developed,  but  does  not  do  so  if  the*  clonic  spasms  have  become  well 
marked.  Large  doses  cause  paralysis,  destroying  the  irritability  and 
conducting  power  of  the  cord.  Trioxybenzene  (1:2:  3-pyrogalIol) 
produces  more  lethargy  than  resorcin,  less  tremor  on  movement,  and 
little  spontaneous  jerking.  Its  power  to  produce  immediate  symptoms 
in  the  frog  is  only  one-fourth  or  one-fifth  that  of  resorcin,  but  it  is 
almost  exactly  equal  to  it  in  its  ultimate  lethal  power. 

Amidobenzene  (anilin)  may  be  regarded  either  as  benzene  with  one 
hydrogen  replaced  by  amidogen,  NH2,  or  as  ammonia  in  which  one 
hydrogen  is  replaced  by  phenyl,  GJS.^.  In  conformity  with  this  con- 
stitution, the  symptoms  produced  by  it  differ  from  those  of  benzene 
and  resemble  those  of  ammonia  in  the  tendency  to  more  violent 
spasm  and  to  greater  paralysis  of  muscle  and  nerve.  They  differ 
from  those  of  ammonia  in  the  fact  that  the  convulsions  never  assume 
the  form  of  true  tetanus,  the  tetanic  spasm  which  the  ammonia  group 
would  produce  being  broken  up,  so  to  speak,  by  the  action  of  the 
phenyl.  With  the  exception  of  the  hydroxyl  compounds,  amido- 
benzene causes  the  most  rapid  occurrence  o£  motor  phenomena.  It 
produces  great  tremor  after  a  spring  and  activ<e  incoordinate  move- 
ment, but  no  tonic  spasm..  Nitrobenzene  causes  lethargy  with 
increasing  tremor  on  movement,  and  early  abolition  of  reflex  action. 

The  effect  of  several  benzene  compounds  on  reflex  time  was 
observed.  The  oxybenzenes  could  not  be  tested  on  account  of  the 
spontaneous  jerks  to  which  they  give  rise.  The  general  action  is  to 
cause  a  lengthening  in  the  reflex  time,  but  a  primary  shortening  was 
observed  frequently  in  the  case  of  chlorobenzene,  slightly  in  methyl-, 
dimethyl-,  and  ethyl-benzene. 

In  producing  muscular  rigor,  chlorobenzene  is  considerably  more 
powerful  than  the  bromo-  or  iodo-compound,  and  is  intermediate  in 
strength  between  methyl-  and  dimethyl-benzene.  Of  the  methyl- 
benzenes,  the  methyl-  is  the  strongest,  the  dimethyl-  next,  and  the  tri- 
methyl-  weakest.  The  action  of  these  compounds  on  muscles  ip, 
therefore,  inversely  to  the  amount  of  methyl  substituted  for  hydrogen , 
in  the  benzene  molecule.  Ethyl  benzene  is  nearly  the  same  strength 
as    methyl,   and   stronger   than    the    dimethyl   or   trimethyl    com- 
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poinids.  Amidobenzene  and  nitrobenzene  are  less  actiye  in  producing 
rigor. 

The  respiration  is  considerably  and  early  affected  in  warm-blooded 
animals  (cats)  by  benzene  and  its  compounds.  There  is  nsnally  a 
primary  acceleration,  followed  by  slowing.  The  heart  appeared  to 
stop  before  the  respiration '  in  poisoning  by  benzene  and  its  haloid 
compounds,  by  ethylbenzene,  amidobenzene,  and  nitrobenzene,  whilst 
respiration  nsnally  failed  before  the  heart,  or  nearly  at  the  same  time, 
in  poisoning  by  the  methylbenzenes  and  oxybenzenes. 

The  first  effect  of  the  benzene  compomids  on  the  pnlse  or  on  blood 
pressure  is  usually  a  quibkening^t>f  the  pulse  and  a  rise  in  the  pres- 
sure. This  is  followed  by  slowing  of  the  pulse  and  fall  of  the 
pressure. 

In  their  preliminary  communication  in  1887,  the  authors  directed 
attention  <to  the  curious  resemblance  between  the  tremor  caused  by 
benzene  and  some  other  aromatic  substances  in  frogs  and  the 
symptoms  of  disseminated  sclerosis  in  man.  In  the  present  paper, 
they  point  out  also  the  likeness  l)etween  the  violent  slapping  move- 
ments caused  in  the  frog  by  some  of  the  haloid  compounds  of  benzene, 
as  well^as  by  ^amidobenzene,  and  the  symptoms  of  locomotor  ataxy  in 
man. 


IV.  "  The  Physiological  Action  of  the  iParaflSnic  Nitrites  con- 
sidered in  connexion  ^th  *  their  Chemical  Constitution. 
Part  I.  The  Action  of  the  Paraffinic  Nitrites  on  Blood 
Pressure."  By  J.  Theodore  Cash,  M.D.,  F.E.S.,  ProfesiSor 
of  Materia  Medica  in  the  University  6f  Aberdeen,  and 
Wyndham  R.  Dunstan,  M. A.,  Professor  of  Cheniifitry^to  the 
Pharm€tceutical  Society  of  Great  Britain.  Received  March  4, 
1891. 
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The  present  inTestigation  was  eommenced  three  years  a^,  in  order 
to  throw  further  light  on  the  mode  of  action  of  the  paraffinic  nitrites 
when  introduced  into  the  animal  organism,  and  particularly  to  deter- ^ 
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mine  m  what  manner  tKis  action  is  conditioned  bj  the  different 
chemical  constitution  of  the  yarions  nitrites  employed.  Since  the 
chemical  constitution  of  these  compounds  is  well  established,  and 
their  molecules  are  comparatively  simple  in  structure,  and,  moreover, 
as  their  principal  physiological  effects  are  capable  of  accurate  quanti- 
tative study,  it  seemed  likely  that  the  inquiry  would  furnish  valuable 
pharmacological  resists. 

Our  knowledge  of  the  physiological  behaviour  of  the  organic- 
nitrites  has  been'  almost  wholly  derived  from  the  study  of  amyl 
nitrite,  which  has  been  observed  to  produce  a  similar  but  far  greater 
effect  than  its  lower  homologue  ethyl  nitrite,  whose  action,  however, 
has  not  hitherto  been  so  closely  examined  as  that  of  the  amyl  com-> 
pound.  Unfortunately  it  seems  certain  that  the  results  which  have 
been  obtained  with  amyl  nitrite  are  to  a  large  extent  vitiated  by  the 
circumstance  that,  as  a  rule,  insufficient  pains  have  been  taken  to 
procure  the  nitrite  in  a  chemically  pure  state,  whilst,  in  addition,  the 
usual  mode  of  administration  has  been  such  that  it  is  impossible  to 
determine  exactly  how  much  of  the  compound  has  actoally  been 
inhaled. 

It  is  believed  that  both  these  sources  of  error  have  been  obviated 
in  the  present  research.  The  exact  composition  of  each  substance  was 
known,  and  a  special  apparatus  was  devised  for  ensuring  the -inhala- 
tion without  loss  of  a  definite  amount  of  nitrite,  through  the  trachea 
in  animals,  and  through  the  nostrils  in  the  human  subject. 

In  this,  the  first  parb  of  the  communication,  an  account  is  given  of 
the  principal  work  which  has  already  been  done  on  this  subject,  and 
this  is  followed  by  a  brief  description  of  the  method  by  which  the 
nitrites  have  been  prepared  and  their  purity  ascertained.  The 
physiological  actions  which  have  been  made  the  subject  of  special 
study  are  those  on  blood  pressure,  pulse,  and  respiration,  whilst  the 
action  on  striated  muscular  fibre  has  also  been  fully  examined.  The 
present  paper  deals  almost  entirely  with  the  action  of  various  nitrites 
on  blood  pressure,  and  with  the  special  apparatus  used  in  studying  it. 
A  subsequent  paper  will  have  reference  to  the  action  of  these  same 
nitrites  in  producing  contraction  of  striated  muscle,  and  will  conclude 
with  a  discussion  of  the  whole  of  our  results,  both  in  their  chemical 
and  physiological  aspects. 

The  nitrites  have  been  prepared  by  the  reaction  of  the  correspond- 
ing alcohol,  previously  purified,  with  sodium  nitrite  in  fche  presence  of 
dilute  acid.  This  has  proved  to  constitute  a  satisfactory  plan  of  pre- 
paring the  entire  series  of  nitrites  with  which  we  have  worked.  The 
liquid  nitrites,  after  having  been  thoroughly  washed  and  dried,  were 
repeatedly  distilled,  in  some  cases  under  reduced  pressure,  until  a 
liquid  boiling  at  a  constant  temperature  was  obtained.  Proof  that 
the  liquids  thus  obtained  had  the  composition  of  the  required  nitrites 
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was  furnished  hj  analysis.  The  nitrites  which  we  have  prepared  are 
those  of  methyl,  ethyl,  primary  propyl,  seoondaiy  propyl,  primary 
batyl,  secondary  butyl,  tertiary  butyl,  isobutyl,  «-amyl,  ^-amyl,  and 
tertiary  amyl.  Certain  ^of  these  nitrites  were  prepared  by  us  for  the 
first  time,  while  of  those  which  had  already  been  described  some  have 
been  found  to. possess  different  physical  properties  to  those  usually 
ascribed  to  them.  For  the  purposes  of  administration,  a  known  volume 
of  each  nitrite  was  taken.  The  relatire  density  of  each  substance 
having  been  previously  determined,  the  weight  corresponding  to  the 
volume  taken  was  readily  calculated,  and  from  tkis  was  ascertained 
the  amount  of  the  active  nitrite  gronp  (NO,)  present. 

The  apparatus  for  recording  alterations  in  blood  pressure  consisted 
of  a  mercuriaLmanometer  writing  upon  a  slowly  rotating  drom,  and 
a  Fick*s  kymograph  writing. upon  a  more . rftpidly  revolving  Balzac's 
cylinder.  These  manometers  could  be  employed  together  or  sepa- 
rately, but,  as  a  rule,  when  pressure- and  number  of  pulsations  only 
were  being  observed^  both  were  kept  open.  The  advantage  of  the 
arrangement  is  that  a  considerable  period  of  time  is  represented  by  a 
short  lineal  movement  on  a  small  drum,  whilst  on  the  quick  one  the 
pulse  can  be  reckoned  and  the  course  of  the  rapidly  occurring  varia- 
tions of  pi*essure  studied.  Respiration  was  recorded  on  a  registering 
Marey*s  tambour  attached  to  a  double  tambour  placed  on  the  thorax 
of  the  animal.  An  electrical  signal,  in  connexion  with  a  key  and 
Daniell's  cell,  was  placed  beneath  the  point  recording  the  blood 
pressure  in  order  to  mark  the  time  of  administration  of  nitrite.  In 
cases  where  vagus,  splanchnic,  or  sciatic  stimulation  was  employed,  a 
double  key  admitted  the^faradic  current  from  the  secondary  coil  of 
a  du  Bois-Reymond's  induetorium  to^the  electrodes  on  which  the 
nerve  rested,  while  at  the  same  time  it  closed  the  signal  circuit  indi- 
cating the  length  of  stimulation. 

The  following  represents  the  course  of  the  nitrite  administration. 
The  blood  pressure  being  ^steady,  tiie  clockwork  of  the  quick  drum 
was  started  so  .as  to  bring  it  up  to  full  speed  before  the  cylinder 
was  mado' to  rotate  by  screwing  up  the  friction  wheel:  The  nitrite 
was  then  introduced  into  the  side  tube  of  the  inhaler ;  an  arrange- 
ment of  valves  permitted  inspiration  only  to  take  place  through  this 
tube.  The  cylinder  was  started,  and  after  a  sufficient  record  of  the 
pulse  and  respiration  for  the  time  -being  had  been  recorded,  the 
nitrite  was  administered,  the  time  of  administration  being  recorded. 
A  sufficient  time  having  elapsed  for  inhalation,  the  air-tube  of  the 
inkaler^^was  opened,  the  rquick  drum  being  permitted  to  run  as  long 
as  was  necessi^ry  for  the  purpose  of  recording  the  changes  in  pulse 
and  pressure.  During  the  recovery  of  pressure  an  occasional  record 
of  pulse  and  respiration  was  taken  on  the  quick  drum,  corresponding 
marks  being  made  on  the  slowly  revolving  cylinder. 
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It  is  well  establisbed  that  small  doses  of  amjl  nitrite  cause  a  fall  of 
blood  pressure,  resulting  chiefly,  if  not  entirely,  from  a  powerful 
dilatation  of  the  arterioles,  reducing  peripheral  resistance  to  a  great 
extent.  Two  distinct  views  have  been  adyanced  as  to  the  cause  of 
the  dilatation.  Filehne  maintains  that  his  experimental  results  de- 
monstrate the  dilatation  to  be  due,  not  to  a  local  action  on  the  walls 
of  the  vessels,  but  to  the  direct  action  of  the  nitrite  on  the  vaso-motor 
centres.  On  the  other  hand,  Brunton,  and  also  Mayer  and  Friedrich, 
believe  they  have  shown  that  the  dilatation  is  the  result  of  a  direct 
action  on  the  walls  of  the  vessel,  and  is  independent  of  any  effect  on 
the  central  nervous  system. 

After  discussing  the  experiments  of  Filehne,  Brunton,  and  Mayer, 
an  account  is  given  of  the  experiments  made  by  the  authors  to  eluci- 
date this  question.  These  were  made  with  cats,  bpt  control  experi- 
ments with  rabbits  afforded  the  same  results.  In  the  first  series  the 
head  of  the  animal  was  entirely  cut  off  from  the  circulation,  yet  inha- 
lation of  pure  amyl  nitrite  (^th  c.c.)  caused  a  rapid  fall  of  )>ressure, 
the  lowest  point  reached  exactly  corresponding  with  that  noticed  in 
an  immediately  preceding  experiment,  in  which  the  head  was  included 
in  the  circulation.  In  the  second  series  all  the  arteries  passing  to  the 
head  were  temporarily  ligatured,  and  salt  solution  containing  dis- 
solved amyl  nitrite  (^th  c.c.)  injected  through  the  distal  end  of  the 
carotid  artery,  one  of  the  jugular  veins  being  opened  so  as  to  admit 
of  an  escape  of  blood  and  hinder  the  production  of  a  possibly 
abnormal  intravascular  tension  in  the  brain.  The  same  effect  was 
constantly  observed ;  the  blood  pressure  rose,  and  not  until  the  clamps 
were  removed  did  the  fall  of  pressure  -of  the  usual  character  occur. 
There  is  thus  no  indication  of  the  characteristic  nitrite  effect,  so  long 
as  the  vessels  are  ligatured,  although  the  nitrite  must  have  passed  to 
the  medulla  oblongate  by  vascular  anastomosis,  and  therefore  to  the 
chief  vaso-motor  centre.  By  the  injection  of  Berlin  blue,  it  was 
demonstrated  that  access  could  be  gained  to  the  medulla  through 
this  channel.  The  conclusion  that  the  nitrite  effect  is  the  result  of  an 
action  on  the  vessels,  and  not  on  the  central  nervous  system,  was  con« 
firmed  by  observations  on  the  effect  produced  by  nitrites  after 
splanchnic  stimulation  and  section.  Splanohnotomy  is  attended 
with  a  considerable  reduction  of  pressure,  and  if  nitrite  be  admi- 
nistered when  this  is  at  ite  minimum,  a  further  redaction  occurs, 
which,  however,  is  not  so  great  as  that  observed  before  section.  But 
if  administration  of  nitrite  be  delayed  until  the  occurrence  of  one  of 
the  temporary  elevations  of  pressure  which  are  observed  from  time  to 
time,  the  fall  of  pressure  closely  approximates  to  that  produced  before 
splanchnotomy.  Simulteneous  splanchnic  stimulation  and  nitrite 
inhalation  also  cause  a  normal  &11  in  pressure. 

In  experimente  with  the  human  subject,  an  accurate  record  was 
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taken  of  the  pidse-rate,  after  inhalation  of  a  known  quantity  of 
nitrite.  A  mask  inhaler  was  specially  devised,  so  as  to  avoid  loss  of 
substance  during  inhalation.  It  consisted  of  a  conical  metal  box 
covering  the  moutli,  and  fitting  accurately  on  the  bridge  of  the  nose 
by  the  aid  of  a  hollow  rubber  border,  which  could  be  distended  by 
injection  of  air.  It  is  provided  with  three  tubes  opening  out  of  a 
common  trunk  in  the  front  of  the  mask ;  one  of  these  was  not  fur- 
nished with  any  valve,  but  the  two  lateral  tubes  had  each  one  valve, 
opening  inwards  and  outwards  respectively.  The  tube  intended  for 
the  inspiration  of  nitrite  had  a  continuation  of  india-rubber,  ia  the 
middle  of  which  a  glass  bulb  waa  inserted  for  the  reception  of  the 
nitrite.  Spring  clamps  were  placed  on  either  side  of  the  bulb.  The 
mask  having  been  adjusted  to-  the  face,  and  respiration  being  regular 
throagh  the  valvular  tube,  the  drum  was  started  at  full  speed  so  as  to 
record  the  normal  pulse  rate,  and  the  inhalation  tube  was  opened  by 
removing  the  clamps  on  either  side  of  the  bulb  at  the  same  time  as 
the  interior  tube  was  closed.  The  time  of  inhalation  was  recorded  by 
a  signal  marker. 

There  is  a  considerable  variation  on  the  part  of  individuals  to 
nitrite  effect,  the  acceleration  of  the  pulse  in  the  case  of  those  of 
neurotic  tendency  being  much  greater,  and  the  time  of  its  con- 
tinuance much  less  than  in  that  of  a  lymphatic  subject.  The  order 
of  activity  (extent  of  acoeleration)  for  various  nitrites  deduced  from 
a  large  number  of  experiments  is  (1)  o-amyl ;  (2)  /3-amyl ;  (3)  iso- 
butyl ;  (4)  secondary  butyl ;  (6)  primary  butyl ;  (6)  secondary  propyl ; 
(7)  primary  propyl;  (8)  ethyl ;.  (9)  methyL 

The  action  of  each  paraffinio  nitrite  has  been  closely  contrasted  with 
that  of  amyl  nitrite..  The  results  may  be  broadly  summarised  as 
follows : — 

All  the  nitrites  examined  produce,  in  whatever  way  administered, 
a  reduction  of  blood  pressure,  variable,  however^  according  to  the 
oompoand  employed  in  its  extent  and  in  its  progress,  as  well  as  in  the 
ensuing  recovery. 

A  pulse  acceleration  usually  accompanies  and  succeeds  the  fall 
upon  inhalation,  the  extent  of  inhalation  varying  in  the  case  of  indi- 
vidual nitrites.  The  acoeleration.  is  less  uponintra-vasoalar  injection, 
especially  intra-arterial  injection,  than  when  administration  is  by 
inhalation ;  a  distinct  retardation  of  pulse  is  frequently  produced  by 
the  former  method,  especially  by  carotid  injection^ 

The  extent  of  acceleration  appears  to  be  less  in  the  case  of  cats  than 
in  the  human  subject. 

The  respiration  is  affected  (1)  temporarily  during  and  immediately 
subsequent  to  inhalation,  in  various  degrees  by  the  different  nitrites, 
and  (2)  permanently  by  the  repeated  administrations  of  the  same  or 
different  nitrites. 
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As  regards  the  principal  effect,  reduction  of  blood  pressure,  the 
activity  (extent  of  redaction)  of  the  various  nitrites  takes  the  follow- 
ing order  when  equal  volumes  are  administered  to  animals  by  inha- 
lation : — (1)  secondary  propyl;  (2)  tertiary  butyl;  (3)  secondary 
butyl,  (4)  isobutyl,  nearly  equal;  (6)  tertiary  amyl ;  (6)  «-amy], 
(7)  iS-amyl,  nearly  equal;  (8)  methyl;  (9)  butyl;  (10)  ethyl; 
(11)  propyl. 

The  order  is  somewhat  modified  when  the  nitrites  are  given  by 
intra-vascular  injection.  When  the  duration  of  the  sub-normal 
pressure  is  considered,  the  order  is  nearly  the  reverse  of  that  given 
above,  the  effect  of  methyl  nitrite  being  the  last,  and  that  of  secondary 
propyl  nitrite  one  of  the  first,  to  disappear.  In  contrasting  the 
results  of  the  measurement  o£  pulse  acceleration  produced  by  these 
nitrites,  it  is  noticed  that  their  activity  in  this  respect  does  not  follow 
the  same  order  as  that  in  redacing  blood  pressure,  the  amyl  nitrites 
in  particular  occupying  a  highmr  position  in  the  table.  The  causes  of 
these  differences  will  be  considered  in  the  second  part  of  this  paper, 
in  conjunction  with  a  discussion  of  the  relation  of  the  chemical  con- 
stitution of  the  nitrites  to  the  physiological  effects  now  described, 
and  also  to  those  produced  in  striated  mnscle,  a  description  of  which 
will  form  part  of  the  subsequent  communication. 

In  order  that  the  physiological  data  might  be  placed  on  an  abso- 
lutely satisfactory  basis  for  chemical  discassion,  we  determined  at  the 
commencement  of  last  year  to.  repeat  all  the  more  important  physio- 
logical experiments.  This  necessitated  the  labour  of  preparing  fresh 
specimens  of  the  nitrites*  The  results  of  these  confirmatory  experi- 
ments have  been  in  every  respect  satisfactory,  since  they  differed 
in  no  important  respect  from  those  previously  obtained.. 

The  chemical  part  of  this  enquiry  has  been  conducted  in  the 
Research  Laboratory  of  the  Pharmaceutical  Society,,  in  London, 
whilst  the  physiological  experiments  have  been  made  in  the  Pharma- 
cological Laboratory  of  the  University  of  Aberdeen*. 


V.  '*  Some  Points  in  the  Stnicture  and  Develbpment  of 
Dentine."  By  J.  Howard  MuMBdERY.  Communicated  by 
C.  S.  T0M1BS^F.R.S^   Eeceived-Eebniary  7,  189L, 

(Abstract.) 

The  purpose  of  the  present  paper  is ^ to  show  that  there  are- appear- 
ances in  dentine  which  suggest  that  it  is  formed  by  a  connective 
tissue  calcification,  and  that  the  process  is  more  closely  analogous  to 
the  formation  of  bone  than  has  usually  been  supposed. 

The  varied  theories  held  as  to  the  structure  and  development  of 
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dentine  are  partly  due  to  the  difficolties  met  with  in  the  investigation 
of  this  tissue,  soft  and  hard  parts  haying  to  be  retained  in  their 
natural  relations  to  each  other.  Decalcification  of  the  dentine  hy 
acids  has  been  resorted  to,  a  mode  of  preparing  microscopical  objects 
for  study  which  is  open  to  many  objections.  Sections  cut  by  a 
process  recommended  by  Dr.  L.  A.  Weil,  of  Munich,  exhibit  the 
natural  relations  of  pulp  and  tooth  without  the  necessity  of  resorting 
to  decalcification.  Fresk  specimens  are  fixed  in  sublimate,  passed 
through  gradually  increasing  strengths  of  spirit  to  absolute  alcohol, 
and  slowly  impregnated  with  a  solution  of  desiccated  balsam  in 
chloroform,  dried  with  more  balsam  over  a  water-bath,  and  cut  down 
on  a  stone  with  water.  The  present  investigation  was  undertaken 
with  the  aid  of  this  process,  controlled  by  the  examination  of  other 
specimens  cut  by  the  more  ordinary  methods. 

Processes  or  bundles  of  fibres  are  seen,  incorporated  on  the  one 
side  with  the  dentine,  and  on  the  other  with  the  connective  tissue 
stroma  of  the  .pulp ;  some  of  the  bundles  give  evidence  of  partial 
calcification,  reminding  one  of  similar  appearances  in  the  calcification 
of  membrane  bone.  Cells  are  seen  included  in  the  bundles  and  lying 
parallel  to  their  course ;  these  cells,  it  is  concluded,  form  together  with 
the  odontoblasts  the  formative  cells  of  the  dentine,  the  calcification  of 
which  tissue  should  be  looked  i\pon  as  in  part,  at  leasts  a  secretion 
rather  than  a  conversion  process,  the  cells  secreting  a  material  which 
calcifies  along  the  lines  of  and  among  the  connective  tissue  fibres, 
the  cells  themselves  not  being  converted  into  dentine  matrix.  These 
appearances  are  seen  in  the  rapidly  forming  dentine  of  a  growing 
tooth,  as  well  as  in  more  fully  developed  specimens.  An  examination 
of  other  Mammalian  teeth  reveals  similar  appearances.  The  dentine 
of  the  incisor  of  the  Bat  {Mtu  decumanus)  shows  with  great  distinct- 
ness the  incorporation  of  the  connective  tissue  fibres  with  the  dentine, 
and  there  is  a  marked  striation  of  the  dentine  near  the  pulp  cavity, 
parallel  with  these  fibres.  The  ivory  of  the  Elephant's  tusk  shows 
the  same  relation  of  connective  tissue  to  formed  dentine.  Yaso- 
dentine  exhibits  a  very  well  defined  connective  tissae  layer  sur- 
rounding the  pnlp.  This  layer  has  hitherto  been  looked  upon  as 
consisting  of  odontoblasts,  but  this  tissue  shows  no  nuclei,  and  has 
the  characters  of  a  layer  of  flattened  connectiire  tissue  fibres — a  layer 
of  nucleated  cells  in  close  apposition  to  the  dentine,  probably  being 
the  real  odontoblasts  of  vaso-dentine. 
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The  following  Tapers  wei"e  read^: — 

L  "  On  tTie  Plasticity  of  an  Ice  Cryrtai:"  By  £he  late  J.  C- 
McGoNNEL,  M.A,  Communiciited  by  B.  T,  Glazebrook, 
F.B,S.    Beceived  January  24, 1891. 

Two  years  ago,  in  »the  *  Proceedings  of  the  Boyal  Society,'  was  pub- 
lished an«ccount  of  some  experiments  on  the  plasticity  of  ice  made 
by  Mr.  Kidd  and  myself.  We  proved  the  oft-repeated  statement,  that 
glacier  ice  is  not  plairtic  under  tension,  to  be  erroneous,  and  showed 
that  any  ordinary  bar  of  ice  composed  of  fieveral  crystals  will  yield 
continuously  either  to  pressure  or  tension.  But  we  found  that  a  bar 
cut  out  of  a  single  crystal  with  its  length  afc  right  angles  to  the  optic 
axis  showed  no  signs  of  continuous  stretching  even  under  half  the 
breaking  tension,  and  other  experiments  convinced  us  that  an  ice 
crystal  will  not  change  its  -shape  under  either  temsion  ^or  pressure 
applied  set  right  angles  to  ats  optic  axis.  These  results  seemed  to 
render  it  highly  probable  that  ;an  ice  crystal  was  not  in  any  way 
plastic,  and  though  after  "the  winter  was  over  we  wislied  we  had  varied 
our  experiments  more,  yet  we  quite  expected  that  furtiher  investiga- 


Digitized 


by  Google 


324  Mr.  J.  C.  McConnel.  [Mar.  12, 

tion  would  only  have  corroborated  the  perfect  "  brittleness "  of  a 
single  crystal. 

Since  our  paper  was  written,  my  attention  has  been  called  to  a 
passage  in  Professor  James  Thomson's  masterly  article  on  '^The 
Lowering  of  the  Melting  Point  of  Ice  by  Distorting  Stress " 
(*  Phil.  Trans./  1849),  in  which  he  expresses  the  opinion  that  crystals, 
whether  of  ice  or  other  substances,  are  not  plastic. 

If  we  reject  the  idea  of  internal  distortion  of  the  cryst&ls,  we  are 
driven  to  the  conclusion  that  the  observed  plasticity  must  be  due  to 
some  action  at  the  interfaces,  whereby  the  crystals  alter  their  shape 
sufficiently  to  allow  them,  to  alter  their  relative  positions.  As  to  the 
nature  of  the  action,  various  suggestions  occurred  to  me.  James 
Thomson  explained  the  plasticity  of  ice  at  0"*  C.  by  supposing  the  ice 
to  melt  at  those  interfaces  where  the  stress  was  great,  and  the  liberated 
water,  after  flowing  to  points  where  the  stress  was  small,  to  again 
solidify.  This  might  be  extended  to  low  temperatures  by  supposing 
a  certain  quantity  of  water  to  be  kept  in  the  liquid  state  by  the 
pressure  of  residual  impurities.  But  the  process  would  be  enor- 
mously retarded  by  the  constant  necessity  for  the  distribution  of  salt 
being  equalised  by  diffusion.  Again,  it  is  not  clear  how  a  bar  of  ice 
during  this  process  would  be  able  to  resist  a  tension  considerably 
greater  than  the  pressure  of  the  atmosphere.  With  more  probability 
we  may  suppose  one  crystal  to  grow  at  the*  expense  of  another  owing 
to  the  stresses  and  strains  on  the  contiguous  parts  being  different. 
Though  the  stresses  were  the  same,  the  strains  might  be  different, 
owing  to  SDolotropic  elasticity.  But  the  elasticities  are  not  likely  to 
be  very  different  in  different  directions,  so  for  a  very  small  extension 
of  the  bar  we  should  expect  considerable  movement  of  the  interfaces. 
There  is,  however,  nothing  to  prevent  the  stresses  being  different. 
The  tension  in  any  direction  parallel  to  the  interface  might  be  greater 
in  one  crystal  than  in  the  other.  The  migration  of  matter  -from  one 
crystal  to  another  under  less  stress  would  probably  in  almost  all  cases 
be  accompanied  by  yielding  to  the  external  force  producing  the 
stresses.  But  in  this  case  the  effect  would  be  very  indirect,  and 
again  we  might  look  for  large  movement  of  the  interfaces. 

Some  such  speculations  had  occupied  my  mind  last  autunm,  and  it 
was  with  considerable  curiosity  that  I  began  experiments  in  Decem- 
ber on  the  puzzling  question  of  the  real  cause  of  the  plasticity  of  ice. 
I  took  a  bar  of  ice  consisting  of  half  a  dozen  crystals,  made  a  draw- 
ing under  the  polariscope  of  the  relative  position  of  the  interfaces, 
and  then  set  up  the  bar  with  the  ends  supported  and  a  weight  hung 
from  the  middle.  After  two  days,  it  had  bent  a  good  deal,  yet,  under 
the  polariscope,  I  could  detect  no  material  change  in  the  position  of 
the  interfaces.  One  crystal,  however,  had  completely  changed  its 
appearance.     It  now  strongly  reminded  me  of  a  piece  of  unannealed 
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glafis.  There  were  two  centres  of  colour  encircled  by  irregular  ringR, 
and  these  remained  mnch  the  same  when  the  two  faces  through  which 
the  light  passed  were  rubbed  quite  flat  and  the  other  crystals  cut 
away.  There  could  be  no  doubt  that  this  crystal  had  suffered  some- 
thing more  than  mere  elastic  distortion. 

The  next  experiment  was  very  instructive.  A  thin  slip  of  ice, 
being  a  single  crystal,  was  subjected  to  bending  stress  as  before,  and 
left  for  several  hours.  It  apparently  bent  very  quickly,  for  after  a 
few  hours  it  was  found  crescent  shaped,  and  liickily  unbroken,  lying 
at  the  bottom  of  the  box.  The  optic  axis  was  bent,  and,  though  its 
change  of  direction  was  rapid  where  the  bend  was  sbarp,  there 
appeared  to  be  no  break  in  continuity.  On  the  other  hand,  the  long 
narrow  bubbles^  which  were  originally  no  doubt  parallel  to  each 
other  and  perpendicular  to  the  slip,  were  still  parallel  to  each  other 
throughout.  In  fact,  as  I  noted  at  the  time,  the  crystal  behaved  as 
if  it  consisted  of  an  infinite  number  of  indefinitely  thin  sheets  of 
paper,  normal  to  the  optic  axis,  attached  to  each  other  by  some  viscous 
substance  whieh  allowed  one  to  slide  over  the  next  with  great  diffi- 
culty. This  comparison  proved  to  be  the  key  to  the  whole  question 
of  the  plasticity  of  a  ciystal  of  ice. 

Further  experiment  showed  that  if  a  bar  of  ice  consisting  of  a 
single  crystal  with  the  axis  perpendicular  to  two  of  the  side  faces  was 
subjected  to  bending  stress,  it  would  bend  freely  in  the  plane  of  the 
axis  either  at  or  below  the  freezing  point,  but  not  at  all  in  a  plane 
perpendicular  to  it.  In  the  bent  crystal  the  optic  axis  in  any  part 
was  normal  to  the  bent  faces  in  that  part.  But  any  series  of  lines 
drawn  in  the  substance  of  the  ice  which  were  originally  parallel  to  the 
optic  axis  and  to  each  other  remained  parallel  to  each  other,  though 
not,  of  course,  to  the  optic  axis.  This  was  evidenced  by  the  position 
of  long  narrow  bubbles  which  frequently  form  at  right  angles  to  the 
planes  of  freezing,  and  also  by  the  end  faces  of  the  bar  remaining 
parallel  to  each  other.  When  the  optic  axis  was  longitudinal,  the  bar 
bent  indeed,  but  not  very  readily,  and  the  general  behaviour  was 
more  obscure.  Still,  this  case,  too,  was  in  satisfactory  agreement 
with  the  analogy  mentioned  above. 

Let  us  state  this  analogy  more  fully.  The  sheets  of  paper  offer  no 
resistance  to  bending,  but  utterly  refuse  to  stretch  except,  of  coarse, 
elastically.  Initially  they  are  plane  and  perpendicular  to  the  optic 
axis,  and,  after  they  have  been  deformed  by  bending,  the  optic  axis  ut 
any  point  is  still  normal  to  the  sheet  at  that  point.  They  are  of 
uniform  tliickness,  whence  it  easily  follows  that  the  directions  of  the 
optic  axis  in  any  crystal  form  a  series  of  straight,  though  not  parallel, 
lines. 
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Detailed  Account  of  the  Experiments, 

The  first  two  experiments  have  been  snfficiently  described  already. 

Tbe  place  of  experiment  was  a  north  room  in  the  Bad  Hotel, 
Dayos.  A  box  without  a  lid  was  placed  on  a  wooden  table,  and 
across  the  top  of  this  box  were  laid  two  pieces  of  wood,  which 
served  to  support  the  ends  of  the  bar  of  ice.  From  the  middle  of 
the  bar  was  suspended  a  weight  with  a  loop  of  thick  string.  In  the 
bottom  of  the  box,  but  at  the  other  end,  i.e.,  about  a  foot  from  the  iCe 
and  6  inches  below  it,  was  placed  a  registering  thermometer  of  the  Six 
pattern.  Over  the  whole  was  put  a  thick  wooden  cover.  As  there 
was  nothing  inside  the  cover  of  great  capacity  for  heat,  I  believe 
that  any  variation  of  the  temperature  of  the  ice  was  nearly  simul- 
taneously felt  by  the  thermometer.  This  thermometer,  which  was 
used  throughout,  was  divided  into  Fahrenheit  degrees ;  its  correction 
at  freezing-point  was  tested  lx)th  before  and  after  the  experiments. 
The  error  did  not  exceed  ^'  F.  At  6*  F.  I  compared  it  with  a  spirit 
thermometer  which  had  been  verified  at  Kew ;  it  read  |°  F.  too  high. 
These  errors  are  negligible  in  the  present  work. 

Exp.  3. — A  bucket  q€  water  left  in  the  ice  room  over  night  was 
found  in  the  morning  covered  with  ice  about  15  mm.  thick,  consisting 
of  several  crystals.  From  this  1  sawed  out  a  bar  and  planed  it  smooth 
and  straight.     The  breadth  was  10  mm. ;  the  depth,  9  mm. 

The  bar  contained  many  long  bubbles  in  a  vertical  position.  All 
the  middle  of  it  was  one  crystal  with  the  axis  nearly  vertical.  The 
two  ends  of  the  bar  were  composed  of  many  crystals.  A  weight  of 
1*29  kilograms  was  applied  from  11.20  a.k.  to  8.30  p.m.  on  December 
14.  During  this  time  the  maximum  temperature  was  —2^*8  G. ; 
the  minimum,  — 6®*6  C. ;  and  the  mean,  about  — 3'-6  C.  The  bar  had 
taken  the  shape  of  the  diagram,  fig.  1,  which  is  copied  from  a  trace 

Fia.  1. 


made  soon  after  the  experiment.  The  bends  at  the  points  indicated, 
by  a  and  h  were  more  decided  in  the  bar  than  in  the  trace.  The  exact 
position  of  the  supports  was  not  noted  at  the  time,  but  they  certainly 
did  not  extend  right  up  to  the  bends  at  a  and  h.  The  fact  that  the 
two  end  pieces  are  still  nearly  in  line  suggests  that  the  end  surfacea 
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of  the  middle  crystal  are  in  the  same  position  as  before  the  bending. 
The  question  immediately  suggested  itself  whether  the  bend  was  due 
to  a  limited  number  of  layers  sliding  over  each  other  by  tinite  amounts, 
or  to  a  true  shearing  strain.  I  examined  the  surfaces  of  the  bubbles 
very  carefully  with  a  magnifying  glass,  and  could  find  no  trace  of  pro- 
jecting edges  or  "  faults,"  so  I  concluded  it  was  a  true  shear.  My 
polariscope  was  the  same  as  waa  used  two  years  ago. 

Light  from  the  white  paper  A,  fig.  2,  was  reflected  by  the  three 


Fio.  2. 


plates  of  glass,  B,  upwards  through  the  Nicol  C,  and  then  the  ice  was 
laid  on  the  glass  stage  E,  or  held  in  the  closed  hand.  D  was  lined 
with  black  velvet.  This  simple  apparatus  served  its  purpose  excel- 
lently, and  it  was  seldom  that  I  wished  for  a  more  elaborate  apparatus 
with  convergent  light. i  The  bent  bar  under  this  polariscope  was 
found  to  have  the  optic  axis  as  nearly  as  I  could  tell  normal  to  the 
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bent  faces  throughout.  If  the  black  centre  was  near  the  middle  of 
one  half,  the  sharp  bend  was  crowded  with  narrow  coloured  bands 
which  moved  slowly  along  as  the  bar  was  tilted,  till  as  each  band 
reached  the  straight  piece  beyond  the  bend  it  moved  rapidly  and 
broadened  out. 

The  movement  of  the  bands  across  the  bend,  though  slow,  was  quite 
regular,  so  the  direction  of  the  optic  axis  changed  quickly  but  not 
per  salttim. 

Exp.  4. — A  similar  arrangement.  The  bar  was  all  one  crystal  except 
the  parts  actually  on  the  supports.  The  optic  axis  was  transverse, 
but  horizontal.  Depth,  9*5  mm. ;  breadth,  10  mm. ;  supports,  75  mm. 
apart.  The  weight  of  1*29  kilos,  was  applied  over  42  hours  from 
4.15  P.M.  on  December  15  to  10.35  a.m.  on  December  17.  The 
minimum  temperature  was  —  7*'8  C,  the  maximum  —1*1  C,  the  mean 
about  -3**'3  C. 

Decided  evaporation  had  taken  place ;  the  edges  of  the  bar  were 
rounded  and  the  string  which  had  stuck  to  the  bar  was  raised  on 
ridges.  The  greater  part  of  the  bar  was  8^  mm.  deep,  9  mm.  broad. 
*In  comparing  the  traces  taken  before  and  after  the  experiment 
I  could  find  no  bending.  It  certainly  did  not  amount  to  half  a  milli- 
metre. The  traces  were  taken  by  laying  the  bar  on  a  sheet  of 
paper  and  following  the  upper  and  lower  edges  with  a  pencil. 

Exp,  5. — The  same  bar,  turned  so  us  to  pttt  the  optic  axis  vertical, 
bent  rapidly. 

Depth  8f  mm*,  breadth 'S^  mm.  Distance  between  supports  73  mm. 
The  weight  of  0*62  kilo,  was  applied  from  11.10  a.m.  to  9.5  p.m.  on 
December  17.  The  minimum  temperature  was  — 4'*'4  C,  the  maxi- 
mum — 1°*7  C,  mean  about  —3^*0.  The  depression  of  the  middle 
measured  on  the  trace  was  about  4^4  mm.,  which  had  taken  place 
in  10  hours.  Assuming  that  in  Experiment  4  the  depression  was  less 
then  0*5  mm.,  the  bending  of  the  bar  in  the  new  position  must  have^ 
been  at  least  thirty-seven  times  as  fast.  It  is  true  the  depth  and 
breadth  were  slightly  less,  but  the  weight  was  less  than  half  as  great. 
The  resuhs  of  Exp.  3  as  to  bubbles  and  optic  axis  were  confirmed. 
Exp.  '6. — A  bar  with  the  axis  longitudinal. 

I  obtained  a  large  lump  of  thidk  ice  from  the  Davos  lake,  and 
from  this  cat  a  bar  which  appeared  to  be  all  one  crystal,  with  the 
axis  longitudinal.  I  need  not  enter-on  the  details  of  the  experiment, 
especially  as  the  temperature  rose  above  freezing-point.  But  at  the 
end  the  bar  had  the  shape  shown  in  the  diagpram,  Figs.  3,  4. 

The  dotted  line  indicates  a  division  between  the  crystals.  The 
double-headed  arrows  show  the  direction  of  the  optic  axis  in  different 
parts,  or  at  least  the  projection  of  that  direction  on  the  plane  of  the 
paper.  This  was  determined  by  making  the  field  of  the  polarisoope  as 
dark  as  possible,  putting  the  part  of  the  bar  in  question  in  the  middle 
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of  the  field  and  then  taming  it  'till  it  looked  as  dark  as  possible . 
When  this  is  done  the  axis  lies  in  the  principal  plane  of  the  instru- 
ment. It  will  be  noticed  that  in  each  crystal  the  direction  of  the 
optic  axis  is  almost  uniform.  I  imagine  that  the  two  crystals  existed 
yirtually  in  the  bar,  but  that  their  optic  axes  were  so  nearly  parallel 
that  in  the  polariscope  they  behaved  as  one  crystal.  The  kind  of 
shear  that  must  have  taken  place  in  the  upper  crystal  is  represented 
in  fig.  4  by  a  number  of  layers  of  finite  thickness  slipped  over  one 
another. 

I  cannot  say  definitely  that  the  bending  was  either  slower  or  faster 
than  in  a  bar  all  one  crystal  with  the  axis  vertical. 

The  part  beyond  the  dotted  line  is  perhaps  due  to  the  intrusion  of 
anoiher  crystal  completely  overlapped  by  the  main  crystal,  or  perhaps 
to  some  alteration  of  the  optical  qualities  due  to  elastic  strain. 

Exp,  7. — Another  bar  cut  from  the  same  lump  was  a  single  crystal 
with  the  axis  nearly  longitudinal,  inclined  perhaps  at  5°  to  the  side  of 
the  bar.  Breadth  10*7,  depth  105,  distance  between  supports  84  mm., 
weight  1*29  kilos.  After  six  hours,  during  which  time  the  tempera- 
ture had  been  between  — 1°7  and  —  0°*6  C,  the  bar  was  found  lying  at 
the  bottom  of  the  box  broken  into  two  pieces.  It  had  bent  so  much 
that  it  must  have  slipped  down  between  the  supports  and  been  broken 
in  the  fall.  The  two  parts  could  be  accurately  pieced  together.  At 
the  dotted  line  there  was  a  very  rapid  bat  not  sudden  change  in  the 
direction  of  the  optic  axes.  The  shape  of  the  surfaces  normal  to  the 
optic  axes  is  shown  in  fig.  5  (p.  330).  These  sliding  surfaces  must 
have  the  geometrical  property  that  the  normal  drawn  at  any  point  to 
any  point  is  also  normal  to  all  the  surfaces  it  cuts  within  the  bar.  It 
is  in  fact  parallel  to  the  optic  axi&  all  alono:  its  course. 
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It  will  be  noticed  that  the  directions  of  the  optic  axis  in  different 
parts  form  a  series  of  straight  lines.  This  is  an  immediate  conse- 
quence of  the  hypothesis  of  the  existence  of  sliding  surfaces,  and 
may  be  shown  in  the  following  way. — In  the  part  of  the  crystal 
beyond  the  dotted  line,  however,  this  rule  does  not  hold  good. 

In  the  original  unstrained  crystal  the  opfcic  axis  is  in  the  same 
direction  everywhere.  Hence  layers  perpendicular  to  it  are  of  equal 
thickness  throughout.  Their  subsequent  bending  and  slipping  does 
not  affect  their  uniformity  of  thickness. 

We  need  only  consider  one  of  the  principal  directions  of 
curvature. 

Draw  PP',  QQ'  normal  to  the  surface  at  P,  Q,  to  meet  the  next 
surface  at  P'Q'.  On  PP  drop  perpendiculars  Q»,  QV.  All  the  quan- 
tities in  small  distances  are  small  except  the  radii  of  curvature  />,  p 
at  P  and  P'.  Since  the  thickness  of  the  layer  is  uniform,  PP'  =  QQ' 
Thus  to  the  second  order  of  small  quantities  Pn  =  P'n'. 


=  nn  . 


Fig.  6. 


But  since  Pn  is   normal   to  the  curve  PQ  at   P,  Pn  =  Qn^/2/a  = 
Q'w'2/2/>'    to    the   second   order.      Now   this   would  have  been   the 
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expression  for  P'»'  if  it  had  been  normal  to  the  curve  P'Q'  at 
F  and  Q'»'  had  been  drawn  perpendicular  to  it,  and  PP'  is  normal  to 
the  curve  P'Q'  at  F. 

Exp.  8. — This  was  an  experiment  on  a  bar  composed  of  three 
crystals  designed  to  investigate  the  action  at  the  interfaces  of  ciys- 
tals.  The  bar  bent  a  good  deal,  but  nearly  the  whole  bend  occurred 
in  the  middle  of  one  of  the  crystals.  I  had  cut  nicks  in  the  sides  of 
the  bar  to  test  for  migration  of  the  interfaces  within  the  ice,  but 
found  none.  It  appears,  in  fact,  that  the  interfaces  do  not  in  any 
way  assist  the  plasticity,  but  hinder  it  by  fettering  the  sliding  of  the 
layers  in  the  separate  crystals. 

Eoop.  9. — Out  of  some  thick  ice  formed  on  the  surface  of  the 
water  in  a  foot-bath  I  cut  a  bar  which  was  all  one  crystal.  When 
the  bar  was  in  position  the  optic  axis  was  horizontal,  and  inclined  at 
about  60**  to  the  length  of  the  bar. 

Breadth,  13  mm.  ;  depth,  11*7  mm. ;  distance  between  supports, 
88  mm. 

A  weight  of  1*29  kilos,  was  applied  for  16 J  hours  from  4.50  p.m. 
on  January  29  to  9.16  a.m.  on  January  30,  during  which  time  the 
maximum  temperature  was  —6°  C,  the  minimum  —12°* 7  C,  and  the 
mean  about  —  8**'6  C.  The  depression  of  the  middle  was  1*9  mm.  A 
little  consideration  will  show  that  by  the  theory  of  the  sliding  layers, 
the  upper  and  lower  surfaces  of  the  bar  should  be  bent  in  such  a 
manner  as  to  still  contain  straight  lines  perpendicular  to  the  optic  axis. 
Some  such  deformation  was  observed,  but  it  was  not  very  definite.  I 
noticed  that  the  numerous  bubbles  which  were  originally  parallel  t^ 
the  axis  were  still  parallel  to  the  upper  and  lower  surfaces  in  their 
neighbourhood. 

I  now  set  up  an  arrangement  for  obtaining  more  accurate  measure- 
ments of  the  rate  of  bending.  A  large  square  aperture  in  an  iron 
plate  was  bridged  by  a  curved  iron  bar  rigidly  attached  to  the  plate. 
The  bar  of  ice  was  placed  across  the  aperture.  A  loop  attached  to 
the  curved  bar  supported  a  wire  lever,  of  which  the  long  arm  served 
as  a  pointer  on  a  scale,  and  the  short  arm  carried  a  stirrup  which 
embraced  the  ice.  When  the  bar  bent  the  stirrup  was  depressed 
and  the  pointer  raised  about  twenty- eight  times  as  much. 

This  part  of  the  apparatus  was  placed  in  a  cigar  box,  at  one  end  of 
which  the  pointer  projected  through  a  slit,  while  there  was  a  hole  in 
the  bottom  to  allow  the  string,  to  which  the  weight  was  attached,  to 
pass  through.  The  Six  thermometer  was  on  a  level  with  the  ice, 
and  could  be  read  by  gently  lifting  the  lid  without  disturbing  any- 
thing. The  mirror  and  scale  with  which  the  position  of  the  pointer 
was  read  were  fastened  to  the  box. 

The  only  part  of  the  stirrup  that  touched  the  ice  was  the  flat  piece 
of  tin  at  the  bottom.     This  was  slightly  roughed  and  made  flat,  so 
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that  it  should  not  slip^off  the  projection  left  by  the  gradual  evapora- 
tion of  the  unsheltered  surface. 

The  string  carrying  the  weight  was  put  as  close  as  possible  to  the 
stirrup  without  risk  of  touching  it,  and  so  that  the  central  point  of 
the  aperture  came  somewhere  between  the  two. 

Exp,  10. — The  bar  was  taken  from  the  same  bath  ice  as  in 
the  last  experiment.  It  was  all  one  crystal  with  the  axis  vertical. 
The  first  attempt  was  a  failure,  owing,  1  believe,  to  some  snow 
getting  underneath  the  iron  plate,  and,  by  giving  way  gradually, 
tilting  up  the  plate.  1  had  put  a  good  deal  of  snow  inside  the 
cigar  box,  with  the  hope  of  preventing  evaporation.  This  made  the 
readings  erratic  and  unreliable,  so  the  next  day  I  turned  the  bar 
over  to  give  the  stirrup '  a  smooth  surface  to  bear  upon,  and  started 
fresh.  The  results  are  given  in  the  table  (p.  333).  I  think  the 
amount  of  depression  may  generally  be  trusted  to  within  0*01  mm. 

Several  interesting  points  are  brought  out  in  this  table.  When 
the  weight  is  changed,  the  alteration  in  the  rate  of  depression  is  great 
out  of  all  proportion,  e.^.,  the  alteration  from  00058  to  0*410  when 
the  weight  is  changed  from  01 74  to  1*47  per  square  cm.  During  the 
course  of  the  experiment  there  was  a  decided  rise  in  plasticity; 
compare  the  earlier  with  the  later  rates  under  1*47  per  square  cm. 
at  similar  temperature.  This  is  corroborated  by  the  increase  of 
speed  under  0*85  kilo. 

The  only  exception,  viz.,  the  decrease  of  speed  at  first  under 
41*7  kilos,  was  due,  I  believe,  to  the  elastic  strains  which  had  been 
set  up  in  the  preliminary  bending.  The  effect  of  these  elastic  strains 
is  shown  by  the  undoubted  rise  of  the  middle  of  the  bar  when  the 
weight  was  removed  at  the  end  of  the  expenment. 
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Into  this  matter  I  enter  more  fnllj  below. 

The  indicated  rise  between  12.59  and  2.3  p.m.  is,  I  feel  sure,  simply 
due  to  a  misreading.  Whenever  the  weight  was  altered  the  appa- 
ratus was  unavoidably  disturbed,  so  I  had  to  take  an  entirely  h*esh 
reading  of  the  pointer.  Generally  this  only  differed  by  fractions  of  a 
millimetre  from  the  previous  reading,  but  in  the  case  in  point  it  was 
nearly  6  mm.  greater.  The  ice  showed  an  inconvenient  tendency  to 
slip  backwards  on  the  iron  plate,  thus  bringing  the  end  of  the 
pointer  forwards  till  it  almost  touched  the  edge  of  the  slit.  The  ice 
had  to  be  pushed  forwards  three  or  four  times  during  the  experiment. 
Of  course  a  fresh  reading  was  taken  after  each  such  displacement,  so 
that  no  error  resulted.  This  trouble  was  caused  doubtless  by  the 
plate  not  being  accurately  level.  In  subsequent  experiments  I  was 
more  successful  in  avoiding  it. 

Exp,  11. — I  desired  to  establish  with  the  more  delicate  system 
of  measurement  that  the  plasticity  is  inappreciable  when  the  bending 
stress  is  applied  at  right  angles  to  the  axis.  I  cut  a  bar,  all  one 
crystal,  from  the  bath  ice,  and  planed  it  so  that  the  upper  and  lower 
surfaces  were  as  accurately  as  possible  parallel  to  the  optic  axis.  In 
the  polariscope,  when  the  middle  of  the  black  cross  was  in  the  middle 
of  the  bar,  the  two  faces  were  equally  inclined  to  the  lines  of  sight. 
I  then  set  up  the  apparatus  in  the  usual  way.  The  results  are  seen  in 
the  annexed  table  (p.  334). 

It  will  be  seen  that  the  pointer  indicated  a  rise  of  the  stirrup 
amounting  in  the  21^  hours  to  0*29  mm.  As  was  before  mentioned, 
the  stirrup  was  slightly  roughed  to  prevent  it  from  slipping,  so  at 
first  it  would  make  contact  with  the  bar  at  only  a  few  points. 
Evaporation  would  help  to  extend  the  contact  to  large  surfaces,  and 
admit  of  a  slight  movement  of  the  stirrup  relatively  to  the  ice. 
Thus  the  experiment  was  not  as  satisfactory  as  could  be  wished.  It 
is  possible  that  a  very  slight  depression  of  the  bar  might  be  masked 
by  this  effect  of  evaporation.  But  even  supposing  that  the  i^ite  of 
real  depression  was  twice  as  great  as  that  of  the  apparent  elevation, 
viz.,  00043  mm.  per  hour,  it  would  still  be  very  small  compared  with 
tlie  rates  of  the  next  experiment.  I  am  at  any  rate  entitled  to  say 
that  within  the  limits  of  error  of  experiment  there  is  only  one  kind  of 
plasticity  in  an  ice  crystal,  viz.,  that  due  to  the  sliding  layers  at  right 
angles  to  the  optic  axis.  It  is  probable  that  the  same  source  of  error 
was  active  in  other  experiments,  but  in  them  the  effect  would  he 
almost  negligible. 

J&ajp.  12. — The  same  bar  was  turned  on  its  side  so  that  the  optic 
axis  was  vertical. 
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We  first  notice  that  the  plasticity  exists  down  to  — 14***4.  At  this 
temperature  the  bending  was  slow,  but  this  was  dae  in  great  part  to 
the  fact  that  it  came  at  the  beginning,  and  the  bar  was  as  nsnal.  The 
rapid  growth  of  plasticity,  independently  of  the  temperature,  is  shown 
by  the  rate  of  0*59  mm.  per  hour  at  a  mean  temperature  of  —  5°*6, 
being  raised  in  less  than  two  hours  to  1*18  mm.  at  •— 6^*1.  The  tend- 
ency to  recover  when  the  weight  is  removed  is  shown  three  times  over 
in  the  table.  As  might  be  expected,  it  soon  becomes  very  slow,  and 
in  that  case  after  twelve  hours,  when  the  recovery  amounts  to  0*72 
mm.,  it  has  probably  stopped  altogether.  In  the  fall  of  rate  from 
1-89  at  -1°7  to  118  at  -6°1  and  0-746  at  -13^  in  spite  of  the 
natural  tendency  for  the  rate  to  rise,  we  seem  to  have  a  real  effect  of 
temperature.  After  8.38,  the  cigar  box  had  to  be  left  open  as  the  pointer 
had  almost  reached  the  lid  of  the  box,  and  so  the  subsequent  tem- 
peratures are  unreliable.  I  imagine  that  the  change  from  0't85  to 
0'745  was  due  to  a  fall  of  temperature. 

At  the  beginning  of  Exp.  11  the  bar  measured  14  mm.  by  12*3  mm., 
which  was  reduced  at  the  end  of  Exp.  12  to  13  mm.  by  10'8  mm. 
The  evaporation  had  been  rather  more  rapid  just  at  the  bend  of  the 
bar.  This  was  owing,  I  believe,  to  the  circulation  of  air  through  the 
hole  by  which  the  string  passed  out. 

I  measured  the  total  depression  on  the  trace  as  2*6  mm.  As  mea- 
sured by  the  pointer  it  is  2*45.  The  agreement  is  as  good  as  could  be 
expected. 

Exp.  13. — In  this  experiment  I  used  a  thicker  bar  and  tried  a 
variety  of  weights.  The  bar  was  only  just  small  enough  to  go  into 
the  stirrup.     (See  Table  IV,  next  page.) 

The  stiffness  of  the  bar  in  the  first  three  hours  is  surprising. 

Exp.  14. — In  all  the  experiments  hitherto  on  bars  composed  of 
single  crystals  it  happened  that  the  optic  axis  had  been  vertical  when 
the  ice  was  formed,  so  that  the  planes  of  freezing  coincided  with  the 
sliding  layers.  I  fully  believed  that  this  coincidence  was  merely  acci- 
dental, and  what  happened  in  Exp.  8  had  confirmed  this  idea,  but  I 
thought  it  desirable  to  have  a  more  direct  proof.  So  I  cut  a  piece 
out  of  a  good  large  crystal,  in  the  ice,  found  on  the  surface  of  the 
water  in  the  bucket,  in  which  the  optic  axis  was  not  vertical.  When 
the  bar  was  put  in  position  the  planes  of  freezing  were  vertical  and 
parallel  to  the  length,  and  the  optic  axis  was  normal  to  the  length 
and  inclined  at  about  50°  to  the  vertical.  The  bar  was  about  8  mm. 
square,  and  the  distance  between  the  supports  was  51  mm. 

Under  a  weight  of  0*62  kilo,  in  4  hours  28  minutes  at  a  mean  tem- 
perature of  —4'* '4  (the  maximum  — •1*'*4)  it  bent  downwards  about 
4  mm.  There  was  a  large  lateral  bend,  which  made  the  vertical  bend 
very  difficult  to  measure. 

If  the  sliding  layers  had  been  necessarily  the  same  as  the  planes  o£ 
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freezing,  this  bar  should  not  have  bent  at  all.  If,  however,  the  sliding 
layers  are  necessarily  perpendicular  to  the  optic  axis,  this  bar  should 
have  been  free  to  bend  on  the  plane  of  the  optic  axis,  but  not  in  the 
perpendicular  plane.  In  the  experiment  the  plane  of  the  total  bend 
contained  the  optic  axis.     Thus  the  experiment  was  decisive. 

In  attempting  to  discover  the  manner  in  which  the  rate  of  the 
molecules  sliding  over  each  other  depends  on  the  driving  force,  we 
are  met  by  the  difficulty  that  the  rate  of  depression  depends  on  at  least 
three  other  circumstances,  the  temperature,  the  previous  history  of 
the  bar,  and  the  irregularity  of  the  stresses  and  strains  within  the  bar. 
The  second  is  to  some  extent  avoided  by  only  considering  the  rates 
observed  immediately  before  and  immediately  after  the  change  of 
weight.  The  third  is  probably  not  very  important.  In  the  following 
table  are  collected  all  the  instances  which  occurred,  with  the  attendant 
changes  of  temperature.  The  changes  of  rate  are  not  so  great  as  the 
square,  but  greatei:  than  the  first  power  of  the  changes  of  the  applied 
force.  In  the  table  may  be  seen  the  amount  of  correspondence  with 
the  power  |.     The  two  most  glaring  discrepancies  are  in  the  second 


Table  V. 


Change  mean 

Change  of  weight 

in  kilos,  per 

sq.  om. 

/Old  forceU. 
VNew  force/ 

Change  of  rate  in 

Ratio 

temperature. 

mm.  per  hour. 

of  rates. 

-  7-2to-  6-7 

1-47   to  0-86 

0-442 

0-172   too  0735 

0-427 

-lOOto-150 

0  54   to  0-174 

0-182 

0-058   too  0058 

0-100 

-15'Oto-  8-9 

0  174  to  1-47 

24-6 

0  0058  to  0-410 

70-7 

-  60to-  6-7 

0-91    to  0-47 

0-873 

0-160   to  0  054 

0-338 

-  6-7to-  7-5 

0-47   to  0-91 

2-70 

0  054  too  159 

2-95 

-  7-5to-  80 

0-91    to  1-38 

1-87 

0  159   to  0-297 

1-87 

-  8-9to-100 

1-38   to  0-91 

0-637 

0-323   too  197 

0-610 

-10-Oto-  7-8 

0-91    to  0-225 

0  122 

0  197   to  0  0225 

0-114 

-  7-8to-  61 

0-225  to  0-91 

8-15 

0  0225  to  0-28 

12-4 

-  6-1  to-  6-9 

0-91    to  1-38 

1-72 

0-28     toO-57 

2-04 

and  third  instances  given  in  the  table,  when  the  power  2  is  well 
satisfied.  But  these  discrepancies  may  be  largely,  if  not  entirely, 
explained  by  the  great  change  of  temperature.  Without  elevating 
the  statement  to  the  rank  of  a  law,  we  may  say  that  &irly  close 
agreement  with  the  observed  &cts  is  obtained  by  supposing  that  when 
the  molecules  of  ice  slide  on  each  other  the  cube  of  the  friction  varies 
as  the  square  of  the  velocity. 

In  attempting  to  pass  from  the  rate  at  which  the  centre  of  a  loaded 
bar  sinks  to  the  coefficient  of  plasticity,  we  meet  with  considerable 
difficulties,  and  shall  have  to  content  ourselves  with  a  rough  approxi- 
mation.    It  might  well  be  thought  that  the  problem  of  a  rectangular 
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elastic  bar,  supported  at  either  end  and  loaded  in  the  middle,  had 
been  fallj  worked  oat.  Bat  this  does  not  appear  to  be  the  ca$«e. 
The  ordinary  elementary  treatment  makes  the  gigantic  assumption 
that  plane  cross-sections  of  the  unbent  bar  remain  plane,  and  that  the 
lateral  contraction  or  expansion  of  elementary  strips  parallel  to  the 
ength  of  the  bar  under  longitudinal  pulls  or  thrusts  are  the  same  as  in 
free  space.  It  does  not  consider  any  shearing  stresses  or  strains.  It  is 
trae  %hat  Rankine  ('Applied  Mechanics,'  p.  338),  assuming  the 
results  of  this  method,  proceeds  to  find  an  expression  for  the  shearing 
sti'ess.  He  makes  it  proportional  to  a^  —  aj^,  where  the  origin  is  at 
the  centre  of  the  bar,  the  axis  of  x  is  di*awn  upwards,  and  2a  is 
the  depth  of  the  bar.  But  this  expression  is  inconsistent  with  the 
general  equations  of  an  elastic  solid.  St.  Venant's  solution  of  the 
bending  of  a  bar,  given  in  Thomson  and  Tait's  *  Natural  Philosophy,' 
postulates  equal  and  opposite  couples  applied  at  the  two  ends,  so  that 
the  bending  moment  is  uniform  thronghout.  The  importance  of  the 
absence  of  this  uniformity  is  not  trifling  but  fundamental,  for  in  our 
case  everything  depends  on  the  shears,  and  in  St.  Tenant's  solution 
there  are  no  shears. 

I  fancy  that  I  see  my  way  to  obtaining  the  complete  solution  in 
the  form  of  infinite  series.  But,  since  it  ceases  to  be  applicable  the 
moment  plastic  strains  take  place,  it  would  only  enable  us  to  deter- 
mine the  initial  stresses,  and  this  would  hardly  justify  the  insertion 
here  of  such  a  long  investigation. 

The  following  simple  but  imperfect  treatment  must  suffice.  Let 
us  first  define  the  coefficient  of  plasticity.  Take  a  rectangular  element 
with  two  faces  normal  to  the  optic  axis,  and  let  these  faces  be  sub- 
jected  to  a  tangential  force  IJ  per  unit  of  area  in  opposite  directions, 
parallel  to  another  pair  of  faces. 

Fio.  8. 


Then  if  the  rate  of  growth  of  two  of  the  angles,  or  rate  of  dimi- 
nution of  the  other  two  be  denoted  by  dxjdty  the  coefficient  of  plas- 
ticity p  may  be  defind  by  the  equation 

t  =  ^u w 
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The  bar  is  represented  in  fig.  9,  with  a  weight  W  hanging  from 
the  middle.  The  length  between  the  supports  is  Z,  the  breadth  &, 
the  depth  d.  U  is  the  force  per  nnit  area  which  acts  on  a  small 
vertical  interface  in  a  vertical  direction,  and  when  U  is  positive  the 
matter  to  the  left  of  the  interface  is  arged  upwards.  The  force  per 
unit  area  on  a  horizontal  interface  in  a  direction  parallel  to  the  length 
of  the  bar  is  necessarily  the  same,  and  is  also  denoted  by  IT.  Consider 
the  equilibrium  of  the  part  of  the  bar  to  the  right  of  any  cross 
section  PP'.  It  is  urged  upwards  at  the  support  by  a  force  equal  to 
^W  ;  therefore,  if  we  neglect  its  weight,  the  total  vertical  force  on  the 
section  PP'  is  also  JW. 

If  U  be  the  average  of  U  over  the  section 

6iU  =  iW (2). 

XT  cannot  be  constant  over  the  section,  for  it  necessarily  vanishes  at 
the  upper  and  lower  surfaces  of  the  bar. 

The  average  shear  over  any  cross  section  being  the  same,  except  that 
the  sign  suddenly  changes  at  the  middle  of  the  bar,  it  is  reasonable  to 
suppose  that  the  same  amount  of  plastic  shearing  strain  would  take 
place  between  the  layers  perpendicular  to  the  optic  axis  at  every  cross 
section.  This  condition  makes  the  bar  bend  sharply  when  the  weight  is 
applied,  and  keeps  the  two  halves  straight.  In  the  earlier  experiments, 
where  the  bending  was  considerable,  this  form  was  observed  before  its 
cause  had  been  perceived.  For  this  form  to  be  assnmed  without 
elastic  strain,  the  plastic  strain  must  be  the  same,  not  merely  in  corre- 
sponding points  of  different  cross  sections,  but  also  throughout  each 
cross  section  itself,  and,  in  fact,  throughout  the  entire  half  of  the  bar. 
But  as  we  have  seen,  the  shearing  stress  must  vanish  at  both  the 
upper  and  lower  surfaces.  Doubtless  the  truth  is  that  the  state  of 
shearing  strain  is  nearly  uniform  throughout  the  bar,  except  close  to 
the  surface*  where  it  rapidly  diminishes  to  zero.  Probably  in  these 
regions  the  elastic  strains  are  very  great,  and  quite  different  from 
what  they  are  elsewhere. 
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Let  s  be  the  depression  of  the  middle  of  the  bar,  x  the  angle  either 


half  makes  with  the  horizontal, 
small, 


.da 


dx 


We  have  s  =  ~x- 


W 


When  X  ^^ 


^ii=il  =  ip^'=Jp^' 


and 


dt 

4hdd8 

^  =  lWdt 


2bd' 


(3). 


This  gives  the  coefficient  of  plasticity  in  terms  of  the  nnsnpported 
length  of  the  bar,  the  weight  per  nnit  area  of  cross  section,  and  the 
observed  rate  of  depression.  We  have  employed  equation  (2), 
which  is  strictly  applicable  only  when  the  bar  is  straight  and  hori- 
zontal. But,  in  the  cases  to  which  we  have  to  apply  these  results,  x  is 
so  small  that  the  error  is  negligible.  It  was  hardly  worth  while 
calculating  the  numerical  value  of  j3,  especially  as  it  has  been  shown 
to  depend  on  the  temperature,  on  the  value  of  17  nearly,  and  also 
on  the  previous  history  of  the  bar.  But  the  above  investigation  will 
assist  any  one  in  estimating,  as  far  as  can  be  done  from  my  experi- 
ments, the  rate  of  distortion  of  an  ice  crystal  in  any  g^ven  case. 

In  several  cases  in  the  experiments,  after  a  heavy  weight  was 
removed,  a  slight  gradual  unbending  of  the  bar  took  place.  At  first 
I  thought  this  a  mere  consequence  of  the  irregular  elastic  strains  on 
the  bar,  the  parts  most  severely  strained  gradually  bending  back  the 
rest.  But  the  magnitude  of  the  recovery  seems,  on  closer  examination, 
to  put  this  explanation  out  of  the  question,  and  I  have  now  little 
doubt  that  it  is  a  true  molecular  effect. 

In  Exp.  12,  after  a  stress  of  1*69  kilos,  per  sq.  cm.  had  been 
removed,  the  middle  of  the  bar  rose  0*01 04  cm.  in  four  hours.  Accord- 
ing to  an  experiment  by  Moseley  (*  Phil.  Trans.,'  1871),  Young's 
modulus  for  ice  is  92,700  kilos,  per  sq.  cm.  Hence,  if  we  neglect 
the  effect  of  the  plastic  strains  in  one  bar  of  ice,  the  elastic  depres- 
sion under  2'5  kilos,  should  have  been  0*00138  cm.,  less  than  one- 
seventh  of  the  recovery  observed.  The  permanent  or  plastic  strains 
in  Moseley's  bar  are  considerable,  so  that  the  deduced  value  of 
Young's  modulus  may  be  too  great.     Bevan,  also  by  flexure  of  bars 
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of  ice,  found  the  value  60,000.  Rensch  (*  Nature,'  vol.  21,  p.  504), 
by  expeiimenting  on  the  sonorous  vibrations  of  rectangular  plates  of 
ice,  found  Young's  modulus  to  be  23,632  kilos,  per  sq.  cm.  (this  last 
method  seems  rather  dangerous).  In  attempting  to  devise  an  imagi- 
nary system  of  strains  sufficiently  great  to  render  such  a  recovery  as 
0*1  cm.  possible,  we  are  soon  brought  up  by  the  breaking  tension  of 
ice.  Direct  experiments  by  Moseley  give  this  as  7  or  8  kilos,  per 
sq.  cm.,  and  Kidd  and  myself  found  it  in  one  case  to  be  8  3  kilos, 
per  sq.  cm.,  but  the  fact  that  the  bar  of  ice  in  Exp.  (11)  bore  the 
weight  of  2'5  kilos,  before  any  plastic  strains  had  taken  place  brings 
it  out  greater  than  15'5  kilos,  per  sq.  cm.,  and  the  bar  in  Exp.  (13) 
was  able  to  endure  an  even  greater  stress. 

A  similar  discrepancy  has  been  noticed  in  the  case  of  cast  iron 
(Rankine,  '  App.  Mechanics,'  §  297). 

Using  the  latitude  given  by  the  uncertain  values  of  the  constants 
to  the  utmost,  I  have  not  been  able  to  devise  any  system  of  elastic 
strains  which  could  possibly  make  the  bar  rise  001  cm.,  and  there  is 
no  reason  to  suppose  that  the  unknown  system  of  strains  actually 
occurring  in  the  experiments  would  be  exceptionally  well  adapted 
to  such  a  purpose.  I  conclude,  then,  that  we  have  to  deal  with  a  real 
tendency  of  the  forcibly  displaced  sliding  layers  to  slide  back.  The 
rate  of  recovery,  rapid  at  first,  soon  falls  ofF.  Thus  in  Exp.  (10) 
there  was  a  recovery  of  0*046  mm.  in  the  first  18  minutes,  and  only 
0021  in  the  next  58.  In  Exp.  (15)  after  0014  in  the  first  11  minutes, 
and  the  same  in  the  next  31,  the  motion  probably  came  to  a  standstill 
after  a  few  houre,  practically,  if  not  absolutely.  Thus  in  Exp.  (12) 
the  bar  was  left  with  no  weight  on  for  12  hours,  and  the  recovery 
was  only  0*072  mm. 

[Mr.  McConnel  died  suddenly  at  Davos  while  engaged  on  the  fore- 
going paper,  which  has  been  printed  from  his  rough  copy  with  some 
fe^  alterations  of  no  great  importance.  I  thought  it  better  to  do 
this  than  to  attempt  to  edit  it ;  though  I  know  from  his  last  letters 
to  me  that  the  author  would  have  himself,  if  he  had  lived,  been  able 
to  leave  it  in  a  more  finished  state  than  that  in  which  it  now  appears. 
— R.  T.  G.] 


11.  '*  On  the  Effect  of  Temperature  upon  the  Refractive  Index 
of  certain  Liquids."  By  W.  Cassie,  M.A.  Communicated 
by  Professor  J.  J.  THOMSON,  F.R.S.  Received  February  19, 
1891. 

In  my  paper  "  On  the  Effect  of   Temperature   on   the   Specific 
Inductive  Capacity  of  a  Dielectric"  (*Phil.  Trans.,'  A,  1890),  the 
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values  obtained  for  the  temperature-variation  of  specific  inductive 
capacity  of  four  of  tlie  liquid  dielectrics  investigated  were  compared 
with  the  corresponding  values  of  the  temperature-variation  ot  refrac- 
tive index  found  by  Messrs.  Dale  and  Gladstone.*  And  the  relations 
between  these  two  quantities,  though  riot  in  accordance  with  Clerk 
Maxwell's  electromagnetic  theory  of  light,  were  near  enough  to 
make  it  worth  while  to  try  whether  the  divergence  from  theory 
might  not  be  due  to  difFerences  in  composition.  Accordingly  I 
measured  the  rate  of  change  of  refractive  index  with  temperature  for 
the  same  specimens  of  the  liquids  as  were  used  in  the  electrical 
experiments.  In  the  case  of  olive  oil,  however,  the  original  supply 
could  not  be  found.  The  results  obtained  are  very  close  to  Messrs. 
Dale  and  Gladstone's  for  those  of  the  liquids  they  had  examined,  and 
for  the  others  the  optical  effect  shows  a  similar  divergence  from 
Maxwell's  theoretical  relation.  And  considering  the  enormous  diffe- 
rence in  the  rapidity  of  the  electrical  and  optical  effects,  this  is  not 
surprising. 

The  change  of  refractive  index  was  measured  by  observing  with  a 
spectrometer  the  minimum  deviation  of  the  D  lines  for  a  bottle  prism 
hlled  with  the  liquid.  The  observations  were  taken  at  two  tempera- 
tures, viz.,  that  of  the  room,  16°  or  I?''  C,  and  a  higher  temperature, 
about  4ff  C,  obtained  by  heating  the  prism  and  its  contents  in  warm 
water.  The  results  are  shown  in  the  following  table,  the  last  column 
giving  the  values  of  Messrs.  Dale  and  Gladstone : — 


Turpentine 

Kate  of  change  per  degree  centigrade  of 

Specific 
inductive 
capacity. 

Befractire 
index. 

Befractive 

index 
(D  and  Q). 

1  1  I  1  1  + 

t    1    1    1    1    1 

-•00033 

-•00018 
-•00037 
-•00042 

Carbon  bisulnliide ^ 

GUvcerin© 

Benzoline 

Senzine 

Paraffin   

In  the  case  of  glass,  the  change  of  refractive  index  with  tempera- 
ture was  found  by  Stefanf  to  be  0*0000023  per  degree  centigrade,  a 
quantity  of  quite  a  different  order  from  0*002,  the  rate  of  change  of 
specific  inductive  capacity.  And  in  view  of  the  influence  of  the  time 
of  charging,  even  when  extremely  short,  upon  the  specific  inductive 

*  Results  collected  in  Watta's  *  Diet,  of  Chem.,'  roL  8. 
t  *  Y^''ien.,  Akad.  Sitzber.,*  vol.  63,  Abth.  2. 
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capacity  of  glass  revealed  by  Professor  J.  J.  Thomson's  experiments,* 
this  is  only  what  might  be  expected. 


III.  "On  the  bisulphite  Compounds  of  Alizarin- blue  and 
Coerulin  as  Sensitisers  for  Rays  of  Low  Refrangibility." 
By  George  Higgs.  Communicated  by  Lord  Rayleigh, 
Sec.  R.S.    Received  February  19,  1891. 

The  determination  of  the  relative  wave-lengths  of  the  Fraunhofer 
lines,  by  photographing  all  the  orders  of  spectra  given  by  any 
particular  grating,  includes  cei^in  subjects  which  present  more  or 
less  difficulty,  and  that  of  selecting  or  producing  a  dye-bath  adapted 
to  the  requirements  of  the  two  or  more  orders  comprising  the  subject 
is  intimately  connected  with  that  of  the  choice  of  absorbing  media. 

Having  been  engaged  for  some  time  in  investigations  of  this  nature, 
1  had  occasion,  daring  the  summer  of  1889,  to  require  an  impression 
of  the  2nd  order,  about  \  3300,  contiguous  with  that  of  the  red  end 
of  the  1st  order,  and  finding  that  the  ordinate  of  an  actinic  curve  for 
a  plate  immersed  in  a  very  dilute  alcoholic  ammoniacal  solution  of 
cyanin  (1  :  30,000),  reduced  to  about  one-fourth  of  that  for  an  unpre- 
pared plate,  1  abandoned  its  use  for  this  purpose.  The  results 
appeared  to  be  unaffected  by  the  addition  of  quinine. 

Subsequently,  induline,  coerulin,  alizarin-blue,  and  the  bisulphite 
compounds  of  the  two  latter  were  used.  When  obtained  in  a  state 
of  sufficient  purity  the  alizarin-blue  S  leaves  little  or  nothing  to  be 
desired,  for,  whilst  possessing,  in  a  high  degree,  sensitising  properties 
for  rays  throughout  the  region  comprised  between  \  6200  and  8000, 
it  does  not,  like  cyanin,  lower  the  sensitiveness  to  the  violet  and 
ultra-violet. 

The  following  is  one  of  the  processes  I  employed  in  the  prepara- 
tion of  the  dye-stuff  in  a  pure  state : —    • 

To  a  saturated  solution  of  sodium  bisulphite  in  a  mortar  is  added 
alizarin-blue  paste.  This  is  disintegrated  with  a  pestle,  and  poured 
into  a  glass  vessel  capable  of  holding  an  additional  quantity  of  sodium 
bisulphite,  in  all  10  parts  of  the  paste  to  20  parts  of  bisulphite,  and 
another  10  parts  of  water.  The  vessel  is  well  stoppered,  set  aside  in 
a  cool  place  for  five  or  six  weeks,  and  shaken  daily,  but  left  undis- 
tui'bed  during  the  last  eight  or  ten  days. 

The  solution  is  decanted,  filtered,  and  treated  with  alcohol,  to  pre- 
cipitate the  greater  portion  of  the  remaining  sodium  bisulphite. 
50  parts  of  water  are  now  added  with  a  sufficiency  of  sodium  chloride 
to  form  a  concentrated  solution.   Again  set  aside  in  an  open-mouthed 

•  *  Roj.  Soc.  Ppoc.,'  vol.  46. 
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glass  jar,  covered  'with  bibulons  paper,  for  seven  or  eight  days,  a 
deposition  of  the  dye  in  a  crystalline  state,  together  with  sulphite  of 
calcium,  will  take  place,  which  latter,  owing  to  its  insolubility  in 
water,  may  be  removed  by  filtration. 

The  alizarin-blae  S  is  separated  from  any  unaltered  substance  left 
in  the  original  stoppered  vessel  by  solution,  and  added  to  the  brine, 
now  purified  from  lime  salts,  and  once  more  set  aside  to  crystallise, 
the  final  purification  being  effected  in  a  beaker  containing  alcohol  and 
a  small  percentage  of  water  to  remove  the  last  traces  of  sodinm 
chloride,  collecting  the  crystals  on  a  filter-paper  and  drying  at 
ordinary  temperatures. 

The  needle-shaped  crystals  are  of  a  deep-red.  Dilute  solutions  are 
of  a  pale  sherry  colour,  changing,  with  the  addition  of  a  few  drops  of 
ammonia,  to  a  green,  which  immediately  gives  way  to  magenta  and 
every  shade  of  purple,  till  oxidation  is  complete,  when  it  assumes  a 
blue  colour,  the  absorption  spectrum  of  which  is  continuous  and 
strongest  in  the  least  refrangible  end,  presenting  the  appearance  of 
extending  into  the  infra-red. 

Plates  immersed  in  a  solution  containing  1  :  10,000  and  1  per  cent, 
of  ammonia  give  the  most  perfect  results  the  day  after  preparation, 
but  rapidly  deteriorate  unless  kept  quite  dry. 

With  a  slit  TrAnr  ^^^  ^^  width,  and  an  exposure  of  40  minutes, 
resulta  have  been  obtained  in  the  region  of  Great  A  of  the  2nd  order 
which  possess  all  the  detail  and  definition  usually  so  characteristic  of 
the  violet  end.  Numerous  lines  are  sharply  depicted  which  were  pre- 
viously not  known  to  exist.  \  8400  has  been  reached,  giving  almost 
equal  detail.* 

The  process  for  the  preparation  of  pure  ccerulin  S  is  a  slight 
modification  of  the  preceding.  The  results  obtained,  as  well  as  the 
actinic  curve,  are  almost  identical.  The  pure  substance  is  almost 
white;  dilute  solutions  pass  rapidly  from  pale  yellow  to  a  bright 
green ;  a  trace  of  ammonia  produces  an  olive -green.  In  general  a 
solution  of  aurantia  as  an  absorbent  in  quartz  cell  was  used. 

For  several  samples  of  paste  1  am  indebted  to  the  kindness  of 
Messrs.  Schott,  Segner,  and  Co.,  of  Manchester,  agents  to  the 
Badische  Anilin-  und  Soda-Fabrik,  Ludwigshafen,  who  hold  the 
patent  rights  for  the  manufacture  of  alizarin-blue  S.  It  is  hoped 
this  company  may  be  induced  to  manufacture  this  substance  free 
from  the  minute  crystallisable  impurities  which  render  it  unsuitable 
for  use  in  investigations  of  such  delicate  nature. 

•  P.S. — With  a  low  sun  at  times  screens  were  found  unnecessarj.  Colonel 
Waterbouse,  who  has  also  employed  alizarin-blue  ('  Photographic  News/  Oct.  4, 
1889),  states  that  Schiendl  and  Eder  failed  to  recognise  the  sensitireness  of  this 
substance  to  the  red,  and  considers  that  red  or  yellow  screens  are  required  to 
produce  the  full  effect. 
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IV.  **  On  Certain  Properties  of  Metals  considered  in  Relation  to 
the  Periodic  Law."  By  W.  C.  Roberts-Austen,  C.B., 
F.R.S.     Received  March  12,  1891. 

In  a  previous  paper  published  in  the  *  Philosophical  Transactions ' 
(1888,  A,  pp.  339—349),  the  efEect  of  about  0*2  per  cent,  of  im- 
parities on  the  mechanical  properties  of  gold  was  examined,  the 
results  of  the  experiments  showing  that  metals  which  diminish  its 
tenacity  and  extensibility  have  high  atomic  volumes,  while  those 
which  increase  these  properties  have  either  the  same  atomic  volume 
as  gold  or  a  lower  one.  The  behaviour  of  aluminium  and  of  lithium 
appeared  to  be  somewhat  exceptional.  Gold  contaminatied  with  0*2 
per  cent,  of  aluminium  should,  if  the  theory  set  forth  in  the  paper 
be  correct,  have  a  tensile  strength  of  about  7  tons  per  square  inch ; 
but  it  was  found  to  be  capable  of  sustaining  a  load  of  nearly  9  tons 
per  square  inch  without  breaking.  It  became  necessary,  therefore, 
to  ascertain  whether  the  cooling  of  a  mass  of  gold  containing  alu- 
minium presents  any  peculiarities,  more  especially  as  Osmond's* 
recent  work  leads  to  the  conclusion  that  a  pure  metal  can  exist  in 
two  distinct  molecular  forms,  and  that  the  passage  of  the  ordinary 
modification  of  a  metal  to  the  allotropic  one  may  either  be  hastened 
or  retarded  by  the  presence  of  impurity. 

In  order  to  continue  the  investigation,  a  trustworthy  pyrometer 
was  needed,  and  this  has  fortunately  been  provided  by  the  thermo- 
electric junction  of  platinum,  and  platinum  with  10  per  cent,  of 
rhodium,  the  use  of  which  was  suggested  by  M.  Le  Chatelier.f  It 
appears  to  be  superior  to  any  other  of  the  thermo-junctions  which 
have  previously  been  used,  and  some  experiments  made  in  1889 
satisfied  me  that  the  appliance  is  an  extremely  delicate  and  useful 
one  for  temperatures  between  500^  and  1100**  G.  In  a  recent 
report  to  the  Institution  of  Mechanical  Engineers,  in  which  details 
of  the  method  of  calibration  ai*e  embodied,  I  have  described  a  suitable 
arrangement  for  obtaining,  by  the  aid  of  photography,  autographic 
curves  which  represent  the  cooling  or  heating  of  masses  of  metal. 

It  consists  in  enclosing  a  galvanometer  of  the  D^prez  and 
d'Arsonval  type  in  a  large  camei^a ;  a  fixed  mirror,  F,  being  placed 
below  the  movable  mirror,  M,  of  the  galvanometer,  so  that  the  light 
from  the  lime  cylinder,  L,  reflected  in  the  mirror  H,  passes  to  both 
mirrors,  F  and  M,  and  is  reflected  in  the  direction  of  a  fine  hori- 

•  'Comptes  Bendus,'  vol.  110,  1890,  p.  346.  '  Journ.  Iron  and  Steel  Inst./ 
1890,  Part  7,  p.  38. 

t  'BuU.  Soc.  Cbim.,  Paris,*  toI.  47,  1887,  p.  2.  *  Journal  de  Physique/  vol.  6, 
1887,  p.  23: 
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zonial  slit,  AB,  behind  which  a  sensitised  photographic  plate,  G, 
is  drawn  yerticallj,  past  the  slit,  by  means  of  gearing,  D, 
driven  by  clockwork.  The  ray  from  the  fixed  mirror  is  interrupted 
periodically  by  the  vane,  E,  and  a  beaded  datum  line  is  g^yen  which 
enables  any  irregularity  in  the  advance  of  the  plate  to  be  detected. 

The  amount  of  divergence  from  its  datum  line  of  the  spot  of  light 
reflected  by  the  movable  mirror  at  any  given  moment  bears  a  rela- 
tion (which  can  readily  be  found  by  calibration)  to  the  temperature  to 
which  the  thermo-junction  X  is  heated,  and  variations  of  tempera- 
ture are  recorded  by  a  curve  which  is  the  resultant  of  the  upward 
movement  of  the  plate  and  the  horizontal  movement  of  the  spot  of 
light.     The  complete  ai*rangement  is  shown  in  the  diagram  fig.  1. 

Fig.  1. 


The  portion  of  the  arrangement  in  which  the  thermo-junction  is 
placed  is  also  shown  in  fig.  2,  which  is  drawn  on  a  larger  scale  than 
fig.  1,  the  same  letters  being  used  in  both. 

The  thermo-junction  X  is  inserted  in  a  tubulure,  T,  of  a  specially 
oonstructed  crucible  of  plumbago,  c,  which  contains  about  5  os.  of 
pure  molten  gold,  and  is  allowed  to  cool  down  slowly  inside  a  Tassel, 

a,  of  silver  105  mm.  diameter,  and  polished  internally.     The  cylinder, 

b,  is  of  tin  plate,  polished  internally  aud  blackened  outside. 
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Fig.  2. 


A  photographic  record  of  the  cooling  of  pure  gold  is  represented 
by  the  thicker  of  the  dotted  lines  in  fig.  3.  The  mass  of  gold  had  in 
this  case  an  initial  temperature  of  about  1250*^  C,  wbich  fell  to 
1045*"  G.  when  the  mass  began  to  solidify.  The  curve  is  approxi- 
mately horizontal  during  solidification,  and  throughout  its  entire 
course  appears  to  be  a  perfectly  normal  curve  of  a  cooling  mass  of 
metal,  no  points  of  exceptional  absorption  or  evolution  of  heat,  sucb 
.  as  would  occur  in  iron,  being  observable. 

A  curve  obtained  in  a  similar  way,  and  representing  the  cooling  of 
gold  with  0*5  per  cent,  of  lead,  is  shown  by  the  thin  dotted  line 
in  the  same  figure.  It  is  similar  to  the  one  representing  the  cooling 
of  pure  gold,  but  it  will  be  evident  that  the  presence  of  lead  lowers 
the  freezing  point  of  gold  by  an  amount  which  is  found  by  measure- 
ment to  be  about  T'h  G. 

A  very  different  molecular  condition  is,  however,  established  by  the 
presence  of  aluminium.  With  0*47  per  cent,  of  this  element  the 
true  freezing  point  can  be  detected,  but  is  nearly  obliterated 
(fig.  3),  and  the  mass  does  not  become  truly  solid  until  the  point 
marked  a  is  reached  when  the  temperature  has  fallen  to  900°  G. 

It  is  of  interest  to  ascertain  how  far  the  lowering  of  the  freezing 
point  of  gold  is  in  accordance  with  the  results  of  Baoult*6  investiga- 
tions on  the  lowering  of  the  freezing  point  of  solutions.  His  generali- 
sations have  been  tested  in  the  case  of  solutions  of  metals  in  metals 
with  low  melting  points  (tin,  lead,  and  bismuth),  in  an  admirable 
series  of  experiments  by  Heycock  and  Neville.*  In  order  to  calculate 
the  lowering  of  the  freezing  point  of  gold  produced  by  one  atom  of 
the  added  element  to  100  atoms  of  the  solvent,  which  has  been  the 
usual  method  of  stating  such  results,  it  is  necessary  to  know  the  latent 

*  *  Joiini.  Chem.  Soc.,'  toL  55, 1889,  p.  666  j  toI.  57, 1890,  pp.  376  and  656. 
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Fio.  8. 


heat  of  fusion  of  gold,  and  this  had  not  been  determined,  probably 
because  the  accurate  measurement  of  the  latent  and  specific  heats  of 
metals  with  high  melting  points,  such  as  gold,  presents  many  more 
difficulties  than  the  determinations  of  similar  constants  for  bodies 
having  low  melting  points. 

Violle*  found  the  specific  heat  of  platinum  at  different  tempera- 
tures by  heating  a  piece  of  the  metal  in  a  specially  constructed  muffle, 
the  temperature  being  simultaneously  determined  by  means  of  a 
porcelain  air-thermometer.  The  temperature  of  the  metal  being 
known,  he  plunged  it  into  a  calorimeter,  and  calculated  from  the  data 
he  obtained  the  mean  specific  heat  of  platinum  between  the  extreme 
temperatures  of  the  experiment.  By  making  many  experiments  at 
different  temperatures^  he  was  able  to  deduce  the  specific  heat  of 
platinum  at  any  point  within  the  range,  and  he  found  that  it  regularly 
increased  with  the  temperature.  The  data,  thus  afiTorded,  enabled 
him  to  obtain  the  freezing  point  of  platinum  by  transferring  metal 
just  after  solidification  into  the  calorimeter.  Further,  by  pouring 
metal  just  before  its  solidification  into  water,  it  was  easy  to  determine 
the  total  amount  of  heat  evolyed  during  cooling.     Hence,  knowing 

•  *  Comptes  Eendus,'  vol.  86, 1877,  pp.  543— 540. 
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the  amount  of  heat  evolved  bj  the  mass  after  it  had  beoome  solid, 
and  deducting  this  amount  from  the  total  heat  transferred  to  the 
water  by  the  melted  platinum,  he  obtained  the  latent  heat  of  fusion 
of  the  metal. 

He  also  determined*  the  specific  heat  and  melting  point  (1045°  C.) 
in  the  case  of  gold,  but  he  does  not  appear  to  have  ascertained  what 
is  the  latent  heat  of  fusion  of  the  precious  metal.  The  following 
experiments  were  therefore  made,  in  order  to  afford  a  basis  for  cal- 
culating the  theoretical  lowering  of  the  freezing  point  of  gold  which 
a  given  addition  of  impurity  should  produce. 

A  calorimeter  of  polished  silver,  10'5  cm.  diameter,  and  15*5  cm. 
high,  was  supported  upon  thi*ee  points  of  cork  within  a  bright 
metallic  vessel,  blackened  externally,  and  constituting  an  air-jacket. 
The  amount  of  water  employed  varied  from  800  to  1088  grams. 
The  stirrer  was  a  thin  sheet  of  mica,  mounted  upon  a  silver  wire, 
bent  at  its  lower  end  into  the  form  of  a  hoop ;  the  mica  also  served 
to  catch  the  gold  poured  into  the  water.  In  experiments  E  to  I, 
the  stirring  was  effected  by  silver  vanes,  of  a  form  suggested  by 
Professor  Bticker,  actuated  by  a  small  electromotor.  Quantities  of 
very  pure  gold,  varying  from  68  to  123  grams,  were  melted  in  a 
small  clay  crucible  and  poured  into  the  calorimeter. 

This  portion  of  the  manipulation  was  performed  by  my  assistant) 
Mr.  Groves,  whose  long  experience  in  melting  gold  enabled  him  to 
select  the  latest  moment  before  solidification  at  which  the  gold  could 
be  poured.  In  Experiments  A  and  B  and  E  to  I,  the  temperature  of 
the  molten  mass  was  measured,  by  the  aid  of  the  thermo- junction 
previously  described,  which  was  placed  directly  in  the  molten  gold, 
up  to  the  moment  of  pouring,  and  it  is  believed  that  the  temperature 
of  the  mass  was  known  to  within  10°  C. 

At  the  end  of  each  experiment,  the  gold  poured  into  the  calori- 
meter was  carefully  collected  and  weighed.  The  thermometer  used 
was  a  very  sensitive  one  with  fixed  zero,  and  made  by  Hicks,  of 
Hatton  Garden;  it  could  easily  be  read  to  0°'02  C.  The  depth 
of  water  employed  was  sufficient  to  prevent  the  evolution  of  steam, 
and  none  was  observed  to  escape  in  any  of  the  experiments  recorded. 

The  calculations  are  as  follows : — 

Let     P  =  weight  of  water  in  calorimeter. 
piCi  =  water  equivalent  of  calorimeter, 
jp^e,  =     '  „  „  thermometer. 

p  =:  weight  of  gold-  employed. 
c  =  average  specific  heat  of  gold  (YioUe). 
t  =  initial  temperature  of  the  molten  gold. 
T  =      „  „  water. 

ti  =  final  temperature  of  the  water. 
•  *  Comptcs  Rendus,'  vol.  89, 1879,  pp.  702-703;  92, 1881,  pp.  886-^. 
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The  total  qnantitj  of  heat  carried  to  the  calorimeter  by  p  grams  of 
gold  consists  of  the  amount  of  heat  -which  was  reqnired  to  raise  the 
temperature  of  the  metal  to  its  melting  point,  phis  the  amount 
actually  required  to  melt  it ;  or 

(P+piCi  +i?,Ca)(^i-T)  =  pc  (t-ti)  +i>X, 

where  X  is  the  latent  heat  of  fusion  of  gold  required ; 

.   .  \  = • 

P 

Taking,  therefore,  16*3  as  the  latent  heat  of  fusion  of  gold,  and 
proceeding  to  find  the  lowering  SO  of  the  freezing  point,  due  to  the 
presence  of  ao  impurity, 

Oto 
Kp 

where  0  =  freezing  point  of  gold,  from  absolute  zero, 

to  =  osmotic  pressure  in  dynes, 
p  =  density  of  the  solvent, 
X  =  latent  heat  of  fusion  of  the  solvent  in  dynes. 

Inserting  values 

1040 -f  273    (]  013  xlO»x  22-3x1300) 
^^_         1         ^  19*6x:a73  ^ 

^""  /» X 16-3  X  41-6  X 10* 

1313x1013x22-3x1300 


19-6  X 16-3  X  41-6  xlO»x  273 
=  10'-6C. 


Experiments  are  in  progress  with  a  view  to  ascertain  whether  the 
mean  specific  heat  of  very  pure  gold  is  the  same  as  that  found  by 
YioUe,  for  there  is  every  reason  to  believe  that  the  presence  of  im* 
purity  has  great  influence  upon  this  constant.  A  few  measure- 
ments already  made  would  seem  to  indicate  that  his  result  is  low, 
and  this  is  important,  because  a  slight  difEerence  in  the  specific 
heat  will  have  a  material  effect  upon  the  latent  heat  of  fusion,  and  con- 
sequently on  the  theoretical  atomic  fall  in  the  freezing  point  produced 
by  aluminium.  In  order  to  ascertain  whether  aluminium  would 
give  the  normal  lowering  of  the  freezing  point  (10^*6  for  each  atom 
present  in  100  atoms  of  gold)  a  crucible,  fitted  with  a  tubulare,  as 
already  described,  was  taken,  and  130  grams  of  very  pure  gold  was 
melted  in  it.  The  crucible  was  then  placed  over  the  thermo-junc- 
tion,  and  allowed  to  cool,  the  freezing  point  of  the  metal  it  contained 
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being  recorded  in  the  usual  way  by  a  curve.  The  gold  was  then 
re-melted,  and  a  weighed  quantity  of  aluminium  added,  the  mass  being 
stirred  and  the  temperature  of  its  freezing  point  measured  and  re- 
corded in  a  curve. 

The  addition  of  0'2  per  cent,  of  aluminium  produced  an  appreciable 
fall  in  the  freezing  point,  but  this  initial  fall  is  only  indicated  by  a 
change  in  direction  of  the  curve.  The  fall  as  measured  upon  the 
photographic  plate  is  only  1  mm.,  which  nevertheless  corresponds  to 
a  difference  of  temperature  of  7**'68  C. 

A  further  addition  of  0*2  per  cent,  of  aluminium  (making  0'4s  per 
cent.)  increased  the  fall  to  1'8  mm.,  corresponding  to  14i'**28  G.  It 
may  bo  urged  that  these  measurements  are  small,  but  the  observa- 
tions were  repeated  with  a  scale  some  distance  from  the  galvano- 
meter, and  chronographic  records  gave  results  having  the  same 
values. 

An  experiment  with  gold  in  which  1  per  cent,  of  aluminium  was 
present  also  confirms  this ;  the  fall  in  temperature  of  the  freezing 
point  was  in  this  case  33^*66  C,  but  there  were  indications  that  the 
gold,  the  solvent,  was  becoming  saturated. 

Now  ()'2  per  cent,  of  aluminium  corresponds  to  2/10  X  196/27*5  = 
1*42  atom  per  100  atoms  of  gold.* 

Hence  the  fall  per  atom  present  per  hundred  atoms  of  gold  = 
7-68/1-42  =  6^*40. 

Similarly,  a  percentage  of  0*4  corresponds  to  4/10  x  196/27*5  ^ 
2'85  atoms  per  hundred  of  gold,  and  the  fall  per  atom  =  14*28/2*85 
=  5''-0C. 

With  1  per  cent,  of  aluminium  the  total  fall  will  be  due  to 
7*16  atoms  per  hundred  of  gold;  hence  the  atomic  fall  will  be 
33-66/716  =  4''*7  C. 

It  may  be  added  that  experiments  (as  yet  incomplete)  seem  to 
show  that  lead,  bismuth,  silicon,  and  platinum  cause  a  much  greater 
''  atomic  fall  "  in  the  freezing  point  of  gold  than  aluminium  does. 

The  relations  of  aluminium  to  gold  would,  therefore,  appear  to  be 
peculiar  in  more  ways  than  one.  The  curve  (fig.  3)  clearly  indicates 
that  aluminium  has  a  remarkable  influence  on  the  cooling  of  a  mass 
of  gold,  and  in  view  of  this  it  would  seem  strange  that  calculations 
based  on  the  atomic  weight  of  aluminium  should  show  that  it  delays 
the  initial  solidification  of  gold  less  than  other  elements.  The  com- 
plete solidification  is,  however,  much  retarded ;  for  merely  stirring  a 
mass  of  gold  contaminated  with  very  little  aluminium  reveals  the 
fact  that  the  added  element  has  set  up  during  the  solidification  of  the 
mass  a  "  pasty  stage  "  which  continues  through  an  unusually  long 
range  of  temperature. 

In  the  metallurgy  of  iron,  aluminium  is  known  to  play  an  im- 
*  19(>  is  the  atomic  weight  of  gold,  27*6  tliat  of  almnininm. 
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portant  part,  and  the  introduction  of  a  small  quantity  of  it  renders  it 
possible  to  cast  very  mild  steel  or  even  "  wrought "  iron  into  forms 
which  are  remarkable  for  delicacy  and  soundness.  The  mode  of  action 
of  the  aluminium  on  iron  in  the  "  mitis  castings  "  has  given  rise  to 
-wide  divergence  of  opinion,  but  the  view  that  it  acts  by  the  removal 
of  oxide,  or  of  occluded  oxygen,  has  gained  much  favour.  In  the  case 
of  gold,  which  has  neither  occluded  oxygen  nor  oxide  to  lose,  the 
castings  of  the  metal  with  0'2  per  cent,  of  aluminium  are  also  remark- 
ably sound,  and,  as  experiments  prove,  very  tenacious ;  the  action  cf 
the  aluminium  is^  therefore,  probably  a  molecular  one  of  much  com- 
plexity. 

It  may  be  pointed  out  that  the  presence  in  gold  of  quantities  of 
silver  which  vary  from  O'l  to  4*0  per  cent,  does  not  lower  the  freezing 
point  of  the  mass.  Messrs.  Heycock  and  Neville,  who  witnessed 
certain  of  the  experiments  above  described,  inform  me  of  the  hitherto 
unpublished  fact,  observed  by  them,  that  the  presence  of  thallium 
does  not  lower  the  freezing  point  of  lead. 

The  close  concordance  in  both  these  cases  between  the  atomic 
volumes  of  the  mass  of  metal  and  the  added  impurity  is  of  special 
interest  in  connexion  with  the  generalisation  given  in  my  earlier 
paper  and  re-stated  on  the  first  page  of  this.  Silver  has  the  same 
atomic  volume  as  gold,  and  if  present  in  small  quantity,  produces  no 
effect  on  either  its  tenacity  or  its  freezing  point. 

Throughout  these  experiments  gold  has  simply  been  employed  for 
the  sake  of  its  freedom  from  liability  to  oxidation,  but  other  metals 
must  be  studied,  and  it  is  worthy  of  record  that  Hadfield  has  recently 
shown  that  the  parts  played  by  aluminium  and  by  silicon  in  steel  are 
almost  identical.  Most  of  the  physical  properties  of  aluminium  and 
silicon,  in  a  free  state,  are  totally  different,  but  they  possess  the  same 
atomic  volume,  and  when  they  are  alloyed  with  iron  they  affect  it  in 
precisely  the  same  way. 

I  have  to  express  my  thanks  to  my  assistant,  Mr.  H.  C.  Jenkins, 
for  his  aid  in  conducting  these  experiments. 

[A^ril  20,  1891. — In  the  course  of  the  investigation,  it  became 
evident  that,  as  is  the  case  when  aluminium  is  alloyed  with  copper  or 
iron,  the  addition  of  aluminium  to  gold  is  attended  with  evolution  of 
heat.  The  following  experiment  was  therefore  arranged,  with  a 
view  to  obtain  evidence  on  this  point : — 

A  mass  of  30  grams  of  gold,  contained  in  an  unglazed  porcelain 
crucible,  was  placed  in  the  centre  of  a  block  of  firebrick  and  strongly 
heated  up  to  well  above  the  melting  point  of  the  metal.  The  thermo- 
j unction  was  inserted  directly  in  the  gold,  and  the  spot  of  light  from 
the  galvanometer  allowed  to  fall  in  the  usual  way  on  to  the  sensitised 
plate  (fig.  1).  A  piece  of  cold  aluminium,  equal  in  weight  to  1  per 
cent,  of  the  mass  of  gold,  was  then  added  and  rapidly  stirred.     The 
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Fig.  4. 


autographic  curve,  from  which  fig.  4  was  plotted,  showed  that  the 
first  effect  of  the  added  aluminium  is,  as  might  be  expected,  to  lower 
the  temperature  of  the  gold  to  a  point  a  which  proved  to  be  close  to 
its  solidifying  point,  1045°;  the  temperature  instantly  rises,  however, 
to  a  point  &,  which  is  225°  higher  than  the  initial  temperature  of  the 
gold.  The  experiment  is  not  strictly  quantitative,  as  the  perfect 
admixture  of  the  aluminium  could  not  be  ensured  ;  but  it  is  probable 
that  true  combination  of  aluminium  and  gold  has  taken  place,  which 
would  doubtless  greatly  affect  the  physical  constants  of  the  mass.] 
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March  19,  1891. 

Mr.  JOBfN  EVANS,  D.C.L.,  LL.D.,  Treasurer  and  Vice-President, 

in  the  Chair. 

The  Bight  Hon.  Lord  Hannen  was  admitted  into  the  Society. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered 
for  them. 

The  following  Papers  were  read ; — 

I.  "On  the  Uterine  Villiform  PapillsB  of  Pteroptatcea  micrura^ 
and  their  Relation  to  the  Embryo,  being  Natural  Histoiy 
Notes  from  H.M.  Indian  Marine  Sm-vey  Steamer  *  Inves- 
tigator,' Commander  R.  F.  Hoskyn,  R.N.,  Commanding. 
No.  22."  By  J.  Wood-Mason,  Superintendent  of  the  Indian 
Museum  and  Professor  of  Comparative  Anatomy  in  the 
Medical  College  of  Bengal,  and  A.  Aloock,  M.B.,  Surgeon, 
I.M.S.,  Surgeon-Naturalist  to  the  Survey.  Communicated 
by  Professor  M.  Foster,  Sec.  R.S.  Received  February  24, 
1891. 

Contents, 

§  1.  PreliminAry  Historical  Sketch. 

§  2.  Recent  Obseirations  on  the  Uterine  Villi  of  some  Indian  Rays. 
§  8.  Tlie  Uterus  and  Embryo  of  Pteroplattta  micrura,  and  the  Relation  of  the 
Uterine  Yilliform  Fapills  (or  Trophonemata)  to  the  Embryo. 

§  1.  Preliminary  Historical  Sketch, 

That  in  the  females  of  several  Selachioids  and  Batoids  the  mucous 
membrane  of  the  terminal  portion  of  the  ovidnct,  or  uterus,  is  pro- 
vided with  glandular  structures  which  secrete  an  albuminous  fluid 
destined  in  some  way  or  other  for  the  nonrishment  of  the  developing 
embryo  is  a  bionomic  phenomenon  which  has  attracted  the  attention 
of  nameroas  physiologists  and  histologists,  though,  as  far  as  we  are 
aware,  it  has  never  been  fully  followed  out. 

Concerning  the  intra-uterine  arrangements  for  the  protection  and 
nutrition  of  the  egg  or  embryo  among  Selachians,  Gegenbaur 
(*  Grundznge  der  Vergleich.  Anat.,*  p.  875)  writes  :  — "  The  terminal 
division  of  the  oviduct  of  the  Selachians,  which  has  already  been 
mentioned  as  functioning  as  uteras,  also  differs  from  the  rest  of  the 
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oviduct  in  the  Datnre  of  the  mncotis  membrane.  In  many  it  is  raised 
into  villi.  Glands  are  mnch  developed.  The  relation  of  this  division 
of  the  oviduct  to  the  egg  or  to  the  embryo  that  originates  therefrom 
is  a  tolerably  various  one.  Least  intimate  is  it  in  the  oviparous 
Selachii  (Raja  and  Scyllitm) :  only  furnishing  the  egg-case.  In 
others  (Spinax,  Acanthiaa,  Scymnus),  a  shell  is  also  developed,  but 
only  for  a  short  time,  and  the  embryo  afterwards  lies  free  in  the 
uterus.  Here  come  those  Selachians  in  which  there  is  no  longer  any 
shell  at  all  developed,  and  from  this  circumstance  results  the  nutritive 
connexion  of  the  foetus  with  the  uterine  wall  by  the  intermediation 
of  the  yolk-sac." 

This  passage,  although  it  clearly  defines  the  well-known  functions 
of  the  Selachian  uterine  mucosa,  on  the  one  hand  of  secreting  an 
egg-case,  and  on  the  other  hand  of  forming  a  vascular  nutritive  con- 
nexion with  the  modified  yolk-sac  of  the  embryo,  makes  only  a  vague 
allusion  to  another  modification  of  function :  namely,  the  secretion 
by  special  uterine  glands  of  a  nutritive  fluid  which  might  be  absorbed 
or  ingested  by  the  developing  embryo. 

Leydig  also  (*Haudbuch  der  Histologic,*  Ed.  1857,  p.  517) 
describes  the  vascular  uterine  villi  of  Acanthias,  SpinaXf  Scymnus^ 
and  Trygon,  though  without  discussing  their  relation  to  the  egg  or 
to  the  embryo.  He  says  : — "  In  the  Selachians  the  mucous  membrane 
(of  the  uterus)  either  appears  smooth  and  possessing  only  zig-za^ 
longitudinal  folds  (Scyllium,  for  example),  or  it  bears  much-developed 
viWi  {Acanthtas  vulgaris,  Spinaxniger,  ScymnusUchta,  TrygonpasHnaca). 
These  villi  are  placed  sometimes  (Accmthias  vulgaris^  Scymnus  lichia) 
in  very  regular  longitudinal  rows  which  cease  towards  the  end  of  the 
uterus,  and  pass  into  leaf -like  longitudinal  folds ;  or,  as  in  Trygon 
pastinaca,  they  are  so  crowded  together  that  nothing  more  of  the  rest 
of  the  mucous  membrane  of  the  utems  appears.  The  villi  possess  an 
exceedingly  rich  vascular  supply:  there  are  to  be  distinguished  in 
them  at  most  two  stronger  vessels  which  interlace  and  run  into  one 
another  at  the  end  of  the  villus,  and  between  the  two  a  close-meshed 
vascular  network.  These  vessels  are  in  the  gravid  uterus  dis- 
tinguished by  a  proportionately  very  thick  circular  muscular  layer.*' 
There  are  figures  (p.  318,  Ed.  1857)  of  "  the  uterus  of  Trygon,  opened, 
in  order  to  show  the  villi  *' ;  and  of  "a  bit  of  the  uterine  mucosa  of 
Spinax,  somewhat  more  than  the  natural  size,"  showing  the  much- 
developed  villi,  which  are  represented  as  two-  to  three-branched. 

The  great  comparative  anatomist  Johannes  Miiller,  in  his  exhaus- 
tive paper  :  "  Ueber  den  glatten  Hai  des  Aristoteles  '*  (' Abhand.  Ak. 
Wiss.  Berlin,'  1840,  p.  188),  reviews  more  completely  the  state  of 
knowledge  up  to  that  date  of  the  Selachian  uterine  structures  which, 
quite  apart  from  the  secretion  of  egg-coverings  or  the  formation  of 
yolk-sac  placentfld,  are  concerned  in  the  elaboration  of  secretions 
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wbicli  are  to  be  considered  either  as  providing  nonrishment  for  the 
growing  embryo  after  the  nutritive  jolk  of  the  B^g  has  been  absorbed, 
or  as  maintaining  and  increasing  the  nutritive  material  of  the  yolk. 

Of  Spinax  niger  he  says  (loc.  cit,  p.  236)  : — "  The  foetus  in  the 
uterus  is  distinguished  by  possessing  no  trace  of  an  egg-shell,  and  by 
the  inner  membrane  of  the  uterus  being  beset  by  very  long  (six  to 
eight  lines  long)  filiform  villi." 

More  particularly  of  the  genus  Torpedo  he  writes  (loc,  cit,  p.  230) : — 
*'  The  eggs  possess  no  trace  of  shell  membrane  ;  they  are  only  sur- 
rounded by  an  albuminous  uterine  fluid,  as  already  Redi,  Stenonis, 
Lorenzini,  and  in  more  recent  times  J.  Davy,  observed.  Cavolini 
states  that  the  yolk  sticks  to  the  walls  of  the  uterus,  and  that 
this  is  effected  by  an  innumerable  crowd  of  red  uterine  glands 
lying  on  the  yolk.  By  this  are  clearly  meant  the  papilliform  villi  on 
the  uterus  of  Torpedo  oculata ;  but  the  yolk-sac  in  no  way  adheres  to 
the  uterus,  as  the  observations  of  J.  Davy  show,  observations  with 
which  what  I  myself  have  seen  in  the  gravid  uterus  sent  by  Dr.  Peters 
accords.  The  yolk-sac  of  the  Torpedos  is  perfectly  smooth.  I  can 
confirm  the  extraordinary  difference  observed  by  T.  Davy  in  the 
structure  of  the  mucous  membrane  of  the  uterus,  which  in  Torpedo 
oculata  is  furnished  with  villi,  in  Torpedo  marmorata  with  parallel 
longitudinal  folds."  Johannes  Miiller  also  quotes  Davy's  observations 
on  the  increase  in  weight,  from  the  undifferentiated  egg-stage  to  the 
completed  foetal  stage,  in  Torpedo,  notwithstanding  the  disappear- 
ance of  the  external  yolk  and  the  absence  of  any  vascular  maternal 
connexion. 

Of  the  Spinacoid  Shark  Scymrms  lichia  he  observes  (loc,  city 
p.  237)  :  — "  In  the  fresh  uterus,  the  foetus  and  yolk-sac  are  sur- 
rounded by  a  white-of-egg-like  fluid.  Also  in  this  Shark  no  trace  of 
an  egg-shell  membrane  is  met  with.  The  foetus  with  its  enormous 
yolk-sac  is  immediately  surrounded  by  the  uterus.  The  whole  oval 
yolk-sac  is,  in  the  younger  and  middle  stages  of  development,  4  inches 
long  and  2  inches  thick.  The  inner  membrane  of  the  uterus  is 
furnished  with  cylindrical  villi  six  lines  in  length." 

John  Davy  (*  Phil.  Trans.,'  1834,  pp.  631—540),  in  the  research 
on  the  embryology  of  Torpedo,  referred  to  by  Johannes  Miiller, 
describes  the  mucosa  of  the  gravid  uterus  of  this  Batoid,  and 
specially  dwells  upon  the  absence  of  any  vascular  connexion  between 
the  embryo  and  the  mother. 

He  states  that,  in  several  series  of  observations,  while  the  average 
weight  of  undifferentiated  eggs  was  182  grains,  and  the  average 
weight  of  eggs  in  which  the  embryo  had  appeared  was  177  grains,  the 
average  weight  of  "  ripe  foetuses  "  was  479  grains ;  and  he  asks  how, 
in  the  absence  of  any  sort  of  structural  connexion  between  the  foetus 
and  the  mother,  this  remarkable  increase  of  weight  is  to  be  explained. 
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He  observed  that  there  waa  to  be  fonnd  in  the  uterine  cavity  "  » 
little  flnid,  generally  milky,  more  rarely  glairy,  and  sometimes  bloody, 
which,  on  evaporation,  yielded  crystals  of  common  salt,  and  a  very- 
little  animal  matter  composed  chiefly  of  albumen  ;"  and  he  speculated 
on  the  possibility  of  this  uterine  secretion  being  nutritive.  He 
negatived,  however,  the  supposition  that  the  embryo  in  ularo  could 
take  in  food  by  the  mouth,  and  inclined,  finally,  to  the  opinion  that 
the  embryo  increases  by  absorption,  partly  throngh  the  genera) 
surface  of  the  body  and  partly  through  the  branchial  filaments. 

Sir  Everard  Home  (*  Phil.  Trans.,'  1810,  p.  208),  in  a  paper  on  the 
"  Mode  of  Breeding  of  the  Oviviviparous  Shark,"  which  is  quoted  by 
Joh.  Miiller,  described  the  naked-eye  anatomy  of  the  oviduct  of 
Acanthias  vulgaris^  the  jelly  and  which  fills  that  part  of  its  cavity- 
and  which  functions  as  a  uterus  in  this  Selachian.  He  states  that  when 
the  young  one  is  completely  formed  the  yolk  remains  attached  to  tho 
belly  by  a  long  cord  of  blood-vessels,  and  that  the  young  one  in  this 
state  "  swims  "  in  the  uterine  jelly.  The  jelly  he  regards  as  a  secre* 
tion  of  the  oviduct. 

Home  further  quotes  the  observation  of  Dr.  Patrick  Bussell,  that  a 
Shark  caught  in  lat.  70°  N.  had  the  oviducts  distended  with  yoong- 
ones,  each  with  the  yolk-sac  attached ;  the  young  ones  swimming  in 
a  ''  white  gelatinous  liquid,  thicker  than  the  liquor  amnios  of  Quad- 
rupeds." Home  supposed  that  the  function  of  the  jelly  was  to  aerate 
the  foetal  blood. 

To  sum  up,  we  find  that  in  Spinax  niger,  Scymnus  lichia,  Acanthias- 
vulgaris,  Trygon  jpastinaca,  Torpedo  oculata  (and  also  in  MyUobatis^ 
uoctula  and  Centrina  aalviani,  according  to  Trois,  in  a  paper  iu  the 
*  Atti  del  Istituto  Veneto,'  vol.  2,  which  we  have  unfortunately  been 
unable  to  obtain),  special  glandular  villi  have  been  observed  on  the 
uterine  mucosa,  which  villi  have  in  some  cases  been  supposed  to  bear, 
either  to  the  egg  or  to  the  developing  embryo,  some  relation  of 
support  or  nutrition  other  than  that  of  furnishing  an  egg-case,  or  of 
assisting  in  the  formation  of  a  vascular  connexion  (yolk-sac  placenta) 
between  the  embryo  and  the  mother. 

In  Scymnua  lichia,  on  the  one  hand,  it  seems  certain,  from  Miiller*s 
researches,  that  the  villi  secrete  a  fluid  which  nourishes  the  embryo 
through  the  medium  of  the  yolk-sac ;  while  in  Torpedo,  on  the  other 
hand,  it  is  certain  that,  at  least  in  the  later  stages,  the  secretion 
reaches  the  embryo  in  some  less  indirect  manner,  and  the  question 
has  actually  been  asked  whether  it  is  ingested  by  the  embryo. 

In  corroborating  the  opinion  as  to  the  function  of  the  villi  of  the 
Selachian  nterine  mucosa,  we  are  able  to  bring  evidence  of  a  case  in 
which  the  nutritive  secretion  is  actually  conveyed  into  the  pharynx 
of  the  embryo. 

Following  on  this,  and  because  the  term  ''  villus,"  in  its  connexions 
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with  mammalian  physiology^  has  come  to  connote  a  stmctore  which 
•essentially  absorbs  nutriment,  we  propose  to  term  the  villiform  struc- 
tures of  the  uterine  mucoas  membrane  in  Selachians,  which  essen- 
tially secrete  nutriment,  irophonemata ;  and  by  this  name  they  will 
be  referred  to  in  the  descriptive  portion  of  this  paper. 


§  2.  BecerU  Observations  oa  the  Uterine  Villi  of  some  Indian  Bays, 

In  the  '  Journal  of  the  Asiatic  Society  of  Bengal,'  vol.  59,  Part  II, 
p.  51,  the  second-named  contribator  of  this  paper  described  some 
observations  on  the  uteri  and  the  gestation  of  Trygon  hleeJceri  and 
Myliohatis  nieuhofii,  which  it  is  necessary  here  to  briefly  recapitulate. 

In  a  large  female  of  Trygon  bleekeri,  taken  on  the  15th  December, 
1888,  in  the  Mahanaddi  estuary,  the  distal  end  of  the  right  oviduct 
was  found  to  be  enormously  dilated,  and  to  contain  in  its  cavity  a 
fully-developed  male  foetus  with  a  disk  llf  inches  long  and  10| 
inches  broad.  The  folded  foetus  lay  free  in  the  uterine  caviij,  quite 
destitute  of  membranous  covering,  without  any  structural  con- 
nexion with  the  mother,  and  without  any  vestige  of  external  yolk- 
sac.  The  uterine  mucous  membrane,  which  was  a  vivid  vascular 
scarlet,  such  as  in  Fishes  is  usually  seen  in  the  gill-laminse  only,  was 
covered  with  an  abundant  highly-albuminous  fluid,  secreted  by  a 
crowded  layer  of  glandular  filamentous  villi  which  formed  the  inner 
•coat;  and  it  was  inferred  that  this  secretion  was  a  uterine  milk 
elaborated  for  the  nourishment  of  the  embryo.  In  the  absence  of  any 
special  absorbent  organs,  and  because  the  embryo  was  so  folded  that 
any  supposed  ''  absorbent  function  "  of  the  skin  would  have  been  as 
much  as  possible  limited,  it  was  further  inferred  that  the  '^  milk  '* 
was  taken  in  by  the  embryo  by  the  mouth^;  though  unfortunately 
the  foetal  stomach  was  not  examined  until  post-mortem  changes  were 
advanced.  It  may  be  mentioned  that  the  foetus  did  not  possess 
branchial  filaments. 

Again,  in  Myliohatis  nieuliofiiy  the  structure  of  the  uterine  glands  has 
been  made  out,  but  we  have  had  no  opportunity  of  ascertaining  their 
relation  to  the  e^g  or  to  the  embryo.  In  an  adult  female,  taken  off 
the  Gbdavari  Delta  on  the  31st  March,  1889,  the  left  ovary  was  found 
to  be  full  of  enlarged  ova,  while  the  distal  end  of  the  oviduct  formed 
a  globular  swelling  with  thick,  muscular  walls,  and  a  mucous  mem- 
brane thickly  beset  with  long  foliaceous  villi.  The  entire  surface  of 
the  mucous  membrane,  both  villous  and  inter-villous,  was  found  to 
<»nsist  of  a  close-set  aggregation  of  tubular  glands,  most  of  which 
were  simple  follicles  resembling  the  Lieberkiihnian  follicles  of  human 
anatomy,  though  at  the  periphery  of  a  villus  they  are  commonly 
racemose. 

We  have  now,  in  the   case  of  Fteroplatcsa  mtorura,   discovered 
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another  instance  of  a  Batoid  which  develops  a  naked  embryo  in  an 
ntems  with  a  mneons  membrane  of  a  complex  stmctare ;  and  while 
the  histological  characters  of  portions  of  the  nterine  mncosa  are  those 
of  a  secretory  gland,  the  disposition  of  these  glandular  portions  is 
such  as  to  leave  no  donbt  that  the  greater  part  of  their  secretion  is 
poured  into  the  pharynx  of  the  embryo  as  it  lies  in  the  uterus. 


§  3.  The  Uterus  and  Embryo  of  Pteroplateea  micrurfi ;  and  the  Relation 
of  the  Uterine  VilUform  PapillcB  (Trophonemafa)  to  the  Emiryo. 

In  December,  1889,  the  detached  pregnant  uterus,  with  part  of  one 
oviduct  and  kidney,  of  a  Bay  which  had  been  captured  in  the  estuary 
of  the  Hooghly  was  sent  to  the  Indian  Museum  by  Mr.  A.  J.  Milner, 
of  the  Bengal  Pilot  Service. 

The  embryo,  after  removal,  was  identified  as  Fteroplataa  micrura 
(Bl.  Sohn.).  The  measurements  of  its  disk  are^  length  3*4  inches, 
breadth  6*5  inches;  its  qaudal  spine  is  not  yet  developed,  and  the 
nasal  valves  are  still  separate ;  its  liver  is  of  very  large  relative  siee, 
and  the  intestine  is  greatly  distended  with  grumous  bile-stained 
material. 

The  gravid  uterus  forms  a  symmetrical  ovoid  swelling;  dorsally 
its  wall  is  almost  membranous,  ventrally  it  is  still  thin ;  laterally,  and 
especially  antero-laterally,  it  is  thick  and  muscular. 

Internally,  it  is  lined  with  mucous  membrane,  which,  dorsally  and 
postero-laterally,  is  quite  smooth. 

On  the  ventral  aspect,  however,  the  mucous  membrane  begins  to 
be  extended  in  the  form  of  short,  compressed  papillas,  and  these, 
anteriorly  and  laterally,  grow  by  degrees  longer  and  more  numerous, 
until,  at  a  point  in  the  antero-lateral  part  of  the  uterus  which 
coincides  with  the  position  of  the  spiracle  of  the  embryo  in  eitu,  they 
form  on  each  side  a  large  bunch  of  long-compressed  villiform  tro- 
phonomata,  the  histological  structure  of  which  will  be  presently 
described. 

On  opening  the  pregnant  uterus  by  a  dorsal  longitudinal  incision, 
the  naked  embryo  is  found  lying  prone,  head  forwards,  and  tightly 
rolled  in  a  right-to-left  spiral.  Although  the  embryo  is  in  uniform 
close  contact  with  the  uterine  walls,  there  is  no  sort  of  structural 
connexion  between  it  and  the  mother,  and  no  trace  of  any  such  pre- 
vious connexion :  nor  can  any  vestige  of  external  yolk-sac  be  ob- 
served. But  by  the  rolling  up  of  the  embryo  the  spiracles,  which  are 
large  patent  cavities  communicating  freely  with  each  other  and  with 
the  pharynx,  and  smooth-walled,  except  for  a  very  faint  pectination 
anteriorly,  come  to  have  a  lateral  position,  and  deep  into  them  passes, 
on  each  side,  the  lateral  bunch  of  long  trophonemata  above  men- 
tioned, in  such  a  way  that  the  secretdon  of  these  richly-glandnlar 
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trophonemata  can  only  pass  down  the  pharynx  of  the  embryo.  The 
only  other  external  commnnications  of  the  pharynx,  namely,  the 
month  and  gill-clefts,  are  firmly  closed,  the  opposite  margins  of  the 
external  gill>clef ts  being  in  the  most  complete  apposition.  There  are, 
consequently,  no  branchial  filaments. 

The  trophonemata  are  narrow,  strap>shaped  processes  of  the  nterino 
mucosa  which  widen  very  slightly  and  gradually  from  their  base  to 
about  the  middle  of  their  length,  whence  they  taper  still  more  gradu- 
ally to  their  rounded  apex.  Those  which  enter  the  pharyngeal  cavity 
of  the  foetus  are  the  longest  of  all,  measuring  from  18  to  20  mm.  in 
length  and  about  1*4  mm.  in  extreme  breadth.  Save  for  the  presence 
of  a  blunt  thickening  that  traverses  them  in  a  somewhat  sinuous 
course  from  base  nearly  to  apex,  tapering  and  branching  as  it  goe^, 
and  standing  out  in  fairly  bold  relief  from  both  their  surfaces,  they 
appear  quite  flat. 

Stained  in  borax-carmine,  mounted  in  spirit,  and  viewed  under  a 
low  power  by  reflected  light,  they  present  a  minute,  honey- combed 
appearance  of  their  surfaces  due  to  the  presence  of  innumerable 
small  depressions.  From  the  appressed  conjunction  of  ridges  which 
bound  these,  a  slightly  elevated  polygonal  network  results. 

Transverse  sections  of  a  trophonema  shew  that  these  depressions 
are  the  funnel-shaped  mouths,  narrowing  below  into  the  lumina,  of 
small,  short,  bulb-shaped  glands  of  the  same  simple  tubular  type  as 
is  seen,  for  example,  in  the  crypts  of  Lieberkiibn,  or,  better  still,  in 
the  gastric  glands  of  anthropotomy. 

The  glands  are  arranged  perpendicular  to  the  surface,  side  by  side, 
in  the  substance  of  the  mucosa — into  which  they  are,  in  fact,  so  many 
involutions  of  the  investing  epithelium — so  that  the  bases  of  those  of 
opposite  sides  are  separated  from  one  another  only  by  blood  vessels 
and  a  very  meagre,  if  any,  connective  tissue. 

Vertical  sections  of  a  trophonema  in  planes  parallel  to  its  surface, 
or,  in  other  words,  transverse  sections  of  groups  of  glands,  shew  that 
these  are  so  closely  packed  as  to  be  polyhedral  by  appression. 

For  a  certain  distance  from  the  base  of  the  trophonemata  the  de- 
pressions are  small  and  simple,  but  they  soon  become  larger  and 
compound,  each  being  then  the  common  mouth  or  short  duct  of  a 
little  group  of  glands,  just  as  in  the  human  stomach,  whore  one 
meets  with  simple  glands,  each  with  its  independent  opening,  and 
with  groups  of  glands  opening  into  a  common  depression  of  the 
mucous  surface. 

The  larger  (secondary)  depressions,  it  is  obvious  from  an  attentive 
study  of  the  surfaces  of  several  trophonemata,  as  well  as  from  trans- 
verse sections,  have  resulted  from  the  further  depression  of  the  smaller 
(primary)  depressions  in  groups;  and  the  raised  margins  of  the 
former  result  from  the  coalescence  of  those  portions  of  the  margins 
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of  the  latter  wliicli  are  not  involved  in  the  general  secondary  de- 
pression. 

The  epithelinm  is  very  thick  in  the  bulbons  basal  portion  of  the 
glands :  here  its  constituent  cells  are  very  long,  taper  from  basement 
membrane  to  lumen,  and  are  arranged  round  an  axial  cell  in  the  form 
of  a  cone,  of  which  the  outer  cells  do  not  extend  far  up  the  sides  of 
the  gland.  Above  this  the  cells  become  gradually  shorter  and  less 
oblique,  until  at  or  near  the  mouth  they  pass  into  an  ordinary 
columnar  epithelium  resting  perpendicularly  on  the  basal  membrane. 

The  nucleus  of  the  cells  is  oval,  and  stains  very  strongly.  It  lies 
excentrically  near  the  base  of  the  cell,  which  stains  only  less  strongly 
than  the  nucleus  itself,  so  as  to  form  a  sharply-defined,  coloured  basal 
stratum,  in  which  the  nuclei  are  included,  throughout  the  gland. 
This  deeply-stained  band  is  most  conspicuous  in  the  basal  cells,  which 
are  arranged  in  the  form  of  a  cone,  and  perhaps  constitute  the  chief, 
if  not  the  only,  seat  of  active  secretion. 

Not  a  single  cell  in  any  of  the  sections  has  been  observed  to  have 
undergone  mucoid  degeneration;  but  many  have  been  noticed  to 
contain  minute  globules,  probably  of  secretion,  not  only  in  the 
coloured  basal  portion,  but  also  in  the  clear  and  unstained  outer  part 
of  their  protoplasm. 

The  sections  shew  coagulated  secretion  in  the  mouths  and  lumina 
of  many  of  the  glands.  The  glands  measure  006  to  008  in  length 
by  004  to  0*07  in  breadth.  In  a  trophonema,  12  mm.  long  by  1*4  mm. 
in  uniform  width  throughout,  taking  0*05  mm.  as  the  average  diameter 
of  the  glands,  we  have  calculated  that  no  less  than  21,280  glands  ai'e 
present — a  result  which  is  probably  not  far  from  the  mark  either  way. 
The  trophonemata  are  exceedingly  vascular.  Two  vessels  are  present 
in  all :  an  artery,  which  runs  in  the  substance  of  one  of  their  margins, 
and  a  vein,  which  takes  a  sinuous  course  not  quite  along  the  middle, 
but  nearer  to  the  opposite  margin,  giving  off  in  its  course  two  or 
three  short  branches  which  may  or  may  not  anastomose  with  the 
main  stem.  Both  vessels  taper  towards  the  apex,  near  to  which  they 
are  resolved  into  a  capillary  plexus,  or  rather  into  a  system  of  narrow 
sinuous  cavities  which  establishes  a  communication  between  the  two 
sets  of  vessels.  The  wall  of  these  cavities  is  formed  of  a  delicate, 
nucleated  membrane  answering  to,  and  appearing  in  some  part  of 
almost  every  section  to  be  in  actual  continuity  with,  the  endothelial 
lining  and  subjacent  intima  of  the  vein,  into  which  some  of  the 
sinuses  can  actually  be  observed  to  open  occasionally. 

The  vein  is  much  larger  than  the  artery :  its  calibre  in  that  part 
of  its  course  across  which  the  section  has  been  taken  being  no 
less  than  five  times  as  great.  The  artery  is  strongly  contracted  and 
empty :  the  vein,  on  the  other  hand,  is  fully  dilated  and  filled  with 
coagulated  blood,  even  to  its  lateral  branches  and  the  larger  of  its 
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affluent  sinnBes.  Hence  in  lightlj-stained  trophonemata,  examined 
entire  under  a  lower  power,  the  artery  is  only  just  visible  by  trans- 
parence, while  the  vein  presents  itself  as  a  very  distinct,  branched, 
and  tapering  dark  streak. 

The  connecting  system  of  sinuses  occupies  the  plane  between  the 
layer  of  glands  of  opposite  sides,  sending  ofE  processes  around  the 
base  or  specially  secreting  portion  of  every  gland. 

The  glandular  epithelium  possesses  no  connective  tissue  mimework 
beyond  a  filmy  nucleated  gauze,  shreds  of  which  can  be  traced  wher- 
ever vacuities  occur  between  the  bases  of  adjoining  glands,  the 
whole  ti'ophonema  consisting,  as  has  already  been  stated,  almost 
entirely  of  epithelium  and  blood  vessels. 

Having  already  stated  our  conclusion  as  to  the  function  of  the 
trophonemata  in  Trygon  and  PteroplatcBa,  and  having  described  the 
path  taken  by  the  secretion  in  the  latter,  it  only  remains  to  consider 
briefly  how  far  other  views  of  the  manner  of  absorption  by  the 
embryo  of  the  nutrient  uterine  milk  might  apply  in  the  case  of  these 
two  fishes.  Whatever  may  be  the  case  in  the  earlier  stages,  in  the 
later  stages,  at  any  rate,  branchial  filaments  do  not  absorb  nutriment 
from  the  maternal  wall,  for  branchial  filaments  do  not  then  exist. 

Again,  absorption  through  the  general  surface  of  the  body  of  the 
embryo  can  hardly  be  looked  uppn  as  the  principal  channel  of  supply, 
because  the  embryo,  at  least  in  its  later  stages,  is  so  folded  or  rolled 
up  as  to  leave  as  little  extent  of  surface  as  possible  available  for 
absorption. 

[P.Sf.,  April  8,  1891. — Since  the  above  was  written  and  despatched, 
we  have  had  the  good  fortune  to  obtain  from  amongst  the  contents  of 
the  fishermen's  nets  at  Gocanada  several  pregnant  females  of 
Pteroplatma  micrura.  The  examination  of  these  specimens  in  the 
fresh  state,  while  it  confirms  our  description  in  its  principal  particu- 
lars, renders  some  modification  of  it  necessaiy.  (1.)  The  number  of 
young  may  be  as  many  as  three  in  each  uterus,  both  uteri  being 
developed.  (2.)  The  number  of  young  may  be  two  in  each  uterus. 
Our  fitrst  qualification  will  therefore  be,  Uterus  well  developed  on  both 
sides ;  ecuih  uterus  may  contain  from  one  to  three  young  ones.  Again, 
where  two  and  three  young  ones  exist,  the  trophonemata  (which 
appear  to  be  fairly  well  developed  over  the  entire  mucosa  of  the 
uterus)  are  specially  long  opposite  to  the  spiracles  of  the  young  one, 
into  which  they  pass.  Apparently — and  this  will  be  our  second  quali- 
fication— in  the  early  stages  of  gestation  the  trophonemata  are  equally 
well  developed  over  the  entire  surface  of  the  uterine  mucosa,  but  by  the 
pressure  exerted  by  the  growing  embryo  they  become  greatly  atrophied, 
except  on  those  spots  where  they  can  pass  into  the  spiracles  of  the  embryo, 
and  here,  perhaps  by  compensation,  they  become  hypertrophiedJ] 
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II.  "  A  New  Test  for  Albumin  and  other  Proteids."  By  John 
A.  Mao  William,  M.D.,  Professor  of  the  Institutes  of 
Medicine  in  the  University  of  Aberdeen.  Communicated  by 
Sir  Wm.  Roberts,  F.R.S.    Received  March  5,  1891. 

Salicyl-snlphonic  acid  is  a  remarkably  powerful  precipitant  of  pro- 
teid  snbstances  ;  it  is  an  extremely  delicate  reagent  for  the  detection 
of  proteids  in  solution ;  it  acts  upon  all  the  classes  of  proteid  bodies. 

I  shall  state  the  results  I  have  obtained  with  this  reagent  under 
two  heads  : — 

I.  Its  action  on  the  various  classes  of  proteids. 
II.  Its  use  as  a  test  for  the  presence  of  proteids  in  urine. 

I.  The  Actimh  of  Salicyl-sulphonic  Acid  on  the  various  Classes  of 

Proteids, 

In  order  to  obtain  the  full  efEect  of  this  reagent,  it  should  be  used 
in  saturated  watery  solution,  and  a  drop  or  two  of  this  solution  should 
be  added  to  a  small  amount  {e.g.,  1  or  2  c.c.)  of  the  fluid  to  be  tested, 
and  the  test-tube  should  be  shaken  so  as  to  mix  its  contents  well. 
When  any  considerable  amount  of  proteid  is  present,  a  copious  white 
precipitate  at  once  results ;  with  only  minute  amounts  of  proteid  a 
cloudiness  or  opalescence  of  the  fluid  is  what  occurs.  This  cloudi- 
ness or  opalescence  is  uniformly  diffused  over  the  fluid.  When 
dealing  with  traces  of  proteids  it  is  well  to  use  a  control  tube  con- 
taining some  of  the  fluid  to  be  tested,  and  if  dilution  has  been  per- 
formed, another  control  tube  with  some  of  the  water  (or  other  liquid) 
used  for  dilution  along  with  one  or  two  drops  of  the  salicyl-sulphonic 
acid.  The  observer  then  holds  the  three  tubes  between  him  and  the 
light,  and  looks  through  them  at  a  dark  ground.  It  is  only,  however, 
when  dealing  with  very  slight  traces  of  proteids  that  these  precautions 
are  at  all  necessary. 

A.  Native  Albumins. 

(a.)  Egg  Albumin. — Upon  this  proteid  salicyl-sulphonic  acid  acts 
with  much  precision.  When  a  solution  is  obtained  by  diluting  white 
of  egg  with  water  in  the  proportion  of  1  part  white  of  egg  in  20  parts 
of  the  mixture,  the  addition  of  the  reagent  causes  a  dense  white  pre- 
cipitate to  be  at  once  formed.  On  boiling,  the  precipitate  becomes 
markedly  flocculent.  (The  solution  of  white  of  egg  of  course  contains 
globulin,  but  when  this  is  removed  by  saturation  with  magnesium 
sulphate  the  albuminous  filtrate  gives  the  same  reaction  with  salicyl- 
sulphonic  acid  as  the  original  fluid.) 
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When  a  similar  solutipn  is  made  with  white  of  egg  and  the  proteid 
removed  by  thorough  saturation  with  ammonium  sulphate  (after  slight 
acidulation)  and  filtration,  the  proteid-free  filtrate  gives  no  precipitate 
with  salicyl-sulphonic  acid.  But  if  some  of  the  precipitate  thrown 
down  by  the  ammonium  sulphate,  after  being  washed  with  a 
saturated  solution  of  the  salt,  be  redissolved  in  water,  the  solution 
of  proteid  so  made  gives  a  copious  precipitate  when  tested  as  before. 
(When  considerable  amounts  of  ammonium  or  magnesium  sulphate 
are  present,  a  few  crystals  may  form  and  sink  to  the  bottom  of  the 
tube,  apart  from  the  presence  of  any  albumin.  This,  however,  does 
not  at  all  interfere  with  the  working  of  the  test,  as  such  crystals, 
floating  in  the  fluid  at  first  and  then  sinking  to  the  bottom,  bear  no 
resemblance  to  the  uniform  turbidity  or  opalescence  dependent  on  the 
presence  of  albumin.     These  salts  are  easily  removed  by  dialysis.) 

Similarly,  when  the  white  of  egg  solution  is  treated  with  a  large 
excess  of  absolute  alcohol  (after  slight  acidulation  with  acetic  acid), 
so  as  to  precipitate  all  the  proteids,  aud  is  then  filtered,  the  filtrate 
shows  no  precipitate  when  tested  with  salicyl-sulphonio  acid ;  re- 
moval of  the  alcohol  from  the  filtrate  does  not  influence  the  result. 
On  the  other  hand,  the  alcoholic  precipitate,  when  (after  being  washed 
with  absolute  alcohol)  it  is  redissolved  in  water  and  tested,  gives 
a  striking  reaction:  a  large  amount  of  proteid  is  at  once  thrown 
down. 

With  very  dilute  solutions  made  with  white  of  egg^  I  have  com- 
pared the  delicacy  of  the  action  of  salicyl-sulphonic  acid  as  a  test  for 
proteids  with  a  number  of  other  reagents  more  or  less  commonly 
employed,  and  I  have  found  the  former  to  be  by  far  the  most  delicate 
and  precise  of  all. 

The  white  of  egg  solution  was  successively  diluted  to  various 
degrees — 1  part  of  the  white  of  egg  solution  (1  in  20)  in  100,  200, 
300,  400, 600,  620,  900,  and  1000  parts  of  water  or  off  per  cent,  sodic 
ohloride  solution. 

With  the  first  degree  of  dilution  (1  part  of  the  1  in  20  white  of 
egg  solution  in  100  parts  of  water  or  salt  solution)  the  following  re- 
salts  were  obtained : — 

Boiling  after  faint  acidulation  with  acetic  acid  =  no  reaction. 
Xantho-proteic  test  =  slight  reaction. 
The  cold  nitric  acid  test  (Heller's)  =  slight  reaction. 
Mercuro-potassio  iodide  =  haziness  of  the  fluid. 
Salicyl-sulphonic  acid  ==  marked  cloudiness. 

With  the  second  degree  of  dilution  (1  part  of  the  white  of  egg 
solution  in  200  parts  of  water)  : — 

Boiling  after  faint  acidulation  with  acetic  acid  =  no  reaction. 
Xantho-proteic  test  =  no  reaction. 
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Meronro-potassic  iodide  =  donbtfal  haze. 
Salicyl-sulphonic  acid  =  marked  cloudiness. 

When  the  white  of  egg  solution  is  diluted  400  times : — 

Acidulation  with  acetic  acid  and  heat  =  no  reaction. 
Xantho-proteic  test  =  no  reaction. 
Heller's  test  =  no  reaction. 
Mercuro-potassic  iodide  =  no  reaction. 
Salicyl-sulphonic  acid  =  distinct  cloudiness. 

When  the  degree  of  dilution  is  increased  to  600  or  620  times,  there 
is  still  a  distinct  reaction  with  salicyl-sulphonic  acid  when  the  test- 
tube  is  compared  with  control  tubes  containing — (a)  the  dilute 
solution  alone,  and  (&)  water  with  salicyl-sulphonic  acid. 

And  even  with  still  higher  grades  of  dilution  (900  and  1000  times) 
there  is  still  an  appreciable  effect  recognisable  a  little  time  after  the 
addition  of  the  reagent. 

The  amount  of  proteid  present  in  those  dilute  solutions  is  exceed- 
ingly small. 

Taking  the  percentage  of  proteid  (albumin  and  globulin)  in  white 
of  egg  as  12'2,  the  strength  of  the  original  white  of  egg  solution 
(1  in  20)  would  be  less  than  1  in  160. 

When  this  solution  is  diluted  400  times,  the  proportion  of  proteid 
is  less  than  1  in  64,000;  when  diluted  620  times,  about  1  in  100,000; 
and  when  diluted  1000  times,  proteid  is  present  only  in  the  very 
minute  amount  of  1  in  160,000. 

(h.)  Serum  Albumin, — Solutions  containing  serum  albumin  were 
obtained  by  saturating  serum  with  magnesium  sulphate  and  then 
filtering  so  as  to  remove  the  globulin ;  the  filtrate  contained  the 
serum  albumin.  This  fluid,  when  tested  with  salicyl-sulphonic  acid, 
gave  an  abundant  precipitate. 

Again,  when  the  serum  is  deprived  of  all  its  proteids  by  complete 
saturation  with  ammonium  sulphate  and  subsequent  filtration,  it  then 
fails  to  give  the  slightest  sign  of  precipitation  on  the  addition  of 
salicyl-sulphonic  acid.  On  the  other  hand,  the  proteid  precipitate 
thrown  down  by  ammonium  sulphate,  when  redissolved  in  water, 
gives  a  dense  precipitate  with  salicyl-sulphonic  acid. 

Similarly,  when  serum  is  deprived  of  its  proteids  by  means  of 
alcohol,  the  remaining  constituents  are  entirely  unable  to  give  the 
characteristic  reaction  with  salicyl-sulphonic  acid. 

The  delicacy  of  the  action  of  salicyl-sulphonic  acid  as  a  test  for 
minute  amounts  of  the  serum  proteids  is  veiy  striking,  just  as  in  the 
case  of  the  egg  proteids. 

The  following  reactions  will  serve  as  an  illustration  of  this : — 

Some  ox  serum  was  diluted  with  f  per  cent,  of  salt  solution  to 
the  extent  of  1  part  of  serum  in  1000  parts. 
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With  this  dilute  fluid  yariouB  tests  were  tried  : — 

Salicyl-sulphonic  acid  =  marked  opalescence  at  once. 
Boiling  after  faint  acidulation  with  acetic  acid  =  no  reaction. 
Heller's  test  =  no  reaction  at  once.     Distinct  film  at  junction  of 

the  two  fluids  in  a  few  minutes. 
Xantho-proteic  test  =  no  appreciable  results. 
Mercuro-potassic  iodide  =  marked  cloudiness. 
Saturated  salt  solution  with  hydrochloric  acid  (Roberts'  test)  = 

marked  cloudiness. 

Serum  diluted  to  1  in  10,000  :— 

Salicyl-sulphonic  acid  =  distinct  cloudiness  (especially  after 
\ — 1  minute),  recognisable  on  comparison  with  the  control  tubes 
in  a  suitable  light. 

Boiling  after  faint  acidulation  =  no  reaction. 

Xantho-proteic  test  =  no  reaction. 

Mercuro-potassic  iodide  =  no  reaction. 

Roberts*  test  =  no  reaction. 

Copper  sulphate  and  caustic  potash  (Piotrowski's)  ==  no  reaction. 

Heller's  test  =  no  reaction  at  the  time  nor  twenty  minutes  after- 
wards. 

The  amount  of  proteid  present  in  these  dilute  solutions  is,  approxi- 
mately, as  follows : — 

Taking  the  percentage  of  total  proteids  in  oz  serum  as  7*5,*  the 
serum  diluted  to  the  degree  of  1  in  1000  would  contain  less  than 
1  part  of  proteid  in  13,000 ;  while  with  the  dilution  of  1  in  10,000 
the  amount  of  proteid  would  be  about  1  in  130,000. 

B.  Derived  Albumins, 

(a.)  Acid  Albumin, — A  solution  of  acid  albumin,  obtained  from  a 
solution  of  white  of  ef^g  by  the  addition  of  a  few  drops  of  a  dilute  acid 
and  subsequent  warming,  gives  a  copious  precipitate  on  the  addition 
of  salicyl-sulphonic  acid. 

(6.)  Alkali  Albumin, — A  solution  of  this  proteid,  obtained  by 
treating  the  white  of  egg  solution  with  a  dilute  alkali,  also  yields 
an  abundant  precipitate  on  being  tested  with  salicyl-sulphonic  acid. 

G.  Globulin. 

A  solution  of  globulin  obtained  from  blood  serum  (by  precipitating 
with  magnesium  sulphate,  and  subsequently  redissolving  in  dilute 
salt  solution)  gives  results  similar  to  albumin. 

♦  Hammarsten,  "  Ueber  das  Papaglobulin,"  *  Pfliigep'g  Archiv,'  1878. 
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And  vegetable  globulin  obtained  from  flour  (by  extracting  with 
10  per  cent,  salt  solution)  behaves  similarly. 


D.  Fibrin. 

Solutions  of  fibrin,  both  when  a  dilute  alkali  and  when  10  per  cent. 
salt  solution  are  used  as  the  solvents,  give  white  precipitates  with 
salicyl-sulphonic  acid. 

In  the  case  of  all  the  foregoing  proteids  (A,  B,  C,  and  D)  the 
precipitate  does  not  redissolve  on  heating;  on  the  other  hand  it 
becomes  markedly  flocculent. 

E.  Proteoses. 

Primary  albumoses  (proto-albumose  and  hetero-alburaose)  were 
prepared  from  Witte's  peptone  by  precipitating  them  with  sodic  chlor. 
ide  and  (after  washing  with  saturated  solution  of  salt)  redissolving  the 
precipitate  (containing  some  salt)  by  the  addition  of  water.  The 
solution  so  obtained  gave  a  marked  precipitate  with  salicyUsulphonic 
acid ;  but  in  this  case  the  precipitate  redissolved  on  heating  and 
reappeared  on  cooling. 

Solutions  of  secondary  albumose  (deutero-albumose)  gave  similar 
results. 

P.  Peptone. 

Solutions  of  peptone  were  obtained  from  albumin  artificially 
digested  with  pepsin  and  hydrochloric  acid,  by  saturation  with  am- 
monium sulphate  and  subsequent  filtration.  The  filtrate  contained 
peptone;  it  gave  no  precipitate  with  nitric  acid,  while  it  gave  the 
xantho-proteic  and  the  biuret  reactions. 

On  adding  a  drop  of  salicyl-sulphonic  acid  to  a  small  amount  of 
the  solution  containing  peptone,  a  precipitate  was  at  once  formed. 
This,  like  the  precipitate  of  albumoses,  readily  disappeared  on  heating 
and  reappeared  on  cooling. 

Solutions  containing  peptone  were  also  prepared  by  saturating  the 
artificially  digested  albumin  solutipn  with  sodio-magnesic  sulphate, 
and  similar  results  were  obtained. 

Solutions  of  Witte's  peptone  were  (after  being  faintly  acidulated 
with  acetic  acid)  saturated  with  ammonium  sulphate  in  some  cases, 
and  with  sodio-magnesic  sulphate  in  others.  The  filtrate  contained 
peptone,  the  other  proteids  having  been  precipitated  by  saturation 
with  the  salts  named  and  removed  by  filtration.  The  peptone  soln- 
tion  yielded,  on  being  tested  with  saturated  solution  of  salicyl- 
sulphonic  acid,  a  reaction  similar  to  that  described  above,  a  precipi- 
tate which  disappears  on  heating  and  reappears  on  cooling. 
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When  the  peptone  was  removed  by  precipitation  with  excess  of 
alcohol  and  filtration,  the  remaining  fluid  failed  to  give  the  slightest 
proteid  reaction  with  salicyl-salphonic  acid. 

It  will  be  noticed  that  there  is  an  important  difference  in  the  be- 
haviour of  proteoses  and  peptones  as  compared  with  the  other  proteid 
bodies  under  the  influence  of  the  salicyUndphonic  acid;  the  pre- 
cipitate yielded  by  the  proteoses  and  peptones  clears  up  on  heating, 
and  reappears  on  cooling,  while  the  precipitate  of  the  other  proteids 
does  not  clear  np  on  heating,  but,  on  the  other  hand,  becomes 
markedly  flocculent.  In  this  respect  the  reagent  resembles  picric 
acid  and  mercuro-potassic  iodide,  and  to  some  extent  also  nitric  acid. 
It  differs  from  the  latter,  however,  inasmuch  as  the  latter  gives  no 
precipitate  with  peptones. 

As  regards  the  nature  of  the  precipitate  of  egg  albumin,  or 
serum  albumin,  thrown  down  by  salicyl-sulphonic  acid,  its  general 
appearance  might  suggest  that  not  only  precipitation,  but  also 
coagulation,  had  occurred,  as  with  nitric  acid,  Jbc.  But  the  fact  that 
it  is  soluble  on  the  addition  of  a  sufficiently  large  amount  of  a  very 
weak  solution  of  potassic  hydrate  (O'l  per  cent.)  or  of  sodium  car- 
bonate (1  per  cent.)  shows  that  no  coagulation  could  have  taken  place. 
Solution  of  the  precipitate  does  not  take  place  as  long  as  any  acidity 
remains  in  the  fluid.  And  when  it  has  been  redissolved  the  addition 
of  a  very  small  amount  of  a  weak  acid  (nitric,  acetic,  sulphuric)  can 
again  bring  about  precipitation. 

The  precipitate  of  albumin  thrown  down  by  salicyl-sulphonic  acid 
is  not  redissolved  by  the  addition  of  even  considerable  amounts  of 
this  acid,  nor  is  it  dissolved  by  nitric  acid,  except  when  a  large 
amount  of  the  strong  acid  is  added. 

When  salicyl-sulphonic  acid  is  made  to  act  upon  albumin  for  some 
time,  especially  at  a  high  temperature,  and  the  precipitate  is  then 
filtered  off,  the  filtrate  shpws  a  very  marked  coloration,  varying  from 
a  pinkish  tint  to  a  bright  amethyst.  The  filter  paper  commonly 
shows  a  staining  of  the  same  colour.  When  the  fluid  is  filtered  hot, 
the  filtrate  usually  shows  evidence  of  containing  albumoses;  it 
becomes  turbid  on  cooling,  and  clears  up  on  heating.  The  colora- 
tion of  the  filtrate  is  most  marked  and  pui*e  when  the  fluid  is  clear 
(e.gf.,  when  hot)  ;  when  it  is  turbid  the  colour  is,  to  .some  extent, 
masked  and  modified  (often  to  an  orange-pink  tint)  by  the  presence 
of  the  precipitate. 

II.  On  the  use  of  Salicyl-suljphonic  Acid  as  a  Test  for  Proteids  in 

Urine, 

Salicyl-sulphonic  acid  gives  no  precipitate  whatever  with  normal 
urine. 
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In  the  case  of  albnminons  nrme,  on  the  other  hand,  it  constitates 
an  extremely  delicate  and  precise  test  for  the  presence  of  proteids. 
By  its  nse,  coupled  with  heat,  one  can,  with  great  facility,  recognise 
very  minute  amounts  of  proteid  substance,  and  can  discriminate 
between  the  so-called  "  albumin  "  (albumin  and  globulin),  most  com- 
monly found,  and  the  albumoses  or  peptones,  if  such  are  present. 
This  is  easy,  since  the  application  of  heat  in  the  latter  case  causes  the 
precipitate  to  disappear — to  reappear  on  cooling ;  while,  in  the  case  of 
ordinary  albuminous  urine,  the  precipitate  does  not  clear  up  on  heating'. 

The  method  of  performing  the  test  in  the  case  of  urine  is  the  same 
as  with  other  solutions. 

A  very  small  amount  of  urine  should  be  taken  in  the  bottom  of  an 
ordinary  test-tube  (e.^.,  half  an  inch,  or  so),  or  a  very  small,  narrow 
test-tube  may  be  used.  The  acid  must  be  in  a  thoroughly  saturated 
aqueous  solution.  A  drop  of  this  solution  is  then  added  to  the  urine, 
and  the  tube  is  shaken.  When  any  considerable  amount  of  proteid  is 
present,  a  copious  precipitation  immediately  occurs ;  when  there  is 
only  a  minute  proportion  of  proteid,  the  fluid  becomes  uniformly 
opalescent. 

The  delicacy  of  the  test  is  shown  by  the  following  results,  obtained 
with  one  of  the  samples  of  albuminous  urine  examined  : — 

The  urine  was  diluted  to   10,  20,  30,  40,  50  times.     With  the 

weakest  of  these  fluids  (1  in  50),  salicyl-sulphonic  acid  quickly 

gave  a  marked  opalescence. 
Heller's  test  gave  no  reaction  for  a  considerable  length  of  time ; 

then  it  gave  a  doubtful  haziness  at  the  junction  of  the  nitric  acid 

and  the  urine. 
Picric  acid  (saturated  watery  solution)  =  no  reaction. 
Cupric  sulphate  and  potassic  hydrate     =    „        „ 

The  urine  was  then  diluted  twice  as  much,  to  100  times,  and  still 
gave,  after  standing  a  little,  a  distinct  cloudiness  with  salicyl-sulph- 
onic acid,  specially  noticeable  when  the  tube  was  compared  -(in  a 
suitable  light)  with  two  control  tubes,  containing  respectively  (a) 
some  of  the  dilute  urine,  and  (h)  water  with  a  drop  or  two  df  salicyl- 
sulphonic  acid. 

Even  with  much  greater  degrees  of  dilution,  appreciable  results 
were  got  by  means  of  this  test.  Without  going  to  the  extreme  limits 
of  its  application,  however,  I  find  that  in  the  case  of  the  urine  diluted 
100  times,  the  amount  of  albumin  contained  must  have  been  exceed- 
ingly small.  A  quantitative  determination  showed  that  the  amount 
of  urine  present  in  the  undiluted  urine  was  about  0*1  per  cent. 
Hence  the  amount  present  in  the  urine  diluted  100  times  must  have 
been  about  1  in  100,000. 

The  opalescence  caused  by  the  addition  of  salicyl-sulphonic  acid  to 
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such  very  dilate  albuminous  solutions  does  not  clear  up  on  boiling. 
It  remains  persistent  for  days  in  the  cold,  the  precipitate  after  a 
time  assuming  the  form  of  a  marked  cloud  at  the  lower  part  of  the 
test-tube. 

The  efEect  of  adding  salicyl-sulphonic  acid  to  samples  of  albuminous 
urine  from  which  the  albumin  had  been  removed  was  tested  in  many 
cases,  and  always  with  negative  results.  The  albumin  was  precipi- 
tated by  means  of  absolute  alcohol  (after  acidulation,  when  necessary) 
or  by  saturation  with  ammonium  sulphate.  The  proteid-free  filtrate 
gave  not  the  slightest  reaction  in  any  instance  when  tested  with 
salicyl-sulphonic  acid  in  the  usual  way. 

The  characteristic  reaction  of  even  minute  amoonts  of  albumin  in 
the  urine  I  found  to  be  given,  on  the  addition  of  salicyl-sulphonic 
acid,  in  very  numerous  and  various  conditions — in  acid,  neutral,  and 
alkaline  urine ;  in  urines  rich  in  mucin,  phosphates,  urates,  &c, ;  in 
urines  containing  bile,  sugar,  and  other  abnormal  constituents.  My 
results,  obtained  from  the  examination  of  a  large  number  of  samples 
of  urine,  have  not  indicated  that  the  applicability  of  the  test  is  com- 
plicated or  interfered  with  by  any  of  the  abnormal  constituents 
present.  The  urine  of  persons  under  the  influence  of  various  drugs 
(&.^.,  alcohol,  quinine,  sulphonal,  croton-chloral,  iodide  of  potassium, 
chloroform,  salicylate  of  soda,  strophanthus,  ^.)  has  not  shown  the 
slightest  reaction  with  salicyl-sulphonic  acid  when  shown  to  be  free 
from  albumin  by  other  tests  (after  concentration)  or  when  freed 
from  albumin,  if  such  has  been  present,  by  means  of  alcohol  or 
ammonium  sulphate. 

I  have  also  examined  the  effect  of  salicyl-sulphonic  acid  «upon 
solutions  of  varioDS  substances,  many  of  which  g^ve  precipitates  with 
certain  of  the  well-known  reagents  for  the  detection  of  albumin  in 
urine — solutions  of  strychnine,  digitalin,  morphia,  nicotin,  chloral 
hydrate,  atropine  sulphate,  aconitine,  ergotin,  cafEein  citrate,  stroph- 
anthin,  sulphonal,  gallic  acid,  quinine,  bromide  of  potassium,  copaiba, 
&c. — and  in  no  case  have  I  seen  any  reaction  at  all  resembling  that 
yielded  by  proteids. 

The  conclusion  to  which  my  results  up  to  the  present  lead  is  that 
salicyl-sulphonic  acid  is  prol)ably  the  most  delicate  and  precise  of  all 
known  reagents  for  the  detection  of  proteids  in  solution. 

Note  on  the  Nature  of  SalicyUsuIphonic  Acid, 

Salicyl-sulphonic  acid  is  a  whitish  crystalline  substance,  readily 
soluble  in  water  and  in  alcohol.  On  slow  evaporation  of  its  aqueous 
solution,  it  crystallises  in  long,  thin  needles. 

Its  formula  and  formation  are  stated  in  Beilstein's  '  Handbuch  d. 
org.  Chemie,'  2nd  ed.,  vol.  2,  p.  969.     (For  this  reference  I  am  in- 
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debted  to  Professor  Japp,  F.R.S.)  The  formula  is  there  given  as 
CeH3(OH)(S03H)COOH ;  and  its  formation  by  the  action  of  snlphnric 
anhydride  on  salicylic  acid  (Mendius,  *  Ann.  Chem.  Pharm,'  vol.  103, 
p.  45),  or  by  heating  salicylic  acid  with  concentrated  snlphnric  acid 
(Remsen,  ihi^.^  vol.  179,  p.  107).  It  is  said  to  be  very  stable,  and  to 
undergo  no  change  on  heating  with  nitric  acid. 

The  specimens  of  salicyl-sulphonic  acid  which  I  have  used  in  my 
experiments  were  obtained  from  Messrs.  Davidson  and  Kay,  Union 
Street,  Aberdeen. 


III.  "  The  Influence  of  Oxygen  on  the  Formation  of  Ptomaines.*' 
By  William  Hunter,  M.D.,  F.R.S.E.  Communicated  by 
Professor  M.  Foster,  Sec.  R.S.     Received  March  11, 1891. 

(Abstract.) 

A  special  interest  attaches  to  the  rdle  of  oxygen  in  the  life-history 
of  bacteria.  Very  wide  differences  exist,  however,  between  different 
groups  in  respect  of  its  importance.  To  the  great  majority  a  free 
supply  of  oxygen  is  absolutely  essential  for  their  proper  growth  and 
development;  to  a  small  minority  the  converse  applies,  growth 
proceeding  best  in  the  absence  of  oxygen,  if  indeed  it  is  not  entirely 
prevented  by  its  presence;  while,  lastly,  in  the  case  of  an  inter- 
mediate group  it  seems  almost  immaterial  whether  oxygen'  be  present 
or  not,  growth  proceeding  apparently  equally  well  in  both  conditions, 
provided  that  the  supply  of  food  be  otherwise  suitable. 

Of  these  three  groups  of  "  obligate  aerobic,"  "  obligate  anaerobic  " 
and  **  facultative  aerobic  "  bacteria,  respectively,  the  last  has  perhaps 
the  greatest  interest  for  the  pathologist,  as  it  is  to  it  that  the  great 
majority  of  pathogenic  organisms  belong. 

The  question  is  thus  an  interesting  one,  to  what  extent  the  patho- 
genic properties  of  this  class  of  bacteria  are  related  to  the  power  they, 
apparently  under  necessity,  possess  of  obtaining  their  supply  of 
oxygen  from  the  food  constituents  themselves  when  the  supply  in 
the  air  is  cut  off. 

The  present  paper  deals  with  the  results  of  an  investigation  under- 
taken in  this  relation. 

It  was  necessary  that  the  class  of  bacteria  selected  for  study  should 
be  one  yhose  pathogenic  properties  were  not  constant,  but  subject  to 
variations  presumably  connected  with  the  character. of  their  sur- 
roundings. 

The  bacteria  of  ordinary  putrefaction  possess  in  a  special  degree 
this  qaalification,  their  chemical  products  differing  much  in  character 
and  poisonous  action  under  different,  for  the  most  part  as  yet  un- 
known, conditions. 
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Tlie  method  chosen  by  which  to  gauge  the  influence  of  oxygen  on 
the  pathogenic  properties  of  bacteria  was  to  estimate  the  quantity  of 
alkaloidal  bodies  or  "  ptomaines  "  formed  in  the  putrefactive  process, 
according  as  oxygen  (1)  was  freely  admitted;  (2)  was  present  in 
moderate  quantity  ;  or  (3)  was  withheld  altogether. 

For  our  knowledge  of  the  ptomaines  of  putrefaction  we  are  chiefly 
indebted  to  the  researches  pf  Brieger.  In  their  order  of  formation  as 
well  as  complexity,  the  most  commonly  met  are  choline,  C6H15NO2 ; 
cadaverine,  CsHuNj ;  puirescine,  C4H12N2 ;  trimethylamine,  (CHj)3N' ; 
dimethylaminBt  (CH3)2NH ;  and  methylamine,  (CH3)NH2. 

The  ptomaines  most  characteristic  of  the  early  stages  of  putre- 
faction are  the  diamines,  which  include,  in  addition  to  cadaverine 
(pentamethylenediamine)  and  putrescine  (tetramethylenediamine), 
other  two  isomeric  with  the  former,  but  of  different,  as  yet  unknown, 
constitution — neuridine  (CsHuNs)  and  saprine  (C6H14N2). 

With  the  exception  of  choline,  all  these  bodies  are  non-poisonous ; 
and  choline  only  produces  symptoms  when  g^ven  in  very  large  doses. 

In  this  respect  they  differ  from  another  group  which  possess 
markedly  toxic  properties,  e.gr.,  muscarine  (CaHisNOa),  an  oxidised 
derivatire  of  choline,  and  neurine  (C5H13NO),  also  obtainable  from 
choline  artificially  by  warmiug  with  baryta  water ;  as  also  two  other 
bodies  to  which  Brieger  gave  the  name  of  mydatoxine  (C6H13NO2)  and 
my  dine,  CsHjiNO. 

While  the  poisonous  bases  are  oxidised,  the  harmless  bases  are 
non-oxidised,  a  circumstance  which  led  Brieger  to  conclude  that 
oxygen  plays  an  important  part  in  the  formation  of  poisonous 
alkaloids,  and  that  a  free  access  of  oxygen  favours  the  formation  of 
ptomaines  generally.* 

The  observations  now  recorded  supply  data  for  judging  how  far 
these  conclusions  are  correct. 

Their  chief  resuU  is  to  show  that  the  formation  of  the  ordinary  putre- 
factive ptomaines  is  favoured  hy  the  entire  absence  of  oxygen;  the 
quantity  formed  under  such  circumstances  being  several  tim^s  greater 
than  whe7i  oxygen  is  admitted. 

Method  of  Besearch. 

The  method  employed  for  the  isolation  of  the  ptomaines  was  that  of 
Brieger.  Equal  quantities  of  extract  of  meat,  obtained  by  extracting 
lean  meat  with  cold  water,  were  allowed  to  putrefy,  for  periods 
ranging  from  5  to  8  days,  under  the  three  following  conditions  : — 

(1.)  Free  Supply  of  Oxygen, — The  fluid  was  placed  in  a  large  glasa 
cylinder,  open  at  both  ends,  kept  in  continuous  rotation  round  a 
horizontal  axis.     The  direction  of  rotation  was  altei*nately  from  right 

*  "  Weitere  Untenuchungen  ^ber  Ptomaine."    Hirschwald.  Berlin,  1885,  p.  27. 
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to  left  and  left  to  right ;  the  fluid  was  thns  kept  in  continual 
agitation,  and  nniformly  distributed  over  the  inner  snrfoce  of  the 
cylinder. 

(2.)  Moderate  Supply  of  Oxygen, — The  fluid  was  placed  in  a  wide- 
mouthed  jar,  and  stirred  freely  from  time  to  time. 

(3.)  Exclusion  of  Oxygen, — The  fluid  was  placed  in  a  narrow-necked 
bottle  which  it  nearly  filled;  excess  of  oxygen  at  the  outset  'wtis 
driven  out  by  a  stream  of  hydrogen;  the  bottle  was  then  tightly 
closed  by  an  india-rubber  stopper  through  which  passed  a  glass  tube 
suitably  bent  and  opening  externally  under  mercury. 

In  (2)  and  (3),  the  vessels  were  maintained  at  a  uniform  tempera- 
ture of  32^  by  being  suspended  in  a  water  tank.  In  most  of  the  ex- 
periments, a  certain  quantity  of  extract  of  pancreas  was  added,  to 
hasten  putrefaction,  with  10  grams  of  GaCOs  to  prevent  the  in- 
jurious action  of  the  acids  formed  in  the  early  stages  of  the  process. 

The  conditions  of  the  experiments  varied  somewhat  in  other 
respects,  either  as  regards  the  quantities  of  matenal  used,  or  its 
nature,  or  the  manner  of  dealing  with  it.  The  experiments  made, 
eight  in  number,  thus  divide  themselves  into  three  series,  each  made 
up  of  two  or  three  different  observations  under  the  conditions  above 
noted. 

The  attempts  made  in  the  earlier  experiments  to  isolate  the  indi- 
vidual ptomaines  in  the  form  of  their  platinum  or  gold  salts  failed, 
owing  to  the  small  quantities  present. 

Attention  was  afterwards  confined  to  the  diamines,  and  accurate 
quantitative  results  were  obtained  by  use  of  benzoyl  chloride — a 
reagent  which,  as  XJdranzky  and  Baumann  have  shown,  forms  bulky 
and  stable  derivatives  with  all  bodies  of  this  nature. 


BesuUa. 

The  results  of  the  observations  show : — 

(1.)  That  a  free  supply  of  oxygen  prevents  entirely  the  formation 
of  ptomaines,  the  only  base  found  under  such  circumstances — and 
that  too  from  the  very  first — being  ammonia. 

(2.)  With  one  exception,  all  the  experiments  agree  in  showing 
that,  as  judged  by  the  relative  quantities  of  diamines  formed,  the 
greatest  formation  of  ptomaines  takes  place  when  oxygen  is  entirely 
excluded. 

The  differences  between  moderate  supply  of  oxygen  and  entire 
absence  in  this  respect  ranged  from  2  : 1  to  as  much  as  27 : 1  in  the 
observations  made,  the  greatest  formation  always  taking  place  where 
oxygen  was  excluded. 

The  one  exception  to  this  can  be  explained  by  a  difl*erence  in  the 
procedure,  the  effect  of  which  was  probably  to  destroy  a  lai^ge  number 
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of  the  diamines  in  the  observation  in  which  oxygen  was  excluded. 
The  relation  in  this  instance  was  reversed,  viz.,  1 :  3*8,  the  largest 
quantity  being  obtained  where  oxygen  was  admitted  in  moderate 
quantity. 

(3.)  Observations  were  also  made  on  the  efEect  of  lengthening  the 
•duration  of  the  putrefactive  process  when  oxygen  was  entirely 
excluded.  The  result  showed  that  on  the  13th  day  the  diamines 
were  reduced  to  one-fourth  of  the  quantity  present  in  a  similar 
amount  of  fluid,  exposed  to  the  same  conditions,  on  the  7th  day. 

(4.)  In  all  cases  the  bulk  of  the  benzoyl  compound  obtained  was 
made  up  of  cadaverine,  its  melting  point  varying  according  to  purity 
irom  127°'6  0.  to  129°  C.     Putrescine  was  only  present  in  traces. 

(5.)  The  results  of  the  observations  on  the  quality  of  the  bases 
present  were  not  so  definite.  The  most  definite  symptoms  of  poison- 
ing were  obtained  in  one  instance  from  the  injection  of  a  fluid  which 
had  putrefied  in  the  absence  of  oxygen.  They  included  prostration, 
increased  peristaUis,  and  diarrhoea,  and  on  another  occasion  rise  of 
temperature. 

Conclusions. 

Certain  conclusions  are  drawn  from  the  above  data,  partly  of  a 
^pecialj  partly  of  a  general^  character. 

The  results  are  interpreted  as  tending  to  support  Pasteur's  original 
views  as  to  the  relation  of  fermentation  processes  to  absence  of 
oxygen,  as  against  those  more  recently  advanced  by  Schiitzen- 
berger,  Nageli,  Buchner,  and  others.  They  show  for  the  putrefactive 
bacteria  at  least  that  a  free  supply  of  oxygen  prevents  fermentation 
^together,  as  judged  alike  by  absence  of  aromatic  products  and 
ptomaines,  and  by  presence  of  ammonia  from  the  very  first. 

They  also  show  that  Brieger's  view  before  mentioned  as  to  the 
necessity  of  the  oxygen  for  the  formation  of  ptomaines  must  be 
considerably  qualified,  the  results  obtained  being  entirely  opposed 
to  such  a  view. 

As  regards  the  influence  of  oxygen  on  the  quality  of  the  ptomaines 
formed,  the  conclusion  is  drawn  that  the  presence  or  absence  of 
oxygen  is  not  the  chief  factor  in  determining  the  formation  of 
poisonous,  as  distinguished  from  harmless,  ptomaines ;  and  that  other 
factors,  such  as  duration  of  putrefactive  process  and  nature  of 
material,  are  likewise  incapable  of  doing  so. 

Both  the  formation  and  the  character  of  poisonous  ptomaines  must 
be  referred  to  individual  characters  of  the  bacteria  present,  probably 
Also  to  the  influence  of  "  mixed  infection,"  rather  than  to  the  physical 
conditions  under  which  they  act,  important  as  the  present  observa- 
tions prove  certain  of  the  latter  to  be  in  modifying  in  a  very  material 
way  the  fermentative  action  of  bacteria  generally. 
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IV.  "  Some  Measures  of  Young's  Modulus  for  Crystals,  &c."^ 
By  A.  Mallook.  Coramunicated  by  Lord  Rayleigh,  Sec 
R.S.    Received  March  9, 1891. 

The  Table  at  the  end  of  this  commtLnication  contaiiis  the  results  of 
experiments  made  in  October,  1889 — February,  1890,  on  the  elasticity 
of  various  bodies. 

The  measures  relating  to  crystalline  bodies  are,  I  believe,  new. 

The  method  used  to  obtain  these  results  was  applicable  to  very 
small  specimens.  This  was  a  necessary  condition  in  the  case  of  most- 
crystals,  because  of  the  difficulty  of  getting  large  specimens  withont 
flaws. 

In  the  experiments  now  to  be  described,  I  am  dealing  only  with 
the  values  of  Young's  modulus,  but  by  a  modification  of  the  apparatna 
measures  can  be  made  of  the  simple  rigidity,  which  will,  I  hope,  form 
the  subject  of  a  future  communication. 

Of  course,  the  simple  rigidity  must  lie  between  one-half  and  one- 
third  of  the  value  of  Young's  modulus,  according  to  the  ratio  between 
longitudinal  extension  and  lateral  contraction  (Poisson's  constant) 
for  the  substance. 

The  apparatus  used  in  my  experiments  is  shown  in  figs.  1  and  2. 

Fig.  1  shows  the  general  arrangement  of  the  parts,  and  fig.  2  is  a 
full-sized  diagram  of  the  mirroi*s  and  knife-edges. 

The  lettering  is  the  same  in  both  figures.     A,  is  a  vertical  brass 

Fig.  1. 
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tube  carrying  the  oblique  arms  B,  B^  On  B  is  mounted  the  tele- 
scope T,  and  on  B'  the  collimator  C,  having  in  its  principal  focus  the 
glass  scale  S. 

Ki  and  Ks  are  two  parallel  horizontal  knife  edges,  mounted  on  a 
brass  support  at  the  upper  end  of  A.  On  these  knife  edges  the  sub- 
stance to  be  examined  rests,  and  a  third  knife  edge,  K3,  parallel  to 
the  other  two,  and  half-way  between  them,  which  is  properly  guided 
and  free  to  move  only  in  the  vertical  plane  passing  through  its  edge, 
presses  on  the  substance  with  a  force  determined  by  the  magnitude 
of  the  weight  W  and  its  position  on  the  gp*aduated  arm  D. 
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The  f alcnun  of  D  is  the  knife-edge  EI5,  and  a  wire  passing  tkrongb 
A  connects  the  knife-edge  K4  with  Ks. 

The  substance  to  be  examined  is  formed  into  a  small  rectangular 
beam,  rather  longer  than  the  distance  between  the  fixed  knife-edges 
Ki,  K2,  and  to  the  projecting  ends  of  the  beam  the  mirrors  Mi,  M,  are 
cemented.  These  mirrors  are  mounted  in  brass  frames,  and  from  the 
back  of  each  frame  a  small  brass  tongae,  EE'  (fig.  2),  projects, 
which  is  the  actual  part  to  which  the  cement  is  applied. 

The  two  other  larger  mirrors  Ma,  M4  are  inclined  to  one  another 
at  an  angle  of  45^  nearly.  They  are  fixed  in  a  rigid  brass  mounting, 
which  rests  on  the  horizontal  flat  surface  FF,  from  which  two  studs 
project,  so  placed  that  when  the  mounting  of  M3,  M4  is  in  contact 
with  both,  the  intersection  of  the  planes  of  Mi  and  M2  is  parallel  to 
the  knife-edges  Ki,  Kg. 

The  horizontal  width  of  the  mirrors  Mi,  Ma  is  less  than  half  that 
of  Ms,  M4,  and  the  telescope  and  collimator  are  so  placed  that  their 
axes  of  collimation  graze  the  vertical  edges  of  Mi  and  Ma. 

It  is  necessary  that  the  planes  of  Mi  and  Ma  should  be  nearly,  but 
not  quite,  parallel,  and  this  is  effected  by  cementing  the  mirrors  to 
the  experimental  beam  whilst  the  former  are  held  in  the  gauge  shown 
in  fig.  3. 

Fia.  8. 


A  spring,  not  shown  in  the  figure,  keeps  the  mirrors  pressed 
against  the  plane  faces  A,  A'  of  the  gauge.  These  are  parallel  in 
the  vertical  direction  but  inclined  to  one  another  about  2'  or  3' 
horizontally,  i.e.,  the  planes  A,  A'  intersect  at  this  angle  in  a  line 
parallel  to  OY. 
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The  cement  is  applied  to  E  and  E'  before  the  mirrors  are  placed  in 
the  gauge ;  when  they  are  in  position,  the  beam  is  laid  with  one  end 
on  E  and  the  other  on  E',  and  warmed.  When  cool,  the  experimental 
beam  with  the  mirrors  attached  is  removed  from  the  gauge  and  laid 
in  the  proper  position  on  Ki,  Ka. 

On  looking  through  the  telescope  T,  two  images  of  the  scales  S 
will  be  seen  side  by  side.  One  of  these  images  being  formed  by 
successive  reflection  from  the  four  mirrors  M3,  Ma,  Ms,  Mi,  in  the 
order  named,  and  the  other  by  reflection  from  M3  and  M4  only. 

The  course  followed  by  the  two  sets  of  rays  is  indicated  by  the 
arrows  on  the  dotted  lines  in  fig.  2. 

The  appearance  of  the  scales  in  the  field  of  the  telescope  is  shown  in 
fig.  4.     If  Ml  and  M3  were  absolutely  parallel  in  a  horizontal  direc- 

Fio.  4. 


tion,  the  scale  images  would  at  times  exactly  overlap  one  another, 
which  would  make  readings  difficult. 

As  long  as  the  condition  of  approximate  parallelism  of  the  inter- 
sections of  the  pairs  of  mirrors  is  fulfilled,  any  shifting  of  one''imtfge 
of  the  scale  past  the  other  is  due  to  an  alteration  of  the  angle  between 
one  pair  or  other  of  the  mirrors,  and  to  that  alone,  and  since  Ms,  M4 
are  in  a  rigid  mounting,  any  relative  motion  of  the  images  is  due  to 
an  alteration  in  the  angle  between  Mi  and  Ms. 

The  experiments  were  made  by  noting  the  relative  motion  of  the 
images  when  force  was  applied  to  the  beam  by  the  central  knife-edge 
Es.  The  course  usually  followed  was  to  start  with  no  load  on  Es,  and 
having  noted  the  relative  position  of  the  scale  images,  to  move  W 
along  D  until  the  scales  had  moved  relatively  through  one  division. 
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The  readiog  was  then  taken  on  D.  W  being  then  moved  forwards 
until  another  scale  division  had  been  reached,  the  position  of  W  on 
D  was  again  read,  and  so  on.  The  process  was  afterwards  reversed 
and  readings  of  the  same  kind  taken  when  the  load  was  being 
diminished  step  by  step. 

All  these  results  were  then  plotted,  and  the  curve  drawn  through 
the  observations  gave  a  measure  of  the  angle  between  the  ends  of  th^ 
beam  in  terms  of  the  force  applied  to  its  middle  point.  In  nearly  all 
cases  the  lines  drawn  through  the  plotted  observations  were  straight 
lines,  within  the  limits  of  errors  of  observation,  but,  in  general,  the 
lines  for  each  substance  differed  appreciably,  according  to  whether 
the  strains  were  increasing  or  decreasing.  Some  of  the  plotted 
diagrams  are  appended  to  show  the  kind  of  accuracy  attained. 

The  actual  linear  motion  of  the  central  knife-edge  was  always  very 
small,  not  in  any  case  exceeding  0*00016  inch. 

I  pass  now  to  the  treatment  applied  to  the  experimental  results,  in 
order  to  deduce  from  them  the  values  of  Young's  modulus. 

If  Z,  &,  t  are  the  length,  breadth,  and  thickness  of  a  beam  (originally 

straight),   . 
q  =  Young's  modulus, 
F  =  Normal  force  applied  at  its  mid-length, 
0  =  Angle  made  by  the  tangent  at  each  end  with  the  tangent  at  its 

mid-length, 

If,  now,  B  be  the  distance  between  the  divisions  of  the  scale  S, 

n,  the  number  of  divisions  through  which  the  images  of  the  scales 

are  relatively  displaced,  and 
/  the  focal  length  of  the  collimator, 
the  angle  observed,  0  =  «6//. 

Now  0  =  4^,  because  20  is  the  actual  alteration  of  angle  between 
Ml  and  M3,  and  this  is  multiplied  by  two  by  the  reflection. 

Also,  if  B  be  the  reading  of  the  position  of  W  on  the  arm  D,  and  r 
the  distance  between  K4  and  K«,  the  downward  force  acting  on  Es  is 

F  =  W?; 
r 

3WR/P 

In  this  expression,  for  the  value  of  g,  the  isuaixxr  fPfh"  is  a  constant, 
depending  only  on  the  apparatus,  since  I  is  the  distance  between  K| 
and  K2. 


Digitized 


by  Google 


189J.]  Young's  Modulus  for  Crystals,  ^c.  385 

llhf  is  a  constanfc  for  each  beam,  and  B/n  is  the  inclination  of  the 
straight  line  passing  through  the  plotted  observations  to  the  axis 
of  n. 

Hence  putting    A  for  §^\    Bfor-\,     and    Cforw5, 
cr  ov  n 

Log2  =  log  A  -h  logB  -h  logC. 

The  nnmerical  yalnes  of  quantities  involved  in  A  were  as  follows ; — 

Focal  length  of  collimator,  /  =  8*87  inches. 
Length  between  knife-edges,  Ki,  K3, 1  =  0*3422  inch. 
Distance  between  division  of  scale  S  =  0*01. 
Distance  betweiBn  knife-edges  K4,  K5  s:  10. 

The  values  employed  for  h  and  t  varied  between  0*1  and  0*01  inch, 
and  for  W  from  0*02  to  0*25  pound.  The  chief  and  indeed  the  only 
considerable  source  of  error  in  these  experiments  is  in  the  measure- 
ment of  t  The  measures  were  mado  with  a  screw  micrometer 
reading  to  0*0001  by  estimation. 

The  average  value  of  t  was  between  0*03  and  0*04,  so  that  the 
measurement  was  probably  accurate  to  something  like  1  in  400. 
Hence,  there  may  be  an  error  in  ^  approaching  1  per  cent. 

In  the  case  of  crystalline  substances,  beams  cut  from  the  same 
neighbourhood  of  the  same  crystals  exhibit  a  constancy,  in  the  results 
obtained  from  them,  of  this  order,  but  in  passing  to  other  specimens 
more  difference  was  observed. 

In  many  substances,  and  notably  in  the  case  of  zinc,  lead,  and  white 
marble,  it  was  found  that  the  fall  deflection  due  to  a  given  load  was 
not  reached  until  a  considerable  time  had  elapsed,  and  experiments 
with  such  substances  would  of  course  lead  to  different  values  for 
Young's  modulus,  according  as  the  observations  were  made  in  rapid 
succession  or  slowly. 

The  behaviour  of  zinc  in  this  respect  was  so  marked,  that  a 
separate  set  of  observations  were  made  with  that  material,  the  results 
of  which  are  shown  in  diagrams  (10)  and  (11),  pp.  394-395. 

It  will  be  seen  on  examining  these  diagrams  that,  starting  with  a 
freshly  annealed  piece  of  rolled  zinc  (and  similar  results  were  ob- 
tained from  a  beam  cut  from  a  large  crystal  of  cast  zinc),  that,  on  the 
first  application  of  the  force,  the  bending  immediately  produced  con- 
tinues to  increase  for  many  minutes,  and  that,  when  the  load  is 
removed,  the  beam  does  not  recover  itself  all  at  once,  and  also  that 
a  permanent  set  has  taken  place. 

On  the  second  application  of  the  force,  however,  if  the  force  is  not 
greater  than  that  first  applied,  the  behaviour  of  the  zinc  is  quite 
different.     It  now  Yei^  rapidly  assumes  its  maximum  deflection  and 
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drops  back  to  its  equilibrium  position,  on  the  removal  of  the  force,  still 
more  rapidly,  but  little  further  permanent  set  being  produced. 

On  again  increasing  the  force  so  as  to  exceed  that  first  applied,  a 
further  gradual  extension,  lasting  a  considerable  time,  takes  place ; 
and  additional  permanent  set  is  found  when  the  force  is  removed. 

Diagram  (11)  shows  that — 

(1.)  The  immediate  elastic  bending  and  the  permanent  set  are  pro- 
portional in  amount  to  the  force  causing  them. 

(2.)  That  the  increment  of  extension  or  deflection  which  happens 
in  time  is  something  like  a  constant  quantity. 

The  method,  however,  described  in  this  paper  is  not  well  adapted  to 
the  investigation  of  these  phenomena,  as  the  state  of  strain  in  the 
beam  on  which  they  depend  varies  from   -|-   through  0  to  —  on 
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opposite  sides  of  the  neutral  axis,  and  one  cannot  be  sure  that  the 
very  slightly  strained  material  of  the  central  parts  acts  in  the  same 
way  as  that  near  the  upper  and  lower  boandaries. 

In  nearly  all  the  substances  experimented  on,  it  was  found  that 
work  was  done  in  bending  and  unbending  the  beams,  t.e.,  for  a  given 
deflection  the  load  was  always  less  when  the  latter  was  being 
diminished  than  when  it  was  being  increased.  This  effect  was  gene- 
rally more  apparent  in  metals  than  in  hard  crystals. 

On  reference  to  the  Table  (p.  398),  it  will  be  seen  that  only  ten  of  the 
non-metallic  substances  examined  at  all  approach  steel  in  stiffness. 

I  regret  that  I  have  not  hitherto  been  able  to  get  a  specimen  of 
diamond  of  suitable  form  for  measurement ;  but  I  hope  to  be  able  to 
give  Young's  modulus  for  .this  and  some  other  crystals  in  a  supple- 
mentary table. 
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Explanation  of  the  Diagrams, 

Diagrams  (1)  to  (9)  are  examples  of  the  diagrams  used  in  determin- 
ing the  ratio  R/n. 

The  ordinate  is  the  scale-reading  on  the  arm  D  (fig.  1),  and  the 
abscissa  the  corresponding  scale-reading  of  the  images  of  the  glaAs 
scale  seen  in  the  field  of  the  telescope. 

That  the  line  through  the  observations  does  not  in  general  point  to 
the  origin  is  due  to  the  fact  that  the  mirrors  were  not  quite  parallel 
in  a  vertical  direction  at  the  beginning  of  the  experiment ;  in  fact, 
according  to  the  position  in  which  the  spring  holding  the  mirrors 
against  the  faces  of  tlie  gauge  was  placed  while  thej  were  being 
cemented  to  the  beam,  variations  of  rather  more  than  a  minute  of  arc 
were  produced  between  their  planes.  The  abscissa  reading  when  the 
ordinate  =  0  has  of  course  to  be  subtracted  from  n  in  getting  the 
true  ratio  R/n. 

The  spots  indicate  individual  observations,  and  are  marked 
with  arrows  whose  directions  show  whether  the  load  was  beinfi^ 
increased  or  diminished. 

Diagram  (1).     t  =  00302  inch    1  ,  .  . 

6=01100     „       l^-^g^^^^- 
(a)  W  =  0-2581  lb.  (6)  W  =  0-3710  lb. 


Diagram  (2).     f  =  0*0322  inch 

6=0-0918     „       S  cast  iron. 
W  =  0-2511  lb. 


}■ 


Diagram  (3).     t  =  00208  inch    ^ 

6  =  0-1075      „        S  platinum. 
W  =  00671  lb.       J 


Diagram  (4).     t  =  00461  inch 

6  =  0-0955     „  \     S  copper. 
W  =  01381  lb. 


}■ 


Diagram  (5).     t  =  00473  inch  ^ 

6  =  01190     „       Uismuth. 

W  =  0-0671  lb.  J 

Diagram  (6).     <  =  0-0304  inch  -^ 

6  =  00757    „  >  carbuncle 

W  =  0-0671  lb.  J 

Diagram  (7).     t  =  00369  inch  ^ 

b  =  00911     „  S  quartz. 

W  =  0-0671  lb.  J 
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nch    1 

b.       J 
i  inch    1 

lb.       J 


Dia^pram  (8).     ^  =  0*0415  inch 

h  =  00877     „       ^beryl. 
W  =  0-1381  lb. 


Diagram  (9).     t  =  0-0292  inch 

b  =  01065      „       ^fluor. 
W  =  00217 


In  diagram  (9)  the  abscissa  is  plotted  to  a  different  scale,  since, 
owing  to  the  extreme  brittleness  of  flnor  spar,  a  displacement  of  only 
a.bout  1*5  of  the  ordinary  division  of  the  scale  conld  be  safely  nse 
when  the  thickness  of  the  specimen  was  about  0*03  inch,  and  many 
beams  of  this  substance  were  broken  in  attempting  to  produce  greater 
flexures. 

In  this  experiment  the  greatest  departure  of  the  centre  of  the 
beam  from  its  unstrained  position  is  about  0*00001  inch. 

Diagram  (10)  shows  some  of  the  properties  of  zinc.  The  carves 
numbered  1  to  8  are  really  one  continuous  experiment.  A  light 
weight  was  allowed  to  act  on  a  beam  of  sheet  zinc,  and  the  deflections 
caused  by  it  were  noted  every  thirty  seconds  for  ten  minutes.  These 
deflections  are  shown  by  the  first  part  of  curve  1.  The  weight  was 
then  removed,  and  the  recovery  of  the  beam  was  observed  for  five 
minutes.     This  forms  the  second  part  of  curve  1. 

The  experiment  was  then  repeated  with  the  same  weight,  and  the 
results  are  shown  in  curve  2.  Additional  weight  being  applied,  the 
same  course  of  procedure  gave  curves  3  and  4,  and  in  like  manner  by 
.still  further  additions  of  load  curves  5,  6  and  7,  8  were  obtained. 

The  dimensions  of  the  beam  were  : — 

t  =  0-0373  inch 
6  =  01658     „ 

For  curves,  1,  2  weight  =  0*4026  lbs. 

„        3,4  „      =0*8052    „ 

„        5,  6  »      =  1*657     „ 

7,8  „      =2110     „ 

Diagram  (11)  gives  (a)  the  permanent  set,  (h)  the  immediate 
elastic  deflection,  (c)  the  deflection  at  the  end  of  ten  minutes.  These 
are  taken  from  diagram  (10). 
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Table  of  Yalnes  of  Young's  Modulus. 


Substanoe. 

Young's  modulus, 
lbs.  per  square  inch. 

Young's  modulus. 
C.G.8. 

Steel 

33*5     X  10« 

27-0 

25*42 

23-31 

17-65 

16-38 

12-89 

8-73 

4-16 

2*71 
1*4  to  0-89 

34*83  X  10« 

34-38 

30-9 

18*76 

17*5 

17-39 

17  18 

16-38 

13*79 

12-76 

11-79 

10*82 

10  09 

9*25 

8-45 

7-98 

7*48     . 

4*64 

1*6 

2-311    X    10" 
1-863 
1-754 
1-608 
1-218 
1-180 

8-895   X   10*1 
6-025 
2-87 
1*87 
9*7  to  6  1  X  10»« 

2*4S)0    X    inii 

Wrought  iron  ..••... 

Flatinum 

Cast  iron  (soft  grey)   

Copper 

Brass 

Cobalt  

AliifiiiniiiTn.  ..........4^*1 

Bismuth* 

Lead 

Zincf 

Carbuncle^ 

Carbuncle^   (another  speci- 
men   , 

2-372 
2-076 
1*294 
1*207 
1-200 

1  'IRSi 

Berylt 

Tourmaline§  (a) 

Smokj  topazt  (<>)    

Fluorll  

Fluor^ 

Yellow  topast 

1  *130                         ' 

Yellow  topazt 

0*51f>    )t    mil           , 

Yellow  topazt  (b) 

8*80 

Tourmaline§  (h) 

ft'ljlft 

Quartz**  .'M V. 

7-46 
6*96 

Hard  white  glass 

Agate 

6-881                        1 
5-83 
5-606 
5-165 
8-20 

1-1                            1 
1 

White  "Arkansas  "  stoneff. 
Selenitett 

"  Extra  dense"  flint  glass. . 
Bluish  marble  •• 

White  marble 

*  Cast  bismuth.  The  beam  cut  parallel  to  a  natural  crystalline  cleavage  of  the 
metal. 

t  The  greatest  value  is  that  obtained  from  observations  taken  in  rapid  succes- 
sion. 

X  Relation  of  tne  faces  of  the  beam  to  the  crystallographic  axes  not  known.  The 
specimens  marked  (b)  are  out  at  right  angles  to  those  marked  (a). 

§  A  veiy  black  opaque  crystal  from  the  Ural ;  (a)  cut  parallel  to  the  side  of 
the  prism,  {b)  normal  to  the  sides. 

II  Parallel  to  diagonal  of  the  cubic  cijstal. 

%  Parallel  to  face  of  cube. 

**  ParaUel  to  sides  of  prism. 

ft  A  very  dose-gnined  oilstone. 

tt  Parallel  to  the  principal  cleavage. 
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V.  *'  On  the  Chief  Line  in  the  Spectrum  of  the  Nebulee."  By 
James  E.  Keeler,  Astronomer  of  the  Lick  Observatory. 
Communicated  by  WiLLUM  HuGOiNS,  D.C.L.,  LL.D.,  F.R.S. 
Received  March  13,  1891. 

As  my  paper  on  the  Motions  of  the  Planetary  Nebulaa  in  the  Line 
of  Sight*  did  not  give  a  final  determination  of  the  exact  position  of 
the  chief  nebular  line,  and  might  therefore  possibly  be  regarded  as 
leaving  in  abeyance  the  question  as  to  whether  that  line  could  be 
regarded  as  a  remnant  of  the  magnesium  fluting,  I  beg  to  be  allowed 
to  state  briefly  the  results  of  some  more  recent  observations,  which 
have  enabled  me  to  fix  with  great  accuracy  the  true  position  of  the 
chief  nebular  line. 

At  the  time  when  my  paper  on  the  motions  of  the  nebulea  was 
printed,  I  had  not  been  able  to  obtain  any  satisfactory  comparisons 
of  the  third  nebular  line  with  terrestrial  hydrogen,  all  the  nebule 
in  my  list  having  proved  to  be  too  faint  for  the  purpose.  I  was, 
ther^ore,  compelled  to  adopt  the  mean  position  of  the  principal  line 
for  the  ten  nebulao  observed  as  the  normal  position  from  which  to 
measure  displacements,  and  it  was  for  the  reason  that  the  ten  nebulaa 
did  not  have  the  uniform  distribution  in  the  sky  which  was  desirable 
that  the  numerical  results  for  their  motions  were  stated  as  "  not  to 
be  regarded  as  final." 

In  October,  1890,  when  the  Orion  nebula  came  within  reach  of  the 
telescope,  comparisons  of  the  third  line  with  the  H/9  line  of  hydrogen 
were  made  without  difficulty,  and  on  the  same  nights  the  position  of 
the  principal  line  was  determined.  One  such  double  observation,  if 
perfect,  completely  solves  the  problem,  since  the  displacement  of  the 
third  line  gives  the  necessary  correction  to  the  position  of  the  first. 
The  only  question  is  in  regard  to  the  accuracy  of  the  observations. 

It  is  evident  from  what  has  already  been  written  on  this  subject 
by  Dr.  and  Mrs.  Huggins,  Professor  Lockyer,  and  myself,  that  the 
answer  to  the  question  whether  the  chief  nebular  line  is  coincident 
with  the  edge  of  the  magnesium  fluting  at  \  5006'4i  depends 
upon  very  small  differences  of  position,  differences  which  would, 
in  fact,  be  considered  small  even  in  solar  spectroscopy.  But 
their  minuteness,  although  it  increases  the  practical  difficulty  of 
observation,  does  not  detract  from  their  importance,  since  abso- 
lute coincidence  of  spectral  lines  is  necessary  (although  not  always 
sufficient)  to  establish  a  claim  to  identity  of  origin.  It  is  there- 
fore necessary  to  determine  from  a  careful  consideration  of  the 
Lick  Observatory  measures  whether  they  are  of  a  sufficiently  high 

*  *  PublicationB  of  the  Astronomical  Society  of  the  Paoifio/  No.  11,  p.  266. 
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order  of  aconracj  to  prove  that  the  small  observed  interval  between 
the  nebular  line  and  the  magnesium  fluting  is  real,  and  not  due  ta 
errors  of  observation. 

A  detailed  account  of  all  the  tests  to  which  the  apparatus  was  sub- 
jected cannot  be  given  here.  Nothing  that  suggested  itself  was 
omitted.  The  best  tests,  however,  both  for  constant  and  for 
accidental  errors,  are  afforded  bj  observations  of  the  motion  in  the 
line  of  sight  of  bodies  whose  motion  is  already  known.  As  an 
example  of  such  observations,  I  may  refer  to  the  measures  of  the 
motion  of  Venus  in  the  line  of  sight  g^ven  in  tbe  table  on  p.  270, 
'  Publications  of  tlie  Astronomical  Society  of  the  Pacific,'  No.  11,  in 
which  the  greatest  error  is  one  English  mile  per  second.  Similar 
measures  of  the  displacement  of  lines  in  the  lunar  spectrum  were 
seldom  in  error  by  more  than  two  miles,  and  measures  of  tbe  motion 
of  o-Tauri  and  a-Orionis,  usually  made  on  the  same  nights  that  the 
nebula  was  observed,  were  of  the  same  order  of  accuracy,  as  deter- 
mined by  their  agreement  with  each  other,  and  with  the  photographic 
results  of  Professor  Vogel. 

In  work  of  this  character  the  periodic  shifting  of  lines  in  the 
spectra  of  the  stars  and  nebul®  due  to  tbe  earth's  annual  motion  is 
of  a  magnitude  not  to  be  neglected,  and  it  should  appear  in  the  com- 
parison of  observations  made  at  different  seasons.  So  faithfully  is 
the  orbital  motion  of  the  earth  reflected  in  my  observations  on  the 
nebula  of  Orion,  that  1  would  with  some  confidcAce  undertake  to 
determine  the  month  of  the  year,  by  measuring  the  distance  of  the 
principal  line  from  the  lead  line  used  in  the  comparison  spectrum. 

With  these  remarks  on  the  degree  of  accuracy  wbich  characterises 
the  observations,  1  give  below  the  results  which  have  been  obtained, 
mp  to  the  present  time,  for  the  nebula  of  Orion. 

From  sixteen  complete  measures,  made  on  eleven  different  nights 
(two  of  which  were  in  the  winter  of  1889-90),  the  wave-length  of 
the  principal  line,  corrected  for  orbital  motion  of  the  earth,  is 
\  5006*22  ±  0*014,  the  probable  error  corresponding  to  an  uncer- 
tainty of  0*5  mile  per  second  in  the  line  of  sight.  When  two 
measures  were  made  on  the  same  night,  they  were  always  in  different 
spectra  of  the  grating. 

Ten  comparisons  of  the  third  nebular  line  with  terrestrial  hydrogen 
were  made  on  seven  nights  in  1890-91,  showing,  when  corrected  for 
the  orbital  motion  of  the  earth,  a  displacement  of  the  nebular  line 
toward  the  red  of  0*28  +  0*026  tenth-metres.  This  corresponds  to  a 
motion  of  recession  of  the  nebula  from  the  sun  of  10*7  Hh  1*0  miles 
per  second. 

In  recent  comparisons  of  hydrogen  with  the  third  nebular  line,  I 
have  not  been  able  to  attain  the  small  probable  error  of  1^  miles  per 
second  for  a  single  evening's  comparison,  given  in  my  letter  to  the 
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'  Observatory,'  as  the  first  comparisons  were  made  nnder  exception- 
ally favourable  conditions.  Some  small  improvements  in  the 
apparatus  make  it  probable,  however,  that  it  can  be  reached  in  the 
future. 

Examination  of  tlie  individual  results  for  each  night's  work  shows 
that  the  errors  are  purely  accidental ;  hence,  the  mean  of  the  results 
for  the  third  line  will  be  used  to  determine  a  correction  to  the  mean 
of  the  results  for  the  first  line. 

A  displacement  of  the  third  line  toward  the  red  of  0*28  tenth- 
metre  corresponds  to  a  displacement  of  the  principal  line,  in  the 
same  direction,  of  0*29  tenth-metre,  which  is  the  amount  by  which 
the  principal  line  is  seen  to  be  too  near  the  red  end  of  the  spectrum, 
on  account  of  the  recession  of  the  nebula  from  the  sun. 

Hence  the  wave-length  of  the  principal  line,  if  determined  by  an 
observer  at  rest  relatively  to  the  nebula,  would  be  \  5005*93,  and  this, 
therefore,  is  the  normal  position  of  the  chief  nebular  line,  according  to 
all  the  observations  of  the  nebula  of  Orion  which  have  been  made,  up 
to  the  present  time,  at  the  Lick  Observatory.  The  probable  error  of  this 
result  is,  by  the  theory  of  least  squares,  0*03  tenth- metre.  The  posi- 
tion of  the  MgO  fluting,  on  the  same  scale,  is  X  5006*36  or  0*43  tenth- 
metre  below  the  normal  position  of  the  nebular  line.  An  interval 
of  this  magnitude  is  not  only  measurable  with  my  apparatus,  but 
noticeable  at  a  glance  in  the  telescope. 

An  incident  which  occurred  during  the  course  of  the  work 
may  be  mentioned  here,  as  showing  how  much  greater  the  above- 
stated  interval  is  than  any  error  which  could  be  made  under  good 
conditions  of  observation.  The  measures  of  January  26,  1891,  on 
being  reduced  the  next  morning,  made  the  interval  between  the 
nebular  and  lead  lines  0*15  tenth-metre  greater  than  it  should  have 
been  according  to  previous  measures.  This  difference  led  me  at 
once  to  infer  that  something  was  wrong  with  the  apparatus,  and  on 
examining  the  instrument  I  found  that  the  observing  telescope  was 
set  to  a  reading  5*^  different  from  the  usual  one,  in  such  a  direction 
that  a  higher  dispersion  than  usual  had  been  employed.  On  deter- 
mining the  value  of  the  micrometer  for  this  position  of  the  grating, 
and  re-reducing  the  observations,  the  discrepancy  was  then  but  a 
few  hundredths  of  a  tenth-metre. 

In  the  'Journal  of  the  British  Astronomical  Association,'  Mr. 
Maunder  says,  in  reference  to  the  possibility  of  my  having  over- 
measured  the  interval  between  the  chief  nebular  line  and  the  edge  of 
the  magnesium  fluting,  "  Further,  some  allowance  must  be  made  for 
the  difficulty  of  comparing  a  line  with  a  fluting  ;  we  ought  certainly 
not  to  measure  from  the  centre  of  the  nebular  line  to  the  extreme 
edge  of  the  fluting.  This  will  apply  a  small,  but  a  further,  correction 
in  the  same  direction."    Mr.  Maunder's  criticism  does  not,  however, 


Digitized 


by  Google 


402     On  the  Chief  Line  in  the  Spectrum  of  the  Nebulce.     [Mar.  19, 

apply  to  my  own  obseryations,  which  were  made  with  this  difficulty 
in  view.  If  the  distance  between  the  line  and  the  edge  of  the  Anting 
could  be  measured  with  a  slit-width  vanishingly  small,  the  true 
interval  would  be  obtained.  With  a  practicable  slit- width,  the 
position  of  the  centre  of  the  line  is  unchanged,  but  the  edge  of  the 
fluting  is  shifted  toward  the  red  by  half  the  width  of  the  line.  In 
my  observations  of  nebulsB,  the  slit- width  used  was  such  as  to  make 
the  bright,  sharp  lead  line  (and  hence,  also,  the  nebular  line)  just  the 
width  of  the  coarse  micrometer  wire  (about  0'4i  tenth-metre).  The 
bright  lines  were  observed  by  occulting  them  with  the  wire,  the 
observations  thus  referring  to  their  centres,  but  the  magnesium 
fluting  was  observed  by  bringing  its  extreme  edge  and  the  lower  edge 
of  the  micrometer  wire  into  coincidence,  the  centre  of  the  wire  falling 
therefore  upon  the  edge  of  the  fluting  with  infinitely  narrow  slit. 
Measures  of  the  interval  between  the  lead  line  and  the  edge  of  the 
magnesium  fluting,  made  with  the  fine  micrometer  wire  and  as 
narrow  a  slit  as  could  be  used,  gave  the  same  value  as  measures 
made  in  the  manner  just  described.*  The  correction  mentioned  by 
Mr.  Maunder  is  therefore  unnecessary. 

It  appears  to  me,  from  what  has  been  shown  above,  that  the  non- 
coincidence  of  the  chief  nebular  line  and  the  magnesium  fluting  must 
be  regarded  as  proved. 

In  regard  to  the  character  of  the  line,  recent  observations  at  Mount 
Hamilton  have  shown  nothing  which  does  not  confirm  the  opinion  I 
have  already  expressed,!  that  under  no  circumstances  of  observation 
does  the  line  tend  to  assume  the  aspect  of  the  remnant  of  a  fluting. 

The  observations  which  have  been  made  at  Mount  Hamilton 
demonstrate  the  incorrectness  of  the  view  that  the  chief  nebular  line 
is  in  any  way  connected  with  the  magpiesium  fluting  at  X  5006 '36,  for 
reasons  which  may  be  briefly  summarised  as  follows  : — 

(1).  The  nebular  line  is  0*43  tenth-metre  more  refrangible  than  the 
lower  edge  of  the  magnesium  fluting. 

(2).  The  nebular  line  has  no  resemblance  to  a  fluting. 

(3).  Flatings  and  lines  of  magnesium,  which  could  not  fail  to 

*  I  may  call  attention  to  the  fact  that  my  own  yalue  of  thit  interval  (1'86  tenth- 
metres)  is  0*04  tenth-metre  smaller  than  the  most  reliable  measores  which  have  yet 
been  published. 

t  "  A  single  prism  of  60°  was  first  employed,  then  a  compound  prism  of  about 
three  and  one-half  times  the  dispersion  of  the  latter,  and  finally  a  Rowland  grating 
of  14,4S8  lines  to  the  inch.  With  all  these  different  degrees  of  dispersion,  and  also 
with  other  spectroscopes  employed,  the  nebular  lines  appeared  to  be  perfect  mcmo- 
ohromatic  images  of  the  slit,  widening  when  the  slit  was  widened  and  narrowing  to 
excessively  fine,  sharp  lines  when  it  was  closed  up.  The  brightest  line  showed  no 
tendency  to  assume  the  aspect  of  a  *  remnant  of  a  fluting '  under  any  circumstances 
of  obserration." — '  Publications  of  the  Astronomical  Society  of  the  Pacific/  No»  11, 
p.  266  and  ^80. 
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appear  at  ihe  same  time  Mrltb  the  fluting  at  \  5006,36,  are  entirely 
absent  in  nebular  spectra. 

Additional  reasons  have  been  given  by  Professors  Liveing  and 
Dewar,  and  by  others  who  have  investigated  the  subject,  but  I  wish 
to  consider  here  only  such  observations  as  have  been  made  at  the 
Lick  Observatory. 

The  Society  then  adjourned  over  the  Easter  Recess  to  Thursday, 
April  9th. 
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the  eqnipotential  surface  e  ^=^  ^a,  exceeds  in  electrostatic  capacity  a 
plane  metal  surface  throngli  the  poles  of  the  diagram  (Plate  XIII, 
reprodnced  in  §  9  below),  with  the  siirronndings  described  in  Art.  204, 
and  supplies  the  datum  requisite  for  finding  the  exact  amouut  of  the 
excess.  The  i*eason  for  the  greatness  of  the  excess  clearly  is  that  the 
surface  c  =  -Ja,  which  just  touches  the  plane  through  the  poles  of  the 
diagram  midway  between  the  poles,  is  everywhere  nearer  than  this 
plane  to  the  other  plate  of  the  condenser.     (See  §  7  below.) 

3.  For  c  =  a/6  we  have,  by  (11)  of  Art.  205,  a  =  0,  and  the  corre- 
sponding eqnipotential,  partially  shown  in  Maxwell's  diagram,  is  a 
set  of  curves  concave  towards  2r  =  —  oo  ,  and  asymptotic  to  the  lines 
ar  =  {i+\)a,^  i  denoting  any  integer.  (See  §§  10  to  13  below.)  For 
every  value  of  c  less  than  a/6,  the  eqnipotential  is  a  row  of  ovals ;  and 
the  grating  formed  by  constructing  these  ovals  in  metal  has  leas 
electrostatic  capacity  in  the  circumstances  described  in  Art.  205  than 
a  plane  through  the  poles  or  the  ovals  (this  being  no  doubt  what  is 
meant  by  *'  a  plane     ...     in  the  same  position  "  as  the  grating). 

4.  For  every  value  of  c  exceeding  a/6  the  eqnipotential,  instead  ctf 
being  the  boundary  of  a  grating,  is  a  continuous  corrugated  surface, 
and  its  electrostatic  capacity  exceeds  that  of  the  plane  through  the 
poles. 

5.  Begin  now  afresh,  and  let  it  be  required  to  find  the  electric  force 
in  the  air  on  either  side  of  an  infinite  row  of  parallel  bars  at  equal 
consecutive  distances,  a,  each  uniformly  charged  with  electricity. 
Let  pa  be  the  quantity  per  unit  length  on  each  bar,  so  that  />  would 
be  the  surface  density,  if  the  same  quantity  were  uniformly  dis- 
tributed over  the  plane  of  the  bars.  Taking  0  in  one  of  the  bars, 
OX  perpendicular  to  the  bars,  and  OZ  perpendicular  to  their  plane, 
we  find  (by  Fourier's  method)  for  the  <;- component  of  force  at  any 
point  (a;,  z)  for  which  z  is  positive, 

Z  =  — ^(J+e"^coswM;+6~*~cos2mz+  &c.) (1), 

where  m  =  2fr/a (2). 

Summing  this  we  find 

Z^^^ ^-''^ (3). 

a    e*«— 2qpsm«-f €"""  ..    -v  y 

This  has  equal  positive  and  negative  values  for  equal  positive  and 
negative  values  of  ar,  and  it  therefore  gives  the  value  of  the  2;-force, 
not  only  for  positive,  but  also  for  negative,  values  of  e.  Taking  now 
"-^Zdz,  with  constant  assigned  to  make  the  integral  zero  for^  =  +  D, 
we  find 
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as  the  potential  doe  to  the  grating,  and  two  parallel  planes  at  eqnal 
distances,  D,  on  its  two  sides,  each  uniformly  electrified  with  half  the 
quantity  of  electricity  of  opposite  sign  to  that  on  the  grating. 

6.  If  now  we  construct  in  metal,  C,  any  one  complete  eqni potential 
surface,  Vo,  of  this  system,  and  electrify  it  with  the  same  quantity  of 
electricity  as  that  which  we  gave  originally  to  the  infinite  row  of 
infinitely  thin  bars ;  and  if  we  place  metal  planes,  B,  B',  at  the  two 
places  of  zero-potential  (i?  =  ±D),  we  have  an  insulated  conductor 
at  potential  Vo,  between  two  planes,  B,  B',  at  zero  potential,  and  at 
distance  2D  asunder,  on  each  of  which  the  electric  density  is  ^p.  For 
brevity,  I  shall  denote  the  insulated  conductor  by  I. 

Its  electrostatic  capacity  per  unit  area  of  its  medial  plane  (the 
plane,  pf  the  original  infinitely  thin  bars)  is  p[Y^ 

7.  This  conductor,  I,  is  symmetrical  on  each  side  of  its  medial 
plane,  "and  consists  either  of  an  infinite  number  of  isolated  parallel 
bars,  each  surrounding  one  of  the  original  infinitely  thin  bars,  or  of  a 
plate  symmetrically  corrugated  on  its  two  sides,  with  maximum  and 
minimum  thicknesses  respectively  at  the  places  of  the  infinitely  thin 
bars,  and  the  lines  midway  between  them.  For  the  case  of  isolated 
bars,  let  2c  be  the  diameter  of  each,  in  the  medial  plane.  Then,  ta 
find  Vo,  we  must  put «  =  ±c  and  «  =  0,  in  (4).     Thus  we  find 


V,=  2,,f£log-i^+D>^ (5). 

4  sin*  - 


Hence  the  electrostatic  capacity  of  I  in  the  circumstances  is 

1/^ 


2>/d  + 


4  Sin*  ill  i 


which  is  greater  or  less  than  1/(2 n-D),  the  electrostatic  capacity  that 
it  would  have  if  reduced  to  its  medial  plane,  according  as  c>  or  <  \a. 

The  conductor  I,  to  be  a  grating,  implies  c<^a,  or  sin*  ~<1,  and 

a 

therefore  requires  that 

Yo>2irp{p-^\og^  =  29r^(D--22o)     (7). 

When  Vo  exceeds  this  critical  value,  the  conductor  I  is  the  con- 
tinuous plate  Corrugated  on  each  side,  which  was  described  in  §  7. 
The  critical  value  corresponds  to  an  intermediate  case  of  a  plate  so 
deeply  furrowed  on  each  side  as  to  be  just  cut  through  by  its  two 
surfaces  crossing  at  right  angles ;  and  (7)  shows  that  the  electrostatic 

2  G  2 

Digitized  by  Vj^^VJV  IC 


408  Sir  W.  Thomson.    On  Electrostatic  Screening     [Apr.  9, 

capacity  of  the  condnctor  I  so  constituted  is  equal  to  that  of  a  plane 
sheet  of  thickness 

2alog [2«]/(29r),  or  'Ua (8), 

insulated  midway  between  the  two  earth  plates  B,  B',  at  the  same 
distance  asunder  as  they  had  with  I  between  them. 

8.  By  (4),  (5),  and  (7),  we  have  for  the  equation  of  the  surface 
constituting  the  two  sides  of  I  in  this  critical  case, 

€«*— 2coswaj  +  6-**  =  4 (9). 

Taking  double  the  positive  value  of  z  which  this  gives  when  «  =  0, 
we  find 

2alog [(1+  -v/2)»]/(29r),  or  '662a (10) 

as  the  maximum  thickness  of  I.  This  is  log(l+  ^2)  flog  2,  or  1*278, 
times  the  amount  shown  in  (8)  for  the  thickness  of  the  plane-sided 
plate  of  equal  electrostatic  capacity ;  which  is  just  such  a  relation  as  is 
expected  before  calculation ! 

9.  If  0(0,  x)  denote  what  Y  becomes  when  in  place  of  mD  we  sub- 
stitute -^mz  in  (4),  we  have  the  potential  due  to  a  uniform  electrical 
force  fiarrij  or  2irp,  added  to  the  2;-component,  of  the  force  due  to  the 
grating  with  its  given  charge  of  />a  quantity  per  unit  length  of  each 
bar ;  and  it  is  the  equipotentials  and  lines  of  force,  of  this  system  that 
are  represented  in  Maxwell's  diagram  of  Plate  XIII,  reproduced  here. 


In  it  the  resultant  force  for  infinitely  large  positive  values  of  s  is 
parallel  to  OZ,  and  of  constant  value  4irp ;  and  it  is  zero  for  infinitely 
large  negative  values  of  z.  The  approximation  to  these  values  is  very 
close,  at  only  so  moderate  a  distance  as  a  on  either  side  of  the 
grating. 

10.  Choosing,  in  the  system  of  §6,  any  one  of  the  multiple-oval 
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eqnipotentials  around  the  infinitelj  thin  bars,  that  indicated  by  the 
shading,  for  example  which  1  have  added  to  Maxwell's  diagram,  let 
c  be  the  distance  from  the  infinitely  thin  primary  bar  within  ity  at 
which  it  Is  cut  by  the  plane  of  the  primary  bars.  By  putting,  in  the 
expression  for  0(i?,  «),  jzr  =  0,  and  0  =  c,  we  find 

0(O,c)=/>alog ?— - (11) 

4  sm' — 
a 

as  the  potential  at  the  surface  of  each  of  these  chosen  ovals.  Gon- 
stmot  now  each  of  these  ovals  in  metal,  and  let  the  supposed  uniform 
force,  2  wp^  be  produced  by  uniform  elebtrification  of  density  —  ^,  on  a 
metal  plane,  B,  at  any  great  distance,  6,  on  the  positive  side  of  the 
grating.  We  thus  construct  a  grating  of  thick  bars  of  oval-shaped 
cross  section  which,  when  electrified  with  the  same  quantity  of  elec- 
tricity as  that  which  we  gave  initially  to  the  infinitely  thin  bars,  and 
subjected  to  the  influence  of  the  equal  quantity  of  negative  electricity 
on  B,  has  0(i?,  x)  for  potential  through  external  space  from  B  (0  =  &), 
to  infinite  distance  on  the  other  side  of  the  grating  (js  =  —00),  and 
has  for  potential  through  all  the  portions  of  space  within  the  surfaces 
of  the  grate-bars  the  constant  value  expressed  by  (11).  In  this 
system  the  potential,  for  positive  values  of  z  great  in  comparison  with 
a,  is,  by  (4)  with  — ww  instead  of  -j-mD, 

0{z,x)  L  —^wpg    (12). 

The  difference  of  potentials  between  B  and  the  grating  is,  by  (6) 
and  (5), 

1 


0(O,o)~0(6,»)  =  4t^ 


t  +  7-  log 

*'        ^sin''? 


(13). 


Hence  the  electrostatic  capacity  of  che  mutually  insulated  system,  B, 
and  the  grating  of  oval-shaped  bars  is  equal  to  the  capacity  of  a  pair 
of  parallel  planes,  B  and  a  plane  at  a  distance  beyond  the  plane  of  the 
primitive  infinitely  thin  bars  equal  to 

±log-l—    (14). 

a 

11.  If  in  (4)  we  put  —nz  in  place  of  +mD,  we  have  the  potential  of 
a  system  in  which  besides  the  electricity  of  the  primary  bars  there  is 
distant  electricity  such  as  all  in  all  to  give  at  great  enough  distances 
on  the  two  sides  of  the  primitive  bars  uniform  fields  of  0-force  re- 
spectively equal  to 
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/>(m-f »),  for  g  =  -f-oo ;  and  p(m—n\  for  e  =  — oo, . .,  (15). 
If,  in  (4)  with  —  n«  instead  of  -f-wD,  we  put 

«-V/pa  =  C (16) 

we  find,  as  the  equation  of  the  eqnipotential  surfaces, 

— 2coB»i«-f€~-|-€-~  =  €€-•• (17). 

Bj  taking  fi  ^  0,  or  n  =•  m,  we  fall  back  on  the  cases  of  §§  5-8,  and 
§§9,  10,  respectively. 

12.  To  find  an  approximate  equation  for  the  eqnipotentials  at  dis- 
tances around  primitive  bars  small  in  comparison  with  a,  the  distance 
from  bar  to  bar,  let  x  and  j?  be  so  small  that  we  may  neglect  all 
powers  of  m«,  wZf  and  nar,  above  the  square,  which  implies  that  C  is 
small  of  the  same  order  as  {mxy  and  (mz)\  (11)  becomes 


[^         where  r*  denotes  m"^.         J 


(18). 


This  shows  that,  to  the  degree  of  approximation  in  which  we  neglect 
cubes  and  higher  powers  of  mx^  mz,  nZy  the  eqnipotential  is  a  row  of 
elliptic  cylinders  of  eccentricity  nrj  v^2,  with  their  greater  diametral 
planes  perpendicular  to  the  plane  of  the  primitive  bars.  When  n  =  o, 
the  eqnipotential  is  a  row  of  circular  cylinders  having  the  primitive 
bars  for  their  axes ;  and  this  is  true  to  the  higher  approximation  in 
which  we  need  only  neglect  powers  above  the  cubes  of  mx  and  mc,  as 
we  see  by  going  back  to  equation  (17),  with  n  =  0. 

13.  The  conclusions  of  §  12  are  useful  for  detailed  investigation  of 
the  screening  effect  of  plane  gratings  of  circular  or  elliptic,  straight 
parallel  bars  electrified  with  given  quantities  of  electricity  and  placed 
with  their  planes  perpendicular  to  the  lines  of  force  in  a  uniform 
field  of  force,  and  to  corresponding  problems  in  which  potentials  are 
given,  as  in  Maxwell's  §§  20^—205. 

14.  Instead  of  a  single  row  of  parallel  equidistant  infinitely  thin 
bars  in  one  plane,  let  us  take  for  primitives  two  or  more  such  rows, 
parallel. or  not  parallel,  all  in  one  plane  or  not  in  one  plane.  We  may 
thus  form  an  endless  variety  of  force-systems  available  for  illustrating 
or  helping  to  solve  problems  which  may  occur.  Towards  the  seveial 
problems  of  electric  screening  we  find  important  contributions  by 
considering  in  two  parallel  planes  rows  of  primitive  lines  parallel  to 
one  another  for  one  case  and  perpendicular  to  one  another  for  another 
case.  The  consideration  of  three  rows  of  primitive  lines  in  one  plane, 
dividing  it  into  equal  and  similar  triangles  alternately  oriented  in 
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opposite  directions,  leads  to  a  complete  theory  of  electrostatic  screen- 
ing bj  a  triangnlar  lattice  of  metallic  wire  or  ribbon.  The  funda- 
mental potential  formula  for  this  system  obtained  bj  summation  of 
expressions,  each  given  by  am  application  of  (4i)  to  one  of  the  three 
rows,  is 

°^  (6^—2  cos  Zj9 -f  c"**; ''(e**— 2  cos  mg -h  €-*«)^(6«*— 2  cos  nr -h  6- '«)''^ 

■f2ir(w+/,  +  cT)D....(19); 

where  a,  ft,  e  denote  the  intervals  between  the  sncoessive  lines  of  the 
three  systems;  va,  pb^  trc,  the  quantities  of  electricity  per  unit 
length  of  bar  in  the  three  systems ;  p,  q,  r,  e,  special  coordinates  of  the 
point  for  which  (19)  expresses  the  potential,  viz.,  z,  its  distance  from 
the  plane  of  the  primitive  bars,  and  j?,  q,  r  its  distances  from  three 
planes  drawn  perpendicular  to  this  plane  through  a  bar  of  each  of 
the  three  systems ;  D  th^  value  of  +z  for  planes  on  the  two  sides  of 
the  net  for  which  the  potential  is  aero ;  and,  lastly, 

I  =z  2itla,  m  =  2w/6,  n  «£:  3sr/c (20). 

For  the  present,  however,  we  may  confine  ourselves  to  the  case  of 
two  rows  of  primitive  lines  dividing  a  plane  into  squares  and 
charged,  both  rows,  with  equal  quantities,  |/>a,  of  electricity  per  unit 
length.     The  potential  formula,  a  particular  case  of  (19),  is 

V  =  if«[log(^_,^^^^,■^)'(^«_,^^,^y^^■.»)+2n^D]  (21). 

15.  The  consideration  of  the  equi potentials  of  this  surface  is  very 
interesting.  The  equipotential  lines  in  the  plane  of  the  primitive 
bars  are  given  by  the  equation 


16 


(8in^sin]'j'  =  e-«v/p« (22). 


16.  Considerations  quite  analogous  to  those  of  §§  6,  7,  8,  and 
Again  the  other  considerations  analogous  to  those  of  §§  9 — 13,  are, 
after  the  full  explanations  there  given,  easily  completed  so  as  to 
formulate  a  full  theoiy  of  electrostatic  capacity  and  electrostatic 
screening  for  square  nets  of  wire  exposed  to  electric  action  giving 
uniform  fields  of  force  at  distances  on  each  or  on  one  side  of  the 
plane  of  the  net  considerable  in  comparison  with  a,  the  side  of  each 
square. 

17.  In  what  follows  we  shall  for  brevity  call  any  thin  sheet,  whether 
plane  or  not  plane,  which  answers  to  the  description  contained  in  the 
title  of  this  paper,  a  perforated  sheet  or  a  perforated  surface ;  under- 
standing that  its  radii  of  curvature  are  everywhere  large  in  com- 
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parison  with  its  thickness.  The  diameters  of  holes  must  be  large  m 
comparison  with  the  thickness  in  order  that  the  approximations 
which  we  nse  below  may  be  valid.  We  shall  call  the  electric  densitj 
of  a  perforated  sbeet  the  total  qnantity  of  electricity  with  which  it  is 
electrified,  reckoned  per  unit  area  of  continnons  surface  approximately 
agreeing  with  it,  and  passing  throngh  the  middle  of  cage  bars,  bosses, 
Ac.  This  continnons  surface  I  shall  call  the  medial  surface,  or  some- 
times, for  brevity,  the  medial. 

18.  In  what  precedes  we  have  yirtnally  a  complete  investigation  of 
the  screening  effect  of  a  bomogeneous  plane  perforated  sheet  against 
the  electric  force  of  a  uniform  field  with  lines  of  force  perpendicular 
to  the  plane.  Let  it  now  be  required  to  find  the  screening  effect  of  a 
non-plane  perforated  sheet  against  a  uniform  field  of  electrostatic 
force,  and  of  a  perforated  sheet  S,  plane  or  not  plane,  against  the 
electrostatic  force  of  any  given  electrified  bodies. 

19.  Let  0  be  the  potential  of  the  given  electrified  bodies  at  any 
point  (a;,  y,  z)  of  the  space  occupied  by  S,  and  let  p  be  the  unknown 
electric  density  of  8  at  (x,  y,  z),  under  the  influence  of  those  bodies. 
To  make  the  problem  of  finding  p  determinate,  we  might  suppose 
either  the  total  quantity  of  electricity  on  S,  or  the  potential  at' which 
its  metal  is  kept,  to  be  given.  We  shall  take  the  latter  supposition, 
aud  call  the  given  potential  C. 

20.  Let  0  denote  the  potential  which  would  be  produced  by  the 
electricity  of  8  if  it  were  spread  continuously  over  the  medial  with 
electric  density  equal  to  /»  at  (x,  y,  z)  ;  and  let 

0+/t/> (23) 

denote  the  potential  in  the  metal  of  S,  due  to  the  actual  distribution 
of  electricity  on  its  surface. 

21.  To  understand  the  meaning  of  this  notation  (;i),  consider  a  large 
area  around  (x,  y,  ^),  so  large  that  its  border  is  very  distant  from 
(x,  y,  z)  in  comparison  with  the  thickness  of  the  sheet,  and  with  the 
diameters  of  its  apertures,  but  not  so  large  as  to  deviate  sensibly  from 
the  tangent  plane  at  (rr,  y,  z).  Let  the  electricity  of  all  the  sui^ace  of 
8  beyond  A  be  changed  from  the  imagined  continuous  distribution  to 
the  actual  distribution  on  the  surface  of  the  perforated  metal.  This 
change  will  make  no  sensible  difference  in  the  potential  at  (a;,  y,  z). 
Next,  let  the  imagined  continuous  distribution  of  uniform  electric 
density  />,  over  the  continuous  area  A,  be  changed  to  the  actual  dis- 
tribution of  the  same  quantity  over  the  surface  of  the  perforated 
metal  of  the  porous  sheet  A.  The  augmentation  of  potential  at  (x,  y,  s) 
produced  by  this  charge  is  what  we  denote  by  pp,  where  ;t  is  a  coeffi- 
cient depending  on  the  shapes  and  magnitudes  of  the  perforations, 
that  is  to  say,  on  the  complex  surface  of  the  perforated  metal.  Tt 
would  be  zero  if  there  were  no  perforations,  and  we  shall  see  that  the 
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greater  it  is  the  less  is  the  screening  efiSciencj.  We  shall  therefore 
call  /A  the  electric  permeability,  and  fi"^  the  electric  screening  efficiency 
of  the  perforated  sheet.  The  sheet  is  homogeneous  as  to  permeability 
or  screening  efficiency  if  ft  has  the  same  yalne  for  all  parts  of  it,  bat  we 
need  not  assume  this  to  be  the  case ;  on  the  contrary,  we  shall  suppose 
^  to  be  any  known  function  of  (x,  y,  e).  In  §§  5^-16  we  have  the 
explanations  necessary  for  determining  ^  in  the  various  cases  of 
gratings  and  nets  there  described.  For  similarly  perforated  surfaces, 
the  values  of  /i  are  as  the  linear  dimensions  of  a  perforation  or  of  the 
bars  or  bosses  of  the  structures. 

22.  The  equation  of  electric  equilibrium  is 

(p+fip  =  K  (a  constant)   • (^4), 

when  S,  being  insulated  and  electrified,  is  not  under  the  influence 
of  any  other  electrified  matter. 
It  is 

.  0-f/i^  =  K-V (25), 

when  S  is  under  the  influence  of  any  given  electrified  bodies  pro- 
ducing a  given  potential,  Y,  at  (a;,  y,  z). 

23.  As  a  first  example,  going  back  to  (24),  let  fi  be  such  that  0 
shall  be  constant.     This  makes,  if  we  denote  by  A;  a  constant, 

A*=*0//' (26), 

(k  being  a  constant),  which  means  that  the  screening  efficiency  is,  in 
different  places  of  S,  inversely  proportional  to  the  electric  density  at 
tiimilarly  situated  places  of  a  continuous  electrified  conductor  of  the 
same  shape  as  S.  Let,  for  instance,  S  be  an  ellipsoid ;  then,  if  the 
sizes  of  the  perforations  be  inversely  proportional  to  the  perpendicular 
from  the  centre  to  the  tangent  plane,  (26)  is  satisfied.  Generally,  to 
fulfil  this  condition,  the  net  must  be  finer  in  the  more  convex  and 
more  projecting  parts,  and  coarser  in  the  flatter  and  less  projecting 
parts. 

*  24.  If  any  perforated  conductor  or  cage,  8,  fulfilling  the  condition 
of  §  23,  be  electrified  and  insulated  away  from  the  disturbiug  influence 
of  other  condnctdTs,  or  electrified  bodies,  the  charge  distributes  itself 
so  as  to  have  in  every  part  the  same  quantity  per  unit  area  of  the 
medial,  as  a  smooth  continuous  metallic  surface  agreeing  with  the 
medial  and  electrified  with  the  same  total  quantity.  When  the  medial 
is  a  closed  surface,  the  electricity  on  the  perforated  surface  does  not 
confine  itself  to  the  parts  of  it  outside  the  medial :  on  the  contrary, 
when  the  apertures  are  very  wide  in  comparison  with  diameters  of 
cage-bars,  bosses,  &c.,  the  electricity  distributes  itself  almost  equally 
on  the  parts  of  the  complex  surface  inside  and  outside  the  medial. 
25.  Seeing  that  the  electric  density  (as  defined  in  §  17)  is  the 
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same  for  a  perforated  surface  falBlling  the  condition  of  §  23  as 
for  the  medial  constructed  in  continuous  metal,  we  naturally  ask 
the  question,  what  then  is  the  difference  between  the  two  cases, 
if  any,  besides  the  fact  of  the  electricity  being  equally  but  very 
unequably  distributed  oyer  the  outer  and  inner  portions  of  the 
complex  surface  in  one  case,  and  equably  over  the  outside  of  the 
smooth  medial  in  the  other  ?  Tliere  is  a  very  important  and  interest- 
ing difference.  The  electrostatic  capacity  of  the  perforated  con- 
ductor, S,  is  less,  in  the  ratio  of  1  to  1  -f  ^^  than  that  of  the  medial 
constructed  in  continuous  metal  $  as  we  see  by  (23)  and  (26). 

26.  As  a  sub-example,  suppose  S  to  be  a  spherical  surface.  If 
homogeneously  perforated,  it  will  fulfil  the  condition  of  §  23 :  and  if 
its  screwing  efficiency  is  the  same  as  that  of  a  grating  of  parallel 
bars  (circular  cross  section  of  diameter  2r;  distance  from  centre  to 
centre  a),  we  have,  by  (5)  of  §  7,  when  raja  is  very  small, 

/*  =  2alog^   (-^)- 

Now,  S  being  spherical,  if  B  denotes  its  radius,  we  have  (§  20) 

0  =  4wUp (28). 

Hence,  by  (26)  and  (27), 

*  =  -^log— =  4log—    (29), 

2jrR  ^   arc  N     *^23ro  ^      ^ 

where  N  denotes  the  number  of  bars  in  the  equatorial  belt  of  the 
cage  of  §  27  below. 

27.  To  illustrate  a  realisation  of  §  26>  let  a  spherical  cage  be  made 
up  of  a  narrow  equatorial  belt  of  approximately  straight  parallel 
bars  of  diameter  2  c,  and  distance  from  middle  of  one  bar  to  middle  of 
next,  a ;  completed  by  polar  caps  (nearly  hemispheres)  of  thin  metal 
perforated  so  as  to  have  everywhere  the  same  effective  electric 
screening  efficiency  l{2a  log  (a/2  ^rc)}. 

Suppose,  for  instance,  the  bars  to  be  of  *'  No.  18  gauge " 
(2c  =  0'122  cm.)  and  a  =  5  cm.     We  have 

log  (a/2grc)=  log  13  =  2*57. 

Hence,  for  this  case,  and  any  other  in  which  the  ratio  a/c  is  the  same, 
we  have,  by  (27)  and  (29), 

/i  =  6-14  o (30), 

Jksr  0-409^ (31). 
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Thus,  if  o  =  5  cm.,  and  R  =  50  cm.,  Tc  =  00409  ==  ^V ;  and  (§  25) 
the  electrostatic  capacity  of  the  spherical  cage  \^  of  that  of  a  simply 
continuous  spherical  sarface  of  the  same  magnitude. 

28.  Let  now  an  electrified  metal  globe,  or  globe  of  insulating 
material  uniformly  electrified,  G,  be  insulated  concentrically  within 
S.  It  may  be  of  any  magnitude,  large  or  small,  provided  only  that 
the  interval  between  the  two  surfaces  be  at  least  two  or  three  times 
the  diameter  of  the  largest  of  the  perforations  of  S.  Let  S  be  con- 
nected with  the  earth,  and  let  Q  denote  the  quantity  of  (positive) 
electricity  with  which  0  is  electrified,  and  Q'  the  quantity  of  the 
opposite  electricity  which  it  induces  on  S.  The  potential  in  the 
metal  of  S  due  to  Q'  is,  by  (23), 

-{h^^) «■ 

This,  added  to  Q/B,  the  potential  due  to  Gr,  must  be  zero,  and  there- 
fore 


Q 


=  Q0+4-^r) (^^)' 


or,  by  (26),  Q  =  Q'(i  +  A;) (34). 

Hence,  in  the  particular  case  of  §  27  (31 ), 

Q  «  Q'(l+0-409^) (35); 

and  when  R  =  10a,  we  find  Q  —  Q'  ==  i  y  Q,  and  conclude  that  the 
effect  of  S,  earthed,  with  G  electrified  and  insulated  within  it,  is  just 
4  per  cent,  of  the  effect  of  G  unscreened. 

29.  If  S  is  connected  with  the  earth,  and  supported  at  a  height 
above  the  earth  equal  to  at  least  six  or  eight  times  its  diameter,  the 
quantity  of  electricity  (positive  in  fine  weather)  induced  on  it  will 
be  1/(1  -f-  h)  of  that  which  would  be  induced  on  a  simply  con- 
tinuous metal  globe  of  the  same  size.  Hence  the  potential  at  any 
point  of  the  air  within  S  at  not  less  distance  inwards  than  2a  will  be 
hl{\  +  h)  of  the  undisturbed  atmospheric  potential  at  the  same 
height  above  the  ground,  or  5  per  cent,  in  our  particular  case.  This 
is  quite  in  accordance  with  the  imperfectness  of  the  screening  effect 
against  atmospheric  electricity  found  by  Roiti*  within  earthed  wire 
cages,  supported  at  a  considerable  height  above  the  ground,  by  a 
bracket  attached  to  the  top  of  a  wall  of  a  building  in  Florence, 
tested  by   a    water-dropper  with    its   nozzle   inside   the  cage   con- 

*  "  Omerrasioni  Continue  della  Elettridt^  Atmosferioa "  (' Pubblicazioni  del 
B.  Istituto  di  Stodi  Superiori  in  Firenze  '),  Florence,  1884. 


Digitized 


by  Google 


416  Sir  W.  Thomson.    On  Electrostatic  Screening     [Apr.  9, 

nected  bj  an  insulated  wire  with  a  quadrant  electrometer  in  the 
baildings. 

30.  The  problem  of  finding  the  distribution  of  electricity  on  a 
spherical  cage,  of  equal  electric  permeability,  /t,  in  all  parts  of  its 
surface,  formulated  in  (25)  of  §  22,  is  easily  solved  by  aid  of  spherical 
harmonics.  Confining  ourselves  for  brevity  to  the  case  of  external 
influencing  bodies,  let  their  potential  at  any  point,  P,  within  S  be 

V=-SSi^   (36), 

where  Si  denotes  a  given  spherical  surface-harmonic  of  order  i,  and  r 
the  distance  of  P  from  the  centre  of  S.  And  pi,  denoting  an  unknown 
surface-harmonic  of  order  t,  let 

P  =  ^Pi (37) 

be  the  harmonic  expression  for  /»,  the  required  electric  density. 
Going  back  to  §  20  for  the  definition  of  0,  we  find,  by  the  elements  of 
spherical  harmonics, 

*=^i^i^ (»)• 

Hence,  by  (25), 

^-^, (39). 

(2t  +  l)S|  1 

'^  4tE      ,  .  (2i+lV    ^*'^ 

■•"     4irR 

In  (39)  we  have  virtually  the  same  result  as  in  (33).  The  approxi- 
mation on  which  we  are  founding  in  §§  17 — 29  is  valid  in  (40)  and 
(41)  only  for  values  of  %  small  in  comparison  2ff-B/a:  but,  as  in 
virtue  of  greatness  of  the  logarithm  for  the  case  formulated  in  (27), 
fi  may  be  great  in  comparison  with  a ;  and  therefore  the  denominator 
of  (40)  need  not  be  only  infinitesimally  greater  than  unity,  and  may 
be  any  numeric  however  great. 

31.  Taking  Sir  =  a;,  S3  =  0,  Sg  =  0  •  •  •  • ,  we  see  by  (41)  that  if  an 
insulated  unelectrified  spherical  cage  be  brought  into  a  uniform  field 
of  electric  force,  X  (that  of  atmospheric  electricity,  for  example,  at 
any  height  above  the  ground  exceeding  five  or  six  diameters  of  the 
cage),  the  force  within  the  cage  is 
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1+-'" 


.(42), 


4irB 
or,  according  to  (27),  and  (29), 


_  ,  -,    or   X -= (43). 

This  result  is  also  applicable  to  a  hemispherical  screen  of  radius  R, 
simply  placed  on  the  ground.  For  the  particular  proportions  of 
§  27,  it  makes  the  force  under  the  hemispherical  cage  \  of  the  un- 
disturbed force  outside.  A  cage  of  ordinary  gardener's  (anti-rabbit) 
hexagonal  wire-net  (of  5^  cm.  from  parallel  to  parallel)  cannot  be 
very  different  from  this.  If,  instead  of  the  radius  being  50  cm.  it  be 
200,  but  the  cage  still  of  the  same  net,  the  force  inside  woald  be  only 
3  per  cent,  of  the  undisturbed  force  outside. 

32.  In  every  case  the  force  at  any  distance  from  the  perforated 
surface,  on  either  side  of  it,  more  than  the  diameter  of  a  perforation, 
is,  as  is  easily  proved  by  Fourier's  methods,  very  nearly  the  same  as 
if  the  elect;ricity  were  spread  equably  over  the  medial  surface,  with 
the  same  quantity  per  unit  ai*ea  of  the  medial  as  the  grating  has  is 
each  part  of  it.  Hence,  in  the  case  of  §  31,  the  force  is  uniform 
throughout  the  interior  of  the  cage,  except  within  distances  from  the 
net  of  two  or  three  times  the  aperture.  Hence  a  second  screen, 
similar  but  slightly  smaller,  placed  inside  the  first  will  rednce  the 
force  farther  in  the  same  ratio ;  so  that,  if  eX  denote  the  force  inside 
the  single  screen,  the  force  inside  the  inner  screen  when  there  are 
two  will  be  e'X,  provided  the  distance  between  the  two  is  nowhere  less 
than  the  diameter  of  the  perforation.  Thus,  with  screens  such  as 
those  in  the  last  particular  case  of  §  31,  the  force  inside  the  inner 
screen  would  be  only  9/10,000  of  the  undisturbed  force  far  enough 
outside  the  outer.  The  two  screens,  if  placed  close  together,  so  as 
to  narrow  the  apertnres  as  much  as  possible,  would  have  little  more 
than  double  the  screening  efficiency  of  either  singly,  as  we  may  judge 
from  (27)  of  §  26,  and  from  (21)  of  §  14.  The  principle  that,  to 
duplicate  a  screen  with  best  advantage,  the  two  screens  should  be 
placed,  not  in  one  surface  but  in  two,  with  not  less  distance  between 
them  than  the  diameter  of  their  apertures,  is  not  only  theoretically 
interesting,  but  is  of  great  practical  importance  in  the  screening  of 
electrometers  against  disturbing  electric  force. 

33.  Questions  analogous  to  those  of  §§  26 — 32,  but  for  circular 
cylindric  (mouse-mill)  cages  of  equidistant  parallel  bars,  instead  of 
the  spherical  or  hemispherical  cage  which  we  have  been  considering, 
are  readily  answered  by  the  simpler  work  corresponding  to  that  of 
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§  30  Cwith  sin  iO  and  qos  iO  instead  of  spherical  harmonica).  Bat  it 
deserves  more  complete  synthetic  investigation,  not  limited  by  the 
approximational  conditions  of  §§  21,  22,  if  for  no  other  reason, 
hecanse  of  Hertz's  monse-mill.  This  must,  however,  be  reserved  for  a 
fatnre  communication.  Meantime,  it  is  worth  saying  that  sudden 
variations  of  electric  current,  or  alternating  electric  currents,  ciistri- 
bute  themselves  between  different  straight  parallel  conductors  in  the 
same  proportion  as  static  electrification  is  distributed  in  corre- 
sponding electrostatic  arrangements,  whenever  the  suddenness,  or 
the  frequency,  is  sufficient  to  cause  the  impedance  by  mutual  induc- 
tion of  the  separate  parallel  conductors  (and  therefore,  a  fortiori,  the 
impedance  by  self-induction  of  each)  to  be  very  large  in  comparison 
with  ohmic  resistance.  Hence  Hertz's  mouse-mill  screening  follows 
(though  by  utterly  different  physical  action),  simply  the  electrostatic 
law,  except  in  any  case  in  which  his  wave-length  is  less  than  a  con- 
siderable multiple  of  the  diameter  of  his  mouse-mill. 


II.  "On  Variational  Electric  and  Magnetic  Screening."     By 
Sir  W.  Thomson,  P.R.S,    Received  April  1, 1891. 

1.  A  screen  of  imperfectly  conducting  material  is  as  thorough  in 
its  action,  when  time  enough  is  allowed  it,  as  is  a  similar  screen  of 
metal.  But  if  it  be  tried  against  rapidly  varying  electrostatic  force, 
its  action  lags.  On  account  of  thjs  lagging,  it  is  easily  seen  that  the 
screening  effect  against  periodic  variations  of  electrostatic  force  will 
be  less  and  less,  the  greater  the  frequency  of  the  variation.  This  is 
readily  illustrated  by  means  of  various  forms  of  idiostatic  electro- 
meters. Thus,  for  example,  a  piece  of  paper  supported  on  metal  in 
metallic  communication  with  the  movable  disc  of  an  attracted  disc 
electrometer  annuls  the  attraction  (or  renders  it  quite  insensible)  a 
few  seconds  of  time  after  a  difference  of  potential  is  established  and 
kept  constant  between  the  attracted  disc  and  the  opposed  metal  plate, 
if  the  paper  and  the  air  surrounding  it  are  in  the  ordinary  hygro- 
metric  condition  of  our  climates.  But  if  the  instrument  is  applied  to 
measure  a  rapidly  alternating  difference  of  potential,  with  equal 
differences  on  the  two  sides  of  zero,  it  gives  very  little  less  ihan  the 
same  average  force  as  that  found  when  the  paper  is  removed  and  all 
other  circumstances  kept  the  same.  Probably,  with  ordinary  clean 
white  paper  in  ordinary  hygrometric  conditions,  a  frequency  of  alter- 
nation of  from  50  to  100  per  second  will  more  than  suffice  to  render  the 
screening  influence  of  the  paper  insensible.  And  a  much  less  freq  nency 
will  suffice  if  the  atmosphere  surronnding  the  paper  is  artificially 
dried.  Up  to  a  frequency  of  millions  per  second,  we  may  safely  say 
that,  the  greater  the  frequency,  the  more  perfect  is  the  annulment  of 
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Bcreenmg  by  the  paper;  and  this  Btatement  holds  also  if  the  paper  he 
Ihorougblj  blackened  on  both  sides  with  ink,  although  possibly  in 
this  condition  a  greater  frequency  than  50  to  100  per  second  might 
be  required  for  practical  annnlment  of  the  screening. 

2.  Now,  suppose,  instead  of  attractive  force  between  two  bodies 
separated  by  the  screen,  as  onr  test  of  electrification,  that  we  have 
as  test  a  faint  spark,  after  the  manner  of  Hertz.  Let  two  well 
insulated  metal  balls,  A,  B,  be  placed  very  nearly  in  contact,  and 
two  much  larger  balls,  E,  F,  placed  beside  them,  with  the  shortest 
distance  between  E,  F  sufficient  to  prevent  sparking,  and  with  the 
lines  joining  the  centres  of  the  two  pairs  parallel.  Let  a  rapidly 
alternating  difPerence  of  potential  be  produced  between  E  and  F, 
varying,  not  abruptly,  but  according,  we  may  suppose,  to  the  simple 
harmonic  law.  Two  sparks  in  every  period  will  be  observed  be- 
tween A  and  B.  The  interposition  of  a  large  paper  screen  between 
E,  F,  on  one  side,  and  A,  B,  on  the  other,  in  ordinary  hygrometric 
conditions,  will  absolutely  stop  these  sparks,  if  the  frequency 
be  less  than,  perhaps,  4  or  5  per  second.  With  a  frequency  of 
50  or  more,  a  clean  white  paper  screen  will  make  no  perceptible 
difPerence.  If  the  paper  be  thoroughly  blackened  with  ink  on  both 
sides,  a  frequency  of  something  more  than  50  per  second  may  be 
necessary ;  but  some  moderate  frequency  of  a  few  hundreds  per  second 
will,  no  doubt,  suffice  to  practically  annul  the  efFect  of  the  interposi- 
tion of  the  screen.  With  frequencies  up  to  1000  million  per  second, 
as  in  some  of  Hertas's  experiments,  screens  such  as  our  blackened 
paper  are  still  perfectly  transparent,  but  if  we  raise  the  frequency  to 
500  million  million,  the  influence  to  be  transmitted  is  light,  and  the 
blackened  paper  becomes  an  almost  perfect  screen. 

3.  Screening  against  a  varying  magnetic  force  follows  an  oppORit« 
law  to  screening  against  varying  electrostatic  force.  For  the  present, 
I  pass  over  the  case  of  iron  and  other  bodies  possessing  magnetic 
susceptibility,  and  consider  only  materials  devoid  of  magnetic  sus^ 
ceptibility,  but  possessing  more  or  less  of  electric  conductivity. 
However  perfect  the  electric  conductivity  of  the  screen  may  be,  it 
had  no  screening  efficiency  against  a  steady  magnetic  force.  But  if 
the  magnetic  force  varies,  currents  are  induced  in  the  material  of  the 
screen  which  tend  to  diminish  the  magnetic  force  in  the  air  on  the 
remote  side  from  the  varying  magnet.  For  simplicity,  we  shall 
suppose  the  variations  to  follow  the  simple  harmonic  law.  The 
greater  the  electric  conductivity  of  the  material,  the  greater  is  the 
screening  effect  for  the  same  frequency  of  alternation;  and,  the 
greater  the  frequency,  the  greater  is  the  screening  effect  for  the  same 
material.  If  the  screen  be  of  copper,  of  specific  resistance  1640 
sq.  cm.  per  second  (or  electric  diffusivity  130  sq.  cm.  per  second),  anjd 
with  frequency  80  per  second,  what  I  have  called  the  "  mhoic  effective 
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thickness  "*  is  0*71  of  a  cm. ;  and  the  range  of  cnrrent  intensity  at 
depth  n  x  0'71  cm.  from  the  surface  of  the  screen  next  the  exciting 
magnet  is  €~**  of  its  value  at  the  surface. 

Thus  (as  e'  =  20*09)  the  range  of  carrent-intensitj  at  depth  2*13  cm. 
is  ^  of  its  surface  yalue.  Hence  we  may  expect  that  a  suflBcientlj 
large  plate  of  copper  of  2^  cm.  thick  will  he  a  little  less  than  perfect 
in  its  screening  action  against  an  alternating  magnetic  force  of 
frequency  80  per  second. 

4.  Lord  Bayleigh,  in  his  "Acoustical  Observations"  (*  Phil.  Mag.,' 
1882,  first  half-year),  after  referring  to  Maxwell's  statement,  that  a 
perfectly  conducting  sheet  acts  as  a  barrier  to  magnetic  force  (*  Elec- 
tricity and  Magnetism,'  §  665),  describes  an  experiment  in  which  the 
interposition  of  a  large  and  stout  plate  of  copper  between  two  coils 
renders  inaudible  a  sound  which,  without  the  copper  screen,  is  heard 
by  a  telephone  in  circuit  with  one  of  the  coils  excited  by  electro- 
magnetic induction  from  the  other  coil,  in  which  an  intermittent 
current,  with  sudden,  sharp  variations  of  strength,  is  produced  by 
a  "  microphone  clock  "  and  a  voltaic  battery.  Larmor,  in  his  paper 
on  "  Electromagnetio  Induction  in  Conducting  Sheets  and  Solid 
Bodies"  CPhil.  Mag.,'  1884,  first  half-year),  makes  the  following 
very  interesting  statement: — "If  we  have  a  sheet  of  conducting 
matter  in  the  neighbourhood  of  a  magnetic  system,  the  effect  of  a 
disturbance  of  that  system  will  be  to  induce  currents  in  the  sheet  of 
such  kind  as  will  tend  to  prevent  any  change  in  the  conformation  of 
the  tubes  [lines]  of  force  cutting  through  the  sheet.  This  follows 
from  Lenz's  law,  which  itself  has  been  shown  by  Helmholtz  and 
Thomson  to  be  a  direct  consequence  of  the  conservation  of  energy. 
But  if  the  arrangement  of  the  tubes  [lines  of  force]  in  the  conductor 
is  unaltered,  the  field  on  the  other  side  of  the  conductor  into  which 
they  pass  (supposed  isolated  from  the  outside  spaces  by  the  conductor) 
will  be  unaltered.  Hence,  if  the  disturbance  is  of  an  alternating 
character,  with  a  period  small  enough  to  make  it  go  through  a  cycle 
of  changes  before  the  currents  decay  sensibly,  we  shall  have  the  con- 
ductor acting  as  a  screen. 

"  Further,  we  shall  also  find,  on  the  same  principle,  that  a  rapidly 
rotating  conducting  sheet  screens  the  space  inside  it  from  all  magnetic 
action  which  is  not  symmetrical  round  the  axis  of  rotation." 

Mr.  Willoughby  Smith's  experiments  on  "  Yolta-electrio  induc- 
tion," which  he  described  in  bis  inaugural  address  to  the  Society  of 
Telegraph  Engineers  of  November,  1883,  afforded  good  illustrations 
of  this  kind  of  action  with  copper,  zinc,  tin,  and  lead,  screens,  and 
with  different  degrees  of  frequency  of  alternation.  His  results  with 
iron  are  also  very  interesting:  they  showed,  as  might  be  expected,  com- 
paratively little  augmentation  of  screening  effect  with  augmentation 
•  *  Collected  Papers,'  vol.  8,  Art.  cii,  §  85. 
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of  frequency.  This  is  just  wHat'is  to  be  expected  from  the  fact  that 
a  broad  enough  and  long  enough  iron  plate  exercises  a  large  magneto- 
static  screening  influence  ;  which,  with  a  thick  enough  plate,  will  be 
so  nearly  complete  that  comparatively  little  is  left  for  augmentation 
of  the  screening  influence  by  alternations  of  greater  and  greater 
frequency. 

5.  A  copper  shell  closed  around  an  alternating  magnet  produces  a 
screening  effect  which  on  the  principle  of  §  3  we  may  reckon  to  be 
little  short  of  perfection  if  the  thickness  be  2^  cm.  or  more,  and  the 
frequency  of  alternation  80  per  second. 

6.  Suppose  now  the  alternation  of  the  magnetic  force  to  be  pro- 
duced by  the  rotation  of  a  magnet  M  about  any  axis.  First,  to  find« 
the  effect  of  the  rotation,  imagine  the  magnet  to  be  represented  by 
ideal  magnetic  matter.  Let  (after  the  manner  of  Qauss  in  his  treat- 
ment of  the  secular  perturbations  of  the  solar  system)  the  ideal 
magnetic  matter  be  uniformly  distributed  oyer  the  circles  described 
by  its  different  points.  For  brevity  call  1  the  ideal  magnet  sym- 
metrical round  the  axis,  which  is  thus  constituted.  The  magnetic 
force  throughout  the  space  around  the  rotating  magnet  will  be  the 
same  as  that  due  to  1,  compounded  with  an  alternating  force  of 
which  the  component  at  any  point  in  the  direction  of  any  fixed  line 
varies  from  zero  in  the  two  opposite  directions  in  each  period  of  the 
rotation.  If  the  copper  shell  is  thick  enough,  and  the  angular 
velocity  of  the  rotation  great  enough,  the  alternating  component  is 
almost  annulled  for  external  space,  and  only  the  steady  force  due  to  I 
is  allowed  to  act  in  the  space  outside  the  copper  shell. 

7.  Consider  now,  in  the  space  outside  the  copper  shell,  a  point  P 
rotating  with  the  magnet  M.  It  will  experience  a  force  simply  equal 
to  that  due  to  M  when  there  is  no  rotation,  and,  when  M  and  P 
rotate  together,  P  will  experience  a  force  gradually  altering  as  the 
speed  of  rotation  increases,  until,  when  the  speed  becomes  sufficiently 
great,  it  becomes  sensibly  the  same  as  the  force  due  to  the  sym- 
metrical magnet  I.  Now  superimpose  upon  the  whole  system  of  the 
magnet,  and  the  point  P,  and  the  copper  shell,  a  rotation  equal  and 
opposite  to  that  of  M  and  P.  The  statement  just  made  with  refer- 
ence to  the  magnetic  force  at  P  remains  unaltered,  and  we  have  now 
a  fixed  magnet  M  and  a  point  P  at  rest,  with  reference  to  it,  while 
the  copper  shell  rotates  round  the  axis  around  which  we  first  sup- 
posed M  to  rotate. 

8.  A  little  piece  of  apparatus,  constructed  to  illustrate  the  result 
experimentally,  is  submitted  to  the  Boyal  Society  and  shown  in  action. 
In  the  copper  shell  is  a  cylindric  dram,  1*25  cm.  thick,  closed  at 
its  two  ends  with  circular  discs  1  cm.  thick.  The  magnet  is  sup- 
ported on  the  inner  end  of  a  stiff  wire  passing  through  the  centre  of 
a  perforated  fixed  shaft  which  passes  through  a  hole  in  one  end  of 
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the  dram,  and  serves  as  one  of  the  bearings  ;  the  other  bearing  is  a 
rotating  pivot  fixed  to  the  outside  of  the  other  end  of  the  dram. 
The  accompanying  sections,  drawn  to  a  scale  of  three-fourths  full 
size,  explain  the  arrangement  sufficiently.  A  magnetic  needle  out- 
side, deflected  by  the  fixed  magnet  when  the  drum  is  at  rest,  shows 
a  great  diminution  of  the  deflection  when  the  drum  is  set  to  rotate. 
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If  the  (triple  compound)  magnet  inside  is  reversed,  by  means  of  the 
central  wire  and  cross  bar  outside,  shown  in  the  diagram,  the  magneto- 
meter outside  is  greatly  affected  while  the  copper  shell  is  at  rest ; 
bnt  scarcely  affected  perceptibly  while  the  copper  shell  is  rotating 
rapidly. 

9.  When  the  copper  shell  is  a  figure  of  revolution,  the  magnetic 
force  at  any  point  of  the  space  outside  or  inside  is  steady,  whatever 
be  the  speed  of  rotation ;  bat  if  the  shell  be  not  a  figure  of  revolu- 
tion, the  steady  force  in  the  external  space  observable  when  the  shell 
is  at  rest  becomes  the  resultant  of  the  force  due  to  a  fixed  magnet 
intermediate  between  M  and  I  compounded  with  an  alternating  force 
with  amplitude  of  alternation  increasing  to  a  maximum,  and  ulti- 
mately diminishing  to  zero,  as  the  angular  velocity  is  increased  with- 
out limit. 

10.  If  M  be  symmetrioU,  with  reference  to  its  northern  and  southern 
polarity,  on  the  two  sides  of  a  plane  through  the  axis  of  rotation,  I 
becomes  a  null  magnet,  the  ideal  magnetic  matter  in  every  circle  of 
which  it  is  constituted  being  annulled  by  equal  quaniities  of  positive 
and  negative  magnetic  matter  being  laid  on  it.  Thus,  when  the  rota- 
tion is  sufficiently  rapid,  the  magnetic  force  is  annulled  throughout 
the  space  external  to  the  shell.  The  transition  from  the  steady  force 
of  M  to  the  final  annulment  of  force,  when  the  copper  shell  is  symme- 
trical round  its  axis  of  rotation,  is,  through  a  steadily  diminishing 
force,  without  alternations.  When  the  shell  is  not  symmetrical  round 
its  axis  of  rotation,  the  transition  to  zero  is  accompanied  with  alter- 
nations as  described  in  §  8. 

11.  YHien  M  is  not  symmetrical  on  the  two  sides  of  a  plane  through 
the  axis  of  rotation,  I  is  not  null ;  and  the  condition  approximated  to 
through  external  space  with  increasing  speed  of  rotation  is  the  force 
due  to  I,  which  is  an  ideal  magnet  symmetrical  round  the  axis  of 
rotation. 

12.  A  very  interesting  simple  experimental  illustration  of  screening 
against  magnetic  force  may  be  shown  by  a  rotating  disc  with  a  fixed 
magnet  held  close  to  it  on  one  side.  A  bar  magnet  held  with  its 
magnetic  axis  bisected  perpendicularly  by  a  plane  through  the  axis 
of  rotation  would,  by  sufficiently  rapid  rotation,  haye  its  magnetic 
force  almost  perfectly  annulled  at  points  in  the  air  as  near  as  may 
be  to  it,  on  the  other  side  of  the  disc,  if  the  diameter  of  the  disc 
exceeds  considerably  the  length  of  the  magnet.  The  magnetic  force 
in  the  air  close  to  the  disc,  on  the  side  next  to  the  magnet,  will  be 
everywhere  parallel  to  the  surface  of  the  disc. 
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III.  "  The  Measurement  of  the  Power  given  by  any  Electric 

Current  to   any   CSrcmt."      By  W.  E.  Ayrton,   F.R.Sm 

Professor  of  Applied  Physics  in  the  City  and  Guilds  of 

London  Institute,  and  W.  E.  SuMPNER,  D.Sc.    Received 

•  March  16,  1891. 

I. 

During  the  meeting  of  the  Electrical  Gougress  at  Paris  in  1881,  one  of 
us*  devised  a  method  of  using  an  electrometer  for  measuring  tbe  power 
given  to  any  circuit  by  any  current.  The  accuracy  of  the  method  is 
wholly  independent  of  the  nature  of  the  circuit,  which  may  possess 
self-induction,  mutual  induction  capacity,  and  an  E.M.F.,as  well  as  of 
the  nature  of  the  current,  which  may  be  constant,  intermittent,  or  alter- 
nating,  according  to  any  function  of  the  time.  This  method  is  the  only 
electrical  one  published  up  to  the  present  date  the  accuracy  of  whidi 
is  not  based  on  assumptions,  either  as  regards  the  ufirt^ure  of  the 
current  or  as  regards  the  entire  absence  of  self-  and  mutual  induction 
from  a  circiiit  some  portion  of  which  is  necessarily  of  a  solenoidal 
form,  or  as  regards  the  nature  of  the  circuit  the  power  given  to 
which  we  desire  to  measure. 

In  view  then  of  the  present  wide  nse  of  altematmg  currents  for 
industrial  purposes,  it  might  have  been  expected  that  this  electro- 
meter method  of  measuring  the  power  given  by  any  intermittent  or 
alternating  current  to  an  inductive  circuit  would  have  been  extensively 
employed.  Unfortunately,  however,  as  pointed  out  by  one  of  us  in 
conjanction  with  Professor  Perry,t  the  use  of  this  method  is  re- 
stricted by  the  fact  that  Sir  W.  Thomson's  quadrant  electrometers  do 
not  generally  obey  the  mathematical  law  given  for  these  instru- 
ments in  text-books,^  as  it  was  .supposed  they  did  when  this 
electrometer  method  of  measuring  power  was  first  suggested.  And 
hence  the  main  result  that  has,  up  to  the  present  time,  followed  from 
the  pablication  of  this  method  has  been  the  stimulation  of  inventive 
minds  to  devise  forms  of  electrometers  in  which  the  text-book  law  is 
strictly  fnlftlled. 

In  1888,  Mr.  Blakesley  published  a  very  ingenious  method  for 
using  three  dynamometers  to  measure  the  power  given  by  an  alternating' 

•  This  method  was  siimiltaxieouBly  ftrriyed  at  independently  by  Fiofenor  Fiti- 
gerald. 

t  *  Jouniftl  of  Soc.  of  Tel.  Engs.  and  Electe.,'  toI.  17,  1888. 

X  We  may  mention  that  an  inveetigation  on  Quadrant  Electrometen  has  been 
going  on  from  time  to  time  at  the  Central  Institution  for  the  last  fi^e  years,  and 
we  had  hoped  to  have  communicated  the  complete  report  long  before  this  to  the 
Eoyal  Society . 
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oarrent  to  the  primary  coil  of  a  transformer.  His  original  proof,  a 
geometrical  one,  was  based  on  yarioos  hypotheses,  amongst  others, 
that  the  primary  and  secondary  currents  and  the  magnetic  flnx  were 
sine  functions  qf  the  time. 

Becently,  one  of  ns,  in  conjunction  with  Mr.  Taylor,  has  published* 
an  analytical  proof  showing  that  Mr.  Blakesley's  three  dynamoineter 
method  of  measuring  power  gives  equally  true  results,  whatever 
functions  the  currents  and  magnetic  flux  be  of  the  time.  There  still 
however,  remains  a  serious  objection  to  this  method,  yiz.,  .that  it 
assumes  the  absence  of  magnetic  leakage  in  the  transformer,  or  in 
other  words,  that  the  number  of  lines  of  force  embraced  by  one  con- 
volution of  the  primary  coil  at  any  moment  is  the  same  as  the  number 
of  lines  of  force  embraced  by  one  convolution  of  the  secondazy. 
Further,  the  three  dynamometer  method  cannot  be  used  to  measure 
the  power  given  to  a  single  circuit,  as  the  coils  of  one  of  the  dynamo- 
meters have  necessarily  to  be  put  in  different  circuits. 

The  employment  of  an  electromagnetic  wattmeter  for  the  measure- 
ment of  electric  power  is  well  known,  and  investigators  have  con- 
aidered  the  error  that  is  introduced  into  wattmeter  measurements 
made  with  alternating  currents  on  account  of  the  fine-wire  circuit 
of  the  wattmeter  possessing  self-induction.  This  fine-wire  circuit 
usually  consists  of  a  suspended  coil  in  series  with  a  so-called  non- 
inductive  stationary  high  resistance,  and  various  devices  have  been 
adopted  by  different  experimenters  to  make  the  effective  self -induction 
of  this  fine-wire  circuit  nought.  One  of  the  simplest  of  these  devices 
we  venture  to  think  is  that  proposed  by  one  of  us  in  conjunction  with 
Mr.  Mather,  and  which  consists  in  winding  the  stationary  so-called 
non-inductive  resistance  in  such  a  way  that  the  capacity  of  this 
doubly- wound  coil  practically  neutralises  the  effect  of  the  self-induc- 
tion of  the  suspended  coil. 

II. 

Several  months  ago,  however,  while  working  at  alternate  current 
interference,  we  noticed  that  it  was  possible  to  employ  an  extremely 
simple  method,  based  on  the  difference  of  phase  of  the  P.D.  and  the 
current,  for  measuring  the  power  by  any  current  to  any  circuit.  This 
method,  which  has  since  been  in  regular  use  in  the  laboratories  of  the 
Central  Institution,  is  quite  independent  of  any  assumptions  as  to  the 
nature  of  the  current,  or  of  the  circuit,  the  power  given  to  which  it  is 
desired  to  measure,  and  it  has  the  further  great  advantage  that  the 
only  measuring  iostrument  required  is  the  ordinary  alternate-current 
voltmeter  of  commerce. 

In  series  with  the  circuit  ah  (fig.  I),  the  power  given  to  which  we 
desire  to  measure,  connect  a  non-inductive  Resistance  he  of  r  ohms. 
*  Meeting  of  Fhynoal  Society,  February  27,  1891. 
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Fio.  1. 


Let  Fly  Vty  and  V  be  the  readings  of  the  voltmeter  when  applied 
•between  a  and  b,  b  and  c,  and  a  and  c  respectivelj ;  then,  if  IF  be  the 
mean  watts  supplied  to  the  circuit  a6,  we  have  in  all  cases,  whateFer 
the  natore  of  the  current,  or  of  the  circuit  ab — 

Tr=~(F«-F,'-lV) (!)• 

For,  let  Viy  v%j  and  v  be  the  instantaneous  values  of  the  P.D.  between 
a  and  6,  b  and  c,  and  a  and  c  at  some  moment  ^, 

then  v  =  vi  -f  Vj   (2). 

If  a  be  the  current  in  amperes  flowing  through  the  circuit  at  time 
tj  then  avi  equals  the  watts  w  given  to  ab  at  that  time.     But 

a  =      , 

r 

since  the  resistance  be  is  non-inductive ; 

r 
Then,  squaring  (2)  we  have — 

t;'  =  t;l  +  2t;lVa^-v,- 
.•.  tr=  — (t;'-t;,*-ra'). 

mT  ■•  T  T  X  V 

Conaeqnently  f  *"*  =  iT  ((  ***~  f  ^*'^-  f  "»'*'*)' 

or  Tr  =  -i;(F»-F,'-F,'), 

the  equation  given  above. 

If  the  resistance  of  b&  be  not  known,  or  if  there  be  any  fear  that  it 
may  be  changed  by  the  passage  of  the  current,  then  an  ammeter  (an 
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alternate  ctuTent  ammeter,  of  conrse,  if  alternate  currents  be  em- 
ployed) can  be  inserted  in  the  circuic.  Let  A  be  the  reading  of  this 
ammeter,  and  which  represents  the  sqaare  root  of  the  mean  square  of 
the  current,  then,  for  r  in  (1)  we  may  substitute  VJA^  or 

H^=^(T"-F.»-F,0  (3). 

When  employing  this  last  formula,  the  non-inductive  resistance 
be  may  be  that  offered  by  incandescent  lamps,  since  there  is  no  objec- 
tion to  the  resistance  varying  with  different  mean  strengths  of  the 
current  employed. 

This  voltmeter  method  of  measuring  power  was  arrived  at  quite 
independently  of  the  electrometer  method  referred  to  above,  btft  an 
examination  of  the  electrometer  method  shows  that  it  is  practically 
equivalent  to  simultaneous  measurements  of  three  P.Ds. 

III. 

The  method  which  we  have  described  for  measuring  the  power 
given  by  any  current  to  any  circuit  may  be  conveniently  employed  for 
measuring  the  power  given  to  an  alternating-current  arc,  or  to  an  alter- 
nating-current arc-lamp.  It  is  known  that  an  alternating-current  arc 
requires  a  greater  current  than  a  direct-current  arc  to  produce  the  same 
light  with  similar  carbons;  for  example,  a  10-ampere  direct-current 
lamp  requires  12^  amperes,  or  25  per  cent,  larger  current,  when  used 
with  an  alternating  current.  In  a  masterly  paper  on  '*  The  Theory 
of  Alternating  Currents,"  read  before  the  Society  of  Telegraph 
Engineers,  on  November  13th,  1884,  Dr.  Hopkinson  refers  to  a  law 
given  by  Joubert,  that  the  difference  of  potential  between  the  carbons 
in  an  alternating  arc  is  of  approximately  constant  numerical  value 
throughout  the  period,  and  that  it  reverses  sigpi  discontinuously  at 
each  reversal  of  the  current.  Using  this  law  as  his  basis,  he  works 
out  mathematically  some  very  curious  relationships  between  the 
variations  of  current  and  P.D.  with  time. 

Three  of  our  senior  students,  Messrs.  Kolkhorst,  Thornton,  and 
Weekes,  have  been  making  a  number  of  experiments  on  the  power 
supplied  to  alternating-current  arcs  by  using  the  method  of  measur- 
ing power  described  above.  From  these  experiments  it  would  appear 
that  the  quality  of  the  carbon  employed  affects  materiaUy  the  differ- 
ence in  phase  between  the  currents  passing  through  the  arc  and  the 
P.D.  between  the  carbons.  If  the  arc  be  quite  steady  and  only  give 
out  the  rhythmic  hum  that  accompanies  a  good  arc,  such  as  can  be 
obtained  with  cored  carbons  of  proper  quality,  the  arc  appears  to 
act  practicaUy  as  a  simple  resistance,  and  M.  Joubert's  law  does  not 
hold.     But  if  the  arc  be  maintained  between  uncored  carbons  of  poor 
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quality,  and  be  hissing,  there  is  considerable  difference  in  phase 
between  the  current  and  the  P.D.  between  the  terminals;  farther, 
the  experiments  show  that  current  is  very  far  from  being  a  sine 
function  of  the  time,  although  produced  by  a  dynamo  whose  B.M.P. 
normally  follows  a  harmonic  law. 

We  do  not  purpose,  in  this  communication,  to  enter  at  length  into 
these  experiments  on  alternate-current  arcs,  but  a  few  examples  of 
the  experimental  results  that  have  been  obtained  will  be  interesting 
as  illustrating  the  ready  applicability  of  this  new  method  of  measur- 
ing power  to  such  investigations. 

In  addition  to  the  difPerence  of  phase  of  P.D.  and  current  that  may 
be  produced  in  the  arc  itself,  there  is  the  electromagnet  to  be  con- 
sidered by  which  the  distance  between  the  carbons  is  usually  regu- 
lated in  arc  lamps.  This  electromagnet  will  introduce  lag  between 
the  P.D.  at  the  terminals  of  the  lamp  and  the  current  passing 
through  the  electromagnet  and  the  arc  in  series ;  and  hence,  even 
although  the  arc  be  perfectly  steady,  we  find,  even  in  the  case  of  a 
Brush  lamp  especially  intended  for  alternate  currents,  that  the  true 
power  supplied  to  the  electromagnet  and  arc  is  20  per  cent,  less  than 
the  produot  of  the  readings  of  the  ammeter  and  the  voltmeter 
attached  to  the  lamp  terminals,  and  which  gives  the  square  root  of 
the  mean  product  of  the  squares  of  the  current  and  P.D. 

If,  however,  the  arc  be  between  common  carbons  and  be  hissing,  the 
di£ferenee,  we  find,  is  much  greater.  With  cored  carbons  this  Brush 
lamp  requires  a  P.D.  of  about  35  volts  to  be  maintained  between  its 
terminals,  but  if  these  cored  carbons  be  replaced  by  common 
carbons  and  the  arc  be  hissing,  the  P.D.  between  the  terminals 
of  the  lamp  at  once  rises  to  45  or  even  50  volts,  although  the 
current  passing  through  the  lamp  and  the  amount  of  light  given  out 
remain  practically  as  before.  And  then  we  find  that  the  true  power 
supplied  to  the  lamp  may  be  only  one-half  of  the  square  root  of  the 
mean  product  of  the  squares  of  the  current  and  P.D.,  so  that  the 
readings  of  the  ammeter  and  voltmeter  alone  make  the  apparent 
power  twice  as  great  as  the  true  power. 

For  the  purpose  of  easily  estimating  the  ratio  of  the  true  to  the 
apparent  power  supplied,  formula  (3)  may  be  thus  written, 

Tr=^F.{i-in±I-M^i:M^}    (4). 

from  which  we  see  that  the  expression  in  the  brackets  represents  the 
ratio  of  the  true  to  the  apparent  power  supplied  to  the  lamp  or  other 
circuit  ah  (fig.  1).  Hence  the  percentage  error  made  in  assuming 
that  the  power  supplied  to  any  circuit  was  the  product  of  the  am- 
meter and  voltmeter  readings  would  be  in  all  cases,  whatever  the 
nature  of  the  current  or  of  the  circuit, 
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2Q0  V  -  i  ■   ' »     ; /vj^ «  ■  '  »  ■   -  /     (5). 


.(F,-hF»-F)(F>-hF,-hF) 


The  following  are  samples  of  [the  results  obtained  with  a  hand- 
regnlated  lamp,  there  being  no  electromagnet  at  all  in  series  with 


Fio.  2. 


the  arc  (fig.  2).     The  carbons  were  not  cored  and  the  arc  iv^as  hissing. 
The  frequency  was  maintained  at  200  periods  per  second. 


Table  I. 


Squvre  root  of  mean  square 

Percentage  error 

in  estimating 
power  formula  (6). 

Of  P.D.  in  Tplta  between 

Of  current  in 
amperes. 

a  and  b. 

h  and  c. 

^2. 

aandc. 

A, 

55-0 
45-4 

60  0 
75-4 

108-0 
107-3 

12-3 
11-8 

24  0 
45-8 

For  the  purpose  of   obtaining  an  idea  of  0,  the  angle  of  phase 
difference  produced  bj  the  hissing  arc,  between  the  current  and  the 

Digitized  by  VjOOQIC 


430  Prof.  W.  E.  Ayrton  and  Dr.  W.  E.  Sumpner.     [Apr.  9, 

P.D.,  we  may  assume  that  the  P.D.  and  cuireiit  are  sine  functions  of 
the  time ;  then,  as  may  be  easily  proved, 

^"^^=       2F.7.  (^>' 

and  the  values  of  0  for  the  two  tests  given  above  come  ont  as 
40^  20'  and  57^  10'.  It  will,  of  course,  be  observed  that  this  assump- 
tion of  a  harmonic  law  for  the  P.D.  and  current  for  the  purpose  of 
obtaining  some  idea  of  the  value  of  0  in  no  way  affects  the  generality 
of  the  method  for  the  measurement  of  the  power,  since  this  is  based 
on  no  such  assumption* 

The  following  are  samples  of  the  results  obtained  with  a  Brush 
alternate-current  lamp  regulated  by  an  electromagnet  (fig.  3),  the 

Fig.  3. 


carbons  not  being  cored,  and  the  arc  hissing.     The  frequency  was 
maintained  at  200  periods  per  second. 
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Table  II. 


Square  root  of  the  mean  square] 

Percentage 
error  in 

estimating 

power 
formula  (5). 

^Lag 
between 
current  and 
P.D. 

Of  P.D.  in  Tolts  between 

Of  current  in 

a  and  5. 
^1. 

h  and  c. 

a  and  e. 
V, 

^• 

64-8 
69-8 
55  0 

58-0 
64-2 
67-3 

108-4 
107-4 
107-4 

13  0 
12  0 
10-6 

44-0 
50-5 
47-0 

56*^    0' 
60     20 
58      30 

The  experiments  already  described  tell  ns  that  a  hissing  arc  may 
cause  a  considerable  phase  difference  between  the  P.D.  and  the 
current,  but  they  do  not  enable  us  to  decide  whether  such  an  arc 
causes  the  cnrrent  to  lag  behind  the  P.D.,  or  to  lead  in  front  of  it.  To 
decide  this  point,  that  is,  to  decide  whether  ^  hissing  arc  acts  like  an 
indnctive  coil,  or  a  condenser,  a  variety  of  experiments  were  made  by 
putting  induction  or  capacity  in  series  with  the  arc.  The  following 
gives  the  result  of  one  such  experiment : — In  series  with  a  hand- 
regulated  lamp  (and,  therefore,  containing  no  electromagnet),  waa 
placed  a  condenser  of  89  microfarads  (fig.  4).  Uncored  carbons 
were  used,  tuid  they  were  adjusted  so  that  the  arc  was  very  short  at 
first ;  the  carbons  were  then  not  touched,  and,  as  they  burnt  away, 
the  arc  grew  longer  and  longer  until  it  finally  went  out.  The  fre- 
quency was  maintained  at  200  periods  per  second. 

Fig.  4.    . 
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Table  III. 


Square  root  of  mean  square 

Sum  of 

Lag 

between 

current  and 

P.D. 

E.M.F. 

of 
dynamo 
in  volts. 

Of  P.D.  in  volte  between 

Of  current 
in  amperes. 

a  and  b. 
^1. 

b  and  c. 

a  and  c. 

A. 

^. 

■1 

35-4 
38  0 
51-2 
69-2 

890 

92  0 

104-5 

86-5 

72-3 
78-3 
74-3 
67-5 

12  0 
12-5 
14  0 
13-4 

124-4 
180-0 
165-7 
155-7 

129** 
183 
185 
131 

Comparing  V  with  the  E.M.F.  of  the  dynamo,  we  see  that  the  arc 
and  the  condenser  together  acted  as  a  condenser  on  the  whole  ;  but, 
comparing  V  with  Fi-|-  F»,  we  see  that  the  arc  acted  as  an  induction 
and  not  as  a  capacity. 

It  having  been  conclosively  proved  that  a  hissing  arc  with  uncored 
carbons  acts  as  an  indnotion,  it  was  interesting  to  compare  the  im- 
pedance it  produces  with  the  impedjance  produced  by  the  ordinary 
regulating  electromagnet  of  the  lamp.  The  arc  itself  seen  in  fig.  3 
was,  therefore,  short-circuited,  and  the  following  measurements  made, 
Fi  now  being  the  square  root  of  the  mean  square  of  the  P.D. 
between  the  terminals  of  the  regulating  electromagnet,  V%  as 
before  that  between  the  terminals  of  the  non-inductiye  resistance, 
and  Fthat  between  a  and  c,  the  arc,  as  already  explained,  being 
short-circuited.  The  frequency  was  maintained  at  200  periods  per 
second. 


Table 

IV. 

r,. 

69-2 
65-6 

r. 

A, 

35-4 
35-4 

82-0 
80  0 

11-8 
11-4 

We  have,  then,  P.D.  measurements  giving  the.  phase  difference  of 
current  and  P.D.  with  the  arc  alone  (Table  I  and  fig.  2)  ;'with  the 
arc  and  regulating  electromagnet  (Table  II  and  fig.  3)  ;  and  with 
{he  electromagnet  alone  (Table  lY).  Defining  impedance  in  the 
usual  way  as  the  ratio  of  the  square  root  of  mean  square  of  P.D.  to 
the  square  root  of  mean  square  of  current,  we  find  from  the  two 
sets  of  results  given  on  Table  1,  that 
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the  impedance  of  the  arc  alone  equals   <  o.^o ; 

from  the  three  sets  of  results  given  in  Table  II,  that 

r4-87 
the  impedance  of  the  arc  and  electroma^et  equals  <  5*15 ; 

[514 

and  from  the  two  sets  of  results  given  in  Table  lY,  that 

{3*14 

In  order  to  test  whether  the  current  follows  a  harmonic  law,  let 

us  assume  that  it  does,  then  find  what  result  this  assumption  leads 

to,  and,  lastly,  see  whether  the  experiments  confirm  this  result  or  not. 

Let,  therefore,  the  instantaneous  current  at  any  moment  be  of  the 

form 

Y 

where  r  is  the  effective  resistance  in  each  case,  viz.,  the  ratio  of  the 
true  watts  given  to  the  circuit  divided  by  the  mean  square  of  the 
current  in  amperes,  and  where  p  equals  2im^  n  being  the  number  of 
periods  per  second.  In  each  of  the  seven  experiments  referred  to  in 
Tables  I,  II,  and  IV,  n  was  200. 

The  seven  values  of  r  in  ohms  corresponding  with  the  seven  values 
of  the  impedance  given  above  are  for  the 

Arc  alone <  o.q^. 


Arc  and  electromagnet   

f  0*44 
Electromagnet  alone <  ^.^j^. 

And,  since  the  impedance  equals  ^/(r^'^'L^p^),  if  the  harmonic  law  be 
true,  the  corresponding  values  of  Lp  are,  for 


r2-88 
•••  1316- 

r408 

. . . .  <  4-41. 

L4-37 

{3'12 
Til* 
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But  if  the  harmonic  law  hold  for  the  current,  the  snm  of  Lp  for  the 
arc  alone,  plus  the  Lp  for  the  electromagnet  alone,  must  equal  the 
Lp  for  the  arc  and  electromagnet,  since  jp  has  the  same  value  in  each 
case.  Now  it  is  obvious  that  the  condition  is  far  from  being  fulfilled 
with  the  numbers  just  given.  Hence  the  current  does  not  follow  a 
harmonic  law. 

It  is  interesting  to  notice  that  the  Lp  for  the  hissing  arc  alone  is 
actually  greater  than  the  Lp  for  the  regulating  electromagnet. 

The  values  given  above  for  r,  being  obtained  by  dividing  the  true 
watts  by  the  mean  square  of  the  current  in  amperes,  are  the  effective 
resistances  in  ohms — whether  the  current  follows  a  harmonic  law  or 
not.  Hence,  by  comparing  the  value  of  r  for  the  regulating  electro- 
magnet alone  with  its  resistance  in  ohms,  measured  with  a  steady 
current,  we  have  a  true  measure  of  the  waste  of  energy  in  the  iron 
core  of  the  electromagnet  due  to  hysteresis  and  Foucault  currents, 
^ow  the  resistance  of  this  electromagnet  for  a  steady  current  is  only 
0*065  ohm ;  hence  90  per  cent,  of  the  energy  given  to  the  regulating 
electromagnet  of  this  Brush  lamp  is  wasted  in  heating  its  iron  core 
when  the  frequency  is  200.  Here  again  we  have  a  further  illustration 
of  the  importance  of  being  able  to  measure,  by  means  of  the  simple 
method  we  have  described,  the  power  given  by  any  current  to  any 
circuit. 

Added  March  31,  1891. 

IV. 

The  Best  Value  to  give  to  the  Non-inductive  Resistance. 

In  cases  where  great  accuracy  is  required  in  the  measurement  of 
the  power  given  to  a  circuit,  it  is  important  to  consider  what  value 
should  be  given  .to  the  non-inductive  resistance  (fig.  1),  in  order  to 
reduce  to  a  minimum  any  error  that  may  arise  from  possible  in- 
accuracies  made  in  the  three  readings  of  the  voltmeter,  or  on  the 
graduation  of  its  scale. 

Since  >^=±(F»-F,»-F,»), 

dW  =  -{VdV-VxdV^-  V^Vt), 

T 

where  dF,  dVu  dV^  are  the  errors  made  in  the  estimation  of  the 
three  P.Ds. 

Let  dV  =  ±eV 

dVx  =  ±eV, 

dVt  =  ±eVt  • 
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where  e  is  a  small  fraction,  i.e.,  let  the  errors  be  each  the  same  small 
fraction  of  the  correct  valae,  then  the  probable  valne  of  (dW)*  is 

^  (7»e»F»+  ri^e'V^*+  F.VF,'), 

flothat  (-^j=*e'^^_y,_^-^    (7). 

Let  the  non-indnctive  resistanoe  have  soch  a  value  that 

F.  =  <»F, (8), 

V'i  being  already  defined,  the  sqnare  root  of  tlie  mean  square  of  the 
P.D.  between  its  terminals,  and  Fi  the  sqnare  root  of  the  mean  square 
of  the  P.D.  between  the  teiminals  of  the  circuit  the  power  given  to 
which  we  desire  to  measure.  Then  we  wish  to  find  the  value  of  x 
that  will  make  dWIWs,  minimum. 

Let  0  be  the  angle  of  lag  between  the  current  in  the  circuit  ac  and 
the  P.D.  at  the  terminals  of  ah  (fig.  1),  then  0  is  the  angle  of  lag 
between  the  P.D.  at  the  terminals  of  ah  and  the  P.D.  at  the  terminals 
of  he.     Hence,  since 

r,  Vi,  and  t?2  being  the  instantaneous  values  of  the  P.Ds., 

jn  =  Fi'+Fa*+2FiFaCos0 (9). 

Eliminating  F,  Fi,  and  Vt  by  means  of  equations  (7),  (8),  and 
(9),  we  have 

/dWV  _     ,  (l.fg'H-2xcos0y-fl-fg* 

\W  }    "*^  4fl>»COS»0 

Now  COS  0  depends  on  the  circuit,  the  power  given  to  which  we 

desire  to  measure,  and  is  independent  of  x.     Hence  differentiating 

with  respect  to  x  and  equating  to  nought  in  the  usual  manner,  we 

dW 
find  that  x  equal  to  unity  makes  -— -  a  minimum. 

Hence,  inaccuracies  in  the  three  readings  of  the  voltmeter,  or  in 
the  graduation  of  its  scale,  produce  the  least  effect  in  this  method  of 
measuring  power  when  the  P.D.  between  the  terminals  of  the  non- 
inductive  resistance  is  equal  to  the  P.D.  at  the  terminals  of  the  circuit 
under  test. 

The  next  point  to  consider  is,  what  is  the  percentage  error  made  in 
measuring  the  power  by  this  method  compared  with  the  percentage 
error  made  in  reading  one  of  the  P.Ds. 

Let  X  equal  unity,  then 
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dW  _       y2+4(l-Hco8  0)« 

W  ~  2COS0 


dW  _    y2+4(l-hCO8  0)'^ 
We  "~  cos  0 

Now  dWjWe  is  the  ratio  of  the  percentage  en*or  made  in  measuring^ 
the  power  to  the  percentage  error  made  in  measuring  one  of 
the  P.Ds.  and  the  right-hand  side  of  the  last  equation  we^find 
equals  from  4  to  5  for  the  values  of  the  lag  angle  0  that  occur  in 
ordinary  practice.  If  then  there  were  a  positive  or  a  negative  error 
of  1  per  cent,  in  each  of  the  measurements  of  F,  Fi,  and  Ft,  there 
would  be  a  probable  error  of  from  4  to  5  per  cent,  in  the  measure- 
meut  of  the  power.  The  probable  percentage  error  in  the  measure- 
ment of  the  power  being  from  4  to  5  times  the  error  in  the 
measurement  of  each  of  the  P.Ds.  arises  partly  from  the  fact  that 
the  expression  for  TF,  being 

depends  directly  on  the  difEerence  in  the  mean  squares  of  the  P.Ds., 
and  not  on  the  difference  of  the  square  roots  of  the  mean  squares. 
And  as  all  instruments  that  are  graduated  for  measuring  the  square 
root  of  the  mean  square  of  an  alternating  P.D.  such  as  a  hot-wire 
voltmeter,  an  electrostatic  voltmeter,  &c.,  really  measure  the  mean 
square  and  not  the  square  root  of  the  mean  square  directly,  it  would 
be  better,  if  such  an  instrument  were  to  be  employed  for  the  method 
of  measuring  power  described  in  this  paper,  that  it  should  be 
graduated  in  mea^i  squares  of  P.Ds.  and  not  in  the  square  roots  of 
the  mean  squares.  In  that  case  a  sifnilar  line  of  reasoning  to  that 
employed  above  shows  that  the  probable  percentage  error  in  the 
measurement  of  power  by  the  method  would  be  from  2  to  2'5  times 
the  error  in  the  measurement  of  each  of  the  P.Ds. 

It  is,  of  course,  clear  that  these  errors  to  which  we  have  been 
referring  are  not  errors  in  any  way  essential  to  the  method  proposed 
for  measuring  power,  since  by  the  employment  of  an  accurately 
graduated  voltmeter,  by  exercising  care  in  taking  the  readings,  and 
if  necessary,  by  repeating  the  measurements  two  or  three  times  and 
taking  the  means  of  the  observations,  the  power  can  be  measured  to 
any  degree  of  accuracy  desii*ed. 
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V. 

Approximate  Calculation  of  the  Tower  from  the  Three  Beadings  of  the 

Voltmeter. 

The  calculation  of  the  power  from  formala  (1)  is  easy,  especially 
when  the  yoltmeter  is  graduated  to  read  the  mean  squares  of  the 
P.Ds.  and  not  the  square  roots  of  the  mean  sqoares.  If,  however,  as 
is  nsnally  the  case,  the  scale  is  graduated  in  square  roots,  then  even 
the  trouble  of  taking  the  squares  may  be  saved,  when  Fi+F  does 
not  differ  much  from  F,  by  using  the  following  method : — 

Let  the  inductive  resistance  be  arranged  so  that  Vi  is  nearly  equal 
to  Ft,  and  let 

'F,+  F,-F=j^Fi; 
then,  since  •  ces  0  -= 


aFiF, 

we  have  by  making  Vi  e%ual  to   V%  and  eliminating  F,  Fi,  and  Fi 
from  the  last  two  equations, 


.1-*COS0 


"*,(.-!>• 


Now  the  power  that  would  be  given  to  ah  (fig.  1)  if  there  were  no 
lag,  or  the  apparent  power,  as  it'  may  be  called,  would  be 

r 
whereas  the  power  that  is  actually  given*  to  06  is 

— ^  oo»0. 
r 

Hence, 

the  apparent  power— the  true  power  , 

7^- —  =  1— cos  0 

the  apparent  power 


=K-i) 


n  »  )i  =  2y  approximately 

if  the  lag  be  not  very  large. 

For  example,  suppose  Fj  or  Fj  were  50  volts,  and  F  were  98  volts, 
then  y,  or 

VOL.  XL(X.  2   0 
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would  be  4  per  cent.  Hence  the  tme  power  wonld  be  8  per  cent, 
less  than  the  apparent  power.  Or,  in  other  words,  to  find  the  trne 
power  given  to  db  (fig.  1),  we  should  merely  have  to  diminiah 
FiFs/r  by  8  per  cent,  and  the  answer  would  be  obtained. 

If  r  were  unknown,  and  A  the  square  root  of  the  mean  square  of 
the  current  were  measured  instead,  then  to  obtain  the  tme  power 
for  the  values  of  Fi,  F*,  and  F  given  above,  we  should  dimiMak  ViA^ 
the  apparent  power,  by  8  per  cent. 

We  will  finally  consider  what  is  the  percentage  error  made  in 
estimating  the  power  by  the  method  last  described,  oompared  with 
the  percentage  error  made  in  taking  the  value  of  Fi-f-Fi— F. 

Let  us  assnme  that,  on  account  of  errors  in  the  readtiigs  of  Vu  of 
V%  and  of  F,  or  on  account  of  inaccnraeies  in  the  graduation  of  the 
voltmeter,  the  value  of  Fi+F«— Fis  taken  as  half  a  volt  greater 
than  its  true  value,  that  is,  that  this  expression  is  erroneously 
increased  by  1  per  cent,  ol  Fi  if  we  assume  Fi  to  be  50  volts  as  above. 
Then  y  will  be  also  increased  by  1  per  cent.,  and  since  the  true 
power  18  obtained  by  subtracting  from  the  apparent  power  2y  times 
the  apparent  power,  it  follows  that  the  power  measured  in  this  way 
will  be  estimated  as  2  per  cent,  too  low  if  the  combined  error  made 
in  measuring  Vi  +  V^^Vheplue  1  per  cent,  of  Fi. 


VI. 
Meaewring  the  Tower  given  out  hy  an  AUemate'Current  Dynamo. 

In  consequence  of  the  trouble  usually  experienced  in  correctly 
measuring  the  power  given  to  an  inductive  circuit,  it  is  usual  when 
measuring  the  power  given  out  by  an  alternate-onrrent  dynamo  to 
use  for  the  outside  circuits  various  resistances,  all  of  which  are  as  far 
as  practicable  non-inductive.  Bat  as  the  construction  of  adjustable 
non-inductive  high  resistances  that  will  take  large  currents  is  a  trouble- 
some matter,  we  suggest  the  following  as  a  convenient  method  of 
overcoming  the  necessity  of  employing  such  a  non-inductive  circuit : — 

Let  the  circuit  external  to  the  dynamo  be  ao  (fig.  I),  only  a 
portion  of  which  is  non-inductive ;  then,  if  Fi,  Fs,  and  F  have  the 
values  already  given  them,  it  is  easy  to  show  that  the  power  given  to 
both  the  inductive  and  non-inductive  portion  of,  ac  that  is,  to  the 
whole  circuit  external  to  the  dynamo,  is 

And  we  anticipate  that,  if  only  a  small  portion  be  of  the  circuit  bo 
atrictly  non-inductive,  this  voltmeter  method  of  measuring  the  power 
given  out  by  an  alternate-current  dynamo  will  give  more  accurate 
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reBulis  than  cmi  be  often  obtained  by  assntninf^  that  a  Ro-cidled  non- 
indnctive  circuit  is  really  non-indactiTe,  and,  therefore,  that  the 
apparent  power  is  the  tme  power. 


IV.  "On  Galvano-Hysteresis.  (Preliminary  Notice.)"  By 
SiLVANUS  p.  Thompson,  D.Sc,  B.A.,  Professor  of  Physics 
in  the  City  and  Guilds  Technical  College,  Finsbury. 
Communicated  by  Professor  G.  Cabst  Foster,  B-A.,  B.Sc., 
F.B.S.    Received  March  16»  1891. 

1.  If  a  safficiently  strong  electric  current  is  passed  through  a  coil 
of  insulated  soft  iron  wire  for  a  short  time,  and  the  wire  then  discon- 
nected, and  if,  after  the  lapse  of  any  length  of  time,  the  wire  is  placed 
in  the  circuit  of  a  galvanometer,  and  is  then  subjected  to  longitudinal 
magnetisation  or  to  a  succession  of  alternately  directed  longitudinal 
magnetisations,  it  is  found  to  discharge  an  electric  current  through 
the  galvanometer. 

2.  The  direction  of  the  current  discharged  from  the  iron  wire  is 
found  to  be  the  same  as  that  of  the  oorreot  which  was  originally 
paused  through  it. 

3.  The  direction  of  the  discharge  current  is  opposite  to  that  in 
whidi  the  discharge  current  would  flow  if  the  wire  acted  as  a 
condenser. 

4h,  A  wire  which  has  once  produced  such  a  discharge  current  will 
not  produce  a  second  unless  again  traversed  by  a  charging  current. 

5.  A  wire  which  has  not  been  subjected  to  any  preliminary  process 
of  chai^g,  that  is  to  say,  one  which  since  being  annealed  has  not 
been  traversed  by  an  electric  current,  does  not  sensibly  show  any  such 
phenomena,  either  when  subjected  to  longitudinal  magnetisation  or 
to  a  succession  of  alternate  magnetisations. 

6.  The  sense  of  the  discharge  current  is  quite  independent  of  the 
direction  of  the  lon^udinal  magnetisation  used  in  producing  the 
disturbance  which  effects  the  discharge. 

7.  The  time-integral  of  the  discharge  current  is  independent  of  the 
duration  of  the  charging  current,  provided  this  is  not  too  suddenly 
turned  off.  It  increases  with  the  strength  of  the  charging  current 
up  to  a  certain  limit,  being  pro}>ortional  to  it  through  a  certain  range 
of  values,  but  is  not  proportional  to  it  for  currents  below  or  above 
certain  limits  of  strength.  These  limits  vary  with  the  gauge  of  the 
wire,  but  are  independent  of  its  length.  For  a  charging  current  of 
given  strength  the  discharge  current  from  a  given  wire  is  greatest 
if  the  charging  current  is  gradually  reduced  to  zero  and  not  abruptly 
broken  by  a  spark. 

8.  The  time-integral  of  the  discharge  cuxrent  is  practically  inde- 
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pendent  of  the  intensity  of  the  longitadinallj-applied  magnetising 
force  if'  the  latter  exceeds  a  certain  minimum  value. 

9.  The  author  has  investigated  these  phenomena  by  means  of  ring 
cores  constructed  of  iron  wire  (annealed)  covered  with  insulating 
material  overwound  with  insulated  copper- wire  coils,  the  latter  being 
wound  in  every  case  in<a  helix  returning  axially  upon  itself,  so  that 
the  current  in  this  copper  wire  should 'have  null  effect  in  directly 
generating  any  induced  lelectromotive  forces  along  the  iron- wire  core. 

10.  The  effects  obtained  are  considered  by  the  author  to  be  akin  to 
those  obtained  by  Vilktri,*  in  1865,  by  the  mechanical  agitation  of 
iron  bars  through  which  electric  currents  had  been  previously  passed, 
and,  like  the  effects  of v  Villari,  to  be  due  to  the  production  and  sob- 
frequent  disappearance  of  a  circular  magnetisation.  They  are  also 
akin  to  those  observed  l^y  Hughesf  with  the  induction  balance. 

11.  The  author  has  been  able  to  imitate  and  reproduce  these  effects 
by  the  use  of  copper  wares  immersed  in  iron  filings,  and  surrounded 
by  a  magnetising  coil  wound  so  as  to  return^axially  upon  itself. 
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Apra  16, 1891. 

Sir  WILLIAM  THOMSON,  D.C.L.,  LL.D.,  President,  in  tlie  Chair. 

The  Presenbsi  reeeiyed  were  laid  <m  the  table,  and  thanks  ordered 
for  them. 

The  following  Papers  were  read : — 

I.  *<0a  the  Causes  which  produce  the  Phenomena  of  New 
Stars."  Bj  J.  NofiMAN  LOOKTIR,  FJI.S.  Received 
November  28, 1890. 

(Abstract.) 

In  commimications  to  the  Society  during  the  last  four  years,  I 
have  produced  evidenoe  to  show  that  many  so-oalled  stars  are  com- 
posed of  swarms  of  meteorites,  and  are  increasing  their  temperature. 
Taking  a  normal  case  of  an  undisturbed  swarm,  1  have  shown,  by 
means  of  a  ^'  temperature  curve,"  the  spectra  given  by  the  same  mass 
of  meteorites  in  its  evolution  from  a  nebula  to  a  condensed  and  nearly 
cold  body.  In  considering  this  question,  the  appearance  of  the  so- 
called  "  New  Stars  "  was  referred  to,  and  it  was  suggested  that  such 
appearances  might  be  due  to  the  collision  of  meteor-swarms  or 
streams  in  space,  an  idea  which  I  first  put  forward  with  regard  to 
Nova  Cygni  in  1877. 

It  became  obvious  that  a  complete  discussion  of  these  phenomena 
would  afford  a  valuable  test  of  the  general  hypothesis,  for  the  reason 
that  such  bodies,  instead  of  going  forward  along  the  temperature 
curve,  should  go  back  as  they  cooled  and  became  invisible. 

All  the  observations  have,  therefore,  been  brought  together  and 
discussed  from  this  point  of  view,  the  investigation  having  special 
reference  to  the  sequence  of  spectroscopic  changes  from  the  first 
appearance  of  a  new  star  to  its  final  disappearance. 

The  various  theories  which  have  been  put  forward  since  the  appear- 
ance of  the  new  star  of  1572  are  referred  to  in  the  paper,  and  these 
are  followed  by  a  general  statement  of  the  meteoritic  theory  of  the 
origin  of  new  stars.  The  remaining  part  of  the  paper  consists  of  a 
detailed  discussion  of  all  the  observations  of  new  stars  which  have 
been  made,  and  the  final  result  is  a  complete  justi^cation  of  the  con- 
clusion arrived  at  from  the  first  survey  that  "  new  stars,  whether 
seen  in  connexion  with  nebulie  or  not,  are  produced  by  the  clash  of 
meteor-swarms.'*     Some  of  the  chief  points  may  be  referred  to  here. 
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The  investigation  has  shown  that  there  is  a  close  relation  between 
the  spectra  of  comets  and  the  spectra  of  new  ^tars,  bnt  whereas  in 
comets  only  one  swarm  has  to  be  considered,  in  new  stars  there  are 
two  swarms  which  may  or  may  not  be  equally  dense  or  of  equal 
dimensions.  The  spectrum  of  a  new  star  is  therefore  a  compound 
one.  We  have,  in  fact,  a  mixed  radiation  and  absorption  spectrum 
similar  to  that  presented  by  a  variable  like  Mira  Geti  when  at  its 
maximum  brilliancy.  In  another  paper  I  have  shown  that  variables 
of  the  Mira  type  are  really  double  swarms,  and  hence  the  conclusion 
that  the  difference  between  this  class  of  variables  and  new  stars  is 
only  a  difference  in  the  orbits  o£  the  subsidiary  swarms.. 

Omitting  Nova  (U)  Ononis,  which  proved  to  be  only  a  long  period 
variable,  only  three  new  stars  ha^v^e  bben  spectroscopically  observed ; 
namely.  Nova  Coronaa  (1866),  Nova  Cygni  (1876-77),  and  Nova 
Andromeda  (1885). 

In  Nova  Coronas,  when  first  observed,  a  spectrum  of  bright  lines 
was  superposed  upon  one  of  darkJines.  The  absorption  phenomena 
were  similar  to  those  characteristic  -of  stars  like  a  Orionis,  and  the 
chief  radiation  was  that  of  hjdrogen.  A  discussion  of  the  observa- 
tions suggests  that  two  of  the  ill-defined  lines  in  the  blae  may  have 
been  due  to  carbon.  In  the  discussion  of  cometary  phenomena  which 
I  have  previously  communicated  to  the  Society,  I  pointed  out  that 
in  many  cases  the  blue  band  appeared  to  have  two  maxima,  one  at 
\  468  and  one  at  X  473,  and  it  is  more  than  probable  that  the  two 
lines  of  the  Nova  were  identical  with  those  of  comets.* 

In  comets,  the  blue  band,  whether  single  or  double,  is  generally 
admitted  to  be  due  to  carbon,  from  its  association  with  the  undoubted 
carbon  band  in  the  gpreen,  and  the  same  origin  is  therefore  probable 
in  the  case  of  the  Nova.  Whatever  the  origin  of  the  two  lines  in 
Nova  CoronoB,  the  fact  of  their  being  common  to  comets  and  a  new 
star  is  the  point  I  am  anxious  to  bring  out.  The  F  line  was 
recorded  throughout  the  whole  period  of  observation,  and  another 
bright  line,  apparently  coinciddnt  with  the  chief  nebula  line,  was 
recorded  by  Messrs.  Stone  and  Carpenter. 

The  suggestion  that  a  new  star  is  produced  by  the  collision  of  two 
meteor-swarms  or  streams  is  fully  borne  out  by  the  discussion  of  the 
observations  of  Nova  Corone.  The  mixed  phenomena  of  absorption 
and  radiation  which  were  observed  are  simply  and  sufficiently  ex- 
plained on  this  supposition.     An  attempt  is  made  in  the  paper  to 

**  I^otSf  April  4. — ^The  band  in  question  is  also  prohably  identical  with  the  one 
seen  in  some  of  the  stars  of  the  Wolf-Rajet  type.  Dr.  and  Mrs.  Huggins  have 
recently  made  observations  of  some  of  these  stars  which  have  led  them  to  conclude 
that  the  band  is  not  due  to  carbon  ('  Boy.  Soc.  Proc./  toI.  49,  p.  33).  I  am  not  ye) 
convinced  on  this  point,  but  I  shall  take  another  opportunity  of  replying  to  their 
remarks. 
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show  that  the  spectrum  of  the  Nova  can  be  reproduced  by  integrating 
the  spectrum  of  a  comet  at  a  certain  temperature,  and  a  nebula  of  a 
certain  degree  of  condensation.  The  resnlting  spectrum  differs  only 
very  slightly  from  that  of  the  Nova,  and  the  differences  can  be 
accounted  for  by  difficulties  of  observation. 

Nova  Cygni  is  by  far  the  most  important  new  star  vrhich  has 
appeared  in  spectroscopic  times.  Numerous  observations  were  made, 
and  they  are,  on  the  whole,  in  reasonable  agreement.  The  most 
complete  observations  were  made  by  Yogel.  When  first  observed,  the 
spectrum  consisted  of  several  bright  lines  and  fiutings,  the  lines  of 
hydrogen  being  very  conspicuous.  As  the  star  gradually  faded  away, 
there  was  a  general  diminution  in  the  number  and  brightness  of  the 
lines,  but  the  most  striking  feature  was  the  hrightening  of  the  line  in 
the  green,  near  \  500,  which  is  generally  accepted  to  be  the  nebula 
line,  as  the  other  lines  faded.  Finally,  the  spectrum  consisted  solely 
of  the  line  500.  The  discussion  indicates  that,  in  addition  to  hydrogen, 
there  was  the  radiation  of  carbon  vapour,  the  flutings  seen  being  those 
which  are  most  frequently  observed  in  comets.  They  are,  however, 
modified  by  the  superposition  of  the  spectra  of  other  substances. 
Practically  all  the  lines  and  flutings  seen  in  the  spectrum  of  Nova 
Cygni  can  be  explained  by  reference  to  laboratory  work  at  low  tem- 
peratures. As  in  the  case  of  Nova  Coronee,  the  spectrum  of  Nova 
Cygni  can  be  reproduced  by  integrating  the  spectra  of  bodies  which 
we  have  reason  to  believe  are  swarms  of  meteorites.  Several  examples 
of  this  are  given  in  the  paper.  In  the  earlier  stages,  it  is  necessai^ 
to  integrate  the  spectra  of  at  least  three  swarms  of  different  degrees 
of  condensation,  but  as  the  spectrum  became  simpler,  two  are  suffi- 
cient. The  compound  origin  and  character  of  the  spectrum  of  a 
Nova  is  thus  clearly  indicated.  It  is  not  to  be  supposed  from  these 
integrations  that  in  the  first  instance  there  are  really  three  or  more 
swarms  engaged.  A  Nova  is  probably  produced  by  the  collision  of 
only  two  swarms,  but  the  resulting  mixed  swarm  is  so  complicated 
that  we  can  only  represent  it  by  assuming  at  least  three  temperature 
conditions.  There  will  be  the  temperatures  corresponding  to  each  of 
the  central  condensations,  and  .that  corresponding  to  the  outliers.  As 
the  swarm  cools,  the  temperature  becomes  more. equal  throughout,  and 
finally  the  swarm  resembles  a  planetary  nebula. 

The  spectrum  of  Nova  Andromedse  was  at  no  time  a  very  striking 
one,  and  was  always  difficult  to  observe.  It  was  also  further  compli- 
cated by  being  superposed  upon  the  then  imperfectly  recognised 
spectrum  of  the  Great  Nebula,  in  which  it  was  involved.  The 
spectrum  was  almost  continuous,  with  brighter  portions  here  and 
there,  which  could  only  be  measured  with  difficulty.  Consequently, 
the  results  obtained  by  different  observers  are  somewhat  discordant. 
The  discussion  shows  that  what  was  really  observed  after  the  star  had 
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faded  was  noibing  more  than  the  Bpectrnm  of  the  nebula  itself,  as 
might  be  expected.  Owing  to  the  diffionlty  of  making  the  observa- 
tions, the  apparent  variatiions  of  the  spectrom  from  daj  to  day  may 
not  be  real,  and  it  is  hopeless  to  attempt  to  explain  them  by  a 
reference  to  the  effects  prodaoed  by  a  gradaal  fidl  of  temperatnre.  As 
the  star  only  fell  two  magnitades  daring  the  whole  period  of  spectro- 
soopio  observation,  the  change  of  temperatnre  wonld  not  be  so  great 
as  in  Nora  Cygni,  and  the  variations  wonld  not  be  so  well  marked 
No  lines  or  bands,  however,  were  on  any  oooasioii  reoorded  in  the 
spectmm  with  which  we  are  not  famUiar  in  other  bodies  which,  there 
is  evidence  to  show,  are  meteoritic  swarms.  A  diagram  shows  that 
the  spectmm  of  the  Nova,  as  seen  by  Copeland,  on  October  1,  can  be 
reproduced  by  adding  the  spectrum  of  hydrogen  to  that  of  the 
nebula. 

It  is  next  pointed  ont  that  the  theoretical  sequence  of  phenomena 
in  the  spectrum  of  a  Nova  produced  by  the  collision  of  two  swarms  of 
different  densities  is  in  strict  acoordanoe  with  the  partial  seqKenoes 
actually  observed. 

A  discussion  of  the  colour  phenomena  shows  also  that  in  Nbv»  we 
have  to  deal  with  mixed  swarms,  the  colours  at  certain  stages  being 
compound  ones. 

In  my  former  paper,  I  have  shown  that  oarbon  radiation  is  one  of 
the  chief  characteristics  of  uncondensed  meteor-swarms,  and  the  dis« 
cussion  of  the  new  stars  has  revealed  the  fact  that  oarbon  is  also  one 
of  the  chief  characteristics  of  their  spectra,  though  modified  by  other 
substances. 

The  observed  changes  in  magnitudes  of  Novn  are  also  in  aooord« 
ance  with  the  collision  theory.  The  rapid  fading  away  demonstrates 
most  conclusively  that  small  bodies,  and  not  large  ones,  are  in  ques- 
tion. 

The  observations  with  which  I  hare  had  to  deal  have  often  been 
imperfect,  owing  to  the  difficulty  of  observing  this  class  of  bodies, 
and  different  observers  have  frequently  disagreed  with  regard  to  some 
of  the  spectroscopic  details,  but  still,  as  I  have  endeavoured  to  show, 
most  of  the  discrepancies  can  be  reconciled  when  diffioultieB  of  obser- 
vation are  allowed  for. 
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II.  ^  An  Attempt  to  determine  tbe  Adiabatic  fielatiooB  of  Ethyl 
Oxide.  Part  L  Gaeeous  Ether."  By  W.  Ramsat,  F.R.S., 
Professor  of  Chemistry  in  University  College,  London,  and 
K  P.  Perman,  B.Sc.    Received  March  16, 1891. 

(Abshwst.) 

The  object  of  tbe  researcl}  described  in  the  memoir  is  the  determi- 
nation of  the  behaviotir  of  ether  in  the  state  of  gas  approaching 
towards  the  state  of  liquid,  when  heat  is  commnnicated  to  it,  so  as  to 
alter  its  condition  adiabatically. 

Previons  researches '  by  one  of  the  authors  in  conjanction  with 
Dr.  Sydney  Young  have  yielded  data  regarding  the  relations  of 
pressure,  temperature,  and  volume  of  gaseous  and  of  liquid  ether 
from  which  tbe  values  of  the  isobaric  and  of  the  isocboric  differentials 
are  obtainable.  Such  results  lead  directly  to  a  knowledge  of  the 
difierences  between  the  specific  heats  at  constant  pressure  and  those 
at  constant  volume ;  and  these  differences  are  not  constant,  but  vary 
with  varying  volume,  pressure,  and  temperature. 

The  memoir  contains  an  account  of  experiments  made  to  determine 
the  ratio  between  the  specific  heats  at  constant  pressure  and  those  at 
constant  volume.  The  velocity  of  sound  in  gaseous  ether  was 
determined  at  various  temperatures,  pressures,  and  volumes ;  and  by 
means  of  the  isothermal  differentials,  and  the  experimental  results 
for  the  velocity  of  sound,  the  ratios  between  the  two  specific  heats 
were  calculated.  From  the  differences  and  the  ratios  of  the  specific 
'  3ats,  the  values  of  the  specific  heats  were  deduced. 

The  general  conclusion  is  that,  for  any  constant  volume,  the  specific 
heat,  whether  at  constant  volume  or  at  constant  pressure,  decreases 
to  a  limiting  value  with  rise  of  temperature,  and  subsequently 
increases  ;  and  that  the  change  with  temperature  is  more  i*apid,  the 
smaller  the  volume. 

At  large  volumes,  the  specific  heats  tend  towards  independence  of 
temperature  and  volume,  while  at  small  volumes,  the  influence  of 
change  of  temperature  and  volume  is  very  great. 

The  authors  are  at  present  investigating  similar  relations  for  liquid 
ether. 
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III.  "On  the  Physical  Characters  of  the  Lines  in  the  Spark 
Spectra  of  the  Elements."  By  W.  N.  Hartley,  F.R.S., 
Professor  of  Chemistry,  Royal  College  of  Science,  Dublin. 
Received  March  18,  1891. 

The  properties  of  the  atoms  are  a  periodic  function  of  their 
masses,  and  the  physical  characteristics  of  the  spectra  of  the  elements 
appear  to  be  an  expression  of  the  properties  of  the  atoms ;  for  there 
is  nndonbtedlj  an  intimate  connexion  between  the  rays  emitted  by 
the  self-laminoQS  vaponrs  of  the  elements  and  their  chemical  and 
physical  properties. 

If  we  photograph  the  spark  spectra  of  thirty  or  foi'ty  of  the 
elements  and  arrange  the  spectra  in  groups  following  the  periodic 
law,  the  arrangement  will  be  seen  to  be  a  perfectly  natural  one.  This 
ohservation  applies  not  only  to  the  groupings  of  the  lines,  but  also  to 
the  physical  characteristics  of  the  individual  lines.  In  spark  spectra, 
the  three  most  striking  characteristics  are  (1)  an  extension  of  certain 
lines  above  and  below  that  part  of  the  spectrum  bounded  by  the 
points  of  the  two  electrodes;  (2)  the  nimbus  which  surrounds  the 
extremities  of  the  lines,  even  to  some  extent  those  portions  which 
form  an  extension ;  and  (3)  the  continuous  spectrum  which  forms  the 
background  to  the  lines. 

(1.)  On  the  Extension  of  the  Lines. — The  spark  discharge,  as  shown 
by  Perrot,  is  composed  of  two  parts,  of  which  the  fiery  track,  or 
central  portion,  is  a  statical  discharge,  and  the  aureole,  or  flame, 
is  dynamical,  and  capable  of  electrolytic  action. 

From  careful  observation  of  the  sparks,  and  photog^phs  of 
spectra,  I  have  come  to  regard  all  those  spectra  with  lines  extended 
as  spectra  of  different  discharges  taken  simultaneously.  The  principal 
lines  lying  between  point  and  point  of  the  electrodes  are  spectra  of 
the  fiery  path  of  the  spark ;  the  extension  of  the  principal  lines  above 
and  below  the  points  of  the  electrode  appear  to  be  spectra  of  the 
aareole.  The  principal  observation  which  leads  to  this  conclusion  is 
that  the  electrodes  are  seen  to  glow  silently  and  continuously  above 
and  below  the  points  of  the  upper  and  lower  electrodes,  and  frequently 
slight  roughnesses  present  the  appearance  of  brightly  but  steadily 
shining  dots ;  particularly  is  this  the  case  with  those  metals  which 
exhibit  the  most  extended  lines,  as  for  instance,  cadmium,  thallium, 
and  indium.  The  lines  in  many  spectra  are  free  from  this  extension, 
and  no  glow  is  observed  on  the  electrodes.  A  study  of  about  thirty 
different  spectra  of  the  metals  and  semi-metallic  substances  has  led 
to  the  following  observation. 

Elements  which  are  dificutt  to  volatilise j  and  those  which  are  had  cofi- 
ductors  of  electricity,  do  not  exhibit  spectra  with  extended  lines;  and,  con- 
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versely,  metah  which  are  the  best  conductors  and  the  m^t  volatile  exhibit 
ifpec^ra  with  their  principal  lines  largely  extended. 

The  following  metals  are  good  conductors,  that  is  to  saj,  suffi- 
ciently good  not  to  impede  the  spark  when  broad  electrodes  are  used, 
and  thej  are  more  or  less  volatile.  Thej  show  a  large  extension  of 
their  principal  lines  : —  , 


Magnesium. 
Zino 


Cadmiom . 


Boiling 

t 
Atomic 

point. 

mass. 

IIW  C. 

24-4 

924'' to 

65-3 

9S4r  C. 

763«to 

112  1 

772**  C. 

Aluminium. 
Indium  .... 
Thallium. . . 


Yolatilitj. 


Not  Tolatilised  bj 
ordinary  means. 
Volatilised  at  a 

red  heat. 

Easily  Tolatilised 

at  a  red  heat. 


Atomic 
mass. 


27-08 
113-7 
204*2 


Atomic  mass. 

Copper Not  volatilised  by  oi*dinary  means.  •      63*33 

Silver Boils  about  1670^  C 107-93 

Mercury ^,  367'*  C 2001 

In  these  examples  the  extension  of  the  lines  is  least  in  the  case  of 
the  least  volatile  metals,  which  are  also  those  of  least  atomic  mass, 
and  it  is  greatest  with  those  which  are  most  volatile  and  of  greatest 
atomic  mass. 

The  continnoas  spectram  in  these  examples  is  very  weak,  and  the 
air  lines  are  almost  absent  from  the  thallium  and  mercury  spectra, 
the  air  spectra  being  suppressed  by  the  excess  of  dense  vapour  in  the 
track  of  the  spark.     The  lines  most  extended  are  the  following : — In 

the   cadmium  spectrum,    those   with  wave-lengths  3611-8,    3609*6 

/ ' ^ 

{a pair) t  3466*8,  3465*4  (a  pair).     These  pairs  appear  as  single  lines 

if  the  dispersion  is  insufficient  and  the  definition  imperfect. 

The  most  refrangible  line  of  each  pair  is  the  more  extended.  The 
other  lines  in  this  spectram  are  3402*9,  2747*7,  25722,  2313*6,  and 
2265*9,  all  with  fine  extensions.  In  the  spectrum  of  thallium,  wave- 
lengths 3775-6,  3528*8,  3518*6,  and  2917*7. 

In  the  spectrum  of  mercury,  the  lines  with  wave-lengths  4358, 
4046*5,  and  3984  are  well  extended,  but  the  most  important  exten- 
sions in  this  spectrum  are  the  lines  with  wave-lengths  3662*9,  3654*4, 
3632*9  ;  the  last  of  these,  which  form  a  well-marked  triplet,  is  by  far 
the  most  extended.  The  pair  of  lines  3130*4  and  3124*5  are  greatly 
extended,  and  the  same  remark  applies  to  2966*4  and  2946*6. 

The  dimensions  of  the  principal  lines  in  the  cadmium,  thallium, 
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and  mercnry  spectra  were  measured  on  my  enlair^ments.  The  prin- 
cipal portion  of  the  lines  lying  between  point  and  point  of  the  elecs- 
trode  was  42  mm.  in  all  spectra.  The  extension  of  the  lines  below  was 
22  mm.  to  25  mm.,  extension  ahovey  9  mm.  to  10  mm.  As  the  exten- 
sion is  always  sharp  and  well  defined,  it  is  an  important  feature  in 
these  spectra.  Even  concentrated  solutions  of  the  metals,  when  photo- 
graphed with  graphite  electrodes,  exhibit  this  extension  in  their 
principal  lines.  For  instance  a  solution  of  beryllium  chloride  shows 
a  very  remarkable  extension  above  and  below  the  points  of  the  upper 
and  lower  electrodes;  the  dimensions  of  the  principal  line,  wave- 
length 3130*2,  are  as  follows :  between  the  points,  42  mm. ;  hehwy 
10*5  mm. ;  ahove^  17*5  mm.  It  is  at  the  upper  or  positive  electrode 
that  the  longest  extension  is  observed,  but  at  the  lower  or  negative 
electrode  that  it  is  strongest.  In  the  ease  of  the  cadmium  lines,  the 
extension  is  smaller,  but  strong  at  the  side  of  the  negatire  electrode, 
and  very  fine  and  long  at  that  of  the  positive.*  The  appearance  of 
lines  due  to  impurities  or  traces  of  metals  in  the  spectrum  of  the 
negative  electrode  only,  I  have  attributed  to  the  oscillation  of  the 
spark  discharge,  and  the  fact  that  the  negative  electrode  is  the  hotter.f 

(2.)  The  Nimbus. — The  nimbus  is  not  apparently  dependent  on  the 
volatility  or  the  oxidisability  of  the  vapour  of  the  elements^  though, 
these  properties  are  connected  therewith. 

By  far  the  largest  nimbus  is  that  of  magnesium ;  those  of  cadmium 
and  mercury  stand  next  in  order ;  the  smallest  are  those  of  platinum, 
gold,  copper,  and  silver.  It  is  thus  evident  that  neither  conductivity 
nor  vapour  density  controls  it,  for  there  is  rery  little  nimbus  on  the 
lines  of  the  thallium  and  iridium  spectra;  but  volatility  certainly 
increases  it.  There  is  a  considerable  nimbus  on  some  of  the  lines  in 
the  spectra  of  arsenic,  antimony,  and  bismuth ;  also  on  a  few  lines  of 
tin  and  of  lead.  In  the  case  of  magnesium,  the  cause  of  the  dense 
and  large  nimbus  is  probably  the  intensity  of  the  chemical  action  of 
which  the  rays  of  the  incandescent  vapour  are  capable,  together  with 
the  large  quantity  of  metal  in  the  tiaok  of  the  spark,  owing  to  its 
volatility. 

The  chemical  aotirity  of  the  sine  rays  is  less  than  t^t  of  the  rays  of 
magnesium,  but  the  effect  of  this  is  overbalanced  by  the  density  of  the 
yapour  and  the  volatility  of  the  metal  being  both  greater ;  accordingly 
the  lines  of  zinc  have  a  large  nimbus.  The  nimbus  is  somewhat  larger 
on  the  lines  of  cadmium  than  on  those  of  sine,  the  volatility  and  the 
density  of  the  vapoor  are  both  greater. 

*  In  a  paper  pnbliehed  in  the  '  Soientifio  Pxooeedingt  of  the  Boyal  Dablia 
Society/  on  the  constitution  of  electric  sparks,  this  doea  not  appear  in  the  lithfh 
graphed  illustration,  but  I  haye  carefully  yerified  the  fiict  by  referring  to  the  origiiial 
photographs. 

t  Loc.  cU.,  p.  878* 
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The  nimbuB  is  evidently  an  expression  of  the  qnantitj  of  matter 
in  the  spark,  and  the  intensity  of  the  chemical  action  which  the  rays 
emitted  by  its  ignited  vaponr  are  capable  of  exerting. 

(3.)  On  the  Gontintioua  Spectrum  which  forms  the  Bachgrovnd  to  the 
Lines  of  certain  Spectra. — This  must  be  caused  by  the  ignition  either 
of  some  solid  substance  or  of  a  vaponr  which  is  not  that  of  an 
element  bat  an  oxide.  An  examination  of  the  spectra  in  which  the 
continnons  background  of  rays  is  a  conspicuous  feature  discloses  the 
fact  that  the  metals  which  are  not  oxidisable  do  not  possess  it,  for 
instance,  gold,  silver,  and  platinum.  Metals  of  the  iron  group  show 
it  near  the  points  of  the  electrodes  when  the  non-volatile  oxides  are 
formed.  The  very  volatile  metals  with  volatile  oxides,  such  as 
meroury,  iridium,  thallium,  zinc,  and  cadmium,  do  not  show  it. 

Spectra  of  the  metalloids,  such  as  tellurium,  arsenic,  antimony,  and 
bismuth,  which  are  not  only  Tolatile  but  which  form  volatile  oxides, 
show  it  very  strongly.  Ordinarily,  magnesium  does  not  show  it, 
because  the  exposure  necessary  for  photographing  the  spectrum  of 
that  element  is  less  by  one-half  the  period  of  the  others,  and  by  one- 
quarter  that  of  tellurium.  When  a  plate  is  long  exposed  to  the  rays 
of  magnesium,  the  oontimiouB  spectrum  appears  at  the  points  of  the 
electrodes  where  the  non-volatile  oxide  would  be  formed.  It  may 
be  considered  that  in  the  passage  of  the  spark,  the  ^^pour  of  the 
element  fills  the  track,  and  this  vapour,  on  cooling,  forms,  for  a 
minute  period  of  time^  an  incandescent  oxide,  and,  the  spectrum  of 
this  being  a  continuous  spectrum,  its  photograph  appears  as  a  back- 
ground to  the  rays  emitted  by  the  element. 

But  it  is  nevertheless  the  fact  that  the  continuous  background 
is  a  very  characteristic  feature  of  the  metalloids,  though  why  the 
vapours  of  these  oxides  should  produce  this  action  more*  conspicu- 
OQsly  than  those  of  the  oxides  of  the  volatile  metals,  there  seems  to 
be  no  sufficient  or  well-understood  reason  to  be  advanced  at  present. 
It  may  be  that  the  vapours  of  the  metalloids  in  cooling  emit  a  con- 
tiuous  spectrum  for  a  short  period  prior  to  oxidation. 

Oil  the  Breadth  of  Lines. — It  is  well  known  that,  under  identical 
oonditionB,  the  principal  lines  in  the  spectrum  of  an  element  become 
stronger  and  broader  as  the  rays  forming  the  spectrum  proceed  from 
a  larger  quantity  of  material,  that  is  to  say,  form  a  denser  radiating 
layer.  It  is  evident,  then,  tibat  in  uiy  series  of  three  or  more 
dements  of  similar  character,  the  intensity  and  the  breadth  of  the 
linas  in  their  spectra  will  depend  upon  (I)  intensity  of  chemical 
energy,  (2)  volatility  smd  vi^ur  density,  and  (3)  eleetric  conduc- 
tivity of  the  metal. 

In  accordance  with  these  oonditionsi  the  lines  of  cadmium  are 
broader  than  those  of  zinc,  and  the  lines  of  zinc  broader  than  those 
of  magnesium. 


Digitized 


by  Google 


452  Presentn.  [Apr.  16, 

Presents,  April  16,  1891. 
Transactions. 

Batavia : — Batariaasch  Oenooischap  Tan  Knnsten  en  Wetenschap- 
pen.  Notnlen.  Deel  XXVII.  Aflev.  4.  Deel  XXVIII. 
Aflev.  1-2.  8vo.  Batavia  1890;  Tijdsohrift  voor  Indische 
Taal.,  Land-  en  Volkenkande.  Deel  XXXIC  Aflev.  1,  5-6. 
Deel  XXXIV.  Aflev.  1-2.  870.  Batavia  1889-90 ;  Plakaat- 
boek,  1602-1811.     Deel  VII.     8vo.     Batavia  1890. 

The  Society* 

Berlin :— Gesellsckaft  fUr  Epdkande.  Verhandlungen.   Bd.  XVIII. 

No.  2.     8vo.     BerUn  1891,  The  Society. 

Physikalische  Gesellschaft.    Verhandlungen.   1890.  8vo.    BerUn 

1891.  The  Society. 

B^ziers  : — Soci6te  d' Etude  des  Sciences  Naturelles.    Compte-Benda 

des  Sauces.     Annee  1868-89.     8vo.     B4ziers  1890. 

The  Society. 
Briinn : — Naturf orscbender  Vfirein.  Verhaij dlungen.  Bd.  XXVII  I. 
8vo.  Briinn  1890;  Bericht  der  Meteorologischen  Gommis- 
sion  des  Naturf orschenden  Vereines.  Ergebnisse  der  Meteoro- 
logischen Beobachtungen  im  Jahre  1888.  8vo.  Briinn 
1890.  The  Society. 

Innsbruck : — Ferdinandeum  fur  Tirol  und  Vorarlberg.  Neue  Zeit- 
Bchria.  Bd.  IX.  8vo.  Innsbruck  1843 ;  Zeitschrift.  Dritte 
Folge.     Heft  4.     8vo.     Innsbruck  1854. 

The  Ferdinendemn. 

London  : — British  Astronomical    Association.     Journal.     Vol.  I. 

No.  5.    8to.    London  1891.  The  Association. 

Odontological    Society.     Transactions.     Vol.    XXIII.    No.  5. 

8vo.    London  1891.  The  Society. 

Royal  Society.     Lists  of  Fellows,  1726,  1730, 1737  [in  Sheets]. 

The  Trustees  of  the  British  Museum. 
Lyons: — Society  d* Anthropologic.    Bulletin.     Tome  IX.     No.  1. 
8vo.    Lyon  1890.  The  Society. 

Montreal : — McOill  University.  Annual  Report  of  the  Oovemors, 
Principal,  and  Fellows  for  the  year  1890.  8vo.  [Montreal^  ; 
Special  Announcement  of  the  Faculty  of  Applied  Science  for 
Session  1891-92.    8vo.  The  University. 

Newcastle-upon-Tyne: — North  of  England  Institute  of  Mining 
and  Mechanical  Engineers.  Report  of  the  French  Commis- 
sion on  the  use  of  Explosives  in  the  Presence  of  Fire-damp  in 
Mines.     Part  3.     8to.    NeweastU^upon-Tyne  1891. 

The  Institute. 
Palermo  : — Society  di  Scienze  Naturali  ed  Economiche.     Giomale. 


Digitized 


by  Google 


1891.]  Presents.  453 

Transactions  (contimied). 

Vol.  XX.     4fco.     Palermo  IS90;    Bnllettino.     No.  1,  2.     8vo. 

1891.  The  Society. 

Paris : — Bareau    Central    Meteorologiqne    de    France.      Annales. 

Ann6e  1888.     4to.     Paris  1890.  The  Bureau. 

Comite  International  des  Poids  et  Mesures.     Proems- Verbaux  des 
.  Seances  de  1889.     8vo.    Paris  1890 ;  Treizieme  Rapport  .  .  . 

sur  rBxercice  de  1889.     4to.     Paris  1890.  The  Comity. 

Ecole  Normale  Snp6rieore.   Annales  Scientifiques.     Ann6e  1890. 

Supplement.     4to.     Paris  1890.  The  School. 

Soci6te  Academique  Indo-Chinoise  de  France.  Bulletin.  2®  Serie. 

Tome  III.     8vo.     Paris  1890.'  The  Society. 

Soci^te  Geologique  de  France.    Bulletin.    3*  S6rie.    Tome  XVIII. 

No.  5-8.     Tome  XIX.     No.  1.     8vo.    Pam  1890-91. 

The  Society. 
Prague : — Konigl.   Bohmische    Gesellschaft    der  "Wissenschaften. 

Sitzungsberichte    (Math.-Naturw.   Classe).      1890.     Band  II. 

8vo.     Prog  1891 ;   Sitzungsberichte  (Philos.-Histor.-Philolog. 

Classe).   1890.    8vo.    Prag  1S91;   Jahresbericht.    1890.    8vo. 

Prag  1891.  The  Society. 

Rochester,  N.Y. : — Rochester  Academy  of  Science.     Proceedings. 

Vol.  I.     Brochure  1.     8vo.     Rochester,  N.Y.     1890. 

The  Academy. 
Rotterdam: — Bataafsch    Genootschap     der     Proof ondervindelijke 

Wijsbegeerte.    Nieuwe  Verhandelingen.   Tweede  Reeks.    Deel 

ni.     Stuk  3.     4to  Rotterdam  1890.  The  Society. 

St.  Petersburg : — Russian  Naturalists  and  Physicians.     Report  of 

8th  Meeting  at  St.  Petersburg,  1889-90.     [Russ.]     8vo.     St. 

Petersburg  1890.  The  Committee  of  Publication. 

Sydney : — ^Royal  Society  of  New  South  Wales.     Journal  and  Pro- 
ceedings.    Vol.  XXIV.     Parti.     8vo.     Sydney  1890. 

The  Society. 
Toronto : — Canadian  Institute.      Transactions.      Vol.  I.     Part  I. 

No.  I.     8vo.     Toronto  1890.  The  Institute. 

Toulouso : — Academic  des  Sciences.   Memoires.   9*  S6rie.    Tome  II. 

870.     Toulouse  1890.  The  Academy. 

Wiirzburg  : — Physikalisch-medicinische    Gesellschaft.      Verhand- 

lungen.     Band  XXIV.     Nr.  6.     8vo.     Wurzhurg  1890;  Sitz- 
ungsberichte.      Jahrg.    1890.       No.  8-10.      8vo.     Wurzhurg 

1890.  The  Society. 

Zurich: — Allgemeine  Schweizerische   Gesellschaft.      Neue   Denk- 

schrifben.     Band  XXXII.     Abth.  1.     4to.    ZttWc^  1890 ;  Ver- 

handlungen.  72.  Jahresversammlung.      8vo.      Lugano   1890; 

Compte  Rendu  des  Travaux  pr^sent^s  k  la  72*  Session.     8vo. 

Oeneve  1889.  The  Society. 

VOL.  xlh.  2  H 

Digitized  by  VjOOQIC 


454  Presents. 

Chadt  (Jan  ev.)  Lesai  Pndoznalstvi.  8vo.  v  Pisku  1887 ;  Vliv 
Homin  na  vzrust  lesnicli  dfevin.  8vo.  v  Ptsku  1889 ;  Zales- 
fiovani  Holin.     8vo.     v  Ptsku  1890.  The  Author. 

Coene  (J.  de)  fltude  snr  les  Experiences  de  M.  Vemon-Harconrt  et 
le  Congr^s  Maritime  k  rEzposition  k  propos  des  Pro  jets  d' Amelio- 
ration du  Port  du  Havre  et  des  Passes  de  la  Seine.  8vo.  Bouen 
1890.  Prof.  L.  F.  Vemon-Harconrt. 

Dawson  (G.  M.)  Note  on  the  Geological  Structure  of  the  Selkirk 
Range.     8vo.     Rochester  [N.  Y.]  1891. 

The  Author. 

Dupont  (E.)  Sur  des  Mollusques  Vivants  et  Post  pliocenes  recueillis 
an  cours  d*un  Voyage  an  Congo  en  1887.  8vo.  BruxeUes 
1890.  The  Author. 

Format  (P.  de)  CEuvres.  Publiees  par  les  soins  de  MM.  P.  Tannery 
et  C.  Henry.     Tome  I.     4to.     Paris  1891. 

Ministdre  de  rinstruction  Publique,  Paris. 

Frederick  the  Great.  Politische  Correspondenz.  Bande  XVII, 
XVm.     1.  Halfte.     4to  B&rlin  1889-90. 

Konigl.  Preuss.  Akademie  der  Wissenschaften. 

Gilbert  (J.  H.),  F.B.S.  Results  of  Experiments  at  Rothamsted,  on 
the  Question  of  the  Fixation  of  Free  Nitrogen  ;  being  a  Lectare 
delivered  July  18,  1890,  at  the  Royal  Agricultural  College, 
Cirencester.     8vo.  The  Author. 

Gilchrist  (P.  C.)  The  Basic  Process  as  applied  to  Copper  Smelting. 
8vo.     London  1891.  The  Author. 

Hale  (G.  E.)  Photography  of  the  Solar  Prominences.  4to.  [Boston] 
1890.  The  Author. 

Hunt  (A.  R.)  [Volume  of  22  Excerpts  on  Geology,  Ac,  1873-89.] 
8vo.   ,  The  Author. 

M*Kendrick  (J.  G.),  F.R.S.  Chronological  Tables  of  Scientific  Men, 
showing  the  Names  of  the  more  distinguished  Anatomists  and 
Physiologists,  and  their  Contemporaries.     8vo.     [Glasgow.'] 

The  Author. 

Morris  (D.  K.)  Notes  of  a  Thousand  Men,  and  some  things  they 
did  in  Art.  Literature,  War,  Government,  Science,  and  Industry. 
Small  4to.     London  1891.  The  Author. 

Prince  (C.  L.)  The  Summary  of  a  Meteorological  Journal  kept  at 
Crowborough,  Sussex,  1890.     Folio.     1891.  The  Author. 

Solly  (H.  S.),  and  J.  F.  Walker.  Note  on  the  Fault  in  the  Cliff  West 
of  Bridport  Harbour.     8vo.     Dorchester  1890. 

The  Authors. 

Williamson  (W.  C),  F.R.S.  General,  Morphological,  and  Histologi- 
cal Index  to  the  Author's  Collective  Memoirs  on  the  Fossil 
Plants  of  the  Coal  Measures.     Part  1.     8vo.     Manchester  1891. 

The  Author. 


Digitized 


by  Google 


Contributions  to  the  Chemical  Bacteriology  of  Sewage.      455 

Wolf(B.)     AstronomiscbeMittheiliingen.     LXXVII.    8vo.    Zurich 
1891.  The  Author. 


Phototype  Portrait  of  Horace  Benedict  de  Sauasure. 

M.  Henri  de  Sanssnre 


Apra  23,  1891. 

Sir  WILLIAM  THOMSON,  D.O.L.,  LL.D.,  President,  in  the  Chair. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered 
for  them. 

The  following  Papers  were  read : — 

I.  "Contributions  to  the  Chemical  Bacteriology  of  Sewage." 
By  Sir  Henry  E.  Rosoob,  F.R.S.,  D.C.L.,  LL.D.,  and 
Joseph  Lunt,  B.Sc,  F.C.S.    Received  April  23, 1891. 

(Abstract.) 

The  present  research  contains  the  results  of  experiments  on  the 
chemical  and  bacteriological  examination  of  sewage  micro-organisms, 
made  with  the  object,  in  the  first  place,  of  ascertaining  what  species 
are  there  present,  and,  in  the  second,  of  determining  some  of  their 
chemical  characteristics. 

The  authors  have  isolated  from  cmde  sewage,  by  methods  which 
are  fully  described,  a  number  of  organisms  which  may  serve  as 
typical  examples  of  those  usually  present  in  this  material.  Some  of 
these  have  already  been  described,  whilst  others  are  believed  to  be 
new  organisms. 

The  microscopic  and  macroscopic  appearances  of  the  organisms  and 
their  pure  cultures  have  been  carefully  recorded  by  means  of  photo- 
graphs, which  give  in  a  permanent  form  their  morphological  characters 
and  the  plate-  and  tube-cultivations  in  their  most  characteristic  stages 
of  growth.  This  method  of  illustration  the  authors  consider  to  be  of 
much  importance,  as  bacteriological  descriptions  of  organisms  are 
frequently  of  little  value  for  the  want  of  accurate  representations  of 
the  microscopic  preparations  and  pure  cultures. 

The  experiments  described  were  undertaken  with  the  object  of 
studying  the  reactions  of  sewage  organisms  from  a  chemical  point  of 
view,  and  of  gaining  information  as  to  the  rationale,  both  chemical 
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and  bacteriological,  of  the  two  marked  changes  which  sewage  is  liable 
to  Tindergo,  i.e.,  on  the  one  hand  purification,  or  the  gradual  destmc- 
tion  of  putrescible  matter  without  the  formation  of  offensively  smell- 
ing products,  and  on  the  other  pntrefaction.  It  was  desired  to 
ascertain  which  organisms  are  concerned  in  the  first  of  these  processes 
and  which  in  the  second,  as  likewise  to  gain  an  insight  into  the- 
methods  by  which  such  changes  are  effected. 

For  all  the  organisms  described,  the  authors  have  determined  the 
absorptive  power  for  free  oxygen  when  cultivated  in  a  perfectly  pure 
state,  and  also  for  which  of  the  organisms  free  oxygen  is  a  necessity 
of  their  activity  and  growth. 

Each  organism  has  been  examined  as  to  its  power  of  growth  in  a 
liquid  medium  from  which  every  trace  of  free  oxygen,  both  gaseous 
and  dissolved,  has  been  rigorously  excluded. 

It  is  shown  that  anaerobic  organisms  associated  with  putrefaction, 
although  able  to  grow  in  complete  absence  of  oxygen,  yet  when  that 
gas  is  present  are  able  to  absorb  it  rapidly,  and  thus  prepare  the  con- 
ditions for  their  anaerobic  growth. 

The  following  methods  for  the  isolation  of  micro-organisms  have 
been  used : — 

(1.)  The  method  of  gelatine  plate-culture. 

(2.)  A  method,  fully  described,  for  the  isolation  and  cultivation  of 
anaerobic  organisms. 

(3.)  A  method  for  the  isolation  of  spore-forming  organisms. 

(4.)  The  dilution  method. 

The  method  used  for  the  isolation  of  anaerobic  organisms  consists 
in  their  cultivation  in  a  specially  devised  form  of  flask  containing 
sterile  nutrient  broth,  through  which  liquid  could  be  passed  a  stream 
or  pure  hydrogen,  freed  from  all  traces  of  oxygen  by  passing  over 
glass  beads,  in  two  Emmerling's  tubes,  moistened  with  alkaline  pyro-  . 
gallate. 

As  the  authors  have  shown  in  a  previous  paper  ('Chem.  Soc. 
Joum.,'  1889,  Trans.,  p.  554),  this  treatment  frees  the  liquid  com- 
pletely from  dissolved  oxygen. 

Crude  sewage  was  carried  through  three  cultivations  in  pure 
hydrogen,  when  it  was  found  that  not  only  had  all  aerobic  organisms 
been  eliminated,  but  only  one  form  of  anaerobic  organism  appeared, 
viz.,  Protetu  vulgaris,  and  this  method  may  be  used  for  its  isolation. 
Several  other  organisms,  although  isolated  by  different  methods  to 
the  above,  were  found  to  grow  in  the  pure  state  in  nutrient  broth 
from  which  all  traces  of  free  oxygen  had  been  excluded.  These  are 
fully  described  in  the  paper. 

In  the  method  for  the  isolation  of  spore-forming  organisms,  all 
others  were  eliminated  by  heating  the  sterile  broth,  in  which  a 
sowing  had  been  made  from  crude  sewage,  to  SO*"  G.  for  ten  minutes. 
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The  still  living  spores  were  then  further  isolated  by  plate  cultivation,^ 
either  with  or  without  previous  incubation  of  the  broth  tube. 

For  the  purpose  of  studying  the  absorptive  power  for  free  oxygen, 
pure  cultures  were  sown  in  sealed  flasks  with  two  necks,  containing 
25  cc.  of  nutrient  broth  and  250  c.c.  of  air.  These  were  incubated  at 
20 — 23®  C.  for  seven  days,  after  which  time  the  flasks  were  opened 
and  the  gases  remaining  abstracted  for  analysis.  It  was  seen  that 
the  various  organisms  exhibited  great  differences  in  their  absorptive 
power  for  free  oxygen,  some  showing  the  feeblest  absorption,  whilst 
others  abstracted  nearly  every  trace  of  oxygen  from  an  atmosphere 
ten  times  as  large  as  the  culture  liquid  during  seven  days'  incuba- 
tion. 

The  rate  of  absorption  of  dissolved  oxygen  was  also  determined  for 
a  number  of  the  organisms  by  sowing  tap- water  aerated  under  known 
conditions,  and  containing  a  definite  amount  of  dissolved  oxygen, 
with  1  per  cent,  of  a  pure  broth  culture  of  the  organism  which  had  been 
incubated  for  two  days  after  sowing.  It  is  shown,  in  the  case  of 
those  organisms  which  absorb  oxygen  rapidly  from  the  air,  that  the 
water  is  completely  de-aerated  in  fourteen  hours. 

It  is  shown  that  certain  organisms  which  are  capable  of  growing  in 
an  atmosphere  devoid  of  oxygen,  t.e.,  anaerobic,  are  yet  incapable  of 
liquefying  gelatine  without  the  presence  of  that  element,  although 
when  grown  in  air  such  liquefaction  is  extremely  rapid. 

Cultivations  were  made  in  the  form  of  flask  referred  to  for 
anaerobic  organisms,  in  which  the  organisms  were  sown  in  molten 
gelatine,  through  which  pure  hydrogen  was  passed  for  half  an  hour. 
The  flask  was  then  sealed.  After  five  days'  incubation,  no  liquefaction 
whatever  took  place,  although,  when  exposed  to  air,  the  normal  rapid 
liquefaction  of  the  gelatine  afterwards  occurred. 

It  is  also  shown,  both  in  the  case  of  aerobic  and  anaerobic  organ- 
isms, that  a  very  appreciable  diminution  of  the  liquefying  power  of 
organisms  takes  place  after  repeated  sub-cultivation  in  nutrient 
gelatine. 

The  method  ^employed  for  photographing  the  micro-organisms  is  also 
described.  In  all  cases  the  bacteria  were  stained  with  methyl  violet, 
but,  as  this  stain  transmits  chemically  active  rays,  it  was  necessary, 
in  order  to  obtain  actinic  contrast,  to  use  a  coloured  screen  and  iso- 
chromatic  plates.  The  screen  adopted  (a  weak  solution  of  potassium 
bichromate)  was  spectroscopically  adjusted  to  the  stain  employed,  so 
that  the  objects  appeared  black  on  a  bright  yellow  background.  The 
apparatus  employed  was  of  the  simplest  kind,  and  the  source  of  illu- 
mination was  a  common  duplex  paraffin  lamp. 

The  org^isms  isolated  from  the  sewage  under  examination  are 
described  and  illustrated  photographically,  as  regards  microscopic 
preparations  and  plate-  and  tube-cultures. 
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IL  "  Note  on  the  Instability  of  India-rubber  Tubes  and  Balloons 
when  distended  by  Fluid  Pressure."  By  A.  Mallock* 
Communicated  by  Lord  Ratleigh,  Sec.  R.S.  Received 
March  16. 1891. 

When  an  india-rubber  tube  is  expanded  by  internal  fluid  pressure, 
it  preserves  its  cylindrical  form  nntil  the  increase  in  its  diameter 
bears  a  certain  proportion  to  its  diameter  when  unstrained ;  but,  when 
more  fluid  is  introduced,  the  condition  of  the  tube  becomes  unstable^ 
and  the  internal  fluid  pressure  diminishes. 

When  more  fluid,  therefore,  is  introduced  into  a  length  of  tube 
than  will  suffice  to  expand  it  to  its  stable  Umit,  it  no  longer  remains 
cylindrical  throughout  its  length,  but  assumes  the  form  of  a  cylinder 
with  one  or  more  bulbous  expansions ;  and  the  diameter  of  the  part 
which  remains  cylindrical,  though  greater,  of  course,  than  the  un- 
strained diameter,  is  less  than  that  attained  at  the  stable  limit  in 
fig.l. 

Fig.  1. 


In  the  case  of  an  elastic  hollow  sphere,  although  the  spherical 
form  is  retained,  whatever  be  the  amount  of  fluid  introduced,  there  is 
a  similar  limit  to  the  pressure  which  the  elastic  reaction  of  its  walls 
can  cause  within  it. 

If  the  thickness  of  the  walls  of  the  tube  or  sphere  is  small  com- 
pared with  the  radius,  and  if,  further,  the  material  of  which  they  are 
composed  be  considered  as  incompressible,  while  the  other  elastic 
constants  are  invariable  for  such  extensions  as  are  involved  (assump* 
tions  which  are  approximately  true  for  india-rubber),  the  value  of  the 
radius  when  instability  begins,  may  readily  be  found.  Takii^ 
^j  hy^  hz  as  the  sides  of  any  small  cube  of  the  material  of  the  walls^ 
hx  and  hf  being  parallel  to  the  tangent  plane  of  the  surface  and  hz 
normal  to  it,  let  a  stretching  force  act  in  the  direction  of  x  causing  lot 
to  become  27^. 

Since  the  material  is  incompressible,  ^  and  tz^  under  the 
influence  of   this  force,  will    become    respectively    (l/y/p)^   and 
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Now,  maintainiiig  this  force,  let  another  stretching  force  act  in  the 
direction  of  ^,  which  wonld,  if  acting  alone,  stretch  hy  i/o  xhy. 

Then  'p  &b    will  become    -^  hx ; 

—  *  „         — i— ««. 

The  force  required  to  stretch  &b  to  p&e  is 

P 

and  that  required  to  stretch  —^  to  -^^  is 
^  >/p        's/p 

g 1 

5Fy  =  q y/p  dx  dz, 

where  q  is  Young's  modulus  for  the  material. 

In  the  case  of  the  cylinder,  if  a;  be  taken  parallel  to  the  axis  of  the 
cylinder  and  y  round  its  circumference — 

J^  =  unstrained  length  of  cylinder  =  k ; 

J^  =  „         circumference        „        =25rro; 

l^js  =  „  thickness  „         =  to ; 

hence  the  whole  elastic  circumferential  stress  is 

*V  =  1 '^P  ^  *o> 

and  the  fluid  pressure,  P,  due  to  this  stress  is 

q^^^^^  y/pkto 
P  = '^ 

yo  *    p  j^ 

_^  2  7rqto  K—l 
"       yo      «v/« 

To    K^K 


This  is  a  maximum  when  k  =  3. 
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Since  P  is  also  equal  td  F*  -=-  strained  area  of  base  of  cylinder, 

g^- toyo 


and  by  equating  this  to  the  former  expression,  we  have  for  p  in 
terms  of  «, 

So  that,  when- «  =  3,         i?  =  v^3  4- 1. 

From  this  it  will  be  found  that  the  critical  value  of  the  radius  is 

1"815  ro, 

and  that  then  the  length  of  the  tube  is  1'68  lo  nearly. 

In  the  case  of  the  sphere  the  maximum  pressure  will  also  be 
attained  when  /c  =  3,  but,  since  by  symmetry  jp  now  =  «c,  we  shall 
have  for  the  critical  value  of  the  radius  ro\/3,  or  1*73  I'o  nearly. 

Some  experiments  were  made  with  india-rubber  pipes  and  balloons 
to  see  how  nearly  their  behaviour  conformed  to  the  theory  just 
given. 

Fig.  2  (p.  461)  shows  the  apparatus  employed. 

The  india-rubber  to  be  experimented  on  was  placed  in  a  large 
closed  vessel,  B,  full  of  water.  Two  pipes  C  and  D  passed  through 
the  stopper  of  B ;  of  these  C  communicated  wifli  the  interior  of 
the  expeiimental  tube  or  sphere  A,  and  D  immediately  with  the 
contents  of  B.     A  pressure  gauge  was  connected  with  C. 

When  tubes  were  being  experimented  on,  the  ends  were  closed 
with  hard  wood  discs,  covered  with  paraffin,  through  the  upper  one  of 
which  0  entered.  Fixed  into  the  centre  of  the  lower  disc  was  a  long 
straight  wire,  E,  which  passed  freely  through  C,  and  the  position  of 
whose  upper  end,  B',  could  be  read  on  the  scale  S. 

Water  could  be  introduced  into  A  by  means  of  the  pipe  H  con- 
nected with  C. 

When  every  part  of  the  apparatus  was  filled  with  water,  and  the 
pressure  gauge  showed  that  the  internal  and  external  pressures  on 
the  india-rubber  were  equal,  more  water  was  admitted  through  C. 
The  volume  of  water  thus  introduced  was  measured  by  the  amount 
expelled  through  D.  The  pressure  gauge  showed  the  internal  pressure 
in  A,  and  the  descent  of  E'  gave  the  elongation  of  the  tube. 

The  analysis  of  the  results  thus  obtained  is  given  by  the  curves  in 
Diagram  I. 

The  experiments  on  spheres  were  made  in  the  same  way,  except 
that  the  wire  E  was  not  used. 
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The  results  are  given  in  Diagram  II. 

Diagram  III  gives  the  valnes  of  the  function  (/c— 1)/^-^*^  in  terms 

of  K, 

In  Diagram  I  the  abscissa  is  r/ro. 

(a)  shows  the  observed  pressure  in  the  tube. 
(6)  „  „  extension  of       „ 

yj  >  represent  the  values  of  <  '^. 

(e)  is  the  theoretical  pressure. 
(/)  „  extension. 

After  the  unstable  state  is  reached  the  formula  for  the  extension  does 
not  apply.     For  this  tube  IqItq  =  0039. 
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In  Diagram  II — 

(a)  shows  the  observed  pressure, 
(h)        „         theoretical  pressure, 
in  an  india-rubber  balloon  for  which  ^o/Vo  =  0*0125. 
(c)  is  the  value  of  k. 

The  rather  uncertain  nature  of  the  measurements  of  both  to  and  v^ 
in  these  experiments  makes  the  close  apparent  agreement  between 
the  observed  and  theoretical  results  somewhat  illusory  ;  but  it  shows 
at  any  rate  that,  if  among  the  values  obtained  for  ^  and  vq  those  are 
taken  which  make  theory  and  observation  coincide  for  one  value  of 
P,  the  remaining  observations  will  also  lie  on  the  theoretical  curve. 
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New  York: — American   Geographical   Society.      Bulletin.      Vol. 

XXII.     Supplement.     Vol.  XXIII.     No.  1.     8vo.     New  York 

1890-91.  The  Society. 

Paris : — ^Acad^mie  des  Sciences.     Bulletin  du  Comit^  International 

Permanent  pour  TEx^cution  Photographique  de  la  Carte  du 

Ciel.     Fasc.  6.    4to.     Farts  1891.  The  Academy. 

£cole  des  Hautes  £tudes.     Bibliotheque.    Fasc.  83.    8vo.    Paris 

1890.  The  School. 

Soci6t6    Mathematique   de  France.      Bulletin.      Tome  XVIII. 

Nos.  5-6.     8vo.    Pom  1890.  The  Society. 

Siena  :-r-R.  Accademia  dei  Fisiocritici.     Atti.     Serie  FV.     Vol.  II. 

Fasc.  9-10.    Vol.  III.     Fasc.  1-2.    8vo.     Siena  1890-91. 

The  Academy. 
Sydney: — Linnean  Society  of  New  South  Wales.      Proceedings. 
Second  Series.    Vol.  V.     Part  2-3.     8vo.     Sydney  1S90. 

The  Society. 

Observations  and  Reports* 
Adelaide: — Observatory.      Meteorological     Observations.       1883, 
1888.    Folio.    Adelaide  1889-90. 

The  Government  Astronomer. 
Public  Library,  Museum,  and  Art  Gallery.     Report  of  the  Board 
of  Governors  for  1889-90.     Folio.     Adelaide  1890. 

The  Governors. 
Batavia: — ^Magnetical  and  Meteorological  Observatory.     Observa- 
tions.    Vol.  XII.     Folio.     Batavia  1890 ;  Rainfall  in  the  East 
Indian  Archipelago.     Eleventh  Year.      1889.     8vo.     Batavia 

1890.  The  Observatory. 
Bombay: — Government  Observatory.      Magnetical  and  Meteoro- 
logical Observations  made  in  the  years  1888  and  1889.     4to. 
Bombay  1890.  The  Observatory. 

Brussels: — Observatoire  Royal.   Annuaire.    1891.    12mo.   Bruxelles 

1891.  The  Observatory. 
Calcutta : — ^Meteorological  Department  of  the  Government  of  India. 

Report  on  the  Administration  of  the  Department.     1889-90. 
Folio ;  Cyclone  Memoirs.     Parfc  3.     8vp.     Calcutta  1890. 

The  Department. 
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Observations  and  Reports  {continued). 

London: — Local    Government    Board.      Report   of    the    Medical 

Officer  for  1889.     8vo.    London  1890.         The  Medical  Officer. 

Marseilles: — Commission  de  M^t^rologie   da    D^partement    des 

Boticbe8-da-Rh6ne.      Balletin  Annuel.      Ann^   1889.      4to. 

Marseille  1890.  The  Commission. 

Paris : — Bureau  des  Longitudes.    Annales.   Tome  1-3.    4to.    Faris 

1877-83.  The  Bureau. 

Observatoire.    Annales.     M^moires.     Tome  XIX.     4ito.     Pom 

1889.  The  Observatory. 

St.  Petersburg : — Physikalisches  Central- Observatorium.     Annalen. 

1889.     Theil  2.     4to.     8t,  Petersburg  1890. 

The  Observatory. 

Tiflis : — Physikalisches  Observatorium.    Magnetische  Beobachtun- 

gen.     1888-89.     8vo.     Tiflis  1890;  Meteorologisohe  Beobach- 

tungen.     1889.     8vo.     Tiflis  1S90,  The  Observatory. 

Vienna: — K.K.   Central-Anstalt  fur  Meteorologie  und  Erdmag- 

netismus.     Jahrbucher.     Jahrg.  1888.     4to.     Wien  1889. 

The  Central-Anstalt. 

K.K.   Gradmessungs-Bureau.      Astronomische  Arbeiten.     Band 

XL     4to.     Trtenl890.  The  Bureau. 

Virginia : — Leander  McCormick  Observatory.     Pnblications.    Vol. 

L     Parts  1,4.     8vo.     1883,1889.  The  Observatory. 

Washington: — U.S.  Coast  and  Greodetic  Survey.     Report  of  the 

Superintendent.      1888.      4to.      Washington  1889;    Bulletin. 

Nos.  18-21.     4to.     Washington  1890-91.  The  Survey. 

U.S.  Geological  Survey.     Ninth  Annual  Report.     4to.     Wasking- 

ton   1889;    Monographs.     Vol.   I.     4to.      Washington  1890; 

Mineral     Resources     of   the     United     States.      1888.      8vo. 

Washington  1890;   Bulletin.     Nos.  58-61,  63-64,   66.     8vo. 

Washington  1890.  The  Survey. 

U.S.  Naval   Observatory.      Magnetic  Observations.      1888-89. 

4to.     Washington  1890.  The  Observatory. 

U.S.  Signal  Office.      Bibliography  of  Meteorology.     Part  3 — 

Winds.     4to.     Washington  Gity  1891 ;  Report  of  Rainfall  in 

Washington    Territory,   Oregon,   California,   Idaho,   Nevada, 

Utah,   Arizona,   Colorado,    Wyoming,   New    Mexico,    Indian 

Territory,  and  Texas,  for  from  Two  to   Forty  Years.      4to. 

Washington  1889.     Two  copies.  The  Signal  Office. 
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April  30,  1891. 

Sir  WILLIAM  THOMSON,  D.C.L.,  LL.D.,  Preeident,  in  the  Chair. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered 
for  them. 

The  following  Papers  were  read : — 

I.  "Cloud  Photography  conducted  under  the  Meteorological 
Council  at  the  Kew  Observatory."  By  Lieut.-General  R. 
Straohey,  R.E.,F.R.S.,  and  G.M.  Whipple,  Superintendent 
of  the  Observatory.    Received  April  23,  1891. 

In  1878  the  Meteorological  Council  decided  upon  undertaking  a 
series  of  experiments  with  the  view  of  attempting  by  means  of  photo- 
graphy to  obtain  a  record  of  the  height  and  velocity  of  the  clouds,  as 
indicating  the  movements  of  the  upper  parts  of  the  atmosphere.  For 
this  purpose  a  plain  cubical  camera  was  constructed,  with  its  optical 
axis  directed  to  the  zenith,  and  a  number  of  pictures  of  clouds  were 
thus  obtained.  The  results  were  so  far  satisfactory  as  to  establish 
the  possibility  of  identifying  points  in  the  clouds  which  would  admit 
of  the  calculation  of  their  height  with  considerable  precision.  But, 
owing  to  the  small  field  of  view  of  the  lens  made  use  of,  it  was  found 
that  the  opportunities  of  photographing  clouds  in  this  manner  were  of 
somewhat  rare  occurrence,  and  it  was  therefore  decided,  on  the  pro- 
posal of  Captain  Abney,  to  whom  the  Meteorological  Council  is 
indebted  for  his  valuable  advice  throughout  the  course  of  these 
experiments,  to  construct  two  cameras  so  arranged  as  to  enable  them 
to  be  directed  to  any  part  of  the  sky,  and  thus  to  photograph  clouds 
in  all  positions. 

For  this  purpose  the  cameras  were  fitted  with  theodolite  mountings, 
provided  with  altitude  and  azimuth  circles.  The  dark  slides  for 
carrying  the  sensitised  plates  were  fitted  with  glass  plates,  upon 
which  cross  lines  indicating  the  position  of  the  optical  axis  were 
etched.  These  lines  were  photographed  simultaneously  with  the 
clouds,  and  the  readings  of  the  divided  circles,  recorded  at  the  time  of 
exposure,  thus  supplied  the  altitude  and  azimuth  of  the  point  of  the 
cloud  covered  by  the  intersection  of  the  cross  lines  at  that  moment. 

From  a  photographic  picture  of  a  series  of  staves  erected  at  known 
angular  intervals,  a  scale  of  angular  distances  was  obtained,  by  means 
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of  whicli  the  azimuth  and  altitude  of  any  point  in  the  cloud  picture 
could  be  deduced  from  those  of  the  intersection  of  the  cross  lines. 

Arrangements  were  made  for  erecting  these  cameras  at  the  ex- 
tremities of  a  base  of  known  length  (800  yards),  between  which  an 
electrical  communication  was  established. 

Spring  shutters  were  placed  over  the  lenses,  which  could  be  libe- 
rated and  agaiTi  closed,  at  the  will  of  the  observer,  by  the  passage  of 
an  electric  current,  so  as  to  expose  the  plates  for  any  desired  interval 
of  time. 

Captain  Abney  also,  after  numerous  trials,  devised  a  suitable  for^ 
mula  for  an  emulsion  for  coating  the  plates,  as  special  precautions 
were  found  to  be  necessary  in  order  to  obtain  good  cloud  photographs. 

Captain  Abney  thus  describes  the  photographic  process  he  pro- 
posed:— "My  attention  has  been  once  more  directed  to  the  best 
photographic  process  to  employ  for  the  delineation  of  the  clouds,  a 
certain  inconvenience  having  attached  to  the  use  of  collodion-emulsion, 
which  at  first  I  had  not  foreseen.  I  had  then  recourse  to  gelatine 
plates,  but  the  manner  in  which  they  are  ordinarily  prepared  induces 
a  sensitiyeness  which  becomes  unmanageable,  even  when  a  diaphragm 
with  a  small  aperture  is  used  in  the  lenses.  The  great  desideratum 
in  the  plates  appears  to  be  that  a  small  variation  in  the  intensity  of 
the  light  proceeding  from  the  sky  or  cloud  shall  produce  a  great 
contrast  in  the  intensity  of  the  developed  image.  A  very  rapid  plate 
does  not  answer  for  this  purpose;  hence  I  tried  several  modifica* 
tions.  The  process  which  at  present  has  given  the  best  results  is  as 
follows  : — 

"  150  grains  of  bromide  of  ammonium  and  10  grains  of  iodide  of 
potassium  are  dissolved  in  3  oz.  of  water,  to  which  80  grains  <^ 
Nelson's  No.  1  photographic  gelatine  and  80  grains  of  Coignet's 
gelatine  have  been  added.  This  is  dissolved  by  the  aid  of  heat,  and 
200  grains  of  silver  nitrate  dissolved  in  1^  oz.  of  water  are  added. 
The  whole  is  warmed  to  100°  F.  for  five  minutes,  and  allowed  to  set 
after  being  poured  out  in  a  flat  dish.  The  emulsion  thus  produced  is 
washed  (in  the  usual  manner)  from  the  soluble  salts,  and  is  then 
re-melted  and  plates  coated  and  dried,  as  is  customary  in  the  gelatine 
process. 

'*  This  formula  gives  very  constant  results,  and  great  contrasts  of 
image  are  obtained  by  careful  derelopment." 

The  years  1881  to  1884  were  passed  in  working  out  the  details 
of  the  arrangements  above  described,  and  in  1885,  after  numerous 
preliminaiy  trials,  it  was  resolved  to  erect  the  two  cameras  at  the 
Kew  Observatory.  One  was  placed  on  the  roof  of  the  Observatory 
building,  and  the  other  on  a  stand  in  the  Old  Deer  Park,  800  yards 
from  the  other,  on  the  road  leading  to  the  Observatory  from  Rich- 
mond ;  and  a  telegraph  cable  carrying  two  insulated  copper  wires  of 
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low  resistance,  bnried  a  few  inches  below  the  surface  of  the  ground, 
was  laid  between  the  two  stands.  Switches,  attached  to  telephones 
as  well  as  to  ftn  electric  battery,  were  fixed  to  these  stands,  and  wires 
were  arranged  on  the  cameras,  so  that  the  obseryers  conld  either 
communicate  with  one  another,  or  work  the  exposing  shutters  of  the 
two  cameras  at  will. 

Operations  for  the  determination  of  cloud  height  and  motion  were 
then  carried  out  on  suitable  occasions,  as  follows : — The  two  observers, 
termed  for  convenience  A  and  B,  proceeded  to  their  respective 
stations,  each  provided  with  a  box  containing  half-a-dozen  dark  slides 
charged  with  sensitised  plates,  and  also  an  adjusted  watch.  The 
cameras  were  set  up  on  the  pedestals,  levelled,  and  the  connecting 
wires  joined  up.  Locking  plates  of  peculiar  construction  were  pro- 
vided, which  ensured  that  the  zero  points  in  azimuth  of  both  cameras 
were  exactly  directed  to  the  same  point  of  the  horizon. 

The  obsmrver  at  A,  when  he  saw  B  had  reached  his  station  and 
placed  his  camera  on  the  pedestal  ready  for  use,  attracted  B*s  atten- 
tion by  means  of  a  flag  waved  overhead,  and  directed  him  through 
the  telephone  to  set  the  instantaneous  shutter  of  his  camera,  setting 
that  of  his  own  camera  at  A  at  the  same  time.  A  then,  making  use 
of  the  push,  sent  a  current  of  electricity  through  the  two  cameras, 
which  shonld  liberate  both  shutters  at  the  same  instant  of  time.  An 
enquiry  was  immediately  made  through  the  telephone  of  B,  and,  if 
the  reply  assured  A  that  the  shutters  were  working  satisfactorily,  the 
observers  proceeded  to  the  second  stage  of  the  observation,  which 
was  as  follows  : — 

A  carefully  examined  the  sky  and,  selecting  a  suitable  cloud, 
directed  the  sights  on  his  camera  towards  it,  making  a  convenieut 
setting  of  the  horizontal  and  vertical  circles,  which  he  then  read  off. 
He  then  told  B  to  set  his  camera  to  the  same  azimuth  and  altitude, 
and  insert  a  loaded  plate-holder  in  its  groove,  repeating  the  circle 
readings  to  ensure  accuracy,  and  also  at  the  same  time  to  set  his 
shutter.  A,  whilst  directing  B  through  the  telephone,  conducted  the 
same  series  of  operations  at  his  own  instrument,  so  that,  as  soon  as 
B  telephoned  that  he  was  ready  for  action,  A  switched  the  battery  on 
to  the  line,  and,  watching  the  cloud  for  a  favourable  instant,  touched 
the  push,  whereby  the  two  plates  were  exposed  simultaneously,  the 
instant  of  the  exposure  being  recorded  by  both  observers  in  their  respec- 
tive note-books.  They  then  quickly  exchanged  their  plate-holders  for 
others  containing  fresh  plates,  and  again  set  the  shutters,  so  that  by  the 
time  sixty  or  seventy  seconds  had  elapsed  since  the  first  exposure  was 
made  they  were  ready  for  a  second,  which  was  carried  out  as  before 
under  the  directions  of  A,  both  observers  again  noting  the  time. 
After  this.  A,  having  switched  on  the  telephones,  enquired  of  B  if  he 
had  obtained  the  two  pictures.     If  the  reply  was  in  the  affirmative, 
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he  was  directed  io  read  hoth  his  circles,  and  to  enter  the  readings, 
with  the  times  of  the  two  exposures  and  the  numhers  of  the  plate- 
holders  in  his  book,  A  doing  the  same  for  his  own  instrument. 

Having  deposited  the  plate-holders  in  the  light-tight  carrying  box, 
another  charged  pair  were  taken,  and  a  fresh  cloud  in  another  part  of 
the  sky  selected,  and  the  operations  already  detailed  were  repeated, 
until  the  stock  of  charged  holders  was  exhausted. 

The  observers  then,  by  means  of  the  telephones,  again  compared 
their  watches,  and  noting  their  difPerences,  if  any,  sighted  their 
cameras  on  each  other,  and  read  their  mutual  bearings  and  altitudes. 
This  was  done  in  order  to  be  sure  no  displacement  had  taken  place  in 
either  the  orientation  or  level  of  the  instruments.  They  then 
unlocked  the  stands,  dismounted  the  cameras,  and  put  them  away  in 
the  lockers  of  the  pedestals,  ready  for  use  on  another  occasion,  con- 
veying the  plates  to  the  photographic  laboratory  for  development  and 
subsequent  treatment. 

From  time  to  time,  the  empty  plate-holders  were  taken  out,  the 
lenses  directed  to  each  other,  and  settings  made  and  circles  read 
with  the  view  of  determining  the  true  bearings  of  the  fiducial  lines 
before  described,  from  which  the  angular  position  of  the  cloud-points 
dealt  with  were  obtained. 

On  removal  of  the  exposed  plates  from  the  holders,  the  dates  of 
the  observation  having  been  written  on  each  of  the  films  in  pencil,  as 
well  as  a  register  number,  development  proceeded.  ThiB  was  con- 
ducted in  a  wooden  tray  with  a  glass  bottom  specially  adapted  to 
hold  four  plates.  The  two  A's  and  two  B's  forming  one  set  of 
pictures  were  usually  selected  for  simultaneous  development,  in  order 
that  the  negatives  obtained  might  possess  the  same  degree  of  in- 
tensity. Before  hydrokinone  became  an  article  of  commerce,  a 
solution  of  pyrogallic  acid  or  sulphate  of  iron  was  employed  as  the 
developing  agent,  but,  since  1889,  Edwards's  hydrokinone  developer 
has  been  employed  by  preference,  as  being  less  liable  to  produce 
fogged  plates. 

Owing  to  the  efforts  of  the  Kew  observers  being  chiefly  directed  to 
photographing  high  cirrus  clouds,  very  careful  and  slow  development 
was  required,  to  produce  satisfactory  negatives,  and  it  has  been 
generally  necessary  to  continue  the  operation  for  about  forty  minntea 
to  bring  out  a  successful  result.  In  some  cases  of  very  thin  filmy 
cirrus,  the  so-called  mare's  tail  clouds,  the  development  occupied 
1  ^  hours,  before  the  picture  appeared. 

For  discussion  of  the  photographs,  in  most  cases  prints  were  made 
of  the  negatives  by  the  ordinary  albnminised  paper  process. 

Various  methods  of  obtaining  the  heights  and  velocity  of  motion  of 
the  clouds  from  the  photographs  thus  made  have  been  attempted. 
The  computation  by  the  ordinary  trigonometrical  formulae  from  the 
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azimuths  and  altitades  derived  by  measurement  of  a  series  of  points 
in  the  clouds,  properly  identified  in  the  sets  o£  pictures,  is  very 
tedious,  and  a  graphical  method  was  suggested  by  Sir  G.  Stokes, 
which,  though  very  ingenious,  was  found  to  be  troablesome  in  prac- 
tice, and  was  not  persevered  in. 

From  the  nature  of  the  process  employed,  the  indefinite  outlines  of 
the  clouds,  and  their  incessant  change  of  form,  complicated  by  the 
effects  of  perspective  distortion  on  an  irregular  and  ill-defined  surface, 
it  is  necessarily  impossible  to  identify  cloud-points  in  the  different 
pictures  with  much  precision  or  make  exact  measurements;  and 
approximate  results,  therefore,  are  all  that  can  be  sought  for.  The 
object  of  the  enquiry  is  chiefly  to  determine  the  velocity  of  movement 
of  clouds  at  varying  heights  above  the  earth's  surface  and  to  obtain 
the  heights  of  those  observed  at  the  greatest  elevations,  which  appear 
as  cirrus. 

If  A  and  S  are  the  azimuths  of  any  point  in  a  cloud,  and  Za  and  Z» 
the  zenith  distances,  observed  respectively  at  A  and  B,  the  ends  of 
the  base  /9,  then  the  distances,  measured  in  a  horizontal  plane  paas- 
ing  through  the  base,  Do,  D5  from  A  and  B  respectively  of  the 
point  vertically  under  the  cloud-point  will  be 

_         8in(B)  n.-/i     ^"^(-^) 

^-  -  ^8in(A-B)'         ^*  -  ^SJ^CXHB)-' 

and  H,  the  height  of  the  cloud-point  above  the  horizontal  plane  paasing 
through  the  base,  will  be 

H  =  i9^_!lBi?L- —  p s^n  i^)   

^  sin  (A-B)  tan  Za  "^  '^  sin  (A-B)  tan  Z*' 

These  values  are  readily  found  by  means  of  a  slide-rule  constructed 
as  shown  below.  Tbe  graduations  of  the  upper  scale  of  the  fixed  rule 
are  log  sines;  those  of  the  lower  scale  of  the  fixed  rale  logs  of 
numbers,  the  log  of  2400  feet,  the  length  of  the  base,  coinciding  witb 
log  sin  90'. 

The  upper  sliding  rule  No.  I  is  g^raduated  with  log  sines  of  small 
angles  on  the  same  scale  as  the  first  rale,  the  povnt  marked  with 
index  No.  I  indicating  log  sine  5**  44'  27",  which  is  9*00000,  or 
O*'  34'  23",  which  is  800000. 

The  lower  sliding  rule  No.  11  is  graduated  with  log  tangents  Z,  the 
point  marked  with  index  No.  II,  corresponding  to  log  tan  45^,  and  on 
the  same  scale  as  the  sines. 

To  apply  the  rule,  bring  index  No.  I  of  the  slide-rule  No.  I  opposite 
the  angle  A  on  the  upper  fixed  scale.  Then  bring  the  index  No.  II  of 
the  slide-rnle  No.  II  opposite  to  the  angle  A— B  on  the  slide-rule 
No.  I. 
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Fig.  1. 


Opposite  the  index  No.  II,  or  tan  45**,  will  be  found  on  the  lower 
fixed  scale  the  distance  D»,  in  feet ;  and  opposite  to  the  angle  Z»  will 
be  found  on  the  same  scale  the  height  of  the  cloud  in  feet.     By  a 
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similar  process  will  be  found  tbe  distance  Da  and  a  height  of  the 
cloud  determined  from  Za. 

The  position  of  the  point  vertically  under  the  selected  cloud-point 
will  be  determined  with  sufficient  accuracy  graphically,  by  the  inter- 
section of  the  two  distances  measured  from  the  ends  of  a  line  drawn 
to  represent  the  base. 

The  repetition  of  this  process  for  the  second  set  of  photographs  will 
in  like  manner  give  the  position  of  the  cloud-point  after  the  interval 
elapsed  between  the  taking  of  the  two  sets  of  pictures,  and  the  dis- 
tance travelled  being  measured  on  the  diagram,  the  velocity  can  be 
found,  and  the  direction  of  motion  will  be  shown  in  relation  to  the 
direction  of  the  base. 

Irrespective  of  the  laborious  nature  of  this  process,  it  was  found 
that  the  angles  on  which  it  was  based  were  often  so  small  that  the 
results  obtained  were  inconsistent  and  unreliable. 

In  1890,  therefore,  it  was  decided  to  try  another  method  of 
observing,  which  would  admit  of  much  simpler  treatment.  This  was 
to  fix  the  cameras  so  that  the  optical  axes  were  directed  to  the  zenith, 
and  to  photograph  clouds  which  passed  across  the  field  of  view  which 
is  comprised  within  a  circle  described  at  an  angular  distance  of  about 
15^  round  the  zeniths  of  the  two  stations.  The  defect  of  this  method 
is  that  it  very  materially  limited  the  scope  of  operations,  and  reduced 
the  opportunities  of  taking  pictures  to  a  comparatively  small  number, 
for  it  was  found  that  a  large  proportion  of  the  clouds  which  seemed 
apparently  favourable  for  photographing  when  viewed  by  reflected 
solar  light  incident  upon  them  at  oblique  angles  becaiiie  almost 
invisible  when  observed  directly  overhead.  This  was  notably  the 
case  with  cirrus,  some  forms  of  which,  especially  those  possessing  the 
nature  of  cirro-sia^tus,  appear  as  practically  structureless  masses 
when  seen  in  this  position.  But  notmthstanding  these  drawbacks, 
some  of  which,  it  is  hoped,  may  be  obviated,  the  advantages  of  this 
method  of  observing  seem  to  be  sufficient  to  lead  to  its  adoption  in 
preference  to  any  other  yet  suggested. 

To  adapt  the  cameras  for  work  in  this  manner,  both  altitude  and 
azimuth  circles  were  permanently  clamped,  rendering  them  immovable 
in  both  vertical  and  horizontal  planes,  and  the  locking  plates  were 
shifted  on  the  pedestals,  so  that,  while  the  fiducial  lines  on  the 
pictures  intersect  at  the  zenith,  the  direction  of  one  of  them  is  that 
of  the  line  joining  the  two  stations,  or  the  base,  the  other  being  at 
right  angles  to  it. 

With  the  object  of  ensuring  the  proper  adjustment  of  the  optical 
axes  of  the  cameras,  a  tripod  stand  12  feet  in  height  was  made,  which 
was  temporarily  erected  immediately  over  them.  A  plummet  was 
suspended  directly  above  the  lens-oentre,  from  the  point  of  intersec- 
tion of  two  horizontal  wires  fixed  at  right  angles  to  one  another,  one 
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of  them  being  carefully  made  to  coincide  in  direction  with  the  line 
joining  the  two  cameras. 

The  charged  dark  slides,  which  are  separately  numbered,  so  that  the 
correction  for  each  of  them  may  be  ascertained  and  recorded,  are  then 
successively  placed  in  the  camera  and  photographs  taken  of  the  cross 
wires  overhead,  the  pictures  of  which  should  coincide  with  the  fiducial 
lines  of  the  camera,  the  position  of  which  is  as  nearly  as  possible 
adjusted  to  secure  this  coincidence.  The  photographs  thus  made  are 
preserved,  to  supply  data  for  correcting  the  negatives  for  any  error  of 
the  fiducial  lines,  should  the  slides  not  be  properly  adjusted  so  as  to 
secure  the  coincidence  before  spoken  of. 

Assuming,  as  may  be  done  without  objection  for  this  purpose,  that 
the  cloud  surface  photographed  and  the  earth's  surface  at  the  place 
of  observation  are  in  parallel  planes,  distances  measured  on  the  photo- 
graphs from  the  intersection  of  the  fiducial  lines  will  represent 
tangents  of  angles  measured  from  the  zenith  to  radius  equal  to  the 
height  of  the  cloud. 

Again,  if  a  pair  of  photographs  made  simultaneously  at  the 
extremities  of  the  base  are  superimposed  one  on  the  other,  so  that  the 
forms  of  the  clouds  coincide,  which  they  will  do  accurately  if  the 
pictures  are  properly  placed,  then  the  line  joining  the  intersections  of 
the  cross  lines  will  represent,  both  in  magnitude  and  direction,  the 
line  joining  the  zeniths  of  the  two  ends  of  the  base,  from  which  the 
observations  are  made,  or  the  base  itself. 

If  the  adjustments  before  described  have  been  satisfactorily  made, 
the  base,  as  thus  indicated,  should  obviously  fall  on  one  pair  of  the 
fiducial  linos,  which,  when  the  photographs  are  superimposed,  should 
also  coincide ;  otherwise,  if  the  fiducial  lines  in  the  two  pictures  are 
made  to  coincide,  then  the  separation  of  points  properly  identified  in 
the  pictures  will  be  the  measure  of  the  parallax  or  angle  subtended 
by  the  base  at  such  points. 

A  scale  of  angular  distance  having  been  prepared  as  before  ex> 
plained,  the  parallax  thus  measured  may  at  once  be  converted  into 
angular  measure,  and  the  height  of  the  cloud  is  given  by  the 
equation 

H  =  /S/tanw, 

where  v  is  the  angular  parallax. 

In  like  manner,  if  two  photographs  taken  from  the  same  point  with 
an  interval  of  time  between  them  be  superimposed,  so  that  the  cloud 
pictures  coincide,  the  line  joining  the  intersections  of  the  cross  lines 
will  represent  in  magnitude  and  direction  the  movement  or  drift  of 
the  cloud,  and  the  velocity  in  miles  per  hour  will  be  found  from  the 
equation 
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where  B  and  p  are  the  drift  and  parallax  as  measured  on  the  photo- 
graphs, and  t  the  interval  in  seconds  between  the  pictures  being  taken. 

The  method  of  reduction  of  the  photographs  first  adopted  and  em- 
ployed during  the  early  part  of  the  past  summer  was  as  follows  : — 
Prints  were  made  on  albuminised  paper  of  the  set  of  four  pictures, 
two  taken  at  each  end  of  the  base  with  an  interval  of  time  between 
them,  and  they  were  mounted  on  stout  cards  in  order  to  avoid  the 
usual  curling  up  of  the  paper.  When  necessary,  new  fiducia>  lines 
were  then  drawn  in  the  proper  direction  through  the  points  that  had 
been  ascertained  to  represent  the  corrected  position  of  the  lines  of 
reference  as  before  described,  and  these  lines  were  extended  to  the 
margins  of  the  cards. 

If  possible,  five  or  six  cloud-points  were  then  selected  in  each  print, 
capable  of  satisfactory  identification.  A  sheet  of  paper  was  next 
procured,  larger  than  the  pictures,  and  lines  intersecting  at  right 
angles  were  drawn  across  it.  Punctures  were  then  made,  by  means 
of  a  needle,  through  all  the  selected  cloud- points  in  the  four  pictures, 
which  were  successively  placed  over  the  reference  sheet  (termed  here- 
after the  receiver),  so  that  the  fiducial  lines  upon  the  pictures  coin- 
cided with  the  lines  drawn  upon  the  receiver,  thereby  ensuring  the 
points  of  intersection  being  directly  superimposed,  and,  by  means  of 
a  needle  passed  through  the  pricked  holes,  the  marked  cloud-points 
were  transferred  to  the  receiver. 

This  having  been  done  in  tnm  for  all  the  four  pictures  of  the  set, 
the  points  thus  pricked  off  were  joined  by  inked  lines,  those  obtained 
from  the  pair  of  pictures  taken  simultaneously  being  drawn  in  black 
ink,  and  those  from  the  other  pair  in  red,  by  which  a  series  of 
paraUelograms  was  formed,  equal  in  number  to  the  number  of  points 
selected  for  treatment. 

The  black  lines  or  sides  of  these  parallelograms  then  represented 
the  parallax  of  the  several  cloud-points,  being  proportional  in  length 
to  the  tangent  of  the  angle  subtended  by  the  base  line  at  the  altitude 
of  the  cloud,  whilst  the  red  lines  forming  the  other  two  sides  of  the 
quadrilaterals  represented  on  the  same  scale  the  drift  of  the  cloud 
during  the  interval  which  elapsed  between  the  taking  of  the  two  sets 
of  pictures. 

The  measurement  of  these  black  and  red  lines  provided  the  means  * 
already  explained  of  determining  the  height  of  the  clouds  and  the  rate 
of  their  motion,  the  direction  being  given  by  the  inclination  of  the 
two  lines,  of  which  the  black  one  represented  the  base. 

In  dealing  with  the  direction  of  the  drift  when  thus  obtained  from 
positive  prints,  it  has  to  be  remembered  that  by  the  printing  the 
right  and  left  of  the  pictures  are  transposed,  so  that  the  east  is  on  the 
left  and  the  west  on  the  right  in  a  picture  the  top  of  which  is  directed 
to  the  north. 
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The  necessary  meaBurements  were  made  on  a  scale  of  millimeters, 
and  the  computations  carried  out  by  the  help  of  logarithms. 

The  operations  thns  described  have  lately  been  much  abbreviated 
in  various  ways.  First,  it  has  been  found  possible  to  carry  out  the 
superposition  of  the  pictures  by  means  of  the  negatives  only,  and  to 
work  without  either  employing  positives  or  depending  on  the  identi- 
fication of  a  few  selected  points  whose  positions  were  transferred  to 
a  receiver. 

A  frame  has  been  constructed  which  carries  the  glass  negative 
plates  upon  sliders  in  grooves  running  in  parallel  planes,  one  imme- 
diately over  the  other,  but  arranged  so  as  to  travel  at  right  angles  to 
one  another,  the  lower  moving  towards  and  away  from  the  observer, 
whilst  the  upper  traverses  from  right  to  left.  A  mirror,  either  a 
silvered  or  an  opal  plate,  is  employed  to  reflect  the  light  of  the  sky 
upwards  to  the  eye  through  the  negative  photograph  when  the 
apparatus  is  placed  upon  a  table  in  front  of  a  well-lighted  window. 
Stray  or  diffused  light  is  excluded  by  placing  a  box,  darkened  on  its 
inner  surface,  over  the  negatives,  and  the  observer  views  the  com- 
bination through  a  tube  fixed  perpendicularly  upon  the  top  of  the  box. 
The  two  photographs  to  be  compared  are  placed  one  in  each  of  the 
sliding  frames,  which  are  first  so  adjusted  that  the  fiducial  lines  which 
follow  the  direction  of  the  base  pass  exactly  over  one  another.  Next, 
the  bottom  or  backwards-and-forwards  slider  is  moved  until  the  cloud 
pictures,  say  a  pair  marked  A  and  B,  are  seen  to  coincide,  and  the 
distance  between  the  intersections  of  the  cross  lines  on  the  two  plat-es 
representing  the  zenith  points,  which  is  the  parallax,  is  then  measured 
by  means  of  a  pair  of  compasses ;  but  a  scale  could  readily  be  fixed 
on  the  slides  from  which  the  parallax  could  be  read  off  without 
measurement. 

In  order  to  avoid  calculations,  a  standard  carve  has  been  drawn 
(see  fig.  2),  from  which  the  height  of  the  cloud  may  at  once  be 
graphically  determined  from  the  distance  between  the  intersections  of 
the  cross  lines  or  parallax  of  the  base  as  thus  measured. 

On  the  axis  of  abscissaa  of  this  curve  are  marked  off  the  heights  on 
a  scale  which  makes  2400  feet,  the  length  of  the  base,  equal  to  the 
focal  distance  of  the  camera,  and  at  regular  intervals  along  this  line 
.  ordinates  are  drawn  of  the  length,  as  measured  on  the  photographs, 
of  the  parallax  corresponding  to  the  several  heights.  Through  the 
extremities  of  these  ordinates  a  curved  line  is  drawn,  which  gives  the 
locus  of  the  equation 

h   ^^  P  cot  TT, 

the  lengths  h  and  p  being  both  expressed  on  the  scale  just  men- 
tioned. 

The  same  operations  are  next  performed  with  pictures  Aj  and  Ba, 
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and  a  second  value  of  the  cloud  height  is  obtained,  which  serves  to 
confirm  or  modify  the  first  determination. 

Then  pictures  Ai  and  A2  are  placed  in  the  frame,  and  the  images 
superimposed  and  made  to  coincide  as  before,  but  now  the  distance 
separating  the  zenith  of  the  two  pictures,  which  will  be  termed  the 
drift,  will  indicate  the  space  the  cloud  has  moved  during  the  interval 
between  the  taking  of  the  two  pictures ;  and  the  angle  which  the  line 
joining  the  zeniths  makes  witli  the  line  of  base  gives  the  direction  in 
which  the  drift  has  taken  place. 

From  the  length  of  the  drift  measured  upon  the  plates  as  above,  the 
velocity  of  motion  may  easily  be  obtained  by  a  graphical  method. 
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As  before  stated,  the  velocity  in  miles  per  bout  is 


_ «        p        360O 
^  ~p'  5280  ■      t" 


To  obtain  the  value  of  V  graphically,  proceed  as  foUows :- 
p^w  a  horizontal  line  on  which  will  be  represented  eqwl  »"»*; 
intervals  from  0  to  120  seconds,  see  fie,  3  Erect  vertical  lines  at  aU 
the  poi"*^  ^*rr  ®^  '^^^  120  aecondB,  which  will  include  all  Je 
titne  inteijalB  ^tween  the  pictures  likely  to  occnr  in  practice.  On 
the  fir«t  oi  these  vertxcals  mark  off  axxy  convenient  length  to  ^P"*"* 
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1  mile,  and  divide  it  into  60  equal  parts,  and  from  the  zero  point  on 
the  horizontal  line  draw  radiating  lines  throagh  the  points  of  division, 
extending  to  the  vertical  at  120  seconds.  This  constitutes  a  scale  of 
proportional  velocities  from  0  to  60  miles  per  hour,  and  may  be  ex- 
tended to  any  higher  velocity.     Next  (see  fig.  4)  draw  two  parallel 


vertical  lines  at  a  distance  apart  equal  to  the  length  of  the  base, 
2400  feet,  on  the  scale  before  assumed  to  represent  1  mile,  and  draw 
a  horizontal  line  intersecting  the  other  two  at  right  angles  at  points 
M  and  N. 

Then  mark  off  the  length  of  drift  e  upwards  on  each  of  the  two 
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vertical  lines  from  M  and  N  at  points  P  and  Q  ;  and  the  length  of  the 
parallax  ^,  on  the  horizontal  line  from  M  towards  N,  at  a  point  B. 
Join  P,  B,  intersecting  the  vertical  through  N  at  S.  Then  QS 
represents  the  drift  on  thie  scale  assamed  to  represent  1  mile.  Let 
this  be  marked  off  apwards  on  the  vertical  line  drawn  on  the  scale  of 
proportional  velocities,  fig.  3,  from  the  seconds  division  correspond- 
ing to  the  time  interval  between  the  pictures,  and  the  velocity  of 
drift  will  be  indicated  by  the  radiating  line  nearest  to  the  mark  thns 
made. 

The  scales  above  described  for  the  graphical  determination  of  the 
cloud  heights  and  velocities  are  engraved  and  printed  on  sheets  of 
paper,  which,  after  the  computations  are  completed  bj  their  aid,  will 
serve  as  convenient  records  of  the  observations. 

After  a  little  practice,  the  whole  of  the  processes  requisite  for  tiiese 
determinations  from  the  glass  plate-negatives  of  a  complete  set  of 
four  pictures  will  not  exceed  20  minutes.  Quite  sufficient  accuracy 
is  ensured,  and  the  labour  and  risk  of  error  arising  from  the  uae  of 
tables  is  entirely  avoided. 

Although  the  cameras  now  in  use  only  embrace  a  circle  of  angular 
diameter  of  about  30'',  trials  have  been  made  with  a  lens  which  gives 
satisfactory  pictures  of  double  that  extent,  which  is  probably  as  much 
as  could  be  desired. 

The  following  is  a  list  of  the  determinations  made  during  the  past 
year  by  the  methods  now  described  : — 


Date. 

Height. 

Velocitj. 

Direction. 

Surface.              1 

Velocity. 

Direction. 

1890. 
July  10 

miles. 

1-29 

6-20 

r   5-47 

8-39 

L  6*34 

2-87 

1-64 

1-97 

1-93 

6-87 

6-29 

7-22 

2-60 

r   2-66 

\    2-87 

L  2-27 

4-60 

4-60 

1-72 

1-71 

miles. 
7-27 
46-80 
41-39 
64-61 
49-16 
15  19 
20-19 
13-70 
13-28 
42-40 
46-18 
42-00 
25-90 
19-90 
19-70 
22-00 
64-40 
53  10 
5-30 
6-40 

N.W. 
S.W. 
S.W. 
S.W. 
S.W. 
S.S.E. 

S.S.E:. 
w.s,w. 

W.8.W. 

w. 
w. 

N. 
S.S.W. 
S.S.W. 
S.S.W. 
S.S.W. 

S.W. 

S.W. 

S.W. 

S.W. 

miles. 
10 

5 

5 

5 

5 
15 
15 

7 

7 

3 

3 

8 
10 
10 
10 
10 
16 
16 

5 

5 

N.W. 
S.W. 
S.W. 
S.W. 
S.W. 
S.W. 
S.W. 

N. 

N. 
W.S.W. 

ws.w. 

W.N.W. 
8.E. 
S.E. 
S.K. 
S.E. 
S. 

s. 
s. 
s. 

16 

..     16 

AugUBt  26.  ........ 

..      26 

29 

„       29 

September  9 

9 

»      10 

»         17 

,.        17 

18 

»        18 

23 

»         23 
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II.  "  The  Passive  State  of.  Iron  and  Steel.  Part  III."  By 
Thos.  Andrews,  F.R.SS.L.  and  E.,  M.Inst.C.E.  Received 
April  23,  1891. 

Series  V,  Set  1. 

Belaiive  Pcueivity  of  Wrought-iron  and  various  Steel  Bars,  and  the 
Influence  of  Ghemical  Composition  and  Physical  Strudwre  on  their 
Passive  State  in  Cold  Nitric  Acid, 

The  author  is  not  aware  that  any  previous  experiments  have 
hitherto  heen  made  showing  the  relative  passivity  of  the  various 
kinds  of  steel  compared  with  wrought  iron,  or  the  influence  of  the 
chemical  composition  and  physical  structure  of  such  metals  on  their 
passive  condition  in  nitric  acid. 

The  passive  state  of  iron  or  steel  may  have  hitherto  been  regarded 
by  many  as  a  sort  of  fixed  property  pertaining  to  iron  and  steel  alike, 
when  immersed  in  cold,  strong  nitric  acid.  The  following  experi- 
ments were  made  to  investigate  if  the  passivity  was  of  an  universally 
static  character,  or  whether  it  varied  with  the  chemical  composition 
and  general  physical  structure  of  the  metal  and,  if  so,  to  what  extent. 
For  convenience,  this  part  of  the  investigation  was  divided  into  two 
parts,  one  portion  of  the  observations,  Set  1,  being  made  on  drawn 
rods  of  metals  of  known  chemical  composition  and  structure,  and  the 
other,  Set  2,  of  experiments  constituting  a  study  of  the  relative 
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passivity  of  various  steel  and  iron  plates  of  known  but  varied  com- 
position, &c.  The  experiments  of  Set  1  were  made  on  bars  of  the 
various  steels    selected  from  the  author's  standard  samples.      The 

Table  VI. 


Time 
from 
com- 
mence- 
ment of 
experi- 
ment. 


seconds 
0 
80 
minutes 
1 
3 
5 
10 
20 
30 
40 
50 
hours 
1 

li 

2 

21 

3 

8i 

3^ 

4 

6 

7 

12 

18 

20 

22 

24 

26 

29 

30 

38 

40 

43 

45 

47 


Current  between  polished  "passire"  wrought-iron  and  steel  bars  in 
cold  nitric  acid  1*42  sp.  gr.  Electro-chemical  position  of  the 
wrought  iron  positive,  except  where  otherwise  marked  N  (nega- 
tive).   E.M.F.  in  volt. 


Column  1. 


Column  2. 


Column  3. 


Soft  cast  steel  with 
wrought  iron. 


Set  No.  1. 


0  000 
0013 

0*006 
0006N 
0007N 
OOllN 
0  012N 
0013  N 
0-018N 
0  018N 

0  013N 
0  012N 
OOllN 
.0007N 
0004N 
0-002  N 
O'OOO 
0-002 
0-006 
0-016 
0037 
0-052 
0-058 
0*064 
0-070 
0  078 
0  085 
0088 
0098 
0-107 


Set  No.  2. 


0  022N 

0-022  N 
0022N 
0028N 
0026N 
0  025N 
0-023N 
0  019N 
0  017N 

0  014N 

0-011  N 

0-008  N 

0  005N 

OOOIN 

0-000 

0001 

0004 

0  007 

0-012 

0-018 

0-026 

0  030 

0-033 

0-086 


Hard  cast 

steel  with 

wrought 

iron. 


Soft  Bessemer  steel 
with  wrought  iron. 


Set  No.  3. 


0-004  N 

0  016N 
0-020N 
0023N 
0  022N 
0020N 
0-023  N 
0-020  N 
0  019N 

0019  N 

0020N 

0-020N 

0-019  N 

0  018N 

0  018N 

0017N 

0-016N 

0-013N 

0  006N 

0  006 

0  017 

0-023 

0-028 

0  033 

0-085 

0-042 

0  047 

0-058 

0-060 

0  066 

0-071 

0-090 


Set  No.  4. 


0  017 

0  022 
0030 
0  034 
0  034 
0-031 
0  028 
0-024 
0  023 

0-020 
0017 
0014 
0-012 
0012 
0-011 
0  011 
OOU 
O-Oll 
OOU 
0012 
0  013 
0  018 
0-014 
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Tungsten 

steel  with 

wrought 

iron. 


Set  No.  6. 


0  016 

0-017 
0-024 
0-082 
0-084 
0-084 
0  032 
0-029 
0-026 

0-024 
0-019 
0-016 
0  013 
0-018 
0  018 
0  013 
0-012 
0  011 
OOU 
0  011 
0  012 
0  018 
0-016 
0  016 


0  070N 

0-074  N 
0-078K 
0-071  N 
0-070  N 
0-065K 
0-061N 

0-oeoN 

0069  N 

0-066  N 
0-065  N 
0-054N 
0-062  N 
0  052  N 
0-061  N 
0-050N 
0-049  N 
0-040  N 
0-048  N 
0'048N 
0-047N 
0-047  N 
0048N 
0-066  K 
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bars  were  cold  drawn  through  a  wortle,  and  were  therefore  different 
in  physical  strnctnre  to  the  rolled  plates  used  in  the  second  series  of 
the  experiments.  An  idea  of  their  general  properties  will  be  obtained 
on  reference  to  Part  II,  Tables  IV  and  V.  A  polished  bar,  8^  inches 
long,  0'3I0  inch  diameter,  of  the  steel  to  be  tested  was  placed  in  the 
wooden  stand  W  (fig.  5),  along  with  a  polished  wronght-iron  bar  of 
equal  size,  and  the  pair  were  then  immersed  in  1|^  fluid  ounce  of 
nitric  acid  1*42  sp.  gr.,  contained  in  the  y-tube,  the  bars  being  in 
circuit  with  the  galvanomefcer.  The  immersion  was  continued  for 
the  periods  stated,  and  with  the  electro-chemical  results  given  on 
Table  VI. 

The  wrought-iron  bars  used  in  each  experiment  were  cut  from  one 
longer  polished  rod,  so  as  to  afford  a  fair  comparison  of  the  relative 
passivity  of  the  various  steels,  compared  with  the  wrought  iron  and 
also  with  each  other.  The  results  are  the  average  of  numerous 
experiments  in  each  case. 

Seeibs  V,  Set  2. 

BelcUive  Passivity  of  Wrought-iron  and  varioris  Steel  Plates  in  Oold 
Nitric  Acid  sp.  gr,  1*42. 

In  the  following  series  of  observations,  the  metals  experimented 
upon  consisted  of  plates  of  rolled  wrought  iron,  rolled  steels  made  by 
the  Bessemer,  Siemens-Martin,  or  crucible  cast-steel  processes,  and 
they  were  of  the  chemical  composition  given  on  Table  VII.  Each 
plate  was  3  inches  square,  by  |  inch  thick,  =  total  area  of  exposure, 
19*5  square  inches  including  edges,  brightly  polished  all  over,  and 
bad  a  long  thin  strip  left  on  the  top  side  (see  fig.  6),  for  convenience 
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of  attaching  to  the  galvanometer  connexions.      The  whole  of   the 
wrought-iron  plates,  used  as  elements  with  the  various  steel  plates. 
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Current  between  bright  "  paesWe  ** 

wrought-iron  and  steel  plates  in 

cold  nitrie  acid  1*42   sp.  gr. 

Electro-chemical  position  of  the 

Time 

wrought 

iron  positiTe,  except  where  otherwise  marked  N  (nega- 

from 

live).    K.M.F:  in  Tolt. 

com- 
mence- 

ment 
of  experi- 

Soft cast 
steel  with 

Hardeast 

'steel  with 

wrought 

iron. 

Soft 
Bessemer 

Hard 
Bessemer 

Soft 
Siemens 

Hard 
Siemens 

ment. 

steel  with 

steel  with 

steel  with 

steel  with 

wrought 
iron. 

wrought 

wrought 

wrought 

wrought 

iron. 

iron. 

iron. 

iron. 

minutes. 

1 

0O20 

0-071 

0-017N 

0  076 

0*081 

0*065 

5 

0  082 

0  074 

0005 

0  079 

0  017 

0  064 

15 

0-088 

0  078 

0  018 

0-086 

0*024 

0  061 

80 

0  040 

0  067 

0  012 

0  098 

0  038 

0  064 

40 

0  048 

0  062 

0  012 

0-107 

0  048 

0  064 

60 

0-049 

0-059 

0*011 

0  104 

0-058 

0*064 

honn. 

1 

0-047 

0  055 

0*011 

0-108 

0-068 

0064 

2 

0  047 

0-061 

0  007 

0109 

0-034 

0-062 

8 

0-048 

0-060 

0*000 

0-108 

0-018 

0  061 

4 

0-047 

0  060 

0-(tt8 

0  098 

0-065 

0-066 

5 

0  048 

0*058 

0  019 

0  121 

0  007N 

0  060 

6 

0-050 

0-062 

0007N 

0  106 

0-022N 

0  056 

8 

0-038 

0-058 

OOllN 

0-104 

0087  N 

0-059 

9 

0  040 

0-054 

0-011  N 

0*107 

0-084N 

0-068 

15 

0-058 

0-061 

0024  N 

0  086 

0-017N 

0066 

18 

0-060 

0-055 

0*030  N 

0-077 

0008  N 

0  056 

20 

0  050 

0-054 

0-038  N 

0*077 

0-007  N 

0-058 

22 

0  040 

0-060 

0-028  N 

0  079 

0*007  N 

0-061 

24 

0  038 

0  060 

0  023N 

0*077 

0*007  N 

0-064    . 

26 

0-046 

0-064 

0-017  N 

0065 

0-064 

28 

0049 

0  065 

0-013  N 

0-061 

0-062 

80 

0  050 

0*078 

0  017N 

0-061 

0066 

89 

0  040 

0-071 

0-028  N 

0-061 

0-070 

40 

0  052 

0-067 

0-016  W 

0-064 

0-084 

46 

0-C50 

0-077 

0-015  N 

0070 

0090 

50 

0*046 

0-077 

0  018N 

0*070 

0  088 

64 

0  046 

0-077 

0-017  N 

0  071 

0-086 

56 

0  078 

0  016N 

0  071 

66 

0  078 

0  017  N 

72 

I 

0-067 

1 

1 

were  cut  from  one  larger  wronght-iron  plate  and  were  thus  practicallj 
of  uniform  composition,  thus  ensuring  an  accurate  comparison  of  the 
relative  passivity  of  the  wrought  iron  compared  with  the  different 
tjpes  of  steels,  and  at  the  same  time  indicating  relatively  the 
influence  of  varied  composition  and  structure  on  the  passivity  of  the 
different  classes  of  steel  under  observation.  In  each  experiment,  a 
polished  wrought-iron  plate  and  a  polished  steel  plate  were  firmly 
placed  in  two  small  holes  drilled  through  a  thick  plate-glass  cover ; 
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the  cover  holding  the  two  plates  was  then  carefullj  placed  closely 
over  a  porcelain  vessel  containing  15  fluid  ounces  of  nitric  acid 
Hp.  gr.  1'42,  the  plates  being  fully  immersed  in  the  acid,  and  the 
protruding  shanks  of  the  bars  connected  in  circuit  with  the  galvano- 
meter. The  electro-chemical  effects  observed  were  then  taken  in  the 
usual  manner,  and  the  results  are  given  on  Table  YIII. 

At  the  conclusion  of  each  experiment  on  Table  YIII,  the  nitric 
acid,  though  quite  coloarless  at  first,  was  found  to  be  of  a  jellowish- 
brown  colour.  A  small  deposit  of  fine  black  oerbouaceous-looking 
matter  was  noticed  at  the  bottom  of  the  tank  surroanding  the 
wrought-iron  bar  in  each  set  of  these  experiments. 

The  hard  Siemens-Martin  steel  plate  and  the  wronght-iron  plate, 
instantly  after  withdrawal  from  the  acid,  showed  nearly  their  original 
bright  polish,  with  the  exception  of  a  few  fine  streaks  or  markings 
on  the  wrought-iron  plate,  indicating  that  the  latter  metal  had  been 
rather  more  acted  upon  than  the  steel  plate,  the  hard  Siemens-Martin 
steel  plate  presenting  a  slightly  dull-greyish  aspect.  Somewhat 
similar  results  were  observed  on  withdrawing  the  soft  cast  steel,  hard 
cast  steel,  soft  Bessemer  steel,  and  hard  Bessemer  steel  series  of  plates 
from  the  nitric  acid. 

The  hard  cast  steel  plate  when  taken  out  showed  a  dull  Instre 
much  removed  from  its  original  bright  polish,  but  there  were  no  other 
signs  of  its  having  been  acted  upon.  The  wrought-iron  plate  con- 
nected with  it  was  bright  on  withdrawal  from  the  liquid  and  but  very 
slightly  marked. 

Oeneral  Bemarka. 

It  has  been  necessary  to  give  in  modified  detail  the  effects  observed 
during  the  periods  of  experimentation  recorded  on  the  Tables,  Parts 
I,  II,  and  III,  so  as  to  convey  an  accurate  intimation  of  the  method 
and  nature  of  the  research,  and  a  brief  resume  of  some  of  the  prin- 
cipal results  and  conclusions  arrived  at  by  the  author  up  to  the  present 
time  may  now  be  given. 

Firstly. — The  experimental  observations  of  Part  I,  Series  I,  indicate 
that  the  influence  of  magnetisation  on  the  passive  state  of  steel  rods 
in  cold  nitric  acid  sp.  gr.  1*42  is  not  very  great,  but  it  was  detectable 
with  the  delicate  galvanometer  and  by  the  sensitive  electro-chemical 
method  pursued  by  the  author  in  the  investigation.. 

The  effect  of  magnetisation  is  more  marked  in  warm  nitric  acid, 
and  when  the  iron  is  in  a  powdered  state,  as  shown  in  the  independent 
and  separate  experiments  of  Messrs.  Nichols  and  Franklin  on  passive 
powdered  iron  in  warm  nitric  acid,  previously  alladed  to  in  Part  I, 
by  whom  it  was  shown  that  the  temperature  of  transition  from  the 
passive  to  the  active  state  was  very  materially  lowered  by  powerful 
magnetism ;  their  experiments  also  indicate  that  the  passive  state  of 
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powdered  iron  cannot  be  fally  overcome,  even  nnder  strong  magnetic 
inflnence,  until  a  temperature  of  about  51"  C.  is  reached. 

Secondly, — The  author's  experiments  of  Part  I,  Series  II,  at  higher 
temperatures  confirm  those  of  Part  I,  and  further  tend  to  demonstrate 
the  influence  of  magnetisation  in  somewhat  lessening  the  passivity  of 
steel,  showing  that  even  previous  to  the  critical  temperature  point  of 
transition  from  the  passive  to  the  active  state,  magnetised  steel  bars 
were  rather  less  passive  in  warm  nitric  acid  than  unmagnetised  ones. 

Thirdly. — The  results  in  Part  II,  Series  III,  show  that  the  passfvity 
of  both  unmagnetised  wrought  iron  and  unmagnetised  steel  in  nitric 
acid  sp.  gr.  1*42  is  considerably  and  proportionately  reduced  as  the 
temperature  of  the  acid  increases,  until  the  temperature  point  of 
transition  from  the  passive  to  the  active  state  is  reached  at  a  tempera- 
tare  of  about  195^  F.,  and  it  was  also  found  that  the  wrought  iron 
was  less  passive  in  the  warm  nitric  acid  than  cast  steel;  see  also 
remarks  at  foot  of  Diagram  I,  in  Part  II. 

Fourthly. — The  results  of  the  observations  of  Part  II,  Series  IV. 
indicate  that  Scheurer-Kestner  was  to  some  extent  in  error  in  regard- 
ing the  passivity  of  iron  as  not  dependent  on  the  greater  or  less 
degree  of  saturation  of  the  acid.  The  author's  experiments  herein 
recorded  have  shown  that  the  passivity  of  the  metals  employed,  viz., 
wrought  iron,  soft  cast  st«el,  hard  cast  steel,  soft  Bessemer  steel,  and 
tangsten  steel,  was  very  materially  increased  with  the  concentration 
of  the  nitric  acid,  and  it  was  also  observed  that  wrought  iron  was  much 
less  passive  in  the  nitric  acid  of  less  concentration  than  most  of  the 
steels,  the  soft  Bessemer  steel  being  found  about  equal  in  passivity  to 
the  wrought  iron  under  the  conditions  of  experimentation.  A  reference 
to  Table  HI  shows  that  a  considerable  amount  of  E.M.F.  was 
developed  between  the  different  metals  in  every  instance,  which  is  a 
circumstance  of  much  interest  in  connexion  with  the  passive  state  of 
iron  and  steel. 

Fifthly. — The  results  obtained  in  Part  III,  Series  V  and  VI,  on  the 
relative  passivity  of  wrought  iron  and  the  various  steels,  soft  cast 
steel,  hard  cast  steel,  soft  Bessemer  steel,  hard  Bessemer  steel,  soft 
Siemens  steel,  and  hard  Siemens  steel,  are  of  an  important  character, 
showing,  by  the  delicate  electro-chemical  method  employed,  the 
powerful  influence  of  difference  in  chemical  composition  and  physical 
structure,  &c.,  on  the  passive  state  of  the  metals.  Generally  through- 
out this  series  of  experiments  it  will  be  observed  that  the  wrought 
iron  was  electro-positive  to  the  steels  with  a  considerable  E.M.F., 
amounting  in  some  cases  to  as  high  as  one- tenth  to  one-seventh  of  a 
volt,  the  wrought  iron  being  thus  shown  to  be  less  passive  than  the 
steels.  In  the  experiments  on  the  wrought-iron  and  various  steel 
bars  on  Table  YI,  which  in  course  of  their  manufacture  were  drawn 
cold  through  a  wortle,  and  were  hence  in  a  different  molecular  condi- 
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tioQ  to  the  plates  (which  were  rolled  hot)  experimented  upon  in 
Table  YIII,  it  will  be  noticed  that,  in  several  instances  with  soft  cast 
steel  and  hard  cast  steel,  the  wrought  iron  did  not  assume  the  electro- 
positive position  until  two  or  three  hours  after  immersion  in  the  nitric 
acid.  Subseqaentlj  the  iron  assumed  its  normal  position,  and  became 
during  the  long  remaining  period  of  the  observations  electro-positive 
to  the  steels,  with  a  considerable  and  increasing  E.M.F.,  showing' 
that  the  wrought  iron  was  becoming  gradually  very  much  less  passive 
than  the  steels.  In  the  case  of  the  soft  Bessemer  and  soft  Siemens 
plates,  Table  YIII,  we  have  also  a  similar  instance  of  these  peculiar 
and  temporary  interchanges  and  variations  of  relative  passivify  which 
are  not  easily  accounted  for.  In  the  case  of  the  tungsten  steel. 
Table  YI,  the  wrought  iron  was  steadily  in  the  electro-negative  posi- 
tion, hence  in  the  latter  instance  showing  the  wrought  iron  to  be 
permanently  more  passive  than  the  tungsten  steel. 

A  reference  to  the  experiments  on  the  wrought  iron  and  various 
steel  plates,  on  Table  YIII,  shows  that  the  E.M.F.  between  the 
passive  wrought  iron  and  the  various  soft  steels,  which  contained 
less  percentage  of  combined  carbon,  in  circuit  in  cold  nitric  acid 
sp.  gr.  1*42,  was  very  considerably  less  than  the  E.M.F.  under  similar 
conditions  between  the  wroaght-iron  plates  and  the  different  hard 
steels  having  a  higher  percentage  of  combined  carbon.  The  latter 
results,  therefore,  demonstrate  the  interesting  circumstance  that 
steels,  of  a  higher  percentage  of  combined  carbon  are  more  passive 
than  those  of  a  lower  percentage  of  combined  carbon.  It  will  be 
observed  that  the  wrought  iron  was  also  electro-positive  to  most  of  the 
steels,  whether  of  a  higher  or  lower  percentage  of  combined  carbon, 
which  shows  that  wrought  iron  may  be  regarded  as  generally  leas 
passive  than  steels. 


III.  "  On  the  Demonstration  of  the  Presence  of  Iron  in 
Chromatin  by  Micro-chemical  Methods."  By  A.  R 
Maoallum,  M.B.,  Ph.D.  Communicated  by  Professor  H.  N. 
Martin,  F.R.S.    Received  April  23,  1891. 

(Abstract.) 

The  method  of  isolating  what  is  called  chromatin  by  the  histologist 
yields  compounds  of  fairly  stable  composition  called  nucleins,  some 
of  which  have  been  shown  to  contain  iron  (Bange  and  Zaleski).  My 
observations  on  haamatopoiesis  in  Amphibia  led  me  to  the  conclusion 
that  the  chromatin,  from  which  the  hasmoglobin  of  the  hematoblasts 
is  derived,  is  an  iron-holding  compound.  Other  observations  indicated 
that  the  conclusion  could,  possibly,  be  made  of  general  application, 
i.e.,  that  iron  is  present  in  the  chromatin  of  every  cell,  animal  and 
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vegetable.  The  ordinary  metliod  of  isolating  chromatin  employed 
in  chemical  and  physiological  laboratoiieis  cannot  be  readily  applied 
in  testing  the  correctness  of  this  supposition.  It  is  conceivable  that 
this  substance  absorbs  and  retains  tenaciously  iron-holding  com- 
pounds as  readily  as  it  does  some  of  the  dyes  used  by  the  histologist. 
It  is  not  easy  to  remove  such  compounds  without,  possibly,  decompos- 
ing the  chromatin,  and,  when  the  latter  is  prepared  in  any  quantity, 
one  cannot  be  certain  that  the  iron  which  is  present  may  not  be  an 
impurity.  To  overcome  this  diJQ&culty,  one  must  prepare  chromatin 
from  organs  which  are  free  from  hssmatin  or  like  substances,  or 
from  inorganic  iron  compounds,  and,  for  this  purpose,  fairly  large 
quantities  would  be  necessary  for  chemical  manipulation.  There  is, 
apparently,  no  organ,  animal  or  vegetable,  which  ofPers  such  an 
opportunity.  There  consequently  remains  but  one  other  way  by 
which  the  view,  that  iron  is  constantly  present  in  chromatin,  can  be 
put  to  the  proof,  and  that  is  the  micro-chemical  one.  I  have  found 
that  a  certain  method  of  employing,  ammonium  sulphide  as  a  reagent 
for  iron  shows  the  presence  of  the  latter  in  the  chromatin  of  the 
nuclei  of  a  very  large  number  of  species  of  cells  hardened  in  alcohol. 
The  iron  in  this  case  does  not  occur  combined  as  an  albuminate,  but 
rather  in  a  condition  which,  as  regards  the  firmness  of  the  combina- 
tion, is  comparable  to  that  present  in  potassium  ferrocyanide  or 
hsnnatin.  That  the  iron  found  is  not  due  to  the  presence  of  hematin 
is  shown  by  the  results  of  experiments  made  with  vegetable  cells,  and 
with  animal  cells  which  one  would  not  naturally  expect  to  contain 
haamatin,  as,  for  example,  those  of  the  corneal  epithelium  in  Amphibia. 
In  support  of  this  may  also  be  mentioned  the  fact  that  where  chro- 
matin is  very  abundant  the  iron  reaction  is  very  marked,  while  it  is 
feeble  in  cells  poor  in  chromatin.  In  the  chromatin  loops  and 
filaments  of  karyokinetic  figures  the  iron  reaction  is  intense  and 
sharply  confined  to  these  structures. 

I  forego,  for  the  present,  any  expression  of  opinion  as  to  the  general 
application  of  the  results  obtained.  I  would  not  even  maintain  that 
the  chromatin  of  every  cell  essentially  contains  iron,  although  my 
studies  have,  so  far,  not  furnished  an  instance  which  can  support  the 
contrary  view. 

The  Society  adjourned  over  Ascension  Day  to  Thuarsd^-y,  May  14. 

Presents,  April  30,  1891. 
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The  examination  of  these  three  cases  was  conducted  at  different 
times,  the  first  partially  in  the  presence  of  the  Colour  Vision  Com- 
mittee by  Mr.  Nettleship,  and  the  two  last,  and  part  of  the  examination 
of  the  first,  at  different  times,  in  my  laboratory,  with  the  assistance 
of  Mr.  Nettleship. 

In  all  three  cases  the  examination  made  was  an  ability  to  distin- 
guish colour,  luminosity  of  the  different  parts  of  the  spectrum,  and 
total  sensation  of  light ;  and,  in  addition,  in  the  first  case,  to  range  of 
colour  sensation  on  the  retina. 

Oase  L — ^This  patient,  Alfred  C,  aged  36,  a  traveller,  was  suffer- 
ing from  rather  severe  tobacco  amblyopia,  and  was  brought  to  the 
Committee  by  Mr.  Nettleship.  The  scotoma  was  a  very  marked  one, 
and  the  loss  of  colour  sensation  most  complete.  Mr.  Nettleship  has 
kindly  added  the  following  remarks  on  the  case  : — 

His  acuteness  of  vision  was  -^  with  B.  and  -^  with  L.  He  smoked 
half-an-ounce  of  *'sbag"  daily  and  drank  about  four  pints  of  beer.  His 
sight  had  been  failing  for  about  two  months.  As  is  common  in  early 
stages  of  this  disease,  the  ophthalmoscope  revealed  no  decided  changes 
at  the  optic  discs. 

He  was  tested  at  the  Boyal  Institution  by  Mr.  Nettleship,  in  the 
presence  of  the  Committee,  with  the  following  results : — 

He  passed  the  test  of  the  Holmgren  wools  satisfactorily,  proving 
that  the  usual  vision  was  normal  for  colour.  I  had  prepared  small 
pellets  of  moulder's  clay,  each  weighing  4  grains,  and  about  -|-  inch 
in  diameter,  and  had  had  sets  coloured  with  the  same  colours  as  those 
of  the  Holmgren  wools.  C.  was  told  to  pick  out  the  blues,  reds,  and 
greens.  '  The  blue  pellets  he  picked  out  without  fail,  and  he  never 
made  the  least  mistake  in  his  choice,  but  he  failed  entirely  to  distin- 
guish the  greens  or  reds,  mistaking  them  for  drabs  and  greys,  which 
were  amongst  the  pellets.  When  told  to  look  away  some  20**  from 
the  slab  on  which  the  pellets  were  placed,  he  at  once  saw  all  the 
colours,  but  directly  he  turned  his  eyes  to  pick  them  out,  all  colour 
perception,  except  for  blue,  disappeared.  This  test  indicated  that  he 
had  lost  all  perception  of  green  and  red  in  the  central  part  of  the  eye. 
He  was  next  tested  with  small  discs  of  different  colours  by  Mr. 
Nettleship,  keeping  his  eye  fixed  on  a  given  point,  and  the  loss  of 
colour  sensation  for  all  except  blue,  and  perhaps  a  little  yellow,  in  the 
central  part  of  the  eye,  was  at  once  made  apparent ;  the  blue  he  would 
distinguish  with  the  greatest  facility,  and  the  sensation  was  appa- 
rently as  strong  as  in  normal  eyesight.  A  further  test  was  made  by 
Mr.  Nettleship  with  coloured  lights  to  imitate  signal  lights,  and  he 
named  a  brilliant  red  light,  and  an  equally  brilliant  green  light,  when 
side  by  side,  both  as  white  (see  also  p.  85). 

This  man  attended  at  my  laboratory,  at  the  meeting  of  the  Com- 
mittee on  Colour  Vision,  with  Mr.  Nettleship,  and  he  was  tested  with 
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the  colonr-patch  apparatus  described  in  "  Colour  Photometry,"  in  the 
*  Philosophical  Transactions,'  1886,  bj  General  Festing  and  myself. 
The  objects  first  in  view  were  to  test  his  perception  of  the  spectrum 
colours,  and  then  bis  retinal  field  colour  perception  for  the  same. 
A  template  was  cut  out  -after  tbe  manner  described  by  G-eneral  Festing 
and  myself  in  the  second  part  of  "  Colour  Photometry "  (*  Phil. 
Trans.,'  1889),  of  sucb  a  shape  tbat  all  the  spectrum  lying  between 
X4600  and  X6600  was  reduced  to  equal  luminosity  when  it  was  ro- 
tated in  front  of  the  spectrum.  Diaphragms  containing  boles  of 
different  sizes  were  placed  in  front  of  the  last  prism,  and  thus  a  round 
spot  of  monochromatic  light  of  the  same  luminosity  was  produced 
upon  the  screen  when  a  slit  was  passed  through  the  spectrum.  From 
tbe  red  end  to  \  6270  he  called  the  whole  of  the  colours  white,  and 
from  that  point  he  began  to  see  blue,  called  the  colours  bluish  and 
blue.  When  the  full  illumination  for  all  the  colours  was  used,  the 
same  results  were  obtained.  From  this  examination  it  would  appear 
that  he  was  totally  deprived  of  the  sensation  of  any  colour  except  of 
blue.  A  subsequent  examination  of  his  perception  of  the  luminosity 
of  different  rays,  howerer,  has  to  be  taken  into  account,  for  in  the 
first  examination  he  had  no  light  of  pure  white  with  which  to  compare 
the  colours.     In  the  next  experiments,  a  strip  of  white  light  was 


I. 

II. 

ni. 

IV. 

V. 

Bemarks. 

Scale 
No. 

Waye- 
length. 

Luminosity 

to  the 
normal  eye. 

Luminosity 
toX. 

IV. 
III. 

60 
57 
55 
53 
51 
47 
43 
40 
32 
31 
26 

6780 
6423 
6242 
6074 
5920 
5660 
5430 
5270 
4910 
4960 
4680 

7-3 
82 
66 
96 
99 
92 
69 
60 

8-5 

7 

3 

0 

10 

88 

86 

90 

83 

625 

46 

9 

8 

3 

0 
0-31 
0-65 
0-89 
0-91 
0-90 
0-90 
0-92 
106 
114 
1-00 

Sees  only  the  white  stripe. 

Calls    red   yellowish,    and 
white  bluish. 

»>                i»            i» 

Both  one  colour. 

»           )} 

Galls    green  a  little   blue; 
white  he  sees  as  white. 
i>               >»            1 

Sees  blue  as  blue,  and  wlyte 
yellowish. 

II               »            i> 

II               II            II 

2  L  2 
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placed  in  juxtaposition  to  the  colour,  and  the  results  were  slightly 
different.  The  table  (p.  493)  gives  his  luminosity  measures.  Col.  I 
is  the  empyric  scale  number,  II  is  the  wave-length,  III  the  luminosity 
of  the  colour  to  the  normal  eye,  lY  the  luminosity  to  C,  and  V  the 
ratios  of  III  to  IV . 


o 


In  the  diagram,  his  luminosity  curve  X  is  shown,  its  area  being 
1400  against  1650  for  the  normal  eye.  As  will  be  shown,  his  per- 
ception of  light  is  only  two-thirds  of  that  of  the  normal  eye ;  hence 
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hiis  area  of  Inminosity  should  be  1100.  As  it  is  1400,  the  ordinates 
of  the  abov^e  curve  should  be  multiplied  by  0*8,  to  compare  with  that 
of  the  normal  eje. 

It  should  be  mentioiied  that  his  matches  of  luminosity  were  made 
without  any  hesitation,  and  were  concordant  for  each  observation, 
which  is  not  to  be  wondered  at,  as  the  matches,  except  at  the  blue 
end,  were  practically  matching  shades  of  black  to  white. 

From  the  foregoing,  it  will  be  seen  that  the  white  which  G.  sees  as 
white  is  the  same  as  the  D  sodium  light,  and  that  the  red  he  says  is 
yellowish.  The  mixture  of  this  yellowish-white  with  the  blue 
apparent  makes  white  at  X  5430.  He  sees  a  little  blue  in  the 
spectrum  colour  at  X  5720,  so  it  must  be  taken  that  at  that  point  of 
the  spectrum  he  begins  to  see  colour,  a  point  which  is  considerably 
lower  than  that  given  by  his  preliminary  examination  of  the  spectrum 
colour,  and  due,  no  doubt,  to  the  fact  that  the  white  light  used  by 
the  comparison  light  was  that  of  the  positive  pole  of  the  electric 
light.  It  seems  probable  that  what  G.  called  yellowish  was  really  a 
sensation  of  white  mixed  with  a  very  small  quantity  of  red  sensation 
(as  he  saw  no  yellow  in  the  orange,  in  which  that  colour  would  be 
most  easily  distinguished  on  account  of  its  luminosity),  and  red  light, 
when  strongly  diluted  with  white  light,  to  the  normal  eye  appears 
slightly  orange. 

Subsequently  C.  was  tested  for  the  illuminating  value  of  white 
light  compared  with  my  own  and  that  of  Mr.  Nettleship.  The  appa- 
ratus used  in  this  case  (fig.  2)  was,  I  believe,  somewhat  on  the  prin- 
ciple of  Dr.  Forater's  photometer,  with  which  I  was  unacquainted 
before  I  made  the  instrument.     It  is  made  as  follows : — 

Fi0.  2. 
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E  is  a  small  tube  for  the  eye  to  look  down  into  a  box  4  feet  long ; 
O  is  an  apertnre  in  the  side  of  the  box  oovered  with  ground  glass  ;  L 
is  a  gas-light ;  A  rotating  sectors  which  can  be  opened  and  closed  at 
will ;  M  a  mirror  to  reflect  the  light  on  to  a  card  (which  can  be 
changed  at  will,  and  on  which  are  one  or  more  black  spots)  slipping 
into  a  slot  S  from  the  top  of  the  box.  E  is  so  arranged  that  the  whole 
of  the  card  can  be  viewed.  The  observer  places  his  eye  at  E,  and  the 
sectors,  which  at  first  are  closed,  are  gradnaily  opened  nntil  the 
observer  can  see  that  there  are  black  spots  on  a  white  ground.  The 
angle  of  the  aperture  of  the  sector  is  noted.     Each  eye  is  tested. 

In  this  case  my  own  right  eye,  agreeing  with  that  of  Mr.  Nettle- 
ship,  was  used  as  the  standard,  since  it  was  with  that  that  the  normal 
luminosity  curve  was  originally  made. 


Bight  eye. 

Left  eye. 

Bemarks. 

Abney 

Alfredo... 

Abney 

Alfredo... 

17 
81 
10 
26 

17 
26 

9 
17 

6  BmalliBh  spots  used  as  test  object. 

>i            If             »»            II 
1  large  spot 

II           II             II           II 

From  this  it  may  be  concluded  that  G.'s  appreciation  of  light  to  the 
standard  is  about  half  for  the  right  eye,  and  two-thirds  for  the  left  that 
of  the  standard. 

The  horizontal  colour  field  was  tested  by  a  modification  of  the  colour 
patch  apparatus. 

Fig.  3. 


A  brass-work  frame  was  made  as  shown,  fig.  3.  A  and  B  are  fixed 
to  a  board,  the  other  arms  are  capable  of  moving  with  parallel  motion, 
the  arm  BD  slides  through  D ;  at  B,  and  attached  to  BD,  is  a  mirror 
which  can  be  fixed  in  any  position.     The  light,  when  once  turned  in 
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the  direction  BL,  always '  falls  on  E,  at  the  end  of  which  a  paper  disc 
can  be  placed.  A  mirror  without  this  arrangement  can  be  employed, 
the  light  falling  on  a  paper  strip,  bat  is  not  qnite  so  convenient.  The 
monochromatic  light  was  thrown  on  the  mirror,  and  the  angular 
deviation  from  the  zero  point  read,  the  eye  being  fixed  on  a  point 
along  the  zero  reading.  The  experiments  were  made  first  with  the 
ordinary  luminosity  of  colours,  and  subsequently  with  the  reduced. 


Scale  No.    Wave  length.      Temp.  side.      Nasal  side. 

14°  ion 

14  10 

15  11 
14  10 

.      14  10 

5658     white  all  over  the  field 
4600     sees  blue  throughout.    ^ 


56 

6330 

52 

5996 

47 

5658 

56 

5330 

52 

5996 

47 

5658 

23 

4600 

Square  patch,  2-inch 
side. 

Small     round    spot, 
f^     ^-inch  diam. 


In  the  above,  the  angles  show  where  colour  was  first  visible. 

Case  IL — The  next  two  subjects  are  brothers  (Alfred  and  William 
P.,  indicated  below  as  P  and  Q),  whose  colour  perception  is  mono- 
chromatic. Mr.  Nettleship  had  previously  tested  them  with' wools, 
and  the  matches  they  made,  such  as  matching  yellow  with  blue, 
made  it  evident  that  their  colour  vision  was  very  abnormal.  The 
defect  IS  not  due  to  active  disease,  but  they  were  bom  with  it. 
They  snfEer  from  amblyopia.  These  cases  were  published  as  cases 
of  "  Day-blindness  with  Colour-blindness,"  by  Mr.  Nettleship,  in 
the  *  St.  Thomas's  Hospital  Reports,'  1880  (vol.  10). 

Testing  them  with  the  spectrum,  they  made  most  extraordinary 
mistakes,  calling  blue,  red ;  red,  green  or  blue.  On  cross-examina- 
tion, it  seems  that  they  only  distinguish  colour  by  its  luminosity ; 
they  always  explain  that  one  colour  is  lighter  or  darker  than  another ; 
evidently  their  colour  names  are  founded  on  the  observation  of  what 
is  told  them  as  to  the  different  colours,  and  not  from  any  real  know- 
ledge of  them.  The  next  examination  was  to  get  their  luminosity- 
curve  of  the  electric  light  spectrum,  and  this  they  did  with  the  very 
greatest  ease.  Their  readings  for  the  same  colour  were  occasionally  a 
little  erratic,  differing  as  much  as  5  per  cent,  from  one  another,  but, 
by  taking  the  means,  their  curves  come  out  very  concordantly 
Practically,  the  curves  of  the  two  brothers  are  identical,  the  means 
not  differing  2  per  cent,  from  one  another  at  any  part  of  the  spectrum; 
hence  it  is  unnecessary  to  give  more  than  one  of  them.  It  should  be 
mentioned  that  both  brothers  could  just  catch  a  glimpse  of  the  red 
line  of  lithium  when  the  spectrum  of  the  vapour  was  on  the  focussing 
screen  of  the  apparatus. 

The  luminosity  curves  are  shown  in  the  diagram,  and  the  following 
is  the  table  of  observations  : — 
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.  I. 

II. 

III. 

IV. 

V. 

Remarks. 

Scale 
No. 

Wave- 
length. 

Luminosity 

to  the 
normal  eye. 

Luminosity 
to  P  and  Q. 

IV. 
IlL 

55 

6242 

66 

1-2 

0  02 

"  Both  blue." 

64 

6156 

84 

2*4 

0  03 

52 

5996 

97 

9-6 

0  10 

50-6 

5990 

99 

14-4 

0  145 

(D  line). 

48 

5720 

95 

83-6 

0-35 

"  Both  white." 

46 

5596 

86 

6^5 

0-73 

44 

5480 

76 

86-4 

115 

42 

5370 

62-5 

92-6 

1-49 

40 

6270 

50 

96 

1-92 

"Both white:"  (39-8,Eline.) 

38 

5180 

86 

93-6 

2-63 

(38,"b"iine.) 

36 

5080 

24-5 

86-4 

3-38 

34 

4990 

15  0 

77-4 

5  16 

32 

4910 

8-6 

60-0 

7  06 

80 

4820 

5-5 

410 

7-45 

"  Both  blue." 

25 

4650 

2-5 

21-6 

8-64 

20 

4510 

1-4 

9-6 

6-86 

10 

4270 

0-6 

2-4 

4  00 

Their  appreciation  of  light  was — 

Bight  eye.  Left  eye. 

Abney 23  26 

P ..     23  16 

Q 15  16 

We  may  take  it  that  P's  right  eye  has  the  same  appreciation  of 
light  as  the  standard,  and  his  left  1'6  times  that  of  the  standard.  Q 
is  1*6  times  that  of  the  standard  with  both  eyes.  The  luminosity 
carves  were  taken  with  both  eyes  open. 

The  cnrve  is  very  remarkable,  showing  an  intense  excitement  by 

the  blue  rays  of  the  spectrum,  the  whole  of  which  appeurs  of  one 

olonr  to  both  brothers.     The  maximum  luminosity  is  about  E,  but 
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the  place  of  the  greatest  difference  in  degree  of  luminosity,  com- 
pared with  the  normal,  is  near  F,  where  it  is  more  than  eight  times 
more  luminons  than  the  normal  eye.  The  area  of  their  luminosity 
curve  is  1800 ;  that  of  the  normal  eye  being  1650.  If  we  take  their 
appreciation  of  light  as  being  1*5  that  of  the  standard,  their  lumino- 
sity curve  should  be  1660  by  1*5  or  2475.  Theirs  is  1800  as  measured, 
the  ordinates  of  their  curve  should  therefore  be  multiplically  1*37  for 
a  strict  comparison  with  that  of  the  normal  eye.  We  may  therefore 
take  it  that  near  F  their  sensation  of  light  is  11*83  times  that  of  the 
normal  eye. 

In  the  three  patients  we  have  cases  of  abnormal  vision,  one  in 
which  practically  the  only  sensations  in  the  central  part  of  the  eye 
are  white  and  blue,  and  in  the  other  two  there  is  only  one  sensation. 
In  these  last  two  cases  we  have  apparently  a  curve  of  the  fonda- 
mental  sensation,  since  it  must  be  the  same  as  the  luminosity  curve, 
and  it  appears  to  agree  with  that  found  by  Koenig.  In  regard  to 
Alfred  C,  it  should  be  remarked  that  he  begins  to  feel  the  blue 
sensation  in  the  spectrum  near  the  point  where  Koenig  places  its 
origin. 


Addendum.     Received  June  18,  1891. 

On  Fowr  Cases  of  Cohwr  Blindness  Examined  for  the  Colour  Vision 

Committee, 

Case  UL — The  next  case,  W.  S.,  is  one  of  progressive  atrophy  of 
both  eyes.  When  tested  with  spectrum  colours — a  patch  of  white 
light  being  placed  in  juxtaposition  with  the  colour — ^it  was  found  that 
he  was  absolutely  blind  to  colour  from  26*75  (A,  4733)  on  the  scale  of 
the  spectrum  to  the  termination  of  the  red  of  his  spectrum,  which  was 
close  to  63  on  the  scale  (X  7082).  Above  scale  No.  2675  W.  S.  saw 
blue,  and  his  spectrum  was  continued  normally  in  the  violet.  Mr. 
Nettleship  has  promised  to  furnish  a  chart  of  his  retina.  His  lumi- 
nosity curve  (fig.  4)  was  made  without  any  difficulty,  and,  compared 
with  my  own,  is  slightly  deficient,  from  the  red  to  the  yellow,  but  his 
perception  of  luminosity  increases  as  the  blue  is  approached. 

The  following  is  the  table  applying  to  his  curve  of  luminosity  : — 
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Scale  No. 

Wave-length. 

Beading. 

Kemarks  bj  W.  S. 

60 

6728 

3-4 

Grey. 

58 

6520 

15-0 

„ 

66 

6330 

41  0 

» 

65 

6242 

43 

>» 

64 

6152 

69 

52 

6996 

94 

50 

6850 

100 

» 

48 

5720 

96 

46 

5588 

88 

42 

5373 

74 

40 

5270 

61-5 

»» 

38 

5172 

45 

35 

5042 

30 

30 

4848 

12 

„ 

25 

4676 

6 

Bluish. 

20 

4518 

4 

15 

4376 

3 

Blue. 

10 

4248 

2-5    ' 

>' 

He  was  snbseqnently  tested  with  colour  discs — Ultramarine  (IT), 
Red-royal  (R),  Emerald-green  (G),  Chrome-yellow  (Y),  White  (W), 
and  Black  (B). 

It  was  f  onnd  that — 

165  (U)  -h  48  (R)  -h  147  (G)  =  75  (W)  +  285  (B). 
The  black  reflected  3*4  of  white ;  hence  the  trne  equation  is — 

(i).  165  (U)  +  48  (R)  +  147  (G)  =  84-7  (W)  +  275  (B). 
(ii).  120  (U)  -h  240(Y)  =  196  (W)  +  164(B)  (corrected)— 

With  260  (U)  -h  100  (Y)  he  sees  blue. 

250(U)  +  IIO(Y)      „        light-blue. 
242(U)  +  118(Y)      „        no  blue. 

This  last  in  connexion  with  (ii)  shows  that  his  blue  perception  is 
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neutralised  by  the  yellow,  although  the  yellow  to  him  was  matched 
with  white. 


The  thin  line  curre  is  the  normal  cnrre. 

Case  IV. — The  next  case  is  that  of  G.,  suffering  from  very  well 
marked  tobacco  scotoma,  occupying  a  coDsiderable  area.  His  curve 
of  luminosity  of  the  spectrum  is  shown  in  fig.  4.  The  following 
table  refers  to  it : — 


Digitized 


by  Google 


502 


Capt.  W.  de  W.  Abney.    Examination  for    [May  14, 


Scale  No. 

AVave- 
length. 

Beading. 

Bemarks  by  Qc, 

57 

6423 

0 

55 

6242 

3 

No  colour. 

53 

6074 

11 

Colour  "yellow,"  white  "blue." 

61 

5919 

34 

»            >»            »            f> 

50 

5850 

60 

»•               n                »                >» 

49 

5783 

64 

Colour  "  gold,"  white  «  sky-blue." 

45 

5538 

59 

40 

5270 

40 

Both  white. 

85 

6042 

18 

}> 

80 

4848 

10 

a 

29 

4807 

6 

Colour  "  very  pale  blue,"  white  as  white. 

26 

4707 

4 

Colour  "blue,"  white  "white." 

20 

4518 

3 

))                »                a               }t 

10 

4248 

2 

»»                >»                II                i> 

G.  was  tested  for  light  sense  in  the  apparatns  described  in  the 
previous  memorandum. 
Light  disappeared  with 

Bight  eye.  Left  eye. 

Abney 6**  5** 

Nettleship 5"  5' 

G 55-68-58  58-58 

It  thus  appears  that  the  final  sensitiyeness  to  light  of  the  central 
part  of  the  eye  was  nearly  12  times  less  than  a  person  possessiDg 
normal  sense. 

OcLse  V. — This  was  a  remarkable  case,  which  Mr.  Nettleship  had 
mentioned  to  the  Committee.  He  had  stated  that  this  lady,  N.  W., 
mistook  blue  for  red,  and  it  was  with  some  curiosity  that  this  case 
was  examined.  Her  first  examination  was  as  to  colour  sense  with  the 
spectrum  colours,  a  patch  of  mono-chromatic  light  being  placed  in 
juxtaposition  with  an  equal  patch  of  white  light.  At  62*5  (X  6890) 
of  the  scale  the  red  of  the  spectrum  disappeared.  As  the  slit  moyed 
along  the  spectrum,  and  the  white  was  approximately  reduced  to  equal 
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luminosity,  she  described  all  the  red  as  grey,  and  of  the  same  colonr 
as  the  white  until  53*5  (\  6110),  and  after  this  point  she  said  the 
colonr  was  brownish  compared  with  the  white.  The  colour  continued 
of  this  hue  to  her  till  48  on  the  scale  (X  5720),  when  she  said  the 
colour  was  neither  brown  nor  green,  but  both.  From  48  on  the  scale 
she  described  the  colour  as  green  till  quite  sharply  at  31*5  (\  4905). 
In  the  blue  she  again  began  to  see  grey  ;  the  grey  at  this  end  of  the 
.  spectrum,  and  also  of  the  white   patch,  she  called  brownish-grey. 


Scale  No. 

Ware- 

lODgth.     ^ 

^  Beading. 

Remarks  by  N.W. 

62  B 

7019 

0 

Both  grey. 

60 

6728 

3 

„ 

58 

6520 

10 

5> 

56 

6330 

30 

«» 

54 

6152 

52 

Colour  "brownish,"   white  "grey." 

52 

5996 

70 

)f                          M                          ))                          )» 

50 

5850 

81 

>»                          l>                          l>                          >> 

48 

5720 

87 

Colour       "  brownish-green,"       white 

46 

5596 

90 

Colour  "green,"  white  "grey." 

44 

5481 

88 

»i                        }> 

42 

6873 

82 

?>                        >> 

40 

5270 

62-5 

»>                        'J 

38 

5172 

46 

1'                        jj 

35 

5042 

23 

>i                        i» 

32 

4924 

12  5 

j»                                     n 

31 
30-5 

4886 
4862 

10 
8-5 

Colour      "  brownish  -  grey,"       white 
"  brownish-green." 

j>            »>            »            j> 

25 

4675 

5 

>l                            J>                            5?                            JJ 

20 

4518 

3 

»»                            »>                            'J                            >> 

15 

4376 

2-5 

>•                   »                    »;                    » 

10 

4248 

1-5 

>•                    >J                    }>                    J> 

0 

4010 

0-2 

1}                    »J                   »i                    » 
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This  name  must  evidently  have  been  a  mental  distinction,  as  she 
described  the  red  end  and  the  white  as  grey  only,  and  not  brown> 
grey ;  and,  indeed,  she  was  tried  again  over  that  part  of  the  spectmm, 
and  adhered  to  the  previous  naming.  It  would  appear  to  be  due  to 
the  low  luminosity  which  made  the  grey  appear  brownish  to  her,  and 
not  to  any  actual  difference  in  hue. 

Her  curve  of  luminosity  in  the  spectrum  was  next  taken,  and  her 
readings  are  given  in  the  table.  The  curve  is  shown  in  fig.  5.  The 
shaded  band  beneath  it  applies  to  her  curve.  My  own  readings  were 
1/1*375  of  the  normal  curve  as  shown  in  the  diagram.  The  extinction 
of  a  gas-light,  in  my  own  case  and  that  of  Mr.  Nettleship,  was  13'**5. 
That  of  N.  W.  was  16*,  showing  that  her  final  perception  of  light  was 
13*5/16  of  what  we  may  call  the  normal. 

An  endeavour  was  made  to  form  a  series  of  colour  equations  with  her 
eyesight  by  placing  three  slits  in  different  parts  of  the  spectrum,  but 
without  success,  although  a  match  with  white  was  made  in  two  posi- 
tions. One  slit  was  placed  in  the  orange-red  at  about  52  of  the  scale, 
another  at  E,  and  the  third  at  G,  and  white  light  was  formed,  though 
her  match  was  so  erratic  that  it  was  useless  to  measure  the  apertures. 
When  the  slit  in  the  violet  was  covered  up,  a  white  patch  being  along- 
side as  a  comparison,  she  called  the  mixture  of  red  and  green 
*'  brownish-green ;  "  when  the  slit  in  the  red  was  covered  she  called 
the  mixed  light  of  green  and  violet ''  green ;  '*  and  when  the  green 
slit  was  covered  up  she  called  the  purple  colour  a  ''  different  kind  of 
brown.'* 

When  the  first  slit  was  moved  into  the  red  near  the  lithium  line  she 
called  the  colours  "  green,"  whenever  the  green  slot  was  uncovered. 
A  piece  of  signal-red  glass  (London,  Brighton,  and  South  Coast 
Railway)  was  placed  in  the  white  reflected  beam,  forming  a  red  patch, 
and  a  patch  of  the  blue  scale  at  No.  30'5  (X  4862)  was  placed 
alongside,  and  she  matched  them  in  luminosity  and  in  colour.  (The 
dominant  colour  of  the  signal  glass  in  question  was  X  6220.)  She 
finally  was  tested  with  colour  discs : — 

One  being  in  red  with  dominant  wave-length         •  •    X  6150 
Another,  emerald-green      „  „  ..    X5378 

And  the  third,  French  ultramarine     „  .  •    X  4700. 

To  make  white  she  required 

130  G+113  R+117  U  =  72  W+288  B  (corrected). 

She  was  then  tried  with  the  blue  and  green  discs  alone  and  made  a 
match — 

258  U -h  102  G  =  65  W -1-295  B  (corrected). 

An  attempt  was  made  to  match  with  the  green  and  red  discs  alone, 
but  this  failed. 
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She  matched  the  red  disc  alone  with  black  and  white,  and  also  the 
blue  disc  alone — 

360  R  =  56  W+304  B  (corrected), 
360  TJ  =  60  W+300  B  (corrected). 

With  any  proportion  of  R  and  U  mixed  together  she  matched  a  grey 
of  approximately  the  same  iatensity  as  above,  as  it  might  be  supposed 
she  would  from  the  last  two  equations. 


I 


The  thin  line  ourre  is  the  curve  of  luminosity  for  the  normal  eye. 
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Taking  the  intensity  curve  of  the  light  reflected  from  the  red  it  was 
fonnd  to  contain  a  great  deal  of  the  part  of  the  spectrom  which  she 
called  brownish,  viz.,  from  53*5  to  48  on  the  scale,  whereas  the  bine 
reflected  a  trifle  of  this  portion  of  the  spectrum,  as  did  also  the  prreen, 
and  this  may  account  for  her  making  a  match  to  grey  of  U  and  G,  and 
not  of  B  and  G,  but  it  is  hard  to  see  why  she  matched  IT  alone  and 
also  E.  with  the  grey. 

Reviewing  the  case,  it  seems  that  any  perception  of  colour  is  very 
small,  and  that  the  sensations  are  green  and  red,  together  with  white. 
Experiments  which  I  have  described  in  my  book  on  "  Colour  Measure- 
ments and  Mixture,"  1891,  show  that  a  large  pi-oportion  of  colour  may 
he  mixed  with  white  without  being  perceived,  but  this  colour  so  hidden 
has  still  the  capability  of  neutralising  a  certain  quantity  of  the  com- 
plementary colour  thrown  on  the  white,  which,  by  itself,  would  not 
be  masked  by  the  white.  It  would  seem  then  that  in  jST.  W/s  case 
the  two  colours  perceived  were  very  much  diluted,  and  at  parts  of  the 
spectrum  so  diluted  as  not  to  be  perceived,  but  that  the  latent  colour, 
if  it  may  be  so  called,  has  the  power  of  forming  a  grey  with  the  green 
which  she  sees  more  strongly. 

Oase  VI. — This  case  is  that  of  Miss  W.,  who  was  brought  before 
the  Committee  by  Dr.  Lindsay  Johnson,  on  April  29.  The  right 
eye  was  apparently  normal  for  colour,  but  with  the  other  she  saw 
nothing  but  shades  of  white. 

Miss  W.,  it  appears,  has  had  a  slight  stroke  of  paralysis,  which 
affected  her  left  side,  and  subsequently  she  discovered  that  colour 
sensation  in  the  left  eye  had  disappeared.  Mr.  Brudenell  Carter, 
the  day  after  the  meeting  of  the  Committee,  examined  her  and  pro- 
nounced hers  to  be  a  case  of  atrophy  of  the  optic  nerve. 

1  examined  her  with  the  spectrum  colours  on  the  5th  May,  and 
found  her  left  eye  totally  blind  to  eveiy  colour,  though  her  per- 
ception of  light  was  very  fair.  She  had  very  little  difficulty  in 
comparing  the  luminosity  of  the  most  brilliant  spectrum  colours 
with  the  white  patch  of  light  placed  alongside  them.  In  making  the 
measurements  she  experienced  a  certain  amount  of  fatigue,  but,  by 
resting  the  eye  for  short  intervals,  her  readings  were  very  constant. 
The  following  is  the  table  of  her  readings : — 
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Scale  No. 

Wave- 
length. 

Readings. 

Bemarks  by  Miss  W. 

63 

62 

7082 
6957 

0 
1 

Both  colour  and  white  patch  appeared 
as  white  throughout  the  spectrum. 

60 

6728 

7 

58 

6520 

18 

57 

6423 

28 

56 

6330 

43 

54 

6152 

76 

52 

59d6 

90 

50 

5860 

95 

48 

6720 

93 

46 

6596 

83 

44 

5481 

71 

42 

6321 

58 

40 

5270 

46 

38 

5172 

32 

36 

5085 

21 

34 

5002 

12-6 

32 

4924 

7 

30 

4848 

4-5 

28 

4776 

3  0 

25 

4675 

1-5 

20 

4518 

0-4 

19 

4488 

0  0 

- 

At  19  the  light  perception  was  so  diminished  that  she  could  not 
match  the  grej.  Her  light  perception  extended  further  into  the 
violet  (as  white)  beyond  this  point,  as  the  subsequent  measures 
show  conclusively. 

It  seemed  that  it  would  be  interesting  to  examine  her  eye  for  the 
extinction  of  light  by  the  same  method  as  that  described  in  my  recent 
paper. 

VOL.  XLIX.  2  M 
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The  orange  sodium  light  of  the  specbram  was  thrown  on  the 
apparatus  therein  described,  of  a  luminositj  of  an  amjl  lamp  1  foot 
off,  and  the  slit  giving  this  brightness  remained  unchanged  through- 
out the  examination,  and  was  moved  through  the  spectrum  till  a 
position  was  reached  where  all  light  was  just  extinguished.  Her  per- 
ception of  the  point  of  extinction  was  very  acute.  Rotating  sectors 
were  placed  in  front  of  the  apparatus,  as  described  in  the  paper 
referred  to,  set  at  different  angles,  so  that  the  amount  of  reduction  of 
the  luminosity  of  the  spectrum  was  known  at  once. 

Scale  readings  of  light  extinction. 


Light  comiDg  through 
the  slit  reduced  to — 

Slit  moTed 

towards  the 

violet. 

Slit  moved 

towards  the 

red. 

No  reduction. 
i  intensity. 

15 

20-7 

21-7 

23-2 

26-7 

84-7 

63-7 
62-4 
50-9 
48-7 
46-7 
44-2 
40*0 

The  extinction  of  light  with  the  full  aperture  to  myself  was  at  21 
and  57*9.  At  579  the  luminosity  of  the  spectiTim  is  0*22  that  at  the 
D  line,  and  as  the  light  on  the  screen  at  the  end  of  aperture  is  1/620 
that  falling  on  the  instrument  originally  it  follows  that  the  extinction 
to  myself  was  when  the  light  of  57*9  (X  6510)  was  0-22/620  = 
0*000355  of  an  amyl  lamp  placed  at  1  foot  from  the  screen.  These 
details  are  given  to  show  that  the  newer  instrument  used  in  these 
tests  gives  the  same  results  as  the  older  one,  for  with  the  latter  it  was 
0-000350. 

The  place  in  the  spectrum  where  Miss  W.  last  perceives  light 
is  the  same  as  my  own.  The  luminosity  which  is  invisible  to  her 
is  when  1*45/100,000  of  an  amyl  lamp  illuminates  a  screen  1  foot  off. 
At  D  if  71/100,000  of  an  amyl  lamp  illuminated  a  screen  I  foot  off 
it  is  invisible  to  her.  With  my  own  vision  if  the  screen  be  illumi- 
nated with  7/100,000  of  the  same  light  it  just  becomes  invisible. 
There  is  therefore  a  marked  difference  between  the  two  sights  as 
regarding  initial  perception  of  light. 
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IT.  **  On  the  Limit  of  Visibility  of  the  different  Bays  of  the 
Spectrum.  Preliminary  Note."  By  Captain  W.  DB  W. 
Abney,  C.B.,  R.E.,  D.C.L.,  F.R.S.   Received  April  29,  1891. 

In  certain  photometric  experiments  it  became  necessary  to  find  the 
limit  of  visibility  of  the  different  parts  of  the  spectrum,  and  also  to 
thscertain  what  ratio  this  limit  would  bear  to  some  fixed  luminosity. 
It  should  be  borne  in  mind  that  this  question  is  totally  different  from 
acuteness  of  vision,  which  some  have  confounded  with  it.  The  two 
are  independent  one  of  the  other,  and  can  scarcely  be  compared. 

The  instrument  used  in  these  experiments  was  similar  to  tbat 
described  in  the  note  on  the  examination  of  a  case  of  Tobacco 
-Scotoma,  ^.,  but  the  dimensions  were  modified  : — ^A  square  tube, 
3  feet  long,  had  an  aperture  of  2  inches  •  cut  in  its  side  at  2  feet 
6  inches  from  one  end,  and  covered  over  with  ground  glass.  Within 
the  tube,  and  close  to  the  ground  glass,  was  a  mirror,  which  reflected 
the  light  coming  through  the  ground  glass  on  to  the  end  of  the  tube, 
and  if  the  ground  glass  was  illuminated  by  any  light  the  reflection 
illuminated  a  card  placed  at  the  end  of  the  tube.  The  illumination 
of  the  card  could  be  viewed  through  a  circular  hole  at  the  other 
«nd  of  the  tube,  in  which  was  fixed  a  smaller  tube,  fitting  closely 
into  the  eye.  If  a  colour  patch  from  the  spectrum  was  thrown 
on  to  the  ground  glass,  evidently  the  card  at  the  end  of  the 
tube  would  be  illuminated  by  the  colour  used,  and  its  disappearance 
«ould  be  effected  by  means  of  rotating  sectors  closing  and  opening 
at  will,  placed  in  front  of  the  patch.  This  simple  piece  of  apparatus 
-answered  its  purpose  most  effectively. 

The  first  point  to  ascertain  was  the  ratio  of  illumination  of  the  card 
to  that  of  the  patch  throym  on  the  ground  glass.  The  following 
arrangement  was  made  to  effect  this.  The  end  of  the  tube, 
against  which  the  card  was  placed,  was  removed,  and  a  card  with 
a  square  hole,  of  |~inch  side,  was  inserted  instead.  This  was 
covered  on  the  side  away  from  the  tube  with  a  piece  of  Saxe 
paper,  and  when  viewed  from  the  outside,  and  when  illuminated 
by  the  light  from  the  ground  glass,  showed  as  a  square  patch  of 
light.  Outside  of  this,  and  of  double  the  width,  but  of  the  same 
height,  a  mask  of  black  paper,  with  an  oblong  aperture,  was  placed 
60  that  the  illuminated  square  occupied  one-half  of  the  oblong,  and 
the  other  half  showed  no  white  paper.  An  amyl  acetate  lamp  (0*8 
of  standard  candle),  placed  at  a  fixed  distance  from  this  oblong,  and 
in  a  line  with  the  axis  of  the  tube,  illuminated  both  squares ;  but  a 
rod  placed  in  proper  position  cast  a  shadow  on  the  translucent  square, 
allowing  only  the  opaque  white  half  to  be  illuminated.  When  the 
sectors  above  alluded  to  were  placed  in  front  of  the  lamp,  the  two 
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brightnesses  could  be  equalised,  and  the  intensities  of  the  light 
transmitted  passing  throngh  the  paper  estimated. 

Now  there  is  a  ray  very  near  D  in  the  spectrum,  whose  colour  is 
very  closely,  if  not  quite,  identical  with  the  colour  of  the  light  emitted 
by  the  burning  amyl  acetate,  and  for  making  the  measures  this  ray  was 
used.  When  the  measure  had  been  made,  the  screen,  with  the  square 
aperture,  was  placed  in  the  position  of  the  ground  glass,  and  the 
amjl  acetate  lamp  placed  on  the  side  of  the  screen,  away  from  the 
colour  patch,  and  the  rod  placed  in  position  to  cast  the  shadow 
necessary.  The  rotating  sectors  were  then  placed  between  the 
spectrum  and  the  screen,  and  the  light  reduced  so  that  the  illumina- 
tion of  the  translucent  and  opaque  white  square,  viewed  from  the  vide 
of  the  lamp,  was  equalised.  Knowing  the  distance  of  the  lamp  in 
the  two  cases,  and  the  aperture  of  the  sectors,  the  relative  illumina- 
tion of  the  two  surfaces  was  ascertained.  For  convenience  the 
aperture  of  the  ground  glass  was  limited  by  means  of  a  diaphragm, 
or  by  placing  a  diaphragm  in  front  of  the  first  prism. 

Two  sets  of  measures  showed  that  if  the  illumination  of  the  ground 
glass  be  represented  by  1,  the  illumination  of  the  card  at  the  end  of 
the  tube  was  y^ ;  that  is,  any  light  falling  on  the  ground  glass  was 
diminished  to  that  extent. 

The  actual  measures  were  -^-jj  and  y^,  but  we  may  take  y^  as 
sufficiently  close  to  the  truth. 

The  colour-patch  apparatus  to  which  reference  is  made  is  described 
in  the  Bakerian  Lecture,  1886  (Abney  and  Festing,  ^*  Colour  Photo- 
me  try").  The  only  addition  to  it  that  was  made  was  to  use  an 
adjustable  slit  to  move  through  the  spectrum.  There  was  thus  a 
treble  means  of  altering  the  intensity  of  the  light,  viz.,  bj  altering 
the  aperture  of  the  slit  of  the  collimator,  by  altering  that  of  the  slit  of 
the  slide,  which  was  shifted  at  will  into  difEerent  parts  of  the  spectrum, 
and  by  the  rotating  sectors  placed  in  front  of  the  spectrum.  The 
mode  of  proceeding  to  measure  the  luminosity  at  which  light 
disappeared  was  as  follows  : — The  dullest  part  of  that  portion 
of  the  spectrum  which  it  was  desired  to  extinguish  was  allowed 
to  pass  through  the  slit  in  the  spectrum,  and  a  patch  was  formed 
on  the  ground  glass,  which,  it  may  be  remarked,  had  a  tube 
fitted  over  it,  to  prevent  any  chance  of  extraneous  light  reaching  it. 
The  card  at  the  end  of  the  square  box  was  viewed,  and  the  slits  closed 
till  all  trace  of  light  disappeared.  (It  may  be  as  well  to  call  to  mind 
what  is  well  known,  that  faint  light  of  all  colours  appears  as  white.) 
In  some  sets  of  experiments  the  sectors  were  set  at  fixed  angles,  and 
rotated  in  front  of  the  patch,  and  the  slit  in  the  spectrum  moved  from 
a  position  in  which  faint  light  appeared  to  one  in  which  it  just  dis- 
appeared, the  position  in  the  spectrum  being  noted  by  the  scale  at  the 
back  of  the  moving  slide  carrying  the  slit.     In  other  cases  the  slit 
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was  placed  at  difFerent  positions  in  the  spectram,  and  the  rotating 
sectors  closed  till  all  light  had  vanished,  when  the  apertnre  was 
noted.  The  first  plan  is  the  more  convenient  of  the  two,  and  gives 
very  accurate  results ;  though  in  some  positions  of  the  spectrum  the 
second  method  must  be  adopted,  since  the  graphic  curve  formed 
from  the  readings  becomes  almost  a  horizontal  straight  line  at  one 
portion  of  the  spectrum.  As  will  be  seen  from  the  table,  it  is  quite 
evident  that  no  one  aperture  of  the  slit  of  the  collimator  and  of  that 
in  the  slide  would  suffice  to  give  the  entire  range  of  disappearance  of 
the  spectrum,  and  that  at  least  three  settings  are  necessary.  At  each 
change  the  D  light  falling  on  the  ground  glass  was  measured,  and  the 
necessary  factors  to  make  the  readings  on  one  scale  were  derived  from 
these  measurements. 

Four  sets  of  measures  throughout  the  spectrum  were  made  on 
different  days.  No  one  differed  to  any  appreciable  extent  from  the 
other.  A  mean  of  the  four  has  been  taken  as  representing  the  truth, 
and  the  measures  given  in  the  first  table  are  those  of  that  which  most 
nearly  apprpaches  this  mean.  It  may  be  stated  that  very  rarely  did 
one  curve  differ  more  than  4  per  cent,  from  another  at  any  portion 
of  the  spectrum.  The  readings  were  taken  when  the  eye  had 
rested  in  darkness  some  time,  and  were  often  repeated  a  con- 
siderable number  of  times,  the  first  parts  measured  being  re- 
measured  last.  That  the  eye  was  equally  sensitive  throughout  the 
time  may  be  judged  from  the  fact  that  the  two  sets  of  readings 
49carcely  ever  differed.  The  process  of  making  these  measures  of  ex- 
tinction is  very  fatiguing,  and  probably  rather  detrimental  to  the 
eyesight;  owing  to  the  strain  on  the  eyes,  one  set  of  readings  is 
usually  as  much  as  can  be  properly  carried  out  on  any  one  day,  if 
accurate  results  are  to  be  looked  for. 

It  is  now  three  years  ago  since  I  began  this  research,  and,  after 
trjing  various  plans,  I  have  come  to  the  conclusion  that  the  method 
now  described  is  the  most  easy,  as  it  is  the  most  simple. 

There  is  one  point  in  the  method  which  might  be  open  to  criticism, 
and  that  is  that  the  cutting  off  the  light  by  rotating  sectors  might 
cause  some  error  in  the  results.  This  criticism,  I  may  say,  I  raised 
in  my  own  mind  at  its  very  commencement,  and  found  that  it  was 
unnecessary.  Polarising  the  light  entering  the  slit  of  the  colli- 
mator, and  then  dimming  it  by  means  of  a  Nicol's  prism  placed  in 
front  of  the  colour  patch,  proved  an  unsatisfactory  method  for  an- 
swering the  criticism,  as  in  no  case  could  a  total  disappearance  of  a 
bright  light  be  brought  about ;  but  by  diminishing  the  area  of  the 
colour  patch  by  placing  different  apertures  of  diaphragms  in  front  of 
the  last  prism  of  the  colour-patch  apparatus  (and  thus  throwing  on 
the  ground  glass  discs  of  light  of  various  areas),  the  truth  of  the  results 
was  readily  verified.   The  two  sets  of  measures,  one  made  in  this  way 
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and  tLe  other  as  just  described,  gave  identical  restdts  within  the^ 
limits  of  the  errors  necessarily  due  to  observation. 

The  method  adopted  gave  the  extinction  of  light  on  the  whole 
retina,  for  not  only  was  the  central  part  used,  but  the  extinction  was- 
carried  so  far  that  it  was  complete  for  every  part  of  the  eye.  As- 
there  is  a  considerable  absoi*ption  in  the  yellow  spot  this  is  necessary, 
but  the  absorption  exercised  in  this  part  of  the  eye,  which  occupies 
from  4°  to  6**  angular  aperture,  can  be  fairly  measured  if  only  the 
light  on  a  small  area  be  extinguished  and  this  part  of  the  retina 
be  alone  used.  A  very  simple  way  of  seeing  the  absorption  of  the 
yellow  spot  is  to  form  a  feeble  spectrum  some  3  inches  long  on  i^ 
ground-glass  screen.     If  the  eye  looks  at  the  green,  a  dark  band  ex- 
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Table  1— continued. 


No.  4.. 

No.  5. 

Scale  No. 

Sector 
aperture. 

Sector 
aperture     | 
reduced. 

Scale  No. 

Sector 
aperture. 

Sector 
aperture 
reduced. 

52-3 

180 

45 

61-9 

180 

6000 

U-3 

)) 

)) 

60-9 

90 

8000 

60-2 

60 

2000 

40-8 

90 

22*5 

59  0 

30 

1000 

17-3 

If 

)i 

57-6 

15 

500 

56-5 

9 

300 

44-3 
26-3 

45 
» 

11-25 

5> 

Luminosity  of  patch  in  No.  6  —  22-2 

43*3 

40 

10 

times  that  of  No.  1. 

86-3 
25-3 

45 

n 

11-25 

A  measure  showed  that  63  required 

30-3 

43 

10-75 

double  the  aperture  of  62  to  be  ex- 

84-3 

40 

10 

tinguished. 

38-3 

37 

9-2 

Luminosity  of  patch  in  ' 

No.4  =  0-25 

that  of  No.  1. 

tending  to  the  blue  will  be  seen,  but  if  tbe  eye  be  turned  towards  the 
red  end  or  violet,  the  green  is  seen  outside  the  central  spot  and  the 
colour  reappears.  I  propose  to  return  to  this  in  a  fuller  discussion 
of  the  subject. 

The  first  table  shows  the  actual  observations  in  the  speictrum. 
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The  second  table  attached  shows  the  extinction  of  light  of  a 
Inminositj  of  one  amyl  lamp  placed  at  a  foot  from  the  screen.     It 

Table  n. 

Extinction  of  Bays  of  Equal  Luminosity,   the  Luminosity  being 
1  Amyl  Lamp  at  1  foot  from  a  Screen. 


Scale  No. 

X. 

BeacUng. 

Luminosity 
of  rayB. 

Extinction 
of  equal 

amyl  lamp 

luminosities. 

1ft.  off  screen. 

63 

7082 

13,000 

1 

13,000 

86  11 

62* 

6957 

6,400 

2 

12,800 

35-5 

61 

6239 

3,100 

4 

12,400 

34-4 

60 
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7 
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35  0 

59 
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1,000 

12-5 
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34-7 

58 
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600 

21 
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67 
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380 

'  33 
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34-8 

56 
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240 

50 
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55 
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65 
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29-0 

54 
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80 
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53 
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56 

90 
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52 
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38 

96 
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51 
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69 
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41 
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67 
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40 
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50 
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38 
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•9-6 

36 
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36 
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24 
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10  0 

15 
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will  be  seen  that  the  extinction  of  the  red  rays  is  effected  when  they 
are  reduced  to  about  36/100,000  of  this  standard,  whilst  the  rays  near 
F  require  a  reduction  of  5/10,000,000,  that  is,  the  sensitiveness  of  the 
eye  is  700  times  greater  for  the  latter  colour  than  the  former,  and 
this  has  a  bearing  on  the  extinction  of  white  light  of  different  qualities. 
It  is  worthy  of  remark  that  the  reduction  of  the  rays  from  about 
C  to  the  visible  limit  of  the  red  necessary  to  cause  extinction  from 
the  standard  luminosity  is  practically  the  same,  and  points  to  the  fact 
that  this  part  of  the  spectrum  is  probably  monochromatic ;  if  admix- 
ture of  any  other  colour  sensation  were  present,  the  curve  would  rise 
or  fall  instead  of  remaining  horizontal.  The  same  apparently  applies 
to  the  violet  end  of  the  spectrum,  though,  owing  to  the  small 
luminosity,  exact  measures  of  it  are  less  certain.  The  experiments 
show  that  the  rays  having  the  wave-length  of  about  X  4770  are  the 
last  perceived.     The  shift  in  the  position  of  maximum  resistance  to 
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about  X  4510,  as  shown  in  Table  U,  is  due  to  the  fact  that  equal 
luminosities  of  each  colour  have  been  considered  as  beiug  reduced. 

Some  interesting  experiments  were  carried  out  by  placing  slits  in 
diif erent  parts  of  the  spectrum,  and  forming  a  mixture  of  light  on  the 
ground  glass  of  the  apparatus.  An  intense  D  light  mixed  with  a 
faint  light  near  F  formed  a  cx>lour  patch,  and  this  mixed  light  was 
extinguished  and  found  to  require  9°  of  aperture  of  the  sector.  The 
D  light  was  then  shielded  and  the  single  ray  of  blue-green  light  was 
extinguished,  when  it  was  found  that  the  same  aperture  was  required 
to  extinguish  this  beam  alone.  Bed  and  green  and  various  other 
mixtures  were  tried,  all  showing' that  in  the  extinction  of  light  the 
green-blue  light  was  the  last  visible,  and  was  equivalent  to  extin- 
guishing that  light  alone,  although  it  might  bo  mixed  with  very  much 
brighter  light  in  the  red  or  yellow.  In  the  blue  the  conditions 
somewhat  change,  as  will  be  seen  in  the  diagram,  but  if  slits  of  equal 
aperture  were  used  the  same  results  were  obtained. 

The  diagram  shows  that  in  the  spectroscopy  of  feeble  light  the  rays 
in  the  blue  and  green  are  the  first  to  be  perceived,  and  that  rays  of 
far  greater  intensity  in  the  yellow  and  red  may  exist  without  ex- 
citing the  sense  of  light.  This  may  account  for  some  of  the  varied 
results  recorded  in  eye  spectroscopic  observations  of  sources  of  feeble 
luminosity,  in  which  the  yellow  and  red  lines  are  absent. 

In  extinguishing  white  light,  the  fact  of  the  total  extinction  of  the 
blue-green  light  is  of  importance. 

It  is  not  the  light  at  that  particular  wave-length  which  disappears 
last,  but  some  one  senscUion  which  is  principally  existent  at  that  point, 
but  which  extends  over  a  great  portion  of  the  spectrum  which  has 
to  be  extinguished.  For  instance,  in  extinguishing  the  light  from 
the  reflected  beam  of  the  electric  light  already  alluded  to,  it  was 
found  that  the  light  illuminating  the  ground  glass  was  720  times 
brighter  than  that  reaching  the  screen.  To  extinguish  0*014 
of  the  light  from  an  amyl  lamp  on  the  ground  glass  the  sector  had 
to  be  closed  to  21,  that  is  the  light  of  one  amyl  lamp  luminosity, 
falling    on    the  screen   at  1  foot  distance,  had  to  be  reduced   to 

^^   ^J5^^^o^7Jr7wlO^*^^®°"&^°^%^*-   Had  the  luminosity 


luOO  720  180  441,000 
of  the  unit  of  luminosity  been  due  entirely  to  the  colour  at  X  4776,  it 
would  have  had  to  be  reduced  to  about  g(,^c>6o  ^^  ^^  luminosity  before 
it  became  invisible.  Thus  the  electric  light  gives  about  half  the 
sensation  of  this  light  that  the  monochromatic  light  of  that  colour 
and  luminosity  would  give,  and  hence  we  may  conclude  that  about 
half  the  luminosity  of  the  white  light  is  due  to  this  sensation,  of 
course  distributed  unequally  through  its  spectrum.  This  is  a  very 
close  approach  to  the  area  of  the  green  sensation  curve  of  the 
spectrum  when  the  luminosity  is  taken  into  account. 
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It  would  thus  appear  that  by  stadying  the  extinction  carves  it  may 
be  possible  to  approximate  to  the  three  positions  in  the  spectram 
which  the  colours  giving  the  nearest  approach  to  the  three  funda- 
mental sensations  on  the  Young-Helmholtz  theory  occupy. 

III.  "  Researches  on  the  Structure,  Organisation,  and  Classifica- 
tion of  the  Fossil  Reptilia.  VIL  Further  Observations  on 
Pareiasaurus.''  By  H.  G.  Seeley,  F.R.S.,  Professor  of 
Geography  in  King's  College,  London,  Received  May  5, 
1891. 

(Abstract.) 

The  author  distinguishes  five  zones  of  life  in  the  Karoo  rocks, 
which  are  termed,  counting  from  the  bottom,  Mesosaurian,  Pareia- 
saurian,  Dicynodont,  Theriodont,  and  Zanclodont.  The  Pareia- 
saurian  zone  extends  between  the  Prince  Albert  Road  station  and  the 
Nieuwveldt  range  of  mountains.  He  obtained  a  nearly  complete 
skeleton  from  Bad,  east  of  Tamboer,  a  less  complete  skeleton  from 
Tamboer  Foutein,  and  a  portion  of  jaw  from  near  Klipfontein,  on 
the  summit  of  the  Nieuwveldt  range.  These  materials  show  almost 
every  part  of  the  skeleton  except  some  details  of  the  carpus  and 
tarsus,  and  the  number  of  digits. 

The  skull  shows  in  both  specimens  the  structure  of  the  palate, 
which  was  closed  in  the  median  line,  and  almost  covered  with  teetfa, 
which  extend  in  four  principal  longitudinal  rows  on  the  vomera  and 
pterygoids.  The  teeth  are  slender,  cylindrical,  and  recurved.  There 
are  two  oblique  rows,  half  as  long  as  the  others,  on  the  palatines. 
They  converge  backward.  Other  teeth  occur  in  rows  behind  these, 
and  in  front  of  them.  The  posterior  nares  open  behind  the  pterygoids 
on  the  basi-sphenoid.  The  pterygoid  bones  diverge  backwards  to 
meet  the  quadrate  bones,  which  are  wedged  in  between  them  and  the 
bones  of  the  cheek.  On  the  outer  border  of  the  side  of  the  quadrate 
is  a  perforation  like  that  figured  « Phil.  Trans.,'  B,  1889,  PL  10,  fig.  4, 
only  smaller.  The  brain  case  has  the  same  sort  of  relation  to  the 
roof  bones  of  the  skull,  as  in  marine  Chelonia.  The  brain  case  is 
depressed  behind.  The  occipital  condyle  appears  to  be  formed  by 
the  basi-occipital  in  its  lower  half,  and  by  the  ex-occipitals  in  its 
upper  half.  It  is  concave,  and  was  margined  below  by  a  semi- 
circular intercentral  bone.  A  similar  intercentral  ossification  occurs 
behind  it,  below  the  atlas.  The  surface  of  the  skull  has  no  opening 
except  the  nares,  orbits,  and  the  large  parietal  foramen.  Its  posterior 
border  is  concavely  notched.  The  surface  shows  the  same  pitted 
and  channeled  ornament  as  in  the  specimen  already  described. 

The  vertebral  column  is  complete  with  the  exception  of  a  few  small 
terminal  vertebr»  of  the  tail.     No  neural  arch  has  been  found  to  the 
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first  yertebra.  The  processes  for  articulation  with  the  dorsal  ribs 
have  ^elongated  facets,  which  are  rarelj  divided  into  diapophjses  and 
parapophygies.  The  sacram  includes  four  vertebrsB,  of  which  the  first 
is  sacro-lumbar  and  the  last  two  sacro-caudal.  Chevron  bones  are  well 
developed  along  the  tail. 

The  shoulder  girdle  is  placed  far  forward ;  the  precoracoid,  cora- 
coid,  and  scapula  are  anchylosed  together.  The  scapula  is  erpanded 
and  elongated,  extending  backward  towards  the  ilium.  The  clavi- 
cular arch  includes  five  bones.  The  interclavicle  has  a  descending 
median  bar,  which  expands  transversely  between  the  coracoids ;  its 
transverse  bar  unites  with  the  clavicles,  which  rest  upon  the  scapulas. 
They  only  extend  half-way  along  the  length  of  the  superior  margins 
of  the  scapul®.  Beyond  that  point  is  another  pair  of  bones  which 
represent  ^e  supraclavicles,  as  in  Fishes  and  Labyrinthodonts. 

The  pelvis  is  entirely  Mammalian  in  form.  The  pubes  are  almost 
entirely  behind  the  iliac  bones,  and  unite  with  the  ischia  to  form  a 
continuous  sheet  of  bone,  the  two  sides  being  inclined  to  each  other 
and  meeting  in  a  ventral  symphysis.  There  is  only  a  small  perfora- 
tion through  the  pubis,  and  no  perforation  between  the  pubis  and 
ischium,  as  in  Mammals.  The  transverse  processes  from  the  four 
sacral  vertebras  meet  the  expanded  blade  of  the  ilium  along  its  length 
on  each  side. 

The  limbs  are  massive  and  short;  the  femur  shows  characters 
which  have  previously  been  regarded  as  belonging  to  the  humerus. 
The  distal  end  of  the  bone  is  perforated.  The  lesser  trochanter  is 
strongly  developed.  The  tibia  is  large  and  massive,  and  the  fibula 
slender.  These  bones  are  much  shorter  than  the  femur.  The  os 
calcis  is  of  large  size,  and  articulates  with  both  the  fibula  and  tibia  ; 
the  astragalus  is  small.  The  tarsal  bones  of  the  distal  row  are  small 
and  separate  ;  their  relations  to  each  other  not  definitely  determined. 
The  metatarsal  lipnes  are  stroDg  and  short ;  the  phalanges  are  short, 
and  terminate  in  massive,  long,  flattened  claws.  In  the  fore-limb  the 
humerus  is  greatly  expanded  at  both  ends  with  a  large  deltoid  crest. 
The  condyles  of  its  distal  end  are  well  rounded  ;  the  radius  is  short 
and  massive ;  the  ulna  expands  at  its  proximal  end,  and  is  produced 
according  to  the  Mammalian  plan  so  as  to  receive  the  distal  end  of 
the  humerus.  The  carpus  is  imperfectly  known.  The  digits  were 
stronger  than  those  of  the  hind  limb,  and  terminated  in  similar  claws. 

The  specimens  show  that  in  characters  of  the  teeth  and  mandible 
there  is  nothing  to  distinguish  Anthodon  from  Pareuuaurus ;  and 
that  the  genus  Propa^ppus  apparently  has  no  existence,  being  founded 
on  a  femur.  One  species  is  named  Pareiasaurus  Bainii,  another  is 
Pareiasaurtu  Bussauwi, 

All  the  affinities  hitherto  attributed  to  Pareiasaurus  with  Labyrinth- 
odonts, Anomodonts,  Procolophon^  and  Mammals   are   shown  more 
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stiTonglj  in  the  several  parts  of  the  skeleton,  by  the  new  evidence. 
The  shoulder  girdle  is  more  Labjrinthodont  than  was  previously 
supposed,  the  skull  is  more  Reptilian,  and  the  pelvis  and.  limbs  are 
more  Mammalian,  though  with  some  resembance  to  Dinosaurs. 

From  further  evidence  of  the  structure  of  the  skeleton  in  Procolo^ 
phon,  the  author  regards  that  type  as  a  member  of  the  Pareiasauria, 
rather  than  as  forming  a  distinct  sub-order.  It  also  has  four  sacral 
vertebrsB. 

The  divisions  of  the  Anomodontia  are  grouped  as  — 

Theriodontia. 

Dicynodontia. 


Flacodontia. 

\ 


/ 


Endothiodontia. 

.     /  \ 

Fareiasauria.  Mesosauria. 

The  relations  of  the  Anomodontia  to  other  Yertebrata  are  expressed 
in  the  following  grouping  : — 


Of^N/THOMOfiPHA 
Ave* 
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IV.  '*0n  the  Theory  of  Electrodynamics."  By  J.  Larmor, 
Fellow  of  St.  John's  College,  Cambridge.  Communicated 
by  Professor  J.  J.  THOMSON,  F.R.S.  Received  May  11, 
1891. 

The  electrical  ideas  of  Clerk  Maxwell,  which  were  cultivated  partly 
in  relation  to  mechanical  models  of  electrodynamic  action,  led  him  to 
the  general  principle  that  electrical  currents  always  flow  round  com- 
plete circuits. 

To  verify  this  principle  for  the  case  of  the  current  which  charges 
a  condenser,  it  was  necessary  to  postulate  an  electrodynamic  action 
of  the  same  type  as  that  of  a  current  for  the  electric  displacement 
across  the  dielectric,  in  which  the  excitation  of  the  dielectric  may  be 
supposed,  after  Faraday,  to  consist.  The  existence  of  such  an  action 
has  subsequently  been  deduced  qualitatively  from  the  general  prin- 
ciple of  action  and  reaction,*  and  has  also  been  detected  by  various 
experimenters. 

The  principle  also  requires  that  the  electric  displacement  shall  not 
lead  to  any  accumulation  of  charge  in  the  interior  of  the  dielectric, 
therefore  tliat  it  shall  be  solenoidal  or  circuital,t  its  characteristic 
equation  being  of  the  type 

dx\     dx )     dy\     dy  J     dz  \      dzj"^^ 

where  Y  is  the  electric  potential,  and  K  a  dielectric  constant.  The 
surface  density  of  the  electricity  conducted  to  a  face  of  a  condenser 
mnst  neutralise  the  electric  displacement,  and  not  leave  any  residual 
effective  electrification  on  the  surface.  On  taking  the  displacement 
and  the  surface  density  each  equal  to  KF/43r,  where  F  denotes  the 
electric  force,  the  value  of  K  becomes  unity  for  a  vacuum  dielectric ; 
and  K  represents  the  specific  inductive  capacity  as  measured  by 
electrostatic  experiments. 

When  this  principle  of  circuital  currents  is  postulated,  the  theory 
of  electrodynamics  is  reduced  to  the  Ampere-Neumann  theory  of 
complete  circuits,  of  which  the  truth  has  been  fully  established.  It 
leads,  as  shown  by  Maxwell,  to  the  propagation  of  electrical  action 
in  dielectric  media  by  waves  of  transverse  electric  displacement, 
which  have  the  intimate  relations  to  waves  of  light  that  are  now  well 
known. 

•  Cf.  J.  J.  Thomson,  *Brit.  Assoc.  Report,'  1885. 
t  A  tonn  recently  introduced  by  Sir  Yi,  Thomson. 
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Oeneralised  Polarisation  Theory, 

The  problem  of  determining  how  far  these  remarkable  oonclnsions 
will  still  hold  good  when  a  more  general  view  of  the  natnre  of  di- 
electric polarisation  is  assumed  was  considered  by  von  Helmlioltz* 
in  a  series  of  memoirs. 

The  most  general  conception  of  the  polarisation  of  a  medium 
which  has  been  formed  is  the  Poisson  theory  of  magnetisation.  The 
magnetised  element,  whether  actoally  produced  by  the  orientation  of 
polar  molecules  or  otherwise,  may  be  mathematically  considered  to 
be  formed  by  the  displacement  of  a  quantity  of  ideal  magnetic  matter 
from  its  negative  to  its  positive  pole,  thereby  producing  defect  at  the 
one  end,  and  excess  at  the  other  end.  The  element  is  defined  mag- 
netically by  its  moment,  which  is  the  product  of  the  displaced 
quantity  and  the  distance  through  which  it  is  displaced.  The  dis- 
placement per  unit  volume,  measured  by  this  product,  is  equal  to  the 
magnetic  moment  per  unit  volume,  whether  the  magnetised  mole- 
cules fill  up  the  whole  of  that  volume  or  are  a  system  of  discrete 
particles  with  unoccupied  space  between  them. 

In  the  electric  analogue  we  replace  ideal  magnetic  matter  by  ideal 
electric  matter ;  the  displacement  thus  measured  constitutes  the  elec- 
tric displacement,  and  its  rate  of  change  per  unit  time  represents  the 
displacement  current  in  the  dielectric.  We  have  to  consider  whether 
a  displacement  current  of  this  type  suffices  to  make  all  electric 
currents  circuital ;  and  it  will  be  sufficient  and  convenient  to  examine 
the  case  of  a  condenser  which  is  charged  through  a  wire  connecting 
its  two  plates.  In  the  first  place  this  notion  of  electric  displacement 
leads  to  the  same  distribution  of  potential  between  the  plates  to  the 
ordinary  one,  adopted  by  Maxwell;  for  in  the  theory  of  induced 
magnetism  there  occurs  a  vector  quantity  of  circuital  character,  the 
magnetic  induction  of  Maxwell,  of  which  the  components  ai^ 
— /*(drV/£?a;),  —fiidVjdt/),  —fjL(dYjdz),  and  which,  therefore,  leads  to 
the  characteristic  equation  of  the  potential 

corresponding  to  the  one  given  above.     If  the  displacement  in  the 
dielectric  is  -ic((fV^/c2aj),  —K^diVjdy),  -^(dVldz),  then 

The  displacement  in  a  unit  cube  may,  of  course,  be  considered  as  a 
displacement  across  the  opposite  faces  of  the  cube. 

Now,  considering  the  case  of  a  plane  condenser,  let  F  be  the  electric 
force  in  the  dielectric  between  the  plates ;  then  the  displacement  is 
*  '  WissenBchaf tliche  Abhandluogen/  I,  p.  545,  et  seq. 
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k¥.  Let  tr  be  the  surface  density  of  the  charge  conducted  to  a  plate ; 
then  the  effective  electrification  along  that  plate  will  be  of  surface 
density  a  =  <r— /cF ;  therefore,  by  Coulomb's  principle, 


F  =  4.WC' 

=  *w  (<T-«F)  ; 

<r 

=  ;;^F=«F+;^F. 
4ir                      4sr 

80  that 


Thus  the  current  is  not  circuital,  but  there  is  an  excess  of  the  surface 
density  conducted  to  the  surface  over  the  displacement  current  from 
the  surface,  which  is  equal  to  F/43r. 

The  specific  inductive  capacity,  as  determined  by  static  experi- 
ments on  capacity,  is  here  measured  by  /c,  the  coefficient  in  the 
expression  for  a. 

In  addition  to  this  discontinuity  at  the  face  of  a  condenser  plate, 
the  induction  in  the  mass  of  the  dielectric  will  not  be  circuital  unless 
the  electric  force  is  itself  circuital,  which  it  is  not  in  the  general 
electrodynamic  theory  to  be  presently  discussed. 

The  current  becomes  more  nearly  circuital  the  greater  the  value 
of  ^.  If  /t,  and  therefore  «,  were  infinite  we  should  attain  the  limit 
when  the  currents  are  circuital.  If  the  values  of  fi  for  all  dielectrics 
were  multiplied  by  the  same  infinite  constant,  so  as  to  keep  their 
ratios  unchanged,  the  distribution  of  electric  potential  would  not  be 
altered,  provided  the  charges  on  all  condacting  surfaces  were  also 
increased  in  that  ratio ;  the  displacement  or  induction,  which  is  now 
the  essential  quantity  in  the  theory,  thus  maintaining  its  original 
value.  This  comes  to  the  same  thing  as  measuring  the  actual  charges 
in  a  unit  which  is  diminished  in  that  ratio. 

In  this  way  the  Maxwell  scheme  of  circuital  currents  reveals  itself  as 
a  limiting  case  of  the  more  general  polarisation  theory.  The  infinite  di- 
electric constant  makes  the  excited  polarisation  of  very  great  amount  in 
comparison  with  the  exciting  cause ;  so  that  in  the  limit  we  may,  in 
a  sense,  imagine  the  system  as  one  of  self-excited  circuital  polarisa- 
tion, a  point  of  view  which  approaches  somewhat  to  that  of  Maxwell 
himself. 

This  mode  of  connecting  the  two  theories  was  pointed  out  by  von 
Helmholtz.  But  his  scheme  takes  for  the  new  unit  of  charge  the  elec- 
trostatic unit  corresponding  to  vacuum  with  its  new  infinitely  great 
dielectric  constant,  so  that  this  unit  is  reduced  proportionally  to  the 
square  root  of  the  infinite  ratio ;  the  displacement  is  then  infinitely 
great,  and  the  potential  infinitely  small,  according  to  the  square  root 
of  this  ratio. 

(This,  however,  should  be  expressed  more  precisely  as  follows : — 

VOL.  XLIX.  2  N 
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The  absolute  dimensions  of  electric  charge  and  electric  displacement 
in  K  are  both  Kg*,  those  of  electric  force  (static)  K,"*.  These  dimen- 
sional relations  mast  persist  when  the  transition  is  made  from  von 
Helmholtz's  system  to  Maxwell's,  so  that  the  changes  in  the  unite  are 
as  von  Helmholtz  indicates ;  and  the  ratio  of  the  electroRtatic  to  the 
electrokinetic  unit  of  quantity  in  an  ideal  absolute  medium  with  K, 
anitj  will  now  bo  the  ascertained  value  of  this  constant  for  air  or 
vacuum  multiplied  by  the  square  root  of  the  value  of  K,  for  air.  The 
electric  pressure  in  a  fluid  dielectric,  however,  depends,  in  this  limit- 
ing form  of  the  theory,  on  the  square  of  the  value  of  the  electric 
displacement,  as  may  be  proved  :  thus  the  circumstances  of  ordinary 
cases  of  statical  electrification  are  those  of  finite  numerical  value  of 
the  displacement,  notwithstanding  the  smallness  of  this  absolute  unit 
of  charge,) 

Oeneralised  Electrodynamic  Theory, 

To  obtain  the  general  type  of  the  modification  of  which  the  theory 
of  electrodynamics  is  susceptible  owing  to  the  existence  of  non- 
circuital  currents,  we  start,  following  von  Helmholtz,  from  the 
ascertained  laws  for  circuital  currents,  which  may  be  developed 
in  the  manner  of  Neumann  and  Maxwell  from  the  electrodynamic 
potential 

The  value  of  T  with  the  sign  here  given  to  it  is  to  be  reckoned  as 
kinetic  energy;  the  mechanical  forces  are  to  be  derived  by  its 
variation  due  to  any  virtual  displacement  of  the  system,  a  force  acting 
in  the  direction  of  the  displacement  producing  an  increment  of  T ; 
the  electric  forces  are  derived  according  to  Lenz*8  law  or  Maxwell's 
kinetic  theory.  The  equations  of  the  field  are  thus  all  expressible  in 
terms  of  this  function  T.  When  non-circuital  currents  afe  con- 
templated, the  currents  «,  «',  now  varying  with  «,  8\  must  be  placed 
inside  the  integral  signs ;  and  to  T  must  be  added  the  most  genei^ 
type  of  expression  that  will  vanish  when  either  current  is  circuital. 
Thus  we  must  write 


T  =  jj^.w(5^+^) 


where  i"  is  a  function  such  that 


i.e.,  it  is,  so  far,  any  function  wh'ch  has  no  cyclic  constant  round 
either  circuit.     The  distribution  of  the  energy  between  the  pairs  of 
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elements  is  now  supposed  to  be  specified  by  the  elements  of  this 
integral. 

The  form  of  -^  is  limited  by  the  fftct  that  it  must  be  a  function  of 
the  geometrical  conformation  of  the  pair  of  elements.  The  elements 
of  this  conformation  are  given  by  the  equations 

cos^=-ir, 


C0S€ 


_^      dr  dr         d?r 

where  r  is  their  distance  apart,  ^,  6^',  e  represent  the  angles  r.ds^  r,ds\ 
ds^ds'y  r  being  measured  positive  from  ds  to  (2«'. 

The  only  function  of  the .  type  d^^fds  dfl  which  can  be  specified  in 
terms  of  these  quantities  is  d^(/)(r)ld8  ds^  which  is  equal  to 

f-"0'  (r)  (cos  0  cos  ^— cos  6)  +0"  (r)  cos  0  cos  0\ 
On  substitntion  we  have 

in  which  the  elements  of  the  energy  are  supposed  to  be  correctly 
localised. 

To  obtain  the  mutual  mechanical  forces  between  the  conductors  we 
have  to  determine  the  variation  in  T  produced  by  the  most  general 
virtual  displacements  of  the  separate  elements  which  do  not  alter 
these  elements,  nor  break  the  continuity  of  either  circuit.  Thus 
dSf  dsy  t,  t  are  not  to  be  varied. 

The  shortest  way  to  take  account  of  currents  which  are  not  of  the 
same  strength  all  along  the  circuit  is  to  consider  two  uniform  currents 
I,  t  flowing  in  interrupted  circuits,  and  examine  the  terms  of  the 
variation  involving  the  terminal  points  at  which  electric  charges  are 
being  accumulated  by  the  currents  flowing  into  them.  Of  course 
the  same  general  results  would  flow  from  taking- 1,  t  functions  of  «, «' 
respectively  and  neglecting  the  ends.  Thus,  employing  electro- 
magnetic units  and  so  avoiding  a  numerical  coefficient,  we  have, 
after  F.  E.  Neumann  and  von  Helmholtz, 

2  N  2 
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JJ  I     r  as  da         cuds      J 

-T-  ff  2«  '/£*'/ ^'' ^^  ^^     1^^     1  dr  dlr     cP^(r-0r)  1 
]]  \  1^  dB  ds'^T  d8  da'     rds   dJ  dsds       I 

-il«'(i-0V)«H!!Ci- 


•*f  V 


This  Ttkriation  is  accoiinted  for  by  the  following  forces  of  repnlsioD, 
tending  to  increase  r. 

(i)  Between  the  elements  tds  and  ids',  equal  to 

1  dr  dr     2   c^r  \ 


^^V     f^dsds'^rdsds'J 


or  ^2ids ids'  —  (cos  €—  f  cos 0 cos  $'),  Ampdre*8  law. 

(ii)   Between  the  elemcnfc  ids  and  the   positive  end  of  the  con- 
ductor ds\ 

,    ,1  dr 
r  cu 

or  ^ids- cos  (r .  ds), 

dt  r 

where  de'/dt  is  the  rate  at  which  the  charge  at  that  end  is  increasing, 
(iii)  Between  the  element  ids'  and  the  end  of  the  conductor  ds, 

r  ds 

or  iW$icos(r.(ii,'). 

dtr        ^         ' 

r  being  here  measured  away  from  ds\ 

(iv)  Between  an  end  of  ona  conductor  and  an  end  of  another  con- 
ductor, 

-«'  (1-0V); 

#>«.  dede  ,.       ,,  v 
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It  is  to  be  observed  that  the  form  of  0(r)  affects  only  the  forces  (iv) 
in  this  scheme  of  attraction,  as  one  would  expect  from  the  fact  that 
0(r)  disappears  if  either  carrent  flows  round  a  complete  circuit. 

Not  to  refer  to  (ii)  and  (iii),  we  notice  from  (iv)  that  two  changing 
electrifications  attract  each  other  with  a  force  involving  a  term  which 
is  constant  at  all  distances,  unless  a  special  form  of  0  (r)  be  assigned 
differing  from  any  of  the  values  which  occur  in  the  sequel.  It  is 
difllcnlt  to  imagine  the  mechanical  basis  of  such  an  action ;  the 
remarks  of  von  Helmholtz  in  justification  (against  Bertrand)  may, 
however,  be  referred  to.* 

This  investigation  of  the  mechanical  forces  is  equivalent  to  von 
Helmholtz's  with  the  exception  that  he  takes  at  the  beginning  0  (r) 
to  be  proportional  to  r,  on  the  general  g^und  that  the  potential 
energy  of  two  elements  in  all  natural  actions  involves  only  the 
inverse  first  power  of  the  distance.  The  validity  of  this  consideration 
seems  to  be  weakened  by  the  fact  noticed  above  that  0(r)  occurs  only 
in  the  force  (iv).  For  what  follows  it  will  not  be  necessary  to  restrict 
the  form  of  0(r). 

To  discuss  the  propagation  of  electrical  action  in  continuous  media, 
we  have  to  translate  T  from  the  form  suitable  to  linear  distributions 
to  the  form  suitable  to  volume  distributions*  Following  the  method 
firgt  developed  by  Kirchhoff,  and  for  this  case  the  analysis  of  von 
Helmholtz,  the  energy  function  for  any  field  of  currents  is  to  be 
obtained  by  summation  of  the  energy  functions  of  all  the  pairs  of 
elementary  filaments  of  currents  that  compose  it,  care  being  taken 
that  no  pair  is  counted  twice  ovev:  The  proper  form  will  be  a 
volume  integral ;  instead  of  ds^  ds',  the  elements  of  the  filament,  it  will 
involve  (2t,  dr^  the  elements  of  voIuum,  and  instead  of  i,  i\  the 
resultant  currents,  it  will  involve  their  components  per  unit  sectional 
area  uvw  and  u'v'to'. 

Thus       T  =  f  f  !^ii^£2!i+ [  f.  ^  .'1.  ^(r)  ds  ds' 
=  i[[  '  (uu'  +  vv'  +  ww')  drdr' 

the  factors  ^  being  inserted  because  the   volume  integrals,  being 
extended  all  over  the  system,  take  each  pair  of  elements  twice  over. 
Hence 

•  *  Wissen.  Abhandl.,*  I,  p.  708. 
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where 

r  =  [±.'  dr.  G  =  t  rfT  ,  H  =  [^  rfr'. 


Hi-'^-'w^'-^y'' 


in  these  formnlaa  the  accents  may  now  be  dropped,  as  the  integ^Lt 
are  extended  over  ^e  whole  system. 

It  is  through  this  function  x  ^^&^  ^^^  indeterminateness  enters 
into  the  equations  of  electrodynamics.  In  a  certain  class  of  cases  the 
function  may  be  expressed  in  another  form,  which  is  useful  in  the 
subsequent  analysis.  By  integration  by  parts  throughout  space,  we 
obtain 

provided  we  can  neglect  the  surface  integral  over  the  infinite  spheir; 
and  this  we  can  do,  if  the  system  is  confined  to  a  finite  region  and  ^ 
contains  only  mverse  powers  of  r,  or  it  may  be  direct  powers  of  r 
when  there  is  no  total  current  flow  to  infinity.     Thus 

dV 


by  Green's  theorem,  provided  the  surface  integrals  vanish  as  before. 
In  this  equation, 

80  that,  on  too  Helmholtz's  assumption 

9>(r)  =  Cr, 


we  have 

vV=2C/r; 

and  therefore 

1   C,  2GdV 
'^          47r]       r   di 

so  thai' 

.'x  =  .o^. 

a  result  to  be  used 

immediately. 
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The  final  resnlt  is 

T  =  \\dr  (F,n+G,r+H,fr), 

where       F,  =  F+^,         G,  =  G+^,        H,  =  H+^, 


4?rJ        dt  Xdr"  '^rdrj' 


To  obtain  the  components  PQRof  the  electric  force  we  assume, 
following  F.  E.  Neamann  and  von  Helmholtz,  that  the  principle 
involved  in  Lenz's  law  is  applicable  to  the  element  as  well  as  to  the 
circuit  as  a  whole.  This  is  the  same  piinciple  as  flows  from  Maxwell's 
dynamical  theory,  and  is  justified,  if  we  assume  that  T  is  the  energy 
function  of  an  actual  dynamical  system.  To  the  kinetic  part  of  the 
electric  force  so  determined  the  electrostatic  part  must  be  added, 
giving  in  all  the  oompooents 

P=-^^-^  Q=«^..^  R=_^^-^ 

dt      dx^  dt      dy '  dt      dz  ' 

The  conduction  current  is  given  by 

ir(ui,VuWi)  =  (P,Q,  R), 

where  c  is  the  specific  resistance.     The  total  current  Ls 

where  (/,17,^)=:^(P,Q,R). 

The  vector  potential  FGH  is  connected  by  definition    above   with 
uvw  by  the  equations  of  potential 

V*(F,G,H)  =  -4^(t*,r,tr); 

while  the  characteristic  equation  of  Y  is 

V'V  =  — 4?r^ 


\dx     dy     dz) 


The  equations  of  electric  propagation  are  involved  in  these  results. 
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The  value  of  Ei  in  electromagnetic  units  is  very  small,  tHe  square  of 
the  reciprocal  of  the  velocity  of  light  in  the  medium ;  so  that  there 
are,  broadly,  two  classes  of  media,  (i)  conductors  in  which  Ki  is 
neglected,  (ii)  insulators  in  which  UiViWi  are  zero.  The  equations  of 
propagation  for  each  case  are  involved  in  the  above  equations. 


rropagation  in  Dielectric  Media. 

The  simplest  and  most  important  case  of  this  generalised  theory, 
as  displacement  cnrrents  in  conductors  are  negligible,  is  that  of 
dielectrics. 

In  the  first  place,  we  may  consider  the  propagation  of  V.  We 
have 


\ax     dy     dz) 


=-4(^-t-t)-'^-'^- 


Now 


Therefore 


AS 
dx 

-f^ 

dz  ~, 

1  /du    dv    0 
7\d^Uy^'c 

= 

.{l^dr 
.  rdt 

= 

dV 

dt  ' 

1  +  K 

iv'V  = 

d'V     d     - 
'■  dP     d*^'^' 

and,  finally.       1^  v'V  =  ^-A  v' j  ^'0^^^. 

n  wtiich  0  is  a  function  of  r. 

This  equation  determines  the  mode  of  propagation  of  Y.  It  repre- 
sents wave-motion  of  a  complicated  character  which  may  be  analysed 
most  easily  by  applying  the  equation  to  the  case  of  a  plane  wave  with 
the  displacement  at  right  angles  to  its  front.  There  are  two  com- 
paratively simple  cases. 

(i.)  If  vV  =  Oi  *•€•»  0  =  A  +  Br~*,  the  equation  becomes 

which  represents  wave  propagation  with  velocity  depending  on  the 
wave-length,  and  therefore  involving  dispersion. 
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For  the  plane  wave 

V  oc  exp  I  {mx—nt)j 
it  leads  to  the  condition 

and  the  velocity  of  propagation  is 

■=(^')'('-^)"' 

where  \  is  the  wave-length. 

The  special  case  of  0(r)  eqnal  to  zero  is  worth  notice,  as  that 
wonld  represent  a  theory  in  which  the  element  of  Neumann's  in- 
tegral, viz.,  id»  I'df'  cosc/r,  is  the  mntnal  energy  of  two  current  ele- 
ments. When  the  currents  are  not  circuital,  this  leads  to  a  con- 
densational wave  of  the  type  h«fre  given. 

(ii)  If  0(r)  =  Cr  (von  Helmholtz*s  hypothesis)  the  equation 
becomes 

•  l^v'7=(H-2C)g. 

denoting  undulatory  propagation  with  constant  velocity 

;      1  +  Ki      V 
1(i+2C)KJ  ' 

which  agrees  with  von  Helmholtz's  result,  when  his  notation  i(k^l) 
is  written  for  C. 

There  is  apparently  nothing  self-contradictory  in  the  more  general 
values  of  0(r).  The  form  <p(r)  =  Cr+A-|-Br~',  here  considered,  is 
notable  for  the  case  C  =  1 ;  as  then  the  law  of  electrodynamic  action 
between  two  changing  charges  would  be  simply  that  of  the  inverse 
sqnare. 

Next  we  shall  consider  the  propagation  of  the  electric  displace- 
ment fgh.    We  have 

'dp    4w^  dxdt^      djt 
with  two  similar  equations  in  g  and  h. 
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From  these  equations  x  m&J  ^  eliminated  by  means  of  tHe  equa- 
tions found  for  V    ' 

where  p=.^l+^+f. 

There  result  equations  of  the  type 

Thus,  finally,         (v'-K,  -J-)  (vy+^)  =  0, 


or 


The  three  equations  of  this  type  are  equivalent  to  only  two  inde- 
pendent equations. 

They  show  that  all  displacements  fgh  for  which  the  condensation 
p  is  zero  are  propagated  with  the  constant  velocity  Ki~*,  whatever  be 
the  form  assigned  to  0(r).     For,  write 

(/■».») =(£+/.f+»'.f+v), 

this  is  possible,  for  to  determine  S  we  have  simply 

-P  =  V'S, 

so  that  S  =  V/4ir. 

These  equations  will  then  determine  the  mode  of  propagation  of 
fg*h'  subject  to  this  condition  of  no  condensation,  because  S  disap- 
pears from  them.  The  propagation  of  S  or  Y/4s-  has  already  been 
considered. 

For  a  system  of  non-condensational  waves  of  this  kind,  propagated 
along  the  axis  of  a;,  all  the  quantities  mast  be  f  anctionn  of  x ;  there- 
fore /  must  vanish  ;  that  is,  the  displacement  must  be  perpendicular 
to  the  direction  of  propagation.  These  waves  are  therefore  waves  of 
transverse  displacement. 
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We  conclude  that  the  propagation  of  waves  of  transverse  dis- 
placement with  this  velocity  Ki"*  is  not  a  characteristic  of  any  special 
theory,  but  forms  a  part  of  any  conceivable  theory  which  admits 
some  sort  of  polarisation  in  the  dielectric,  and  leads  to  the  correct 
results  for  Ampere's  case  of  circuital  currents. 

This  cardinal  result  will  slill  follow,  even  if  x  is  any  function  what- 
ever. The  degree  of  (mathematical)  generality  which  this  remark 
imparts  may  be  expressed  as  follows.  In  a  complete  circuit  the  one 
thing  essential  to  the  established  theory  is  that  the  electric  force 
integrated  round  the  circuit  should  be  equal  to  the  time  rate  of 
change  of  the  magnetic  induction  through  it,  and,  therefore,  have  an 
ascertainable  value,  though  its  distribution  round  the  circuit  is  a  sub- 
ject of  hypothesis.  The  conclusion  that  waves  of  transverse  dis- 
placement will  be  propagated  in  a  dielectric  with  velocity  Ki~*  will 
hold  good  if  we  assume  any  form  whatever  for  the  electric  force 
which  does  not  violate  this  one  relation,  and  also  assume  an  electro- 
static polarisation  of  the  medium,  equal  at  each  point  to  the  electric 
force  multiplied  by  a  constant  Ki/49r.  For  the  indeterminateness  that 
may  exist  in  the  vector  potential  (or  electric  momentum)  PG-H  is  of 
the  same  type  as  that  which  may 'exist  in  the  electric  force  PQR, 
and,  therefore,  as  the  equations  sbo^nr,  may  be  merged  in  the  latter. 
It  would,  perhaps,  be  difficult  to  conceive  any  move  general  hypothesis 
than  this. 

The  increased  generallrty  which  can  be  imparted  to  the  theory 
merely  leads  te  various  modes  of  propagation  of  a  condensational 
wave. 

Compari^Gn  with  -Experimental  Knowledge. 

In  the  general  theory  of  polarisation  sketched  at  the  be^nning  of 
this  paper, 

(/,gf,;i)  =  r(P,Q,E)4 

therefore  Ki  =  4wjc. 

The  specific  indnctive  capacity  of  the  medium  is 

Ka  =  /i  =  l+4ir/r. 

Thus  Ka  =  l  +  Ki, 

the  nnits  being  here  electrostatic. 

Now,  the  results  of  various  experimental  investigations  seem  to 
place  it  beyond  doubt  that  for  dielectrics  of  simple  chemical  consti- 
tution the  velocity  of  propagation  varies  as  Kj"*.  Thus,  in  the  recent 
experiments  of  Arons  and  Rubens,*  the  velocity  of  waves,  6  metres 

•  Wiedemann's « Annalen,'  toI.  42, 1891,  p.  581. 
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^ong,  guided  by  a  pair  of  parallel  wires,  was  measured  by  interference 
experiments  when  a  part  of  ihe  circait  was  surrounded  by  various 
liquid  dielectrics.  The  great  length  of  the  wave  compared  with  the 
section  of  the  conductor  ensures  that  it  travels  with  its  front  sensibly 
in  the  direction  of  propagation,  and,  therefore,  that  its  velocity  is 
normal ;  while  the  presence  of  the  return  wire  limits  its  divergence 
into  space.  Their  results  are  expressed  in  the  following  table  which 
gives  Kj*,  the  index  of  refraction  to  for  light  waves  of  length  6.10~' 
metres,  and  the  index  of  refraction  w!  for  the  observed  waves  of 
about  6  metres  long : — 

Castor  oil   216  1-48  205 

Olive  oU 175  1*47  171 

Xylene    153  1*49  I'SO 

Petroleum 1  44  1*45  1*40 

Thus  the  greatest  deviation  from  correspondence  for  the  longer 
waves  is  about  5  per  cent.  The  correspondence  of  these  nnmbers 
requires  that  the  values  of  Ei  and  K^  should  be  sensibly  equal  for 
the  substances  tested,  which  can  only  be  the  case  in  the  limiting 
form  of  the  polarisation  theory  which  constitutes  Maxwell's  dis- 
placement theory.  In  that  case,  as  has  been  seen,  the  currents  are 
all  circuital;  the  Ampdre-Neumann  theory  of  electrodynamics 
suffices  for  all  purposes,  and  there  is  no  condensational  wave. 

The  stand- point  froru  which  the  theory  of  dielectric  polarisation 
has  been  generalised  in  the  theory  here  expounded  is  that  of  polar' 
elements  attracting  according  to  the  law  of  inverse  squares  in  the 
manner  of  small  magnets.  In  the  results,  however,  this  conception 
disappears  and  the  phenomena  are  all  expressed  in  the  continuous 
manner  by  means  of  partial  differential  eq,uations. 

It  is  also  possible,  in  MaxwelVs  manner,  to  ignore  the  attractions 
of  the  elements  from  the  beginning,  and  simply  to  define  the  displace- 
ment as  proportional  to  the  electric  force.  The  statical  theory  of 
condensers  shows  that  in  the  dielectric  the  displacement  must  be 
circuital,  for  the  characteristic  equation  of  the  potential  must  hold 
good.  The  displacement  constant  assumed  by  Maxwell  is  equal  to 
the  specific  inductive  capacity,  in  order  to  ensure  that  the  charging 
current  shall  be  continuous  across  the  faces  of  a  condenser.  It  might 
be  proposed  to  take  a  less  restricted  form  for  this  constant,  with  the 
result,  of  course,  that  the  currents  would  be  non-circuital.  The  in- 
vestigation of  this  paper,  however,  proves  that  in  all  cases  the  velocity 
of  the  waves  of  transverse  displaoement  is  specified  in  terms  of  this 
displacement  constant ;  and  the  experimental  fact  that  in  the  simpler 
media  it  is  determined  in  the  same  manner  by  the  specific  inductive 
capacity  confines  us  to  that  value  of  the  constant  which  is  assumed 
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bj  Maxwell.*  It  is  Becessarj  to  emphajBise  that  it  is  of  tbe  very 
essence  of  a  theory  of  this  kind  that  the  carrent  in  the  dielectric  is 
Dot  circnital,  and,  therefore,  that  the  electric  volume  density  pro- 
duced by  the  electric  displacement  varies  with  the  time.  This  is  so 
because  the  electrodynamic  part  of  the  electric  force  is  not  derived 
from  a  potential.  Any  investigation  which  restricta  the  current  to 
be  circnital  is  necessarily  inconsistent  with  itself,  except  for  the 
limiting  case  which  forms  Maxwell's  theory. 

A  discrepancy  of  n  per  cent,  (n  a  small  number)  between  the 
observed  velocity  and  K,"*  would  involve,  by  the  formulad  at  the 
beginning  of  this  section,  a  difference  of  about  2n  per  cent,  between 
Ka  and  Ka— 1,  so  that  K3  would  be  of  numerical  magnitude  about 
100/2 n;  which  determines  the  ratio  in  which  the  ordinary  values  of 
the  inductive  capacities  of  all  media,  including  vacuum,  would  have 
to  be  multiplied,  to  make  the  polarisation  theory  not  discordant  with 
the  observations. 

The  amount  of  discontinuity  in  the  current  at  the  surface  of  a 
conductor  is  the  fraction  Ka"^  of  the  total  current  across  the  surface. 
At  the  interface  between  two  dielectric  media,  denoted  by  the  values 
Ka  and  K'a,  the  normal  components  of  the  displacement  on  the  two 
sides  are 

(Ka-l)N/4ir  and  (K'a-1)N74«-, 
where  N,  N'  are  the  normal  components  of  the  electric  force,  so  that 

KaN  =  K',N'. 

Thus  the  discontinuity  in  tbe  displacement  is  (N'— N)/45r  or 
(Ka/K'a— 1) N/4 w  compared  with  a  total  displacement  (Ka— l)N/4w; 
the  ratio  of  these  is  (B^j— K'a)/K'a(Ka— l),  which  is  less  than  the 
fraction  K'a""*,  which  corresponds  to  the  surface  of  a  conductor. 

Thus,  under  the  assumed  circumstances,  the  ratio  of  the  amplitudes 
of  the  condensational  waves  to  those  of  the  transverse  waves  would 
have  a  superior  limit  of  the  order  2n/100;  in  the  observations  quoted 
this  limit  is  at  5  per  cent. 

It  is  worth  while  to  emphasise  that  if  the  polarisation  theory  were 
to  take  Ka  equal  to  unity  for  a  vacuum,  Ki  would  be  zero,  and  in  a 
vacuum  there  would  be  nothing  but  action  at  a  distance.  It  is  thus 
an  essential  part  of  a  theory  like  this  that  a  vacuum  hag  an  absolute 
inductive  capacity  greater  than  unity,  so  that  the  ordinary  value 
unity  is  merely  a  relative  unit.  Thus  the  transition  to  Maxwell's 
scheme,  where  the  absolute  coeflScients  are  all  assumed  infinite,  does 
not  involve  any  undue  stretch  of  the  original  hypothesis. 

In   the  above,  the  relative  velocities   in   different   media  of  the 

*  Cf,  J.  J.  Thomson,  *Brit.  Assoc.  Report,*  1885,  p.  140. 
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transverse  waves  have  been  considered.  The  absolute  velocity  in  a 
vacnmn  mast  take  accoant  of  the  fact  that  the  ratio  of  the  electro- 
static  and  electromagnetic  units  of  qnantitj  has  been  altered  by  the 
factor  K'a*  in  the  transition  to  Maxwell's  theory,  where  K'2  now 
represents  the  assumed  absolute  inductive  capacity  of  -the  vacunm : 
thus  the  velocity  for  vacnnm  is  (1  — K'rO"*  multiplied  by  the  ratio 
of  the  electric  units  in  vacuum,  agreeing  with  von  Helmholtz's  result,* 
on  writing  this  inductive  capacity  K'3  for  his  constant  l-H4  3r6o,  and 
exceeding  the  velocity  of  light  unless  K\  is  ^ery  great. 

The  theory  of  electrodynamics  would  thus  appear  to  be,  on  all  sides, 
limited  to  MaxwelFs  scheme,  which  has  also  so  much  to  recommend 
it  on  the  score  of  intrinsic  simplicity. 

The  Society  adjourned  over  the  Whitsuntide  Recess  to  Thursday, 
May  28. 


Presents,  May  14, 1891. 
Transactions. 

Craco.w : — Academic  des  Sciences.   Bulletin  International.   Comptes 

Rendus  des  Stances.     1891.     No.  3.     8vo.     Cracovxe. 

The  Academy. 
Paris : — Bibliotheqne  du  D6pdt  de  la  Guerre.     Catalogue.     Tome 

VII.     8vo.     Paris  1890.  Minist^re  de  la  Guerre,  Paris. 

Rome : — Reale  Accademia  dei  Lincei.     Atti.     Serie  4.     (Classe  di 

Scienze  Morali,  Storiche  e   Filologiche).      Memorie.      Vols. 

II-V.    4to.    JKoma  1886-88.  The  Academy. 

Salford  : — ^Museum,   Libraries,   and  Parks    Committee.      Annual 

Report,  1889-90.     8vo.     Salford.  The  Committee. 

Stockholm  : — Kongl.  Vetenskaps-Akademie.     Ofversigt     Arg.  48. 

No.  1.     8vo.     Stockholm  1891.  The  Academy. 

Tokio : — ^Universitat.   Mitteilungen  aus  der  Medicinischen  Facultat. 

Bd.  I.     No.  4     4to.     Tokyo  IS90.  The  University. 

Toulouse : — Faculte  des  Sciences.    Annales.    Tome  IV.     Fasc.  2. 

4to.    Paris  1890.  The  Faculty. 

Turin : — R.  Accademia  delle  Scienze.    Atti.    Vol.  XXVI.     Disp. 

1-3.      8vo.      Torino   1890-91;    Osservazioni  Meteorologiche. 

1890.     8vo.     Torino  1891.  The  Academy. 

Utrecht: — Provinciaal  Utrechtsch  Genootschap  van   Kunsten  en 

Wetenschappen.     Aanteekeningen  van  het  verhandelde  in  de 

Sectie  Verg^eringen.     1890.     8vo.     Utrecht 

The  Society. 
Vienna : — Anthropologische    Gesellschaf t.      Mittheilnngen.      Bd. 

XXI.     Heftl.    4to.     Wien  IS91.  The  Society. 

•  Loc,  cit.f  p.  627. 
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Transactions  (Goniinued). 

K.  Akademie  der  Wissenschaften.     Anzeiger.     1891.     Nos.  5-7. 

8vo. .   Wien,  The  Academy. 

•    K.K.  Geologische  Beicbsanstalt.     Verhandlnngen.     1891.     Nos. 

2-4.     8vo.     Wiea.  The  Institute. 


Journals. 

American  Journal  of  Philology.    Vol.  XI.    No.  4.    8vo.    Baltimore 
1890.  The  Editor. 

Archives  N^rlandaises  des  Sciences  Ezactes  et  Naturelles.     Tome 
XXiV.     Livr.  4r-5.     8vo.     Harlem  1S91. 

Society  Hollandaise  des  Sciences,  Harlem. 
Galilee  (Le)     1891 .    Nos.  5-7.     8ro.    Paris.  The  Editors. 

Horological  Journal  (The)     Nos.  391-392.     8vo.     London  1891. 

The  Horological  Institute. 
Naturalist  (The)     Nos.  188-189.     8vo.    London  1891. 

The  Editors. 
Nature  Notes.    Vol.  II.    Nos.  15-16.    8vo.    London, 

The  Editor. 
Beyista  Argentina  de  Historia  Natural.     Tomo  I.      Entrega   1. 
8vo.    Buenos  Aires  1891.  M.  Florentine  Ameghino. 

Bevista  do  Obseryatorio.     1891.     No.  2.     8vo.     Bm  de  Janeiro. 

The  Observatory,  Rio  de  Janeiro. 
Bevue    M^dico-Pharmaceutique.      1891.     Nos.    2-3.     4to.     Con- 
stantinople, The  Editor. 
State  Library  Bulletin.      Comparative   Summary  and  Index  of 
State  Legislation  in  1890.     8vo.    Albany  1891. 

University  of  the  State  of  New  York. 
Stazioni  Sperimentali  Agrarie  Italiane  (Le)     Vol.  XX.     Fasc.  1-?. 
8vo.    Asti  1891.  R.  Stazione  Enologica  di  Asti. 

Technology  Quarterly.     Vol.  III.     No.  4.     8vo.    Boston  1890. 

Massachusetts  Institute  of  Technology. 


Carruthers  (G.  T.)  The  Variation  of  the  Magnetic  Needle  at  Paris. 
8vo.     [West  Brighton]  1891.  The  Author. 

Jones  (T.  B.),  F.B.S.  On  some  more  Fossil  EstherisB.  8vo.  Hert- 
ford 1891 ;  On  some  Estheriee  and  Estheria-like  Shells  from 
the  Carboniferous  Shales  of  Western  Scotland.  8vo.  [Olasgotv 
1890]  ;  Seventh  and  Eighth  Reports  (1889-90)  of  the  Com- 
mittee  on  the  Fossil  Phyllopoda  of  the  Palaeozoic  Bocks.  8vo. 
[Londcm']  ;  On  some  Fossils  from  Central  Africa.  8vo.  Herf- 
ford  1890;  On  some  Bivalve  Shells  from  the  Karoo  Formation. 
South  Africa.  8vo.  Hertford  1890 ;  Obituary  Notice  of  Mr. 
H.  B.  Brady.    8vo.    Hertford  1891.  Professor  Jones. 
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Schram  (R.)  Ueber  das  StnndenzoTieii-Systein  der  Amerikftnischen 
Eisenbahnen.  8vo.  Wien  1890;  La  Zona  Orarla  deir 
Adriatico.  12mo.  Trieste  1890 ;  Aaslandische  Stimmeii  uber 
die  Adria-Zeit.  8vo.  Wien  189^);  The  Actaal  State  of  the 
Standard  Time  Question.     8vo.     [Ltmdon]  1890. 

The  Author. 

Sergn^jeff  (S.)  Le  Sommeil  et  le  Sjsteme  Nerveux.  Phjsiologie 
de  la  Veille  et  du  Sommeil.     Tomes  I-II.     8ro.     Paris  1890. 

The  Author. 

Wolf  (R.)  Astronomischft  Mittheilungen.  December,  1880.  8vo. 
[ZUrich.']  The  Author. 


Portrait  Medals  in  bronze  of  P.  J.  van  Beneden  and  F.  Ttedemann. 

Sir  James  Paget,  Bart.,  P.R.S. 
A  series  of  Photographic  Studies  of  the  Normal  Solar  Spectrum. 

Mr.  Greorge  Higgs. 


May  28, 1891. 

Sir  WILLIAM  THOMSON,  D.C.L.,  LL.D.,  President,  in  the  Chair. 

The  Presents  received  were  laid  on  the  table,  and  thanks  ordered 
for  them. 

The  Bev.  A.  M.  Norman  (elected  Jane  5,  1890),  was  admitted  into 
the  Society. 

The  following  Papers  were  read : — 

I.  "  On  the  Bases  (Organic)  in  the  Juice  of  Flesh.  Part  I." 
By  George  StillingfleEt  Johnson,  M.R.C.S.,  F.C.S., 
F.I.C.  Communicated  by  Professor  G.  Johnson,  F.RS. 
Received  April  28,  1891. 

(Abstract.) 

The  author  has  endeavoured  to  ascertain  by  careful  experiments 
how  far  the  substances  hitherto  prepared  from  flesh  are  true  **  educts^'* 
and  really  present  in  the  flesh  itself,  or  merely  products,  due  to 
(1)  the  action  of  chemical  or  physical  agencies  applied  in  the  course 
of  extraction,  or  (2)  to  bacterial  action  modifying  the  composition  of 
the  flesh  before  it  comes  into  the  hands  of  the  operator. 
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Preliminary  experiments  are  first  described  bearing  cbieflj  upon 
the  first-named  source  of  error. 

Liebig's  process  for  extracting  kreatine  from  the  juice  of  flesh  was 
modified  by  omitting  the  use  of  baryta- water,  with  the  result  that 
abundance  of  kreatine  was  obtained,  mixed  with  acid  potassium 
phosphate  (KH2P0i).  In  Liebig's  process  potassium  chloride  is 
obtained  after  the  kreatine  has  been  separated. 

A  preliminary  experiment  is  then  described  in  which  the  author 
precipitated  the  albuminoid  matters  from  the  watery  extract  of  fresh 
butcher's  beef  by  means  of  solution  of  mercuric  chloride,  the  filtrate 
depositing  on  standing  a  spherical  precipitate,  consisting  of  the 
mercury  salt  of  the  sarcous  kreatinin,  from  which  a  tabular  kreatinin 
was  obtained  isomorphous  with  the  tabular  kreatinin  obtained  by 
the  author  from  human  urine  in  1887. 

The  special  advantages  of  the  method  adopted  by  the  author  in 
isolating  the  kreatinin  of  urine  are  next  detailed,  after  which  a  series 
of  experiments  are  described  in  which  muscle  substance  in  different 
stages  of  freshness  was  extracted  with  water,  the  extracts  treated  by 
the  mercuric  chloride  method,  and  the  products  compared. 

Among  these  products  is  sarcous  kreatinin,  whose  properties  are 
fully  described  and  carefully  compared  with  those  of  urinary 
kreatinins  previously  investigated  {vide  'Roy.  Soc.  Proc.,'  vol.  43, 
pp.  493-534). 

The  final  conclusion  drawn  is  that  sarcous  kreatine  is  not  present 
in  fresh  muscle,  but  results  from  bacterial  action,  whereas  sarcous 
kreatinin  is  probably  a  true  "  educt." 


11.  "Note  on  Dr.  Fenton  Evans'  Paper  on  the  Pathogenic 
Fungus  of  Malaria."  By  W.  T.  TfflSELTON  Dyer,  M.A., 
C.M.G.,  F.II.S.    Received  May  12, 1891. 

The  abstract  of  this  paper  published  in  this  volume  of  the  *  Proceed- 
ings '  contains  (p.  200)  the  following  statement :  "  Alteration  in  the 
chemical  composition  of  the  nutrient  medium  .  .  .  elicited  the 
interesting  fact  that,  under  these  circumstances,  the  organism  can 
pass  to  a  more  highly  developed  state,  displaying  the  structure  and 
fructification  of  a  highly  organised  fungus,  but  differing  in  certain 
important  features  from  any  fungus  hitherto  described." 

This  statement  will  remain  on  record,  and  can  hardly  fail  to  cause 
some  perplexity  to  future  students  of  the  eetiology  of  malaria.  1 
was  present  at  the  reading  of  the  paper.  The  fungus  exhibited  was 
undoubtedly  "  highly  organised."  It  was  in  point  of  fact  a  typical 
Ifttcor,  and  my  friend  Professor  Marshall  Ward,  who  was  also 
present,  was  disposed  to  regard  it  as  identical  with  the  form  known 
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as  Mucor  racemosus.  The  identification  was  so  unmistakable  that  I 
utterly  fail  to  understand  in  what  "  important  features  "  the  fungus 
difEered  "  from  any  fungus  hitherto  described." 

In  the  face  of  the  undoubted  fact  that  the  fungus  was  a  charac- 
teristic Mucor,  it  seems  to  me  very  improbable  that  it  has  a  genetic 
relationship  with  any  of  the  organisms  found  in  the  blood,  and  much 
more  likely  that  its  appearance  in  the  nutrient  medium  was  due  to 
some  experimental  error. 


III.  «  Method  of  indexing  Finger- Marks."   By  Franois  Galton, 
F.R.S.    Received  April  30,  1891. 

Sufficient  proof  was  adduced  by  me  in  a  memoir  read  November  27, 
1890,  before  the  Royal  Society  (*  Phil.  Trans.,'  B,  1891),  of  the 
extraordinary  persistence  of  the  papillary  ridges  on  the  inner  surface 
of  the  hands  throughout  life.  It  was  shown  that  the  impression  in 
ink  upon  paper  of  each  finger  tip,  contained  on  the  average  from. 
twenty-five  to  thirty  distinct  points  of  reference,  every  one  of 
which,  with  the  rarest  exception,  appeared  to  be  absolutely 
persistent.  Consequently  that  it  was  possible  to  affirm  with  practical 
certainty  whether  or  no  any  two  submitted  impressions  were  made 
by  the  fingers  of  the  same  person. 

In  the  present  memoir  I  shall  explain  the  way  in  which  finger 
prints  maybe  indexed  and  referred  to  after  the  fashion  of  a  dictionary, 
and  on  the  same  general  principle  as  that  devised  by  A.  Bertillon 
with  respect  to  anthropometric  measures,  whose  ingenious  method 
is  now  in  regular  use  on  a  very  large  scale  in  the  criminal 
administration  of  France  and  elsewhere.  I  desire  to  show  how  vastly 
the  practical  efficiency  of  any  such  method  as  that  of  A.  Bertillon 
admits  of  being  increased  by  taking  finger  prints  into  account  in  the 
way  about  to  be  described. 

It  must  not,  however,  be  supposed  that  the  use  of  indexing  finger 
marks  is  limited  to  the  above  purpose,  the  power  of  doing  so  being 
equally  needed  for  racial  and  hereditary  inquiries.  I  do  not  dwell 
upon  these  applications  now,  simply  because  I  am  engaged  in  making 
them,  and  the  results  are  not  yet  ready  to  be  published.  I  oughty 
however,  to  mention  that  a  great  increase  of  experience  has  fully  con- 
firmed my  earlier  views,  that  finger  marks  are  singularly  appropriate 
subjects  of  anthropometric  study  owing  to  many  distinct  reasons. 
The  impressions  are  easily  to  be  made  by  anyone  who  has  the  proper 
appliances  at  hand.  They  are  as  durable  as  any  other  printed  matter, 
aud  they  occupy  very  little  space.  The  patterns  are  usually  sharp 
and  clear,  and  their  minutioB  are  independent  of  age  and  growth. 
They  are  necessarily  trustworthy,  and  no  reluctance  is  shown  in  per- 
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mitting  them  to  be  taken,  which  can  be  founded  either  upon  personal 
vanity  or  upon  an  unwillingness  to  communicate  undesirable  family 
peculiarities. 

Without  caring  to  dwell  on  many  of  my  earlier  failures  to  index 
the  finger  prints  in  a  satisfactory  way,  my  description  shall  be  con- 
fined to  that  which  has  proved  to  be  a  success.  It  is  based  on  a 
small  variety  of  conspicuous  differences  of  pattern  in  each  of  many 
digits,  and  not  upon  the  numerous  minute  peculiarities  of  a  single 
digit.  My  conclusions  are  principally  based  on  a  study  of  the  im- 
pressions of  all  ten  digits  of  289  difPerent  persons,  but  the  tables 
about  to  be  given  refer  only  to  the  first  100  on  my  list.  These 
are  sufficiently  nnmerous  to  serve  as  a  fair  sample  of  what  we  might 
always  expect  to  find,  while  they  are  not  too  cumbroxis  to  print  and 
to  discuss  in  full  detail. 

I  described  in  my  previous  memoir  the  way  in  which  the  impres- 
sions had  been  made  that  were  then  shown.  A  plate  of  copper  was 
blackened  with  printer's  ink,  the  ink  being  of  a  rather  fluid  cha- 
racter, and  spread  very  thinly  and  evenly  over  its  surface  by  a 
printer's  roller.  The  thumb,  which  was  then  the  subject  of  discussion, 
was  pressed  and  slightly  rolled  on  the  inked  plate,  and  afterwards  on 
the  paper.  In  the  present  collection  of  all  t«n  digits,  four  operations 
were  used  in  each  case.  First  the  four  fingers  of  one  hand  were 
simultaneously  printed  from,  and  then  its  thumb  in  the  way  above 
iiescribed ;  afterwards,  the  other  hand  was  treated  in  the  same  way. 

Though  I  have  spoken  and  shall  speak  only  of  impressions,  it  is 
not  really  necessary  for  the  pui*pose  of  compiling  an  index  to  make 
any  impression  at  all.  The  entries  that  are  wanted  for  the  index  can 
be  derived  directly  from  the  fingers  themselves. 

I  rely,  for  the  purpose  of  indexing,  on  the  three  elementary  divi- 
sions of  primaries,  whorls,  and  loops.  They  are  severally  expressed 
by  the  numerals  1  and  2,  3  and  4,  5  and  6.  The  reason  of  this 
double  numeration  is  that  most  of  the  patterns  have  a  definite  axis. 
Those  that  are  formed  by  ridges  which  proceed  from  only  one  side 
of  the  finger,  will  necessarily  lie  in  a  sloping  direction  across  its 
axis  pointing  to  the  one  side  or  the  other  according  to  that  from 
which  the  supply  of  ridges  proceeds.  The  only  patterns  that  are 
symmetrically  disposed  about  a  vertical  axis  are  h  and  to  a  lesser 
degree  a,  c,  ^,  and  i  in  fig.  1.  Usually,  and,  as  we  may  say,  normally, 
the  slope  of  the  axis  of  the  pattern  is  (roughly)  parallel  to  a  line 
drawn  from  a  tip  of  the  forefinger  to  the  base  of  the  little  finger. 
All  normal  slopes,  as  well  as  all  the  patterns  that  have  no  definite 
axis,  are  expressed  by  the  odd  numerals  1,  3,  or  5.  All  abnormal 
slopes  are  expressed  by  the  even  numerals  2,  4,  or  6.  It  cannot  be 
too  strongly  insisted  that  the  words  right  and  left  are  ambiguous  and 
should  not  be  used  here. 
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Fig.  1. 


The  foi-efingers  are  the  most  variable  of  all  the  digits  in  respect  to 
their  patterns,  their  slopes  being  almost  as  frequently  abnormal  as  not 
(see  Table  II)  ;  the  third  fingers  rank  next ;  the  little  finger  ranks  last, 
as  its  pattern  is  a  loop  in  nine  cases  out  of  ten.  I,  therefore,  found  it 
convenient  not  to  index  the  fingers  in  their  natural  order,  but  in  the 
way  that  is  shown  at  the  head  of  the  colunin  of  figures  on  the  left 
side  of  fig.  2.     There,  the  sequence  of  the  numerals  that  express  the 

Fig.  2. 
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patterns  on  the  digits,  is  divided  into  two  groups  of  three  numerals 
and  two  groups  of  two  numerals,  as  355,  455,  55, 35.  The  first  group 
355  refers  to  the  first,  second,  and  third  fingers  of  the  left  hand ;  the 
second  group  455  to  the  first,  second,  and  third  fingers  of  the  right 
hand ;  the  third  group  55  to  the  thumb  and  fourth  finger  of  the  left 
hand ;  the  fourth  group  35  to  the  thumb  and  fourth  finger  of  the 
right  hand.  The  index  is  arranged  in  the  numerical  sequence  of  these 
sets  of  numbers  as  shown  in  fig.  2  and  in  Table  I. 

Before  translating  the  patterns  into  numerals,  I^nd  it  an  excellent 
plan  to  draw  symbolic  pictures  of  the  several  patterns  in  the  order 
in  which  they  appear  in  the  impression,  or  in  the  fingers  themselves, 
as  the  case  may  be,  confining  myself  to  the  limited  number  of  symbols 
shown  in  ^g,  1,  which  have  fairly  well  sufficed  for  my  289  sets  or 
2890  finger  marks,  as  well  as  for  m^ny  others.  A  little  violence  has 
of  course  to  be  used  now  and  then,  in  fitting  some  unusual  pattern  to 
one  of  these  symbols.  But  we  are  familiar  with  such  processes  in 
ordinary  spelling,  where  the  same  letter  does  duty  for  different  sounds, 
as  a  in  the  words  cw,  ashy  a(e,  and  all.  The  merits  of  this  process 
are  many.  It  facilitates  a  leisurely  revision  of  first  determinations  ; 
it  affords  a  pictorial  record  of  the  character  of  each  pattern ;  it 
prevents  mistakes  between  normal  and  abnormal  slopes  ;  it  prevents 
confdsion  when  changing  the  sequence  of  the  entries  from  the  order 
of  the  impressions  to  that  used  in  the  index ;  and,  lastly,  it  affords 
considerable  help  to  a  yet  further  subdivision  of  the  patterns.  This 
may  be  inferred  from  the  first  two  lines  of  fig.  2,  which  have  the  same 
index  numbers,  but  whose  pictured  forms  differ  in  respect  to  the  two 
thumbs,  and  to  the  middle  finger  of  the  left  hand. 

I  will  now  describe  the  symbols  in  detail,  and  show  how  such  small 
difficulty  as  arises  from  rare  transitional  or  border  cases  is  minimised. 

The  primaries  in  their  earliest  and  purest  form  are  sufficiently 
expressed  by  the  symbol  a,  fig.  1.  From  this  elementary  type  all 
other  sorts  of  patterns  seem  to  be  lineally  descended.  A  fairly  pure 
form  of  this  type  is  seen  in  h ;  this  is  not  infrequent  in  fingers,  but  I 
have  not  once  met  with  it  among  some  thousands  of  thumbs.  A 
nascent  whorl,  still  so  immature  as  to  count  as  a  primary,  is  sym- 
bolised by  c;  similarly  nascent  loops,  that  should  undoubtedly  be 
counted  as  primaries,  by  d  and  e.  When,  however,  the  loop  form  is 
more  pronounced  and  the  pattern  has  been  accepted  as  a  primary  only 
after  reasonable  hesitation  as  to  whether  it  was  not  a  loop,  a  dot  is 
put  inside  the  symbol,  as  in  /  and  g,  to  serve  as  a  warning.  In  this 
case,  supposing  another  person  to  reckon  the  doubtful  finger-mark  as  a 
loop  and  to  refer  and  fail  to  find  it  under  that  head,  he  would  make  a 
second  reference  by  treating  it  as  a  primary.  A  dot  always  means  a 
possibly  transitional  case ;  thus  r  and  s  signify  that  they  had  been 
Accepted  as  loops  after  some  hesitation. 
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The  whorls  include  circles,  ellipses,  and  spirals,  both  simple  and 
compound,  whatever  may  be  the  direction  or  closeness  of  their  twist. 
These  are  so  apt  to  be  confounded  together  unless  the  impression  is 
from  a  rolled  finger  and  is  afterwards  scrutinised  and  outlined  (as 
explained  in  my  previous  memoir)  that  it  seems  best  for  the  present 
purpose  to  group  them  all,  with  few  exceptions,  under  the  one 
symbol  h.  The  exceptions  are  these.  When  two  streams  of  ridges 
'  proceed  from  opposite  sides  of  the  finger  and  interlock,  the  symbol  t 
is  used,  regardless  o£  all  other  details.  Again,  wheu  the  whorl  is 
crozier  shaped,  as  in  j  and  k,  it  is  necessarily  enclosed  in  a  loop,  but 
the  loop  is  here  ignored.  If  the  crozier  approaches  very  nearly  and 
mistakablj  to  either  of  the  plain  eyes  tj  u,  it  is  dotted  for  a  warnings 
as  in  2  and  m. 

The  loops  in  their  simplest  and  common  forms  are  shown  by  n  and 
o.  Frequently  they  have  an  internal  offset  which  may  be  variously 
feathered  or  bent,  short  of  being  a  whorl ;  all  such  cases  are  expressed 
by  p,  q.  They  have  sometimes  a  conspicuous  eye  due  to  an  internal 
curvature  of  the  ridges  upon  themselves,  or  even  to  an  eye  in  the 
central  ridge ;  these  are  all  expressed  by  ^  or  u,  in  which  the  sur- 
rounding loop  is  left  out  in  order  to  avoid  multiplicity  of  lines.  When 
the  eye  approaches  nearly  to  a  crozier  as  in  Z,  m,  the  dotted  symbols 
r,  w  are  used. 

In  making  a  large  and  complete  index,  the  symbols  would,  of  ooui-se, 
be  cast  as  movable  types,  and  be  printed  with  the  letterpress.  It 
will  be  seen  from  fig.  2  that  there  is  space  for  20  entries  in  one  8vo 
page. 

I  do  not  expect  from  my  own  reiterated  experiences  that  there 
would  be  much  trouble  due  to  transitional  cases,  after  a  standard 
collection  of  doubtful  forms  had  been  establised  so  as  to  ensure  that 
dilEerent  persons  should  abide  by  a  common  rule.  I  find  much 
uniformity  in  my  own  judgment. 

I  give  an  index  of  100  cases ;  they  are  the  first  that  occurred  in  my 
catalogue  of  impressions,  which  are  pasted  in  two  rows  on  each  page, 
and  are  consequently  numbered  1,  1' ;  2,  2',  in  order;  but  there  are  a 
few  blanks,  so  the  numbers  in  the  index  happen  to  run  from  1  to  56'» 
with  some  omissions,  and  not  from  1  to  50'. 

These  cases  afford  data  for  roughly  meafiuring  the  increase  in 
power  of  discrimination  obtained  by  ba£ing  indexes  on  the  patterns 
of  1,  2,  3,  6,  and  10  digits  respectively.  It  appears  from  Table  III 
that  when  all  10  digits  are  used,  the  number  of  different  patterns 
observed  in  the  100  cases  was  88 ;  therefore  the  average  number  of 
references  required  to  pick  out  a  single  well-defined  case  from  among 
these  100  would  be  equal  to  100  divided  by  88,  that  is,  to  about  1^. 

It  will  also  be  seen  from  Table  III  that,  owing  to  the  large  effect  of 
correlation,  an  index  based  on  all  the  ten  digits  is  not  much,  superior 
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in  efficiency  to  one  that  is  based  on  only  six,  namely,  npon  the  first 
three  fingers  of  both  hands.  In  the  100  different  sets  there  are  83 
varieties  of  pattern  in  the  one  case  and  65  in  the  other,  which  roughly 
accords  with  the  relative  efficiency  of  5  to  4.  When  all  the  289  cases 
ore  similarly  treated,  the  relative  efficiency  comes  out  as  ZL3  to  139,  or 
ronghly  as  3  to  2.  This  is  a  lifctle  better  but  not  much.  It  is,  there- 
fore, a  fair  question  whether  it  is  worth  while  to  impress  all  the  10 
digits.  The  chief  advantage  of  doing  so  is  to  add  to  the  volume 
of  evidence,  and  to  supply  data  which  mutilation,  or  bad  scars,  or 
obliteration  due  to  some  exceptional  cause  might  render  of  value.  We 
also  see  from  Table  III  that  the  three  fingers  of  both  hands  are  more 
than  twice  as  efficient  for  the  purposes  of  an  index  as  those  of  one 
hand  only;  again,  that  three  fingers  are  nearly  twice  as  useful  as 
two.  I  may  mention  that  for  my  present  inquiries  into  racial  and 
hereditary  patterns  I  am,  for  various  reasons,  dealing  only  with  the 
three  first  fingers  of  the  right  hand,  and  slightly  rolling  the  fore- 
finger, so  as  to  obtain  a  full  impression  of  its  pattern  on  the  side  of 
the  thumb. 

The  greatest  difficulty  in  constructing  a  uniformly  efficient  cata- 
logue lies  in  the  troublesome  frequency  of  plain  loops,  so  that  even  the 
method  of  picture  writing  fails  to  analyse  satisfactorily  the  numerous 
555,  555;  55,  55  cases.  When  searching  through  a  large  number 
of  similarly  indexed  prints  for  a  particular  specimen,  it  is  a  very 
expeditious  method  to  fix  on  any  one  well- marked  characteristic  of  a 
minute  kind,  such  as  an  island,  or  enclosure,  or  a  couple  of  adjacent 
bifurcations,  that  may  present  itself  in  any  one  of  the  fingers,  and  in 
making  the  search  to  use  a  lens  or  lenses  of  low  power,  fixed  at  the 
end  of  an  arm,  and  to  confine  the  attention  solely  to  looking  for  that 
one  characteristic.  The  cards  on  which  the  finger  marks  have  been 
made  may  then  be  passed  successively  under  the  lens  with  great 
rapidity.  I  fear  that  the  method  of  counting  ridges  (as  the  number 
of  ridges  in  the  AH  of  my  previous  memoir)  would  be  difficult  to  use 
by  persons  who  were  not  experts.  Anyhow,  I  have  not  yet  been  able 
to  devise  a  plan  for  doing  so  that  I  can  recommend. 
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Table  I. — Numerical 


Three  first 

Thumb  and 

Three  first 

Thumb  and 

fingers. 

fourth 

finger.    | 

i 

1 
Book 

fingers. 

fourth 

finger. 

Book 

1 

T. 

J. 

Left, 

Right, 

Left 

Right,  1 

Left, 

Riglit, 

Left. 

Right, 

1,2,3. 

1,  2,  3. 

th.,  4. 

th..4. 

page 

1,  2,  3. 

1,2,3. 

th.,  4. 

,  th,4. 

1 

i 

page! 

Ill 

Ill 

15 

15 

52 

215 

115 

55 

55     1  48     1 

»> 

i> 

>» 

51 

55 

11 
35 

20 
32 
37 

19 

255 

55 

55     < 

20' 

It 

,     253 

155 

55 

1       ^^ 

r  ' 

151 

51 

51 

46 

»» 

'     255 

655 

35 

35 

51 

115 

113 
115 

55 
15 

55 
15 

39 
55 

,     333 

155 

55 

35 

14 

)) 

55 

55 

4 

1 

1       i> 

333 

35 

33 

2 

11 

155 

15 

55 

34' 

1 
it 

•> 

55 

33 

31' 

a 

»' 

55 

55 

25' 

1 
»» 

1 

>» 

55 
55 

,       35 

55 

2'   . 
36 

151 

151 

54 

51 

33' 

1       " 

>» 
353 

33 

1      S3 

45    1 

IH 

154 

115 

55 

55 

47 

1    " 

1    " 

1) 

,» 

35 

53 

35 
33 

5     1 
£3 

155 

113 

55 

55 

12 

1  :: 

»» 

55 

;    33 

4'    ' 

)> 

115 

55 

55 

20a 

,       „       ;     433 

33 

'       33 

14' 

116 

35 

53 

1 

1          1> 

555 

35 

1       65 

55' 

155 

55 

35 

6 

„ 

633 

35 

35 

29 

» 

ft 

55 

55 

35' 

l> 

H 

»» 

»» 

13' 

}) 

»» 

II 

91 

45' 

553 

55 

55 

35 

385 

333 

53 

'      56 

Irf 

555 

35 

85 

23 

j^ 

653 

55 

1       65 

30'   1 

)i 

55 

35 

60' 

)> 

)) 

jj 

)) 

10 

1     353 

333 

35 

85 

38' 

)i 

>f 

55 

85 

54 

1       >i 

M 

»» 

1       „ 

19' 

it 

633 

35 

35 

'  56' 

i       „ 

353 

15 

1       55 

6' 

i> 

656 

55 

35 

1  ^' 
7 

1    „ 

1 

653 

35 

1       3^ 

17 

156 

553 

35 

35 

355 

353 

55 

1       35 

16 

.  . 

1 

M 

435 

55 

1       35 
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Index  of  100  cases. 


Three  first 

Thumb  and 

Tliree 

first 

Thumb  and 

fingers. 

fourth 

finger. 

fingers. 

fourth 

finger. 

Book 
I. 

Book 

1. 

Left, 

Bigbt, 

Left, 

Right, 

Left, 

Right, 

Left, 

Right, 

1,  2,  3. 

1,  2,  3. 

th.,  4. 

th.,  4. 

1,2,3. 

1, 2,  3. 

th.,  4. 

th.,  4. 

T 

page 

3G5 

355 

65 

55 

555 

555 

55 

55 

'I 

1) 

» 

»» 

tt 

415 

555 

35 

55 

21a 

?» 

» 

»« 

tt 

40'    , 

1 

433 

433 

35 

35 

10' 
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155 

55 

35 

22     1 

453 

355 

55 

55 

32' 

633 

655 

35 

35 

5 

455 

355 

it 

55 

55 

11 
56 

635 

653 

55 

55 

29' 

n       ,     455 

35 

35 

41' 

653 

153 
653 

55 
35 

55 
33 

1' 
28' 

515     1     153 
„           156 

55 
55 

55 
35 

23' 
49' 

>» 

655 

155 

55 

35 

86' 

1 

55 

55 

it 

15' 
12' 

553          153 

15 

15 

37' 

a 

» 

333 

55 

35 

13 

335 

55 

55 

21a' 

„       :     353 

55 

55 

22' 

455 

35 

55 

53' 

553 

55 

35 

27' 

553 

35 

35 

20a' 

'»              >i 

J, 

16' 

555 

35 

65 

47' 

•>       ^       ij 

55 

55 

24 

It 

» 

55 

55 

44 

52'    , 
26' 

555         115 

55 

55 

40 

!      » 

653 

35 

11 
33 

161 

55 

35 

27 

1 

jj 

35 

65 

21' 

153 

55 

53 

23 

1      " 

655 

55 

35 

25 

253 

35 

35 

26 

55 

55 

51' 

„       i     513 

55 

55 

28 

it 

» 

a 

21 

553 

55 

55 

39^ 

it 

tt 

tt 

30 

555 

it             it 

55 
tt 

55 

tt 

15 
41 

665 
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55 

55 

46' 

tt             f} 

I 

n 

}} 
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Table  II.— Analysis  of  the  100  Cases  in  Table  I. 


Forefinger  of  left  hand. 


Pattern. 


Primary,  plain 1 

„  nascent  loop,  slope  normal  . . .  j 

„  „  „     slope  abnormal . . . 

Whorl,  plain    1 

„      with  tail,  slope  normal J 

„  „         slope  abnormal 

Loop,  slope  normal 

„      slope  abnormal   

Total  cases 


Distinguishing 

number  of 

pattern. 


Number  of 
cases. 


2G 

4 

23 
6 

21 
2U 

100 


Table  III.— -Further 

Analysis  of  th 

ft  100  Cases  in  Table  I. 

Number  of 
times  in 

which 
each  pattern 

occurs. 

Set  of  digits  observed. 

First  2  fingers 
of  left  hand. 

First  3  fingers 
of  left  hand. 

First  3  fingers 
of  both  hands. 

All  the  digiu 
of  both  hands. 

Number  of 

Number  of 

Number  of 

Number  of 

'Pat- 
terns. 

Cases. 

1 

Pat- 
terns. 

Cases. 

terns. 

1 
2 
3 
4 
5 
6 

10 
11 
12 
13 
14 
15 
16 
17 
18 

5 

4 

1. 

1 
1 

2 

1 
1 

5 

8 

4 

6 

10 

32 
17 

18 

13 
5 
1 

1 
2 

1 

1 
1 

1 
1 

13 

10 

3 

4 

10 

6 

12 
13 
14 
15 

49 
6 

4 
4 
1 

1 

49 
12 
12 
16 
5 
6 

71 
10 

1 

1 
Z     1 

71 

20 

3 

6 

Total  cases 
Number  of ' 
different 
patterns 

16 

100 

27 

100 

..      j  100 

65     1       .. 

1 

83 

100 
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IV.  '*  On  the  Anatomy  and  Physiology  of  Protopterus  annectensy 
By  W.  N.  Parker,  Ph.D.,  F.Z.IS.,  Professor  of  Biology  in 
University  College,  Cardiff.  Communicated  by  W.  H. 
Flower,  F.R.S.    Received  May  4, 1891. 

(Abstract.) 

The  work  which  has  resulted  in  the  present  paper  was  begun  in 
Freiburg  in  the  summer  of  1888,  when  the  author  was  fortunate 
enough,  owing  to  the  generosity  of  Professor  Wiedersheim,  to  obtain 
a  number  of  fresh  specimens  for  examination.  As  so  many  interest- 
ing points  presented  themselves  at  an  early  stage  in  the  research,  a 
short  preliminary  notice,  without  illustrations,  was  published  in  the 
following  autumn  ('  Berichte  d.  Naturforsch.  Oeseilschaft  zu 
Freiburg  i.Br.,'  vol.  4,  1888).* 

This  notice  merely  forms  the  basis  of  the  present  paper,  in  which 
the  whole  subject  has  been  worked  out  in  greater  detail.  A  number 
of  new  facts  are  recorded,  some  of  the  author's  earlier  conclusions 
modified,  and  the  paper  illustrated  with  11  plates  containing  71 
figures. 

With  the  exception  of  certain  special  details,  the  structure  of  the 
skeleton  and  of  the  nervous  and  muscular  systems  is  not  described, 
the  paper  consisting  mainly  of  an  account  of  other  organs  which 
have  not  received  so  much  attention  from  previous  observers,  and  of 
a  comparison  of  Froto^pterus  with  the  other  genera  of  Dipnoi,  so  far 
as  their  structure  is  known,  as  well  as  with  other  Ichthyopsida. 

The  author  returns  his  sincere  thanks  to  the  Council  of  the  Royal 
Society  for  the  grant  out  of  which  various  expenses  connected  with 
the  investigation  were  defrayed,  as  well  as  to  Professor  Wiedersheim, 
not  only  for  the  gift  of  abundant  fresh  and  preserved  material,  but 
also  for  his  continaed  help  and  advice  during  the  progress  of  the 
work.  To  Professor  Howes  the  author  is  indebted  for  many  valuable 
suggestions. 

A  number  of  details  with  regard  to  the  habits  of  Protopterus  in 
captivity  are  given,  and  reference  is  made  to  Stuhlmann's  observa- 
tions with  regard  to  its  mode  of  life  under  natural  conditions. 

The  paired  extremities,  the  movements  of  which  are  more  like 
those  of  limbs  than  of  fins,  show  no  connexion  with  the  cheiroptery- 
gium,  and,  in  spite  of  their  considerable  nerve  supply,  are  evidently 
greatly  degenerated  structures  as  regards  their  free  portions* 
Sensory  organs  are  not  present  on  them,  and  they  therefore  cannot 
have  a  tactile  function.  Their  distal  ends,  like  the  apex  of  the  tail, 
are  very  variable,  and  can  undoubtedly  be  reprodaced  when  lost  by 
♦  See  also  '  Nature/  vol.  89,  p.  19. 
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accident.  The  tail  is  almost  certainly  not  primarily  diphycercal, 
and  shows  signs  of  a  possible  origin  from  a  heterocercal  form. 

The  epidermis  on  the  whole  most  nearly  resembles  that  of  Perenni- 
branchiate  Amphibians,  and  gives  rise  to  simple  mnlticellnlar  glands 
{which  are  most  nnmerous  on  the  snont),  as  well  as  to  very  nnmerons 
closely-packed  goblet-cells,  which  produce  the  glney  secretion  as  well 
as  the  main  substance  of  the  capsule  which  surrounds  the  animal  during 
the  torpid  state.  The  epidermis  forms  a  regular  and  condnuoas 
layer  over  the  derma,  in  which  the  cycloid  imbricating  scales  are 
imbedded.  Pigment  cells  are  present  in  both  layers  of  the  integu- 
ment, and  the  derma  encloses  nests  of  leucocytes  here  and  there, 
small  cells,  apparently  migratory  leucocytes,  being  seen  in  places 
amongst  the  ordinary  epidermic  cells. 

Integumentary  sense  organs,  similar  to  those  of  Fishes  and  larval 
Amphibians,  are  present  not  only  on  the  head  and  lateral  line,  but 
in  various  other  regions  of  the  trunk  also  ;  they  are  most  numerous 
on  the  head.  In  young  animals  they  are  all  superficial,  and  do  not 
project  below  the  general  level  of  the  epidermis,  and  this  condition 
is  retained  in  those  situated  on  the  trunk.  On  the  head,  the 
epidermis  becomes  involuted  along  certain  lines  to  form  gi*ooves, 
which  then  become  converted  into  sub- epidermic  tubes,  in  which  the 
sensory  organs  are  situated,  and  which  communicate  with  the  exterior 
by  an  aperture  at  one  end.  The  relations  of  the  sensory  organs  of 
the  trunk  are  therefore  similar  to  those  seen  in  young  stages  of  Fishes 
and  in  Amphibian  larvae,  while  in  the  case  of  the  head,  they  resemble 
those  which  are  typical  for  adult  Fishes.  End-buds,  similar  in 
straeture  to  the  taste-buds  of  Fishes  and  Amphibians,  are  present  on 
the  tongue  and  oral  epithelium,  but  are  absent  on  the  lips,  and,  as  in 
Amphibians,  do  not  occur  on  the  surface  of  the  body. 

As  regards  its  general  structure,  the  olfactory  organ  most  nearly 
resembles  that  of  Elasmobranchs,  but  the  presence  of  posterior  nostrils 
raises  it  to  a  higher  level.  The  position  of  the  anterior  nostrils 
beneath  the  upper  lip  is  probably  to  be  accounted  for  as  an  adapta- 
tion in  connexion  with  the  torpid  state  (vide  infra).  The  space 
between  the  eyeball  and  its  muscles  and  the  orbit  is  filled  with  a 
delicate  connective  tissue;  there  are  no  orbital  glands  or  eyelids. 
Four  straight  and  two  oblique  muscles  are  present.  The  cornea  is 
continuous  with  the  derma  on  the  one  hand,  and  the  sclerotic  on  the 
other ;  the  latter  is  fibrous  in  young  animals,  and  islands  of  cartilage 
first  appear  at  the  points  of  insertion  of  eye-muscles,  and  then 
gradually  extend  so  as  to  chondrify  the  whole  sclerotic.  The  eye 
resembles  that  of  Amphibians ;  a  proceseus  falciformia  and  campa- 
nula Halleri  are  absent,  and  no  ciliary  muscles  were  observed,  though 
possibly  present ;  almost  all  the  pigment  of  the  eye  is  ectodermic. 

No  specialised  glands  are  present  in  connexion  with  the  greatly 
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folded  epithelinm  of  the  oral  cayity.  The  lips  contain  no  mnscles. 
The  tongne,  as  well  as  the  palate,  is  covered  with  blunt  conical 
papill89,  on  which  the  taste-bnds  are  situated.  Beoeafch  the  epi- 
thelium the  tongue  is  composed  anteriorly  to  the  hyoid  of  a  simple 
connectiye  tissue,  while  posteriorly  to  the  hyoid  it  is  made  up  of 
extrinsic  muscles,  the  main  mass  of  which  is  continuous  with  the 
ventral  musculature  of  the  trunk.  A  homy  cap  is  developed  over 
each  tooth  from  the  overlying  epithelium,  which  apparently  becomes 
cut  through  by  the  sharp  edges  and  points  of  the  teeth,  and  which 
probably  corresponds  to  the  cuticula  deniis.  The  thyroid  is  a  small 
bilobed  organ  imbedded  in  the  tongne  just  above  the  hyoid  symphysis, 
and  has  the  characteristic  structure.  The  thymus  consists  of 
lymphoid  tissue,  and  is  situated  dorsally  and  posterior  to  the 
branchial  arches,  surrounding  the  blood-vessels  of  the  external 
gills. 

The  alimentary  canal  extends  almost  in  a  straight  line  from  the 
mouth  to  the  vent.  A  ventral,  as  well  as  a  fenestrated  dorsal, 
mesentery  is  present  supporting  the  intestine.  The  so-called  urinary 
bladder  (''  cloacal  caecum  '*)  opens  into  the  cloaca  dorsally  to  the 
intestine  ;  the  author  compares  it  with  the  "  processus  digitiformis  " 
of  Elasmobranchs.  A  spleen  and  pancreas  are  present,  imbedded 
in  the  thin  walls  of  the  stomach,  and  extending  on  to  the  proximal 
part  of  the  intestine ;  they  are  covered  externally  by  sparse  muscular 
fibres  as  well  as  by  the  peritoneum.  The  relations  of  the  pancreas 
therefore  most  nearly  resemble  those  met  with  in  Ganoids  and 
certain  Teleosteans.  The  pancreas  is  deeply  pigmented,  and  its 
ducts  open  into  the  bile-duct.  The  pigmented  walls  of  the  intestine 
and  the  spiral  valve  are  very  thick,  owing  to  the  abundance  of 
lymphoid  tissue  contained  within  them.  With  the  exception  of  the 
bursa  entiana,  the  internal  walls  of  which  are  raised  up  into  a  number 
of  deeply  pigmented  oblique  folds,  the  whole  of  the  mucous  membrane 
of  the  stomach  and  intestine  is  perfectly  smooth,  and  there  is  no 
indication  of  any  differentiated  gastric  or  intestinal  glands. 

Cilia  are  present  on  the  epithelium  throughout  the  stomach  and 
intestine.  The  epithelium  is  columnar  and  stratified,  and  branched 
pigment  cells  extend  into  it  in  the  greater  part  of  the  intestine. 
Small  leucocytes  can  be  recognised  among  the  epithelial  cells  here 
and  there.  A  layer  of  small-celled  lymphoid  tissue  directly  under- 
lies the  epithelium.  In  the  spleen  and  lymphoid  organs  of  the 
intestine  two  kinds  of  tissue  are  present:  (1)  a  large-celled  tissue, 
which  forms  the  greater  part  of  these  organs,  and  which  somewhat 
resembles  embryonic  connective  tissue ;  and  (2)  a  smaller- celled 
tissue,  similar  to  that  lying  directly  beneath  the  epithelium,  and 
resembling  that  of  ordinary  lymphoid  follicles.  Large  migratory 
cells  are  present  in  both  kinds  of  tissue,  many  of  which  enclose 
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yellowish  granules.  Gradations  between  these  and  rounded  cells  of  a 
deeper  yellow  or  brown  colour  can  apparently  be  made  out;  the  latter 
are  arranged  in  larger  or  smaller  groups,  and  cells  appearing  to  be 
intermediate  forms  between  these  and  the  ordinary  black  branched 
pigment  cells  can  also  be  seen.  The  lymphoid  tissue  is  penetrated 
by  networks  of  blood-vessels,  and  it  seems  probable  that  the  yellow 
granules  mentioned  above  are  due  tb  the  disintegration  of  red 
corpuscles,  which  are  ingested  by  leucocytes,  and  then  nndergo  some 
change,  whereby  the  latter  gradually  pass  into  the  condition  of  black 
pigment  cells,  which  migrate  through  the  epithelium,  and  are  so  got 
rid  of.  The  muscular  layers  are  very  thin.  A  mnscularis  mucos»  is 
present,  and  the  circular  and  longitudinal  layers  are  represented,  but 
the  direction  of  the  fibres  is  in  many  regions  difficult  to  trace. 
Strands,  only  a  few  cells  in  thickness,  extend  throughout  the 
lymphoid  tissue  of  the  intestine,  and  some  of  these  unite  to  form  a 
longitudinal  band  passing  down  the  axis  of  the  spiral  valve. 

An  analysis  of  the  contents  of  the  gut,  for  which  the  author  is 
indebted  to  Professor  Baumann,  while  yielding  negative  results  as 
regards  the  stomach,  proves  the  presence  of  peptones,  in  small 
quantities,  in  the  intestine.  The  question  as  to  the  mode  of  digestion 
and  absorption  of  the  food  in  Frotopterus  is  discussed. 

The  branchial  apparatus  shows  signs  of  considerable  reduction. 
Internal  gills  are  present  on  the  posterior  face  of  the  hyoid,  on  both 
faces  of  the  third  and  fourth  branchial  arches,  and  on  the  anterior 
face  of  the  fifth.  Three  pairs  of  external  gills  were  present  in  all 
specimens,  even  the  largest,  examined.  The  pulmonary  apparatus,  on 
the  whole,  more  nearly  resembles  the  air-bladder  and  its  duct  of  certain 
Ganoids  than  the  lungs  and  laryngo-tracheal  chamber  of  Amphibians. 
The  pulmonary  branches  of  the  vagus  cross  one  another  at  the  base  of 
the  lungs. 

The  blood  is  remarkable  for  the  large  size  of  its  elements,  which 
is  only  exceeded  in  the  case  of  Protem  and  Siren^  as  well  as  for  the 
large  proportion  of  white  corpuscles  in  comparison  with  the  red  ones. 
Two  forms  of  the  former  are  described,  in  one  of  which  fine  radiating 
pseudopodia  can  be  protruded,  and  different  stages  in  the  degenera- 
tion of  the  nucleus  and  cell*body  could  be  observed.  The  chief  points 
of  interest  with  regard  to  the  blood-vessels  are  as  follows  : — (1)  the 
presence  of  a  paired  pulmonary  artery,  the  left  supplying  the  ventral, 
and  the  right  the  dorsal,  aspect  of  the  lungs  ;  (2)  the  presence  of  a 
single  true  post-caval,  along  with  a  persistent  left  posterior  cardinal 
vein ;  and  (3)  the  single  caudal  vein,  giving  rise  to  a  right  and  a  left 
renal  portal. 

No  external  sexual  differences  could  be  observed,  and  amongst  the 
specimens  examined,  females  were  the  more  abundant.  The  urino- 
genital  organs  are  surrounded  by  masses  of  tissue  resembling  the 
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large-celled  lymphoid  tissue  of  the  gut,  but  differing  from  the  latter 
in  becoming  largely  converted  into  adipose  tissue.  The  kidneys 
probably  represent  the  mesonephros,  and  their  duct  the  Wolffian  duct ; 
nephrostomes  are  absent. 

In  unripe  males,  delicate  Miillerian  ducts  are  present.  The  sperm 
is  conducted  to  the  exterior  by  a  duct,  which  is  probably  formed  in 
connexion  with  the  testis,  quite  independently  of  the  excretory  ap- 
paratus. The  seminal  tubules  are  directly  connected  with  it,  and  it 
opens  into  the  base  of  the  Miillerian  duct,  the  rest  of  which  ap- 
parently aborts  completely.  Unlike  most  of  the  tissue  elements, 
which  are  very  large,  and  closely  resemble  those  of  the  Amphibia,  the 
spermatozoa  are  very  minute,  and  are  remarkable  in  possessing  two 
yibratile  flagella  attached  to  the  carrot-shaped  ^^  head."  The  genera- 
tive organs  of  the  female  bear  a  striking  resemblance  to  those  of 
Amphibians.  The  oviduct  corresponds  to  the  MuUerian  duct ;  the 
epithelium  covering  its  internal  folds  shows  signs  of  degeneration 
similar  to  those  which  have  recently  been  described  amongst 
Urodeles. 

No  traces  of  a  sympathetic  were  found. 

An  account  of  the  mode  of  life  of  Protopterus  during  the  torpid 
period  is  given.  The  coccoon  is  provided  with  a  "  lid,"  perforated  by 
a  hollow  funnel-shaped  tube,  which  passes  between  the  lips  of  the 
animal,  and  thus  forms  a  passage  for  the  respiratory  current.  The 
source  of  nutriment  during  the  summer  sleep  lies  in  the  adipose 
tissue  in  connexion  with  the  gonads  and  kidneys  and  alongside  the 
notochord  in  the  tail,  as  well  as  in  the  lateral  muscles,  some  of  which, 
especially  in  the  caudal  region,  undergo  a  granular  degeneration. 
Very  probably  the  latter  is  the  precursor  of  the  fatty  degeneration, 
and,  in  all  probability,  leucocytes  are  the  active  transporting  agents 
of  the  degenerated  material.  This  assumption  would  help  to 
explain  the  large  development  of  lymphoid  tissue  in  the  body  of  the 
animal. 

An  analysis  of  the  muscles,  by  Professor  Baumann,  shows  that 
they  do  not  retain  quantities  of  the  products  of  nitrogenous  waste, 
as  is  the  case  in  Elasmobranchs. 

The  systematic  position  of  the  Dipnoi  is  briefly  discussed  in  the 
light  of  the  new  facts  brought  forward  in  the  present  paper.  Although 
the  Dipnoi  present  many  points  of  resemblance  to  Fishes  on  the  one 
hand,  and  to  the  lower  Amphibians  on  the  other,  their  connexion  with 
any  living  forms  of  either  class  is  probably  a  very  distant  one,  and 
it  is  inadvisable  to  classify  them  amongst  the  Fishes.  Owing  to 
the  absence  of  ontologicaJ  evidence,  and  to  the  incompleteness 
pi  our  knowledge  of  the  palesontological  history  of  the  Dipnoi,  it  is 
impossible  to  construct  a  genealogical  tree  which  will  show,  with  any 
approach  to  accuracy,  the  probable  connexion  between  them  and  other 
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Icbthyopsidan  types.  The  most  that  can  be  said  at  present,  with  any- 
thing like  certainty,  is  that  the  Dipnoi  are  the  isolated  survivors  of 
an  exceedingly  ancient  group,  which  was  probably  related  to  the 
ancestors  of  existing  Fishes  and  Amphibians.  Amongst  the  former, 
the  connexion  seems  to  be  closest  to  the  Elasmobranchs,  more  par- 
ticularly to  the  ChimaBroids  on  the  one  hand,  and  to  such  an  ancient 
Selachian  type  as  Ohlamydoselache  on  the  other;  but  at  the  same 
time,  the  Granoids  probably  arose  from  the  common  ancestral  stock 
not  very  far  ofF.  Though  retaining  many  primitive  characters,  the 
Dipnoi,  and  more  especially  Protopterus  and  Lepidosiren,  are  in  some 
respects  highly  specialised,  the  specialisation  being  largely  due  to  a 
change  of  habit. 


V.  **  On  the  Constitution  of  the  Terpenes,  Camphors,  and 
Camphor  Acids."  By  J.  NoRMAN  CoLLiB,  M.D.  Communis 
cated  by  Professor  Ramsay,  F.R.S.  Received  April  29, 
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EXPLANATION  OF  PLATE  7. 

¥jg.  1.  Gravid  uterus  of  Pteroplatma  micrura,  opened  by  a  longitudinsl  incision  in 
its  dorsal  wall,  with  the  flaps  turned  back,  so  as  to  show  the  passage  of  the 
large  bundles  of  trophonemata  through  thd  spiracles  into  the  pharyngeal 
cavity  of  a  single  foetus. 

Fig.  2.  Head  and  shoulders  of  the  same  foetus  from  the  left  side,  to-  show  the  great 
size  and  the  lateral  position  of  the  spiracles. 
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EXPLANATION  OF  PLATE  8. 

Fig.  3.  Distal  moiety  of  a  large  tropbonema  from  one  of  the  spiracles,  to  show  the 
superficial  texture  and  the  outstanding  yein.      x  14. 

Fig.  4.  Apex  of  the  same  troj^honema,  to  show  the  compound  duct-openings. 
X  66. 

Fig.  5.  Transrerse  section  of  a  trophonema  in  its  distal  half,  to  show  the  glands 
in  Tcrtical  section,  x  120.  a,  artery ;  V,  main  trunk ;  and  V,  V,  tomches 
of  vein  with  coagula  in  their  lumina. 
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18th  June,  1890.  There  if,  lastly,  a  life-size  oil  picture  of  Bonders 
as  lie  was  in  1881,  for  which  the  writer  is  indebted  to  the  kindness  of 
his  old  friend  E.  XJ.  Eddis,  Esq. 


Some  Published  Notices  of 'FBJiVS  Coenelis  Bonders. 

Some  Earlier  Ones, — (1.)  A.  KoUiker,  Skizze  einer  wissenschaft- 
lichen  Reise  nach  Holland  nnd  England  in  Brief  en  an  G.  Th.  v. 
Siebold.  Zeitschrift  f.  Wissensch.  Zoologie  v.  0.  Th.  v.  Siebold  und 
Kttlliker,  vol.  3,  1850,  p.  86.  (2.)  F.  C.  Bonders,  Notes  on  London 
and  Paris.  Nederlandsch  Lancet,  1852  (translated  into  English  at 
the  time).  (3.)  Photographs  of  Eminent  Men  of  all  Countries,  with 
Brief  Analytical  Notices  of  their  Works.  By  T.  Herbert  Barker, 
M.B.,  and  Ernest  Edwards,  M.A.,  4to,  London,  1867-8,  vol.  3,  pp. 
^3-104  Later, — (4.)  E.  C.  Bonders,  Biscours  d'Ouverture,  Con- 
gr^  International  des  Sciences  M6dicales,  Amsterdam,  1879. 
Edition  corrig6e.  (5.)  Festsitzung  der  Ophthalmologischen  Gesell- 
schaft  in  der  Aula  der  Heidelberger  Universitat  am  9  Aug.,  1886. — 
TJeberreichung  der  Graefe-Medaille  an  Hermann  von  Helmholtz, 
Eostock,  .  1886.  (6.)  Het  Jubilenm  van  Professor  F.  C.  Bonders 
gevierd  te  Utrecht  op  27  en  28  Mei,  1888. — Gredenkboek  nitgegeven 
door  de  Commissie,  Utrecht,  P.  W.  Van  de  Weijer,  8vo,  pp.  210, 1889. 
(7.)  Franeiscus  Cornelis  Bonders.  Festgruss  zum  27  Mai,  1888. 
Bargeboten  von  Jac.  Moleschott,  8vo,  pp.  51,  Giessen,  1888.  Some 
Obituary  and  other  Notices, — (8.)  Mort  de  Bonders.  Annales  d'Ocu- 
listiqne,  publiees  par  le  Br.  Warlomont,  8vo,  pp.  141-144,  Mars- 
Avril,  1889.  (9.)  Franz  Cornelius  Bonders,  M.B.  Bpt.  Med.  Joum., 
30tb  March,  1889  (by  W.  A.  Braiiey).  (10.)  F.  C.  Bonders,  par  le 
Br.  E.  Landolt,  Eztrait  des  Archives  d*Ophtalmologie,  Mai-Juin, 
1889  (a  just  and  eloquent  tribute,  translated  in  '  The  Illustrated 
Medical  News,'  14th  September,  1889,  with  a  portrait).  (11.)  Bie 
Ophthalmologische  Gesellschaft  wahrend  der  ersten  f iinf undzwanzig 
Jahre  ihres  Bestehens,  von  1863  bis  1888.  Im  Auflrage  des  Aus- 
schusses  zusammengestellt  und  herausgegeben  von  Wilhelm  von 
Zehender,  8vo,  pp.  Ill,  Rostock,  1888.  (12.)  Commemorazione  dell' 
Accademico  onorario  Francesco  Comelio  Bonders,  &c,  Letta  dal 
Prof.  G.  Colasanti  nella  seduta  della  B.  Accademia  Medica  di  Boma 
if  28  Aprile,  1889,  8vo,  pp.  16.  (13.)  F.  C.  Bonders,  Klinische 
Monatsblatter  fiir  Augenheilkunde,  herausgegeben  von  Br.  von 
Zehender,  Mai,  1889,  8vo,  pp.  163-168.  (14.)  Prof.  SneUen  (notice 
of  Bonders)  *  Het  Nederlandsch  Gasthuis  voor  Behoeftige  en  Min- 
vermogende  Ooglijders  gevestigd  te  Utrecht,'  29  Juli,  1889.  (15.) 
F.  C.  Bonders  et  son  QSuvre,  par  Prof.  J.  P.  Nuel  (Li^ge),  'Ann. 
d'Oculiltique,'  8vo,  pp.  1-107,  1889  (with  an  analysis  of  208  of 
Bonders*  papers  and  treatises,  and  a  portrait — a  full  and  admirable 
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account).  (16.)  F.  G.  Donders,  Gedenkrede  gehalten  in  der  feier- 
Jicben  Jahressitzong  der  Budapester  Kon.  Oesellschaft  der  Aertze 
am  14  Oct.,  1889,  von  Dr.  W.  Goldzieher,  8vo,  pp.  28.  (17.) 
Bericbt  iiber  die  Zwanzigste  Yersammlnng  der  Ophthalmologisclien 
Gesellschaft,  Heidelberg,  1889 ;  redigirt  durcb  W.  Hess  and  W.  Ze- 
bender,  Rostock,  14  Dec,  1889.  (18.)  Mannen  van  Beteekenis  in 
onze  Dagen,  Bedactie :  Dr.  E.  D.  Pijzel. — Prof.  Donders,  door  Dr.  B. 
J.  Stokvis,  Haarlem,  1889.  (19.)  F.  C.  Donders, — von  Horstmann, 
'Dents.  Med.Wocbenscbrift,'  1889,  No.  14.  (20.)  F.  C.  Donders,  by 
Wenckebacb,  in  *  Students  Almanacb  '  of  Utrecbt,  Jan.,  1890.  (21.) 
Franciscus  Comelins  Donders,  by  Henry  Williams,  M.D.,  Prof,  of 
Opbtbalmology  in  Harvard  University,  in  Proc.  Amer.  Acad.  Arts 
and  Sciences,  vol.  24,  pp.  465-470.  (22.)  Franciscns  Cornells 
Donders,  in  '  Onderzoekingen  gedaan  in  bet  Pbysiologiscb  Labo- 
ratorinm  der  XJtrecbtscbe  Hoogescbool.'  Uitgegeven  door  Th.  W. 
Engelmann  en  G.  A.  Pekelbaring.  Veerde  Beeks,  1.  i.,  Utrecht, 
G.  H.  E.  Breijer,  1890  (a  tme  and  deeply  interesting  tribute  to 
Donders'  work  and  character,  by  bis  son-in-law,  signed  "  E."). 

W.  B. 


Jolduyndsj  Dorhing^  24dh  March,  1891. 
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elected  a  member  of  the  London  Mathematical  Society  in  1874,  and  a 
Fellow  of  the  Boyal  Soeiety  in  1875,  member  of  the  Sc.  Soc.  of 
Bmsseis  in  1878,  Corr.  MeBab.  of  the  R.  Soc.  of  Sciences  of  Li6ge  in 
1887,  member  of  the  Soc.  Math,  de  France,  1884,  and  LL.D.  Hon. 
Cans.  R.U.I,  in  1885.  In  1873  Trinity  College,  Dublin,  offered  him 
a  Professorship  of  Mathematics,  but  he  reluctantly  preferred  to 
further  the  advancement  of  Catholiic  education  by  working  for  the 
Catholic  University.  In  1878  he  was  a  Secretary  of  Section  A  of  the 
British  Association  meeting  in  Dublin,  and  in  the  same  year  the  R.I. 
Academy  conferred  on  him  a* Cunningham  Gt)ld  Medal. 

In  1881  he  commenced  a  series  of  -  mathematical  class  books  for 
University  and  college  students,  which  have' acquired  a  deservedly 
high  reputation,  and  some  of  which-have  been  translated.  From  1862 
to  1868  he  was  one  of  the  editors  of  the  '  Oxford,  Cambridge,  and 
Dublin  Messenger  of  Mathematics,'  and  for  several  years  was  Dublin 
correspondent  for  the  *  Jahrbuoh  iiber  die  Fortschritte  der  Mathe- 
matik.'  The  Norwegian  Government  presented  him,  in  1881,  with 
the  works  of  Abel.  He  carried  on  an  extensive  correspondence  with 
most  of  the  leading  European  ma  thematic  ian^j  all  of  whom  held 
Casey's  work  in  high  esteem. 

His  work  was  almost  Tviiolly  confined  to  plane  geometry,  in  which 
his  papers  have  earned  for  him  an  established  reputation.  Professor 
Cremona  has  well  described  them  as  exhibiting  the  great  elegance 
and  ability  with  which  he  treated  the  most  difiBcultand  interesting 
questions.  John  Casey  will  ever  be  remembered  as  one  of  the  very 
small  band  of  eminent  mathematicians  who,  self-taught,  raised 
themselves  from  the  grade  of  elementary  teacher  to  University 
Professor. 

In  the  Royal  Society's  Catalogue  of  Scientific  Papers  (1800—1883) 
there  are  eighteen  titles  under  Professor  Casey's  name,  their  dates 
ranging  from  1861  to  1880. 

G.  P.  F.  G. 
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